Hu6ng dén gidi CDBT ti cic DTQG Toén hoc —

[0 Géuyen 22 5: HINH HOC KHONG GIAN

KIEN THUC CAN BAN

Z QUAN HE SONG SONG
I. PUONG THANG SONG SONG @ e
— Dinh nghia: all b
Sanb=Cvaa,bc ()
— DPinhlil:
allb G
ac(a)= (o) N (B) =ccung song song vdi a va b hodc trung véi a hodc b
b= (B)
Il. PUONG THANG SONG SONG V61 MAT PHANG .
— DBinhnghia: all (o) an (o)=Y
— Pinhli2: (Tiéu chuin song song)
A/l (o) {a//b,bc(a) /AN

az(a)

S/

— Dinhli 3:
a//(q)

7
ac(B)} = (@n(@P)=b//a '57
l1Il. HAI MAT PHANG SONG SONG
AI
o P

— Dinh nghia: () Il ) & ()N (P)=D
— Dinh li 4: (tiéu chudn song song)

a,b cit nhau c (g

@ /B = {a//a',b//b’,a’.b' <(p) AT

— Dinhli5:

o/l (B) 2 9
v (o)=a =allb :

v (B)=b

o
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Hu6ng dén gidi CDBT ti cic DTQG Todn hoc —

— Dinh li 6: (Dinh i Talet trong khong gian) a/ \b

Cic mit phing song song N X
£

dinh trén hai c4t tuyén nhitng

doan thing tuong tng ti 1&. I \
AB BC AC
o/ B y= = = >
@I BIY= =5 = are M
AA',BB', CC'// (o) ' |

AB BC AC

& —=——=— ." \
A'B" B'C" AC /C! \.C’
v j \

2. QUAN HE VUONG GOC
I. PUONG THANG VUONG GOC MAT PHANG
— Dinh nghia: a 1 (o)
Salb, Vba (o)
— Dinhli 1: (Tiéu chuin vudng géc)
alb
al()e=<qalc
b,c cit nhau trong o

— Dinh li 2: (Pinh ly 3 dudng vudng goc)
a ¢6 hinh chi€u a' trén mit phing o chia b.
albea'lb

1. HAI MAT PHANG VUONG GOC
— Dinhnghia: (o) L (B)
< ((a)»(B)) = 1 vudng

<alb, Vbc (o)
— Dinh li 3: (Tiéu chuin vudng géc)

o« lp <:>{21C(ot)
a

L(B)
— bPinhli4:
(a)L(7)
B)L(y) =cl®
()N (B)=c Y
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Hu6ng dén giai CDBT tii cic DTQG Toén hoc —

3. KHOANG CACH GIUA HAI PUGNG THANG CHEO NHAU
1. PINH NGHIA
AB la doan vudng géc chung cia a va b
{A c€a,Beb
=
ABla, ABLlb

Il. DUNG POAN VUONG GOC CHUNG
l.alb
— Qua b dung mit phing (o) L a tai A
— Trong (o)) dung qua A, AB L btai B
AB la doan vudng géc chung. A
2. alb
Cdch 1:
— Qua b dung mat phéng (a)//a / 1l a /
— Liy M trén a, dung MH L B
— QuaHdunga'//acétbtai B A b /
— Tu B dung BA // MH cét a tai A
AB Ia doan vudng géc chung. b
Cdch 2: AR B
— LiyOtréna
— Qua O dung mit phing o L a tai O o /

— Dung hinh chi€u b’ clia b trén o
— Duyng OH L b" o
— Tir H dyng dudng thing // a cit b tai B.
— Qua B dyng dudng thing // OH cit a tai A.
AB la doan vuong géc chung.
l1l. KHOANG CACH GIUA HAI PUONG THANG CHEO NHAU
d(a, b) = AB d6 dai dudng vudng géc chung
(o) chtta b va (o) // a thi
d(a, b) = d(a, (a))

~

v Vén dé 1: HINH CHOP
A. TOM TAT LY THUYET - PHUGNG PHAP GIAI

HINH CHOP
I. PINH NGHIA
Hinh chép 1a hinh da dién c6 1 mait 1a da gidc, cic mét khdc 1a tam gidc cé
chung dinh.
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Hu6ng dén gidi CDBT ti cic DTQG Todn hoc —

Chiéu cao h 1a khodng c4ch tir dinh t6i ddy.

Hinh chép déu 1a hinh chép c6 ddy 1a da
gidc déu va cac canh bén biing nhau.

Pinh cta hinh chép déu cé hinh chiéu 1a
tim cla ddy. A C

Hinh chép tam gidc con goi la t& dién hinh
tit dién.

Hinh t dién 13 hinh chép tam gidc c6 ddy 1a mit ndo ciing dugc, dinh 1a diém
nao cling dudc.

Hinh tif dién déu 1 hinh t& dién c6 cdc canh bing nhau.

1. DIEN TiCH
Dién tich xung quanh cta hinh chép déu:
Sxq = % nad n: sd canh ddy;
a: do dai canh ddy
d: do dai trung doan
Dién tich toan phan: Sip=Sxq+B B 1a dién tich day
Il. THE TiCH

Thé tich hinh chép: V = %Bh

Thé tich ti dién: V = édab.sinoc

a, b: @ dai hai canh doi

d: d6 dai doan vudng géc chung

a.: géc clia hai canh ddi.

Ti s6 thé tich ctia hai hinh chép tam gidc c¢6 chung dinh va 3 canh bén.
Vsapc  SA'SB'SC'
Voape  SASBSC

HINH CHOP CUT
I. DINH NGHIA
Hinh chép cut 1a phan hinh chép nim gitta
ddy va thiét dién song song vdi ddy.
Hinh chép cut tir hinh chép déu goi 1a hinh
chép cut déu.
A'B'C'D' «» ABCD
SH' SA' AB
SH SA AB
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Hu6ng dén giai CDBT tii cic DTQG Toén hoc —

1. DIEN TiCH
Sip=Sx+B+B

Dién tich xung quanh clia hinh chép cut déu: Syq = % (na +na').d

n: s6 canh ddy; a, a': canh day
d: do dai trong doan, chiéu cao ciia mit bén
IIL. THE TiCH

V=V, -V, V: thé tich hinh chép cut
V: thé tich hinh chép V,: thé tich hinh chép trén
3
V,
_lz(ﬂj V=1lhB+B+BB)
V, \SH’ 3
B, B'la dién tich ddy h 1a chiéu cao
B. DE THI

Bai 1: PAI HOC KHOI A NAM 2011

S.BCNM va khodng céch giita hai dudng thing AB v SN theo a.

Cho hinh chép S.ABC c6 ddy ABC la tam gidc vudng can tai B, AB = BC = 2a;
hai mit phing (SAB) va (SAC) ciing vudng géc v6i mit phing (ABC). Goi M Ia
trung diém clia AB; mit phing qua SM va song song v6i BC, cit AC tai N. Biét
g6c gilta hai mit phing (SBC) va (ABC) bing 60°. Tinh thé tich khdi chép

Gidi
» Tinh thé tich khdi chép S.BCNM.
SAB) L (ABC

(SAB) L( ):SAJ_(ABC).
(SAC) L (ABC)
BC//(SMN)

= MN//BC.
(SMN) N (ABC)=MN
AB 1 BC (gia thiét C

. (id thict) = ((SBC),(ABC)) —SBA =60°.

SB LBC (BC L(SAB))

Trong tam gidc vudng SBA ta c6 SA = AB.tan SBA = 2a3 .

2
Dién tich hinh thang BCNM Ia S = %(BC +MN)BM = %(Za +a)a= 3% .

b VS.BCNM == _SBCNM SA = ——2 \F f
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Hu6ng dén gidi CDBT ti cic DTQG Todn hoc —

»  Tinh khodng cdch giita hai duong thdng AB va SN.

Dung mot mit phing chita SN va song song v6i AB biing cich v& NI song song
v6i AB sao cho AMNI 1a hinh vuong. Suy ra AB // (SNI).

Ta c6 AB // (SNI) = d(AB,SN) = d(A, (SNI)).

Vé AH vuodng gbc véi Sl tai H.

Dé dang thdy AH L (SNI) = d(AB,SN) = d(A, (SNI)) = AH.

1 N 11 113

AH? SA? AP 122 a® 12a°
2&@
13

Trong tam gidc vudng SAl ta cé

Suy ra: d(AB, SN) = AH=

Cdch 2:

Bai todn trén ta st dung cdch 2 bing cich xdy dung mit phing (SNI) chita SN va
song song v4i AB, va khi d6 d(AB, SN) = d(A, (SNI)).
Cdch 3:

Xét hé truc Oxyz nhu hinh vé.

e AeOynénxy=7z,4=0,cony,=BA=2a

= A(0; 2a; 0)
¢« B=0=B(0;0;0)
e CeOxnényc=7c=0,conxc=BC=2a
= C(2a; 0;0)
¢ Se (Oyz)nénxs=0,conys=BA=2ava
75 = SA = 2a\3 = S(0; 2a; 2a\/3)
¢ Me Oy nén xy =z =0, con yyy = BM =a= M(0; a; 0)

¢ Ne (Oxy)nénzy=0, con xy=BP=avayy=BM=a= N(a; a;0)
[AB,SN|BN| PN
[os] 0

Bai 2: PAI HOC KHOI D NAM 2011

Ta c6: d(AB, SN) = ‘

Cho hinh chép S.ABC c6 ddy ABC la tam gidc vudng tai B, BA = 3a, BC = 4a;
mit phing (SBC) vudng géc véi mit phing (ABC). Bi€t SB =2a\3 va
SBC=30". Tinh thé tich kh&i chép S.ABC va khodng cich tir diém B dén mat
phéng (SAC) theo a.

Gidi
e V& SH vudng géc véi BC tai H.
Vi (SBC) L (ABC) nén SH 1 (ABC).
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Hu6ng dén giai CDBT tii cic DTQG Toén hoc —

« SH=SB.sin30°= a\/3.

S
e Saapc= %AB.BC =6a’
1 3 Zaﬁ
e Vgapc= ESH-SAABC = 2a \/g
« V&HM vudng géc véi AC tai M B ; o~ C
= BC L (SHM). 32 M
Vé HK vuong géc v6i SM tai K X
= HK L (SAC) = HK = d(H, (SAC)).
e BH=SB.cos30°=3a = HC =a = BC = 4HC
= d(B, (SAQC)) = 4d(H, (SAC))
« AC=AB?+BC? =5a
e ABCA dong dang AMCH = HM _AB . mm- ABHC _3a .
HC AC AC 5
e ASAM vuong tai H c6 HK 1a dudng cao nén:
12 -— >t 12 =2_52+L2=2_82 = HK:3aﬁ
HK® HM- SH” 9a~ 3a~ O9a 14
« Vayd(B,(SAC)) = 4HK = 62‘;/7

Cdch 2:

, V,
Ta ¢6 thé tinh: d(B,(SAC)) = m.
ASAC

Ta c6: +) AB L (SBC) = AB L SB = SA =+/SB? + AB? =a\21 .

+)SC=+/SH? + HC? =2a.

Ma AC = 5a nén SA” + SC* = AC?, suy ra tam gidc SAC vuong tai S.

Do d6: Sasac = % SA.SC = a2\21

3Vgape _ 3.2°\B  6ay7
Sasac B a’\21 1
Bai 3: CAO PANG KHOI A, B, D NAM 2011

Cho hinh chép S.ABC c6 ddy ABC la tam gidc vuodng can tai B, AB=a, SA
vuong géc v6i mit phing (ABC), géc gilta hai mit phdng (SBC) va (ABC) bing
30°. Goi M la trung diém ctia canh SC. Tinh thé tich ctia khdi chép S.ABM theo a.

Vay d(B,(SAC)) =
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Hu6ng dén gidi CDBT ti cic DTQG Todn hoc —

Giadai
BC vudng géc v6i mét phfmg SAB
Géc SBA=30° nén SA = L
NE)
BC
d(M,(SAB)) = — d(C (SAB)) = =3
N a 3
Vay Vs agm = Vmsag = —( j 5 = =
Cdch 2:
1 a3
v =-S SA=
S.ABC 3 AABC 18
S SM 1 a3 3
AABM = == =~ = Vsapu =
Spapc SC 2 36

Bai 4: DA HOC KHOI A NAM 2010

Cho hinh chép S.ABCD c¢6 ddy ABCD Ia hinh vudng canh a. Goi M va N lan
lugt 13 trung di€m clia cdc canh AB va AD; H 1a giao diém ctia CN va DM. Biét
SH vudng géc v6i mit phing (ABCD) va SH = a+/3 . Tinh thé tich kh&i chép
S.CDNM va khoang cdch giita hai dudng thing DM va SC theo a.

Gidgi
2
1(a la Sa A M B
Sowwew= a” = | 7| =~ Za == (dvdt .
(NDEMD 2(2) 22 (dvde) 1
1 5a> 5a3
= V(s.NDem)= gaxﬁ 2\/_(6 tt) N' a
H
NC = a2+%:¥ 1
D T C

Ta c6 2 tam gidc vudng AMD va NDC biing nhau
Nén géc NCD = ADM . Viy DM vudéng NC

2
2a
Viy ta c6: DC? =HC.NC = HC =
a\/' -5

Ta c6 tam gidc SHC vudng tai H, va khoang céch ctia DM va SC chinh 13 chiéu
cao h vé tir H trong tam gidc SHC
1 1 1 5 1 19 2a+/3
S oten T atia T, 2= \/_-
h? HC? SH? 4a> 3a° 12a J19

Nén
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Hu6ng dén giai CDBT tii cic DTQG Toén hoc —

Bai 5: DAl HOC KHOI D NAM 2010
Cho hinh chép S.ABCD c6 ddy ABCD la hinh vudng canh a, canh bén SA = a;
hinh chi€u vudng géc clia dinh S trén mit phing (ABCD) la diém H thudc doan

AC, AH= % Goi CM 1a dudng cao cua tam gidc SAC. Ching minh M 12 trung

diém ctia SA va tinh thé tich khéi t¢ dién SMBC theo a.

Gidi
2
)
2 2 2
SC:JMa +(3a«/§] _ f32a CafZoAC M
16 | 4 16

Vay ASCA cin tai C nén dudng cao ha tu C
xudng ASAC chinh 1 trung diém ctia SA.

o2

4

T

4

Taco SH=

A

Tu M ta ha K vudng géc véi AC, nén MK = % SH

3
Ta ¢6 V(S.ABC) =l(la2}a‘/ﬁ _ai4 (dvdt)
302 4 24
3
Nén V(MABC) = V(MSBC) = %V(SABC) =2 ;/Sﬁ (dvdt)

Bai 6: CAO PANG KHOI A, B, D NAM 2010
Cho hinh chép S.ABCD c6 ddy ABCD la hinh vudng canh a, mit phing (SAB)
vudng géc véi mit phing ddy, SA = SB, géc giita dudng thing SC va mit phing
déy biing 45°. Tinh theo a thé tich ctia kh&i chép S.ABCD.
Gidi
Goi H 1a trung diém AB. S
Ta c6 tam gidc vuong SHC, c6 géc SCH = 45°

nén la tam gidc vudng can

2 0= 0 \\B._______>> C
Vay HC=SH=,/a2+%=#:> ,,,,,

3
V:lazﬁza V5
3 2 6

(dvtt)
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Hu6ng dén gidi CDBT ti cic DTQG Todn hoc —

Bai 7: DPAI HOC KHOI A NAM 2009

Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh thang vudng tai A va D; AB
= AD =2a; CD = a; géc giita hai mit phing (SBC) va (ABCD) bing 60°. Goilla
trung diém clia canh AD. Biét hai mit phing (SBI) va (SCI) ciing vudng géc véi
mit phing (ABCD), tinh thé tich kh&i chép S.ABCD theo a.

Gidi
(SIB) L (ABCD) va (SIC) L (ABCD)
Suy ra SI L (ABCD)
K& IK L BC (K € BC) = BC L (SIK) = SKI=60°
Dién tich hinh thang ABCD: Spgcp = 3a’

2 » B
Téng dién tich cdc tam gidc ABI va CDI biing %

2
Suy ra Sac = 3%

BC:\/(AB—CD)2+AD2 :aﬁ:lK:mzﬁ

BC 5
— SI = IK. tan SKI = 3*/;_53

(dvtt)

3\Ea3
5

Thé tich khdi chép: S.ABCD: V = %s ABCD-SI =

Bai 8: CAO DANG KHOI A, B, D NAM 2009

Cho hinh chép tit gidc déu S.ABCD c6 AB = a, SA = ay2 . Goi M, N va P lan
lugt 1a trung diém clia cdc canh SA, SB va CD. Chitng minh riing dudng thing
MN vudng géc véi dudng thing SP. Tinh theo a thé tich ctia khoi tif dién AMNP.

Gidi
Goi I 1a trung diém AB
Ta c6: MN // AB // CD va SP L CD = MN L SP

a’  7a’ \/7

ASIPcantai S, SPP= 22’ - =5 —S[=SpP= "~
4 4 2

2 2
Goi O 12 tAm cda hinh vudng ABCD, ta c6 SO* = SI° - OI° = 7l —(Ej =6i

4 2 4
af
= SO = ——, H 14 hinh chi€u vudng géc cta P xuéng mit phang SAB
1 1 _ SO.IP a\/_ 2 a6

Ta co S(SIP) = ESO.IP = EPH.SI =PH=

SI a\/_ J7
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Hu6ng dén giai CDBT tii cic DTQG Toén hoc —

3
V= %S(AMN)-PH = l(l al aﬁ} a6 =2 %(tht)

31222 2 )7 48
Bai 9: DAI HOC KHOI B NAM 2008

Cho hinh chép S.ABCD c6 ddy ABCD la hinh vudng canh 2a, SA = a,
SB=a\3 va mit phing (SAB) vudng géc v6i mit phing ddy. Goi M, N 1an lugt
12 trung diém cila cdc canh AB, BC. Tinh theo a thé tich ctia kh&i chép S.BMDN
va tinh cosin clia géc giita hai dudng thing SM, DN.

Gidi
e Goi H 1 hinh chi€u cta S 1én SA
= SH 1 (ABCD) do d6 SH dudng cao hinh chép.
o Tacé:SA>+SB’=a’+3a>= AB’ nén
ASAB vuodng tai S, suy ra SM = % =a

a\3

e ASAM déu caobinga = SH= -

1 2
* SgMmpN = ESABCD =2a

3
e Thé tich khéi chép S.BMDN la: V = %SH.SBMDN = #(dvn)

e Tinh cosin: K¢ ME // DN (E € AD), suy ra AE =

N |

bit ¢ 1a géc gitra hai dudng SM va DN, ta c6 (SMME) =@
e Theo dinh ly 3 dudng vudng goc, ta c6 SA L AE.

Suy ra: SE =+/SA% + AE? :¥, ME =+ AM? + AE? :#

Tam gidc SME can tai E nén SME = ¢ va goi I 14 trung diém SM

V5
5

=MI= STM:%.Khidéz cosQ =

N

a5
2

Bai 10: CAO DANG KHOI A, B, D NAM 2008

Cho hinh chép S.ABCD c¢6 day ABCD la hinh thang, BAD=ABC= 90°,
AB = BC = a, AD = 2a, SA vudng géc v6i ddy va SA = 2a. Goi M, N 1an ludt 1a
trung di€m ctia SA, SD. Chitng minh riing BCNM 12 hinh chif nhit va tinh thé tich
ctia khdi chép S.BCNM theo a.
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Gidi
MN// AD
co: = MN//BC
BC// AD
| M
MN=—-AD=a=BC
2 A
Suy ra: BCNM Ia hinh binh hanh
5 . |BCLSA BC 1 (SAB)
Mait khéac: = = BC L MB o
BC L AB MB < (SAB) B C

= BCNM Ia hinh binh hanh ¢6 1 géc vudng nén BCNM 1a hinh chit nhat
Goi H 1a dudng cao AAMB.

AH | MB
Suy — AH L (BCNM)
AH 1 BC (BC L (SAB))
N LR ~ a\E
Do M Ia trung di€m SA nén: d(A,(BCNM))=d(S,(BCNM))=AH = -
1 1 a2 a’
V. =-S AH=—(a.ay2 ).—— =— (dvtt
S.BCMN = 3 BCMN 3( \F) 2 3 (dvtt)

Bai 11: PAI HOC KHOI A NAM 2007

Cho hinh chép S. ABCD c6 ddy 1a hinh vuoéng canh a, mit bén SAD Ila tam
gidc déu va nim trong mit phing vudng géc véi ddy. Goi M, N, P Ian lugt 12
trung diém ctia cdc canh SB, BC, CD. Chitng minh AM vudng géc vdi BP va tinh
thé tich ctia khdi ot dién CMNP

Gidi
Chitng minh AM L BP va tinh th€ tich khéi tif dién CMNP
Goi H 1a trung di€ém ctia AD. Do ASAD déu nén SH L AD.
Do (SAD) L (ABCD) nén SH L (ABCD)
= SH L BP (1)
Xét hinh vudéng ABCD ta c6 ACDH = ABCP
= CH_LBP (2). Tu (1) va (2)
suy ra BP 1 (SHC). Vi MN // SC
va AN // CH nén (AMN) // (SHC).
Suy ra BP L (AMN) = BP L AM.
Ké MK 1 (ABCD), K € (ABCD).

1

Ta co: VCMNP = gMK‘SCNP D
2
Vi MK = ~SH= ﬁ, Senp =~CN.CP=
2 4 2 8
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Bai 12: PAI HOC KHOI B NAM 2007

Cho hinh chép tit gidc S. ABCD c6 ddy 1a hinh vuong canh a. Goi E 1a diém
ddi xting ctia D qua trung diém ciia SA, M 1 trung diém ctia AE, N 12 trung diém
ctia BC. Chitng minh MN vudng géc v6i BD va tinh khodng cdch giita hai dudng
thing MN va AC theo a.

Gidai
Goi P 1a trung diém clia SA. Ta c6 E S
MNCEP 14 hinh binh hanh nén MN song
song v4i mit phing (SAC).
Mit khédc, BD L (SAC) nén BD L MN
MN // (SAC)
nén d(MN; AC) =d(N; (SAC)) ~-==>»D
Vay d(MN; AC) = ld(B;(SAC)) leD = a\/i B
2 4 4 N C
Bai 13: DAI HOC KHOI D NAM 2007
Cho hinh chép S.ABCD c6 ddy Ia hinh thang, ABC=BAD = 900, BA =BC =a,
AD = 2a. Canh bén SA vudng géc v6i ddy va SA = av2. Goi H 1a hinh chi€u
vuodng géc clia A trén SB. Chitng minh tam gidc SCD vudng va tinh khodng cdch
tir H d€n mit phing (SCD) theo a.

-
-

Gidai
Goi I 1a trung diém ctia AD. Ta c6:
IA=ID=IC=a=CD L AC.
Mit khac, CD L SA. Suy ra CD L SC nén
tam gidc SCD vuodng tai C.

T

Trong tam gidc vuéng SAB ta c6:
SH _SA®>  SA®  2a°
SB SB? SAZ+AB? 2a% +a’
Goi d; va d, 1an lugt 12 khodng céch tir
va H d&€n mit phing (SCD) thi

d _SH_2_ 2

= =—=d, =—d,.
4 SB 3 % 3!

2
3
B

\ A.
Taco: d, =2oBsD _SA5sen iy g o Lappe-1y2
Sscp Sscp 2 2

1 1
Vi Sgcp = SCCD :5\/SA2 +AB2 +BC2 AIC? +ID? =a%\2 .
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Suy ra d; =%

a

Vay khodng cdch tir H d&n mit phdng (SCD) la: d, = %dl =3

Bai 14: PAI HOC KHOI B NAM 2006

Cho hinh chép S.ABCD c6 ddy ABCD 12 hinh chit nhat véi AB = a, AD = ay/2,
SA =a va SA vudng géc v6i mit phang (ABCD). Goi M, N 14n lugt 1a hai trung
di€m cta AD va SC. I 1a giao diém cda BM va AC. Chiing minh riing mit phing
(SAC) vudng géc v6i mit phing (SMB). Tinh thé tich clia khoi tif dién ANIB.

Gidi
Xét AABM va ABCA vuodng c6 ﬂ = L = %
AB 2 BC

= A ABM dong dang A BCA = ABM =BCA
= AMB + BAC = BCA + BAC =90°
= AIB=90° = MB L AC 6))

SA 1 (ABCD) = SA L MB ).
Tu (1) va (2) = MB L (SAC)
= (SMB) L (SAQ).
Goi H 1a trung diém ctia AC B
= NH Ia dudng trung binh cia A SAC
SA a

= NH====" va NH// SA nén NH L (ABD)

QI | =

,BI” = AB® — A’

27 2\2

la
32 6 36

A am

a6 a?\2

= BI:T:SAABI:T = VanNiB =

11 1 _af3
3

(dvtt)

Bai 15: PAI HOC KHOI D NAM 2006

Cho hinh chép tam gidc S.ABC c6 ddy ABC la tam gidc déu canh a, SA = 2a
va SA vudng géc véi mit phang (ABC). Goi M, N 1an ludt 12 hinh chi€u vudng
gbc clia A trén céc dudng thing SB va SC. Tinh thé tich ctia khdi chép A. BCNM.

Gidi

Thé tich ctia khoi chép A.BCMN.
Goi K 1a trung di€ém ctia BC
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H 1a hinh chi€u vudng géc clia A trén SK.
Do BC L AK, BCL SA nén BC L AH.
Do AH 1 SK, AH 1 BC nén AH L (SBC).
Xét tam gidc vuong SAK:

[ :Aszﬁa
AH? SA?  AK? J19
Xét tam gidc vudng SAB:

SM_SA® 4

SA- =SM.SB= —
SB sp? 5

2
Xét tam gidc vuong SAC: SA” =SN.SC= S8 =54~ _2
SC sc? s
Suyra: oswy _16 g 9 9192
yra: Ssac 75 BCMN = 257SBC T 00T

3\/_21

Vay thé tich ctia khdi chép A BCMN 1a V = %.AH.SBCMN (dvtt)

Bai 16:

Cho hinh chép tir gidac déu S.ABCD c6 canh ddy bing a, géc giita canh bén
va mit ddy bing ¢ 0° < ¢ < 90°%). Tinh tang clia géc giita hai mit phing (SAB)
vi (ABCD) theo ¢. Tinh thé tich khdi chép S.ABCD theo a va .

Gidi
Ta c6 géc ctia canh bén va mit ddy bing .
Suy ra SBO =¢

a2

ASOB c¢6 tang = S0 =S0= —tan(p
BO

ve Ol L AB

= AB L (SIO)
Taco SO 1L AB

= Géc cta (SAB) va (ABCD) 1a SIO.

——tan@
tan SIO = %:—zaﬁtan(p

a
VSABCD = 5 SO'SABCD = g T tang.a” =
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Bai17:

Cho hai mit phéng (P) va (Q) vudng géc vé6i nhau, c6 giao tuyén 1a dudng thing
A. Trén A 13y hai diém A, B v6i AB = a. Trong mit phing (P) 18y diém C, trong
mit phing (Q) 1dy diém D sao cho AC, BD ciing vudng géc véi A va AC = BD = AB.
Tinh bdn kinh mit ciu ngoai ti€p t& dién ABCD va tinh khodng cich tif A dén
mat phﬁng (BCD) theo a.

Gidi
Goi I 1a trung diém ctia BC. (d) qua I,

(d) L (ABC) la truc cda dudng tron
ngoai ti€p AABC vudng cin tai A. \
(d) N (DC) = F 1 trung diém DC a

(do BF Ia trung tuyén trong A vudng)
<> F1a tAm mit cau ngoai ti€p tf dién:

B -
R=FD:D7C=ﬁ (BC=a+2;BD=2) J\Q
I

2
(P)L(Q)
. J(P)n(Q)=A
Taco
BD < (Q)
BD L (Q)
Ma Al < (P) = BD L Al BC L Al (do AABCD vudng cén)
— AI L (BDC) = d(A,(BDC)) = Al = % z
C
Cdch 2: Chon hé truc Axyz sao cho A(0; 0; 0) \
B(0; a3 0) D(a; a3 0) C(0;0; @) I(x; y; 2) S\ B

yebt <> IA=IB=IC=1ID =R a\/ y
a3
2

PN x=y:z:%<:>R:IA=

Mit phéng (BCD) ¢6 VTPT n = (O; a’; a2) =a’ (0;1; 1)

Suy ra phuong trinh mit phing (BCD):
2
y+z-a=0= d(A, (BCD)) = aT

Bai 18:

Cho hinh chép tam gidc déu S.ABC dinh S, c6 do dai canh ddy biing a.
Goi M va N 1an lugt 13 trung di€ém ctia cdc canh SB va SC. Tinh theo a dién
tich tam gidc AMN, biét ring mit phing (AMN) vudng géc véi mit phing SBC).

172

http://toanlihoasinh.blogspot.com/




Hu6ng dén giai CDBT tii cic DTQG Toén hoc —

Gidai
Goi SH la dudng cao hinh chép SABC. S
Ta c6 H 1a trong taim AABC, ké AK L MN
(AMN) L (SBC) = AK L (SBC)
Goi I 1a trung diém ciia BC, ta c6:
S, K, I thing hang va AH = 2HI
MN la dudng trung binh trong ASBC A
= K 1a trung di€m cta SI

a\/g 1

= ASAlcintai A= SA=Al= -
Tacé SH?=SA?-HA’=SI’ - HI? B
2
s osa? Ysa?y loaz 2gaz i g2
9 9 3 2 2
Xét AAKI ta c6 = AK® = AI* - KI

aJ10 1 Zf
4

= AK= (dvdt) -

Bai 19:
Cho tit dién ABCD c6 canh AD vudng géc v6i mp (ABC) AC = AD = 4cm,
AB = 3cm, BC = 5cm. Tinh khodng c4ch tir diém A t6i mit phing (BCD).
Gidi

AD L AB

Cach 1: AD 1 (ABC) =
AD 1 AC

BC? = AB” + AC> = AABC vudng tai A

Saagc =6(cm?®)  Sypcp =2434(cm?)

Goi a(A, (BCD) = AK

1 1 Sapc.AD 6f
VABCD = _SABC AD = _SBCD AK = AK = ABC- m)
3 3 Secp 17
Cdch 2: Ké DH L BC = AH 1 BC (dinh 1y 3 dudng vudéng géc)
Ké AK 1 DH (1)
Ta cé BC L (ADH) = BC L AK 2)
Tw (1), 2) = AK L (DBC)= d (A, (BCD)) = AK
1:1+1:1+1+1:£ AKZ:E:AK:—6F( m)
AKZ AD? AH? AB? AC? AD? T2 17
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v Vén dé 2: HINH LANG TRU
A. TOM TAT LY THUYET - PHUGNG PHAP GIAI

1. PINH NGHIA
Hinh lang tru 12 hinh da di€n ¢6 2 mat song song goi la ddy, va cdc canh khong
thudc 2 ddy song song véi nhau.
Il. TINH CHAT
Trong hinh ldng tru:
— Céc canh bén song song va bing nhau.
— Cac mat bén, mit chéo 1a hinh binh hanh.
— Hai ddy c6 canh song song va bing nhau.

I1. LANG TRU PUNG, PEU. LANG TRU XIEN

Léng try ding 1a lang tru c6 canh bén vudng gbc véi ddy
Ling tru déu 1a ling try ding c6 ddy 1a da gidc déu.
Ling tru déu c6 cdc mit bén Ia hinh chif nhat bing nhau.
Léng tru xién c6 canh bén khdng vudng géc véi day.

IV. HINH HOP
Hinh hop 1a hinh ldng tru c¢6 ddy 1a hinh binh hanh.

— Hinh hop c6 cdc mit d6i dién 1 hinh A a

binh hanh song song va biing nhau. B
b 1

— Cdc dudng chéo hinh hop cit nhau tai ic
trung di€m. D J C __

Hinh hop ding c6é canh bén vudng géc ,/ A B
v6i ddy. /

D’ &

Hinh hop xién cé canh bén khong
vudng gbc vbi ddy.

Hinh hop chit nhat 1a hinh hdp ditng c6 ddy 1a hinh chir nhat.

Hinh hop chif nhit ¢6 cdc mét 1a hinh chit nhat

Do dai cdc canh xuat phét tir 1 dinh goi 1a kich thuSc ctia hinh hop chit nhit a,
b, c.

Cic dudng chéo hinh hop chit nhat bing nhau va c6 do dai: d = Va2 + b2 + c2
Hinh 1ap phuong 1a hinh hop c6 6 mit la hinh vudng.
Céc canh clia hinh 1ap phuong biang nhau s& do a.

Cac dudng chéo hinh 1ap phuong c6 dd dai: d=a NE)
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V. DIEN TiCH XUNG QUANH VA DIEN TiCH TOAN PHAN

Sxq=p! p 1a chu vi thiét dién thing
/1a 49 dai canh bén
— Ling tru ddng:  Syq=ph p la chu vi day

h 1a chiéu cao
— Hinh hop chit nhat: S, = 2(ab + bc + ca)
a, b, ¢ 1a kich thuGe cda hinh hdp chit nhit.
VI. THE TiCH
— Thé tich cda hinh hop chit nhat: V=abc  a, b, c 1a kich thudc

— Thé tich hinh 14p phuong: V = a’ a la canh
— Thé tich ling tru: V=B.h B 1a dién tich day
h 1a chiéu cao
V =SI S 1a dién tich thiét dién thing

[1a canh bén

— Thé tich cda ling tru tam gidc cut:

Léng tru tam gidc cut 1a hinh da di€n c6
hai ddy la tam gidc c6 canh bén song song a
khong bing nhau.

a+b+c
3
S 1a dién tich thiét dién thing.

V= S

a, b, c1a @ dai cac canh bén.

B. DE THI
Bai 1: PAI HOC KHOI B NAM 2011

(A1BD) theo a.

Cho liang tru ABCD.A;B|C D, ¢6 ddy ABCD la hinh chit nhdt AB = a, AD
= a+/3. Hinh chi€u vudng géc ctia di€ém A, trén mit phing (ABCD) tring véi
giao di€ém ctia AC va BD . Géc giita hai mit phing (ADD,A,) va (ABCD) biing
60° . Tinh thé tich khdi ling tru da cho va khodng cdch tir diém B, dén mit phing

Giadi
Goi O 1a giao diém cia AC va BD = A,0 L (ABCD)
Goi I 1a trung diém AD.
Ta c6: OI L AD ( Vi ABCD la hinh chit nhat)
Al L AD [Vi AD 1 (A10)]
Suy ra: Géc giita hai mit phing (ADD,A,)
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va (ABCD) a AI0 = A 10=60°. D C,
a\3
2

Ta c6: Ol = % A,0 = OLtan60" =

Sagcp = AB.AD = 223
Suy ra:

\% =S A O=—o.
ABCD.AB|C{D; ABCD - 431 )

Goi M Ia hinh chi€u vudng géc clia diém
B, trén mit phing (ABCD).

Suyra: BIM// A;O vaM € 10.

Vé MH vuong géc BD tai H, suy ra: MH L (A|BD) .

Vi B M // (A;BD) nén d(By, (A;BD)) =d(M, (A;BD)) = MH.

Goi J 12 giao diém ctia OM va BC, suy ra: OJ L BC va J 1a trung diém BC.

1 BC 1a%=a2\/§

1
Ta cé: SAOBM = EOMBJ = EAIBI.— = —

2 2 2 4
232‘5
2
TalaiC():SAOBM=%OB.MH:>(1(B1,(AIBD))=MH: SgO;M: 4 :a\f _
a

Cdch 2:
Ta c6: BiC// A\D = B,C// (A|BD)
= d(B;, (A;BD)) =d(C, (A;BD))
Vé CH vudng goc v6i BD tai H
= CH L (A;BD)
= d(B, (A;BD)) =d(C, (A;BD)) =CH..
Trong tam gidc vudéng DCB ta c6 hé thic
CH.BD = CD.CB, tir d6 tinh dugc CH
Cdch 3:

3V,
Ta c6: d(B,, (A,BD)) = — 218D
AA|BD

1 3a’
* VABD.AB|D =7 VABCD.ABICID =

1 3a’
* VABD.AB|D =7 VABCD.ABICID =

1 a’
® Va,.ABD = ESABD AO0= Iy =VpABD - A B
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a3

* VBlAlBD = VABD.AIBIDI - VAI.ABD - VD.AlBlDl =

T
a®\3
S

1

3VB1A1BD _ a\ﬁ
AAIBD 2
Bai 2: DAI HOC KHOI B NAM 2009

+ d(By, (ABD)) =

Cho hinh ling tru tam gidc ABC.A'B'C' c6 BB' = a, géc giita dudng thing BB' va
mit phiing (ABC) biing 60°; tam gidc ABC vudng tai C va BAC = 60 . Hinh chiéu
vudng géc ctia di€m B' 1én mit phing (ABC) tring vdi trong tim clia tam gidc
ABC. Tinh th€ tich khdi t dién A’ ABC theo a.

Gidai
Goi D Ia trung diém AC va G 1a trong tim tam gidc ABC ta c6

NS

B’G L (ABC) = B'BG =60° = B’G = B’B. smBBG—a

va BG=2=BD=2
2 4

Tam gidc ABC c6: BC—AL/_ AC_‘ZB:CD:%

3AB> AB® 9a°

BC? +CD’=BD* =

+ =
4 16 16
3a413 3a4/13 9a2\/_
— AB= ,AC=2" . g dvdt
13 26 TAABC T T4 (dvd)

3
Thé tich khi tf dién A’ABC: Vyape = Vigapc = %B’G.S AABC = z;;g (dvtt)

Bai 3: PAI HOC KHOI D NAM 2009

Cho hinh lang tru ding ABC.A'B'C' ¢6 day ABC la tam giidc vudng tai B, AB =a,
AA' =2a, A'C = 3a. Goi M Ia trung di€m ctia doan thing A'C', I 14 giao di€ém clia
AM va A'C. Tinh theo a thé tich khdi tit dién IABC va khodng cdch tir diém A
dén mit phing (IBC).

Gidi
Ha IH L AC (H € AC) = IH L (ABC); IH Ia dudng cao ciia t dién IABC
SHAAN = G2 g2t
AA’ CA' 3 3 3

AC = JA'C> —A'A? =a/5, BC=yAC? —AB’? =2a
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Dién tich tam gidc ABC: Syapc = %.AB.BC =a’

3
Thé tich khdi tit dién IABC: V = %IH.S AABC = 4%
Ha AK L A'B (K (AB). ViBC ((ABB'A")
nén AK ( BC
( AK ( (IBC). Nén khodng cédch tr A dén

mit phing (IBC) 1a AK.

SA'Bc=%a\/§2a=a2 5 |C=§A/C:>SIBC 2 2\/_

3 A’Bc

Ak~ Nuse _p42° 3 2a 2a\/5

Siac 9 Zaz\ﬁzﬁz 5

Bai 4: PAI HOC KHOI A NAM 2008

Cho ling tru ABC.A'B'C' ¢c6 do dai canh bén bing 2a, diy ABC la tam gidc
vudng tai A, AB = a, AC=a+/3 va hinh chi€u vudng géc cla dinh A' trén mit
phing (ABC) Ia trung diém ctia canh BC. Tinh theo a thé tich khdi chép A'.ABC
va tinh cosin clia géc giita hai dudng thing AA', B'C'.

Gidi A
Goi H1a trung diém BC Suyra AH 1 (ABC) v
va AH—EBC— xia +3a% =a
Do d6: A'H? + AH?> =3a> = AH = a\3

R 1., a’
Vay: Vaapc = gA HSpapc = 5 (dvtt)

C’

e Trong tam gidc vudng A'B'H ta c6:

HB' =+A'B? + A'H? =2a nén AB'BH can tai B'

e Dit ¢ 12 géc giita hai dudng thing AA' va B'C' thi ¢ = B'BH

B

BI 1 . 2
Vay cosop= B 2;;1 = (v6i11a trung diém BH).

Bai 5: DPAI HOC KHOI D NAM 2008

Cho liang tru diitng ABC.A'B'C c6 ddy ABC la tam gidc vuong, AB = BC = a, canh
bén AA’=ay2 . Goi M la trung diém cda canh BC. Tinh theo a thé tich clia khdi
ling tru ABC.A'B'C' va khodng céch giita hai dudng thing AM, B'C.

Gidi
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Thé tich ling tru: V =S4.h = a—;.af = ?;ﬁ (dvtt)
e Goi N trung diém BB'
e Do B'C//MN = d(B'C, AM) = d(B', (AMN))
e Do N la trung diém BB'
= d(B', (ABN)) = d(B, (AMN))
e Goi H 12 hinh chi€u ctia B 1én mp(AMN)
_ 11 1
BH®> BA? BM? BN?
1,427

a’ a’ a? a°

e Taco:

a

Nz

= BH=—=. Vay d(B'C;AM)=—>

)7

Bai 6:

Cho hinh 14p phuong ABCD, A'B'C'D'. Tinh s6 do géc nhi dién [B, A'C, D].

Gidi

Goi O = AC n BD va canh hinh 1ap phuong bing a.

= AB=AD= a2 =BD AR
Ta c6 AA'CB = AA'CD (canh — canh —canh) R- /o
Nénvé BHLA'C ;U NVH K
— DH L A'C va BH=DH oo

= [B, A'C, D] = BHD =2BHO ;OO
ABHD can tai H = HO L BD iy _,ﬁf\’
S O
a2 B L&
2

=?:> BHO =60"= [B, A'C, D] = 120".

Ta c6 sin BHO =E =

BH  aJo
3

Bai 7:

Dv

BAD = 60" Goi M 1a trung diém canh AA' va N 1a trung diém canh CC'.
Chitng minh ring bon di€m B', M, D, N ciing thudc mot mit phing.
Hiy tinh d6 dai canh AA' theo a d€ tif gidc B'MDN 14 hinh vudng.

Cho hinh ldng tru ddng ABCD. A'B'C'D' c6 ddy ABCD 1a hinh thoi canh a, géc

Gidi
Tam gidc BDC déu canh a, AA' =b.
Chon hé truc nhu hinh vé.
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Ta co: B(— 0; 0); D(—— 0; 0); C(0; ;F 0); B( ; 0; h); D'(—%,O;h);

h); A'(0; ———; h); M(0; ——— —) N(0; T —)

C'(0; ;F a«F a\f h af h

* B',M, D, N dong ph.'?lng.

~ A _,
2 \‘~\~ ’
[DBDN]DM ( ) ~hay3 ( j a’\3 0 Ny, 0
2 2 2\ 2 S =3
A
= dpcm. X

N 2 2
* Taco B’M:(—E _ 3 —EJ :>|W|2=a2+h?

27 2 72
2
Tuong ty MD? =DN? =B'N? =a? +h7:> MD? =DN? =B'N? =B'M?

2 2
Mt khéc DMDNo L 3 b
4 4 4
(1) = B'MDN la hinh thoi nén B'MDN 1a hinh vudng khi:
DMDN=0< h?=2a% < h=a2

Bai 8:

1)

Cho hinh 14p phuong ABCDA B ,C D, ¢6 canh bing a.

a/ Tinh theo a khodng céch giifa hai dudng thing A|B va B,D.

b/ Goi M, N, P 1an lugt 1 c4c trung di€m clia cdc canh BB, CD, A D,.
Tinh géc giita hai dudng thing MP va C|N.

Giai
Chon hé truc Axyz nhu hinh vé.
Tacéd A(0;0;0); B(a;0;0); C(a;a;0); D(0;a;0) TA] P
A1(0;0;a); Bi(a; 05a); Ci(a;a;a); Di(0;a;a)
M(a; 0; =) N(5 ;a3 0) P(O; = ;) ;
2 2 2 B, 1
a/ @:(a;o;—a) ﬁ:(—a;a;—a) r-3 Ci

-~
-~
-~

~
ﬁ-—
1

1

1

1

T T
!
U

!
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Goi (P) 1a mat ph:?lng qua B;D va (P)// AB
= (P)c6 VIPT n =(1,2, 1)
=>Pt(P): x+2y+z—-2a=0

— d(A,B, B,D) = d(B, (P) = ——

J6
b/ MP = —a;i;3 @z —3;0;—a
2’2 2
Tacé MPC,N=0 = MP L C;N. Vay géc giita MP va C;N 1a 90°.

v Van dé 3: HINH TRU - HINH NON - HiNH CAU
A. TOM TAT LY THUYET - PHUGNG PHAP GIAI

HINH TRU
I. DINH NGHIA
Hinh tru 1a hinh sinh ra bdi hinh chit nhit
O'OMM' quay xung quanh canh OO'
Canh OM sinh ra hinh tron ddy.
Canh MM ' sinh ra mgt nén tron xoay.
MM' goi 1a dudng sinh OO’ 1a tryc cda hinh try.
h = 00" 1a chiéu cao
R = OM bén kinh ddy
I1. DIEN TiCH HINH TRU
Dién tich xung quanh: Sy, =2nRh  R: bdn kinh ddy h: chiéu cao
Sip = 2R7h + 27R*
1. THE TiCH HINH TRy
V =nR’h R: ban kinh ddy h: chiéu cao
HINH NON
I. PINH NGHiIA S

Hinh nén 13 hinh sinh ra bdi tam gidc vudng

OMS quay xung quanh canh géc vudng OS.
Canh OM sinh ra hinh tron ddy.
Canh SM sinh ra mit nén tron xoay.
SM goi la dudng sinh SO 1a tryc hoanh, dudng cao.
R = OM bén kinh ddy; h = SO chiéu cao
1. DIEN TiCH

Dién tich xung quanh hinh nén: Sxq =mRI
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R: ban kinh ddy [: do dai dudng sinh
Dién tich toan phan: S =nRI+ R = nR(I + R)
II. THE TiCH
Thé tich hinh nén: V = %nth R: bdn kinh ddy  h: 14 chiéu cao
HINH NON CuT
1. PINH NGHIA

Hinh nén cut 13 phan hinh nén gitta ddy va mot thiét dién vudng géc véi truc.
Hinh nén cut sinh bdi mot hinh thang vubng OMM'O'quay quanh OO'.

h = 00’ chiéu cao MM' = [ la dudng sinh
Il. DIEN TiCH
Dién tich xung quanh: Sxq =m(R +R")!
R, R'la bdn kinh ddy [ 1a dudng sinh
Dién tich toan phin: Sip = (R + R + R* + nR”
1. THE TiCH
Thé tich hinh nén cut: V= %n (R* + R + RR)h
R, R’ 12 bdn kinh ddy h chiéu cao
HINH CAU
I. DINH NGHIA

Hinh ciu tim O, bdn kinh R 12 tip hdp nhitng diém M trong khong gian thoa
man diéu kién OM <R

Mit ciu tdm O bédn kinh R 1a tip hdp nhitng diém M trong khong gian thoa
maén diéu kién OM =R

Thiét dién qua tAm 12 hinh trdn 16n tAm O bdn kinh R.

Thiét dién clia hinh ciu v6i mot mit phiang 13 hinh tron ¢6 tim H 14 hinh chiu

ctia O trén mit phdng va ban kinh: r, = JR? —d?
R 12 ban kinh hinh cdu; d 12 khodng cich tir tim tSi mit phing.
d=O0OH
Tié€p dién clia mit cu 12 mit phing c6 1 diém chung vdi mit ciu.
Diéu kién d€ mit phing () ti€p xtdc véi mit ciu 1a: d(0, o) =R
Ti€p tuyén clia mit ciu 1a dudng thing c6 mot diém chung vSi mit ciu.
Diéu kién dé dudng thing A 1a ti€p tuyé&n 1a d(0; A) =R.

Il. DIEN TiCH MAT CAU: S = 4nR’
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Hu6ng dén giai CDBT tii cic DTQG Toén hoc —

1. THE TiCH MAT CAU: V :%nR3

B. DE THI
Bai 1: PATHOC KHOI B NAM 2010

Cho hinh ling try tam gidc déu ABC.A'B'C' ¢c6 AB = a, géc giita hai mit phing
(A'BC) va (ABC) bing 60°. Goi G la trong tim tam gidc A'BC. Tinh thé tich khoi
ling tru dd cho va tinh ban kinh mit cAu ngoai tiép ti dién GABC theo a.

Gidi
Goi H 1a trung di€ém ctia BC, theo gid thuyét ta c6: A’
G6c A'HA = 60°.
Ta c6: AH = %,A’HzZAH= a3 C
va AA' = —aﬁ;g - %a

Vay thé tich kh6i ling tru
a’ \/37 3a 3a’ \ﬁ
4 2 8
Ké dudng trung truc cia GA tai trung
diém M clia GA trong mit phing A'AH
cit GI tai J thi GJ 12 bdn kinh mit cau
ngoai ti€p t dién GABC.
Ta c6: GM.GA = GJ.GI
GM.GA _GA? GI*+IA*> Ta
GI  2GI  2GI 12
Bai 2: PAI HOC KHOI A NAM 2006
Cho hinh tru c6 cdc ddy 1a hai hinh tron tim O va O', ban kinh ddy bing chiéu
cao va bing a. Trén dudng tron tim O 14y diém A, Trén dudng tron tim O' 14y
diém B sao cho AB = 2a. Tinh thé tich ctia khéi tif dién OO'AB.

Gidai

V=

=>R=GJ=

Ké& duong sinh AA'.

Goi D 1a di€ém d6i xitng v6i A' qua O' va H 1a A
hinh chi€u ciia B trén dudng thing A'D.

DoBH 1L AD va BH 1 AA'nén BH L (AOO'A").

Suy ra: VOO’AB = %.BH.SAOO’
Ta c6: AB = VAB? —A’A2 a3 = BD=+AD? —AB? =a
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Hu6ng dén gidi CDBT ti cic DTQG Todn hoc —

= ABOD déu = BH = { (dvtt)

Vi AOO' 1a tam gidc vudng cin canh bén bing a nén: S,go = %az
3

Vay thé tich khdi t dién OO'AB la: V _% TJ_ a? . 1‘2/5
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