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PHUONG PHAP CASIO - VINACAL

BAI 1. TIM GIA TRI LON NHAT - GIA TRI NHO NHAT.

1) PHUONG PHAP,

- Budc 1: D€ tim gia tri l1on nhat gia tri nho nhat ciia ham s6 y = f (X) trén mién [a;b] ta st

dung may tinh Casio véi lénh MODE 7 (Lap bang gia tri)
- Budc 2: Quan sat bang gia tri mdy tinh hién thi, gia tri 16n nhat xuat hién la max , gia tri

nho nhat xuat hién la min

-Chuy:
oA N DA .7 . 2 o A b_a e INERY \ A?
Ta thiét 1ap mién gia tri cta bién x Start a End b Step ST (c6 thé lam tron dé Step
dep)
Khi dé bai lién c6 cac yéu t6 luong gidc sin x,cos x, tan x... ta chuyén mdy tinh vé ché
do Radian

2) VI DU MINH HOA
Vi du 1.[Thi thir chuyén KHTN -HN 14an 2 nidm 2017]
Tim gia tri 16n nhat ctia ham s8 y = x* —2x* —4x+1 trén doan [1;3]

67

A. max=— B. max=-2 C. max=-7 D. max=-4

27

Huéng dan giai
Cach 1: CASIO
St dung chirc ndng MODE 7 cua may tinh Casio véi thiét 1ap Start 1 End 3 Step
3-1

19
feong) (7] (i) O] (=9 (3) &> (=) (2] iewt) O) (23 H @ e D H W E E W
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] Math
| Fria
gl l-1052]|-Ua 51U
3l 1.21051-U.998

Quan sat bang gid tri F(X) ta thdy gid tri 1on nhdt F(X) c6 thé dat duoc la

f(3)=-2
O Math
n F (i)
19| 2. 83U |-3. 081
) ”

Vay max =-2, dau = dat dwgc khi x=3 = D4p s6 chinh xac la B
Cach tham khao: Ty luan
X=2
Tinh daoham y'=3x*-4x-4 , y'=0< . 2
3

Lap bang bién thién

Trang 1 Tai liéu Iwu hanh noi bo
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= Nhin bang bién thién ta két luan max = f (3)=-2

¢ Binh luan:

e Qua vi du 1 ta da thdy ngay sttc manh cua may tinh Casio, viéc tim Max chi can
quan sat bang gia tri la xong.

e Phuwong phdp ty luan tim Gid tri 16n nhat, gia tri nho nhat caa ham sd duoc tién
hanh theo 3 budc:
+)Bwéce 1: Tim mién xac dinh cua bién x.
+)Budce 2: Tinh dao ham va xac dinh khoang dong bién nghich bién.
+)Budc 3: Lap bang bién thién, nhin vao bang bién thién dé két luan.

e Trong bai toan trén dé bai da cho sn mién gid tri ctia bién x la [1;3] nén ta bo qua

budce 1.

Vi du 2. [Thi th&t chuyén Ha Long — Quang Ninh Ian 1 nim 2017]
Ham s6 y=|3cosx—4sinx+8| v6i xe[0;27] . Goi M,m Ian luot la gié tri 16n nhat, gia tri
nho nhat cia ham s8 . Khi d6 tong M +m béang bao nhiéu ?

A. 82 B. 73 C. 83 D. 16

Hudéng dan giai
% Cach 1: CASIO
» DE tinh toan cac bai toan lién quan dén lwgng giac ta chuyén mdy tinh vé ché do

Radian
(sFr) oo (4
> St dung chitc ndang MODE 7 cua may tinh Casio véi thiét 1ap Start 0 End 27 Step
270
19
o8 (7] (stFr) (rye) (3] feog (i) ) O] H (@ i e ) DI H B B B @ B
(2] () (103 () (2] (1) (109 () (1 (8 (E
IF] Mz
F G "
| ] 11
c| 0. 3306 | 9. 5386
3l0.661311.9105

» Quan sat bang gid tri F(X) ta thay gid tri l1on nhat F(X) c6 thé dat duoc la
f(5.2911)=12.989 ~13= M

Math
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Ta thdy gia tri nho nhat F(X) c6 thé dat duocla f(2.314)=3.0252~3=m

F i
ca b
ca 3
g« B

16
11
18
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Vay M +m=16 = Dap s0 D la chinh xac
% Cach tham khao: Ty luan
=  Ap dung bat déng thtic Bunhiacopxki ta dugc :
(3cosx—4sinx)’ < (32 +(—4)2)(sin2 X+c0s’ X) = 25
= [3cosx—4sin x| <5<« -5<3cosx—4sinx <5< 3<3cosx—4sinx=8<13
= Vay 3<[3cosx—4sinx+8§<13
+¢ Binh luan:
e Néu bai toan lién quan dén cac dai lvong lwong giac ta nén chuyén may tinh vé ché
d6 Radian dé duoc két qua chinh xac nhat.
e Trong B4t ding thitc Bunhiacopxki c6 dang (ax+by)” < (a®+b?)(x*+y*) . D&u =
b

xay ra khi va chi khi =2~
X_y

Vi du 3. [Thi the nhém toan DPoan Tri Diing Ian 3 nam 2017]
Cho cdc s6 X,y thoa man diéu kién y<0,x*+x-y-12=0 Tim giad tri nhd nhat :
P=Xxy+x+2y+17

A. 12 B. -9 C. -15 D. -5

Hudng dan giai
% Cach 1: CASIO
> Tt xX*+x-y-12=0 ta rat dwoc y=x"+x-12 Lap vao P ta duoc
P =(x+2)(x* +x—12)+x+17
> D€ tim Min ctia P ta sit dung chttc ndng lap bang gia tri MODE 7, tuy nhién viéc
con thiéu cta chung ta 1a mién gia tri cuia x . D& tim diéu nay ta xét
Yy<0o X +x-12<0=-4<x<3

St dung MODE 7 véi thiét lap Start —4 End 3 Start % ta duoc:

fwong) (7] (4 () O] () (2) O [T (e O (3 () () ) (H1 ) (2 ) (B
W HODOEEEEEREEDEMEAE

Math
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1.25
Quan sat bang gia tri ta thdy gia tri nho nhétla f (1.25)=-11.6~-12
Vay dap so chinh xacla A
+ Cach tham khao: Tw luan
= Dung phuong phap don bién dwa biéu thitc P chita 2 bién tro thanh bi€u thie P
chtta 1 bién x
= P=(x+2)(X* +Xx—-12)+x+17=x"+3x* —9x—7
Dt f(x)=x>+3x*-9x—7
* Tim mién gid tri ciabién X tacd: y<0< x* +x-12<0<> —4<x<3
x=1
= Khaosatham f(x)tacod: f'(x)=3x*+6x-9, f'(x) :0<:{X_ 3

Sosénh f(1)=-12; f (-3)=20; f (~4)=13; f (3)=20
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TOM TAT KY THUAT SU’ DUNG CASIO - VINACAL HO TROQ GIAI BE THI MON TOAN 2017.

Vay gid tri nho nhat f (max)=-12 dat dwoc khi x=1

+¢ Binh luan:

e Mot bai tim Min max st dung phuwong phap doén bién hay. Viéc tim can va tim gia
tri nho nhat c6 sy déng gop rat 16n ctia Casio dé tiét kiém thoi gian.

Vi du 4. [Khao sat chat lugng chuyén Lam Son — Thanh Héa ndm 2017]
Gid tri 16n nhat cia ham s6 y = 2mx+1 trén doan [2;3] 1a —% khi m nhan gid tri bang :
m— X
A. -5 B. 1 C.0 D. -2

Hudéng dan giai
% Cach 1: CASIO

» Ta hi€u néu gia tri nho nhét cua y= —% trén doan [2;3] ¢ nghia la phuong trinh

y +% =0 c6 nghiém thudc doan [2;3]

» Thtt nghiém dap an A véi m=-5 ta thiét lap _10X+1+% =0 . S dung chtrc nang
do nghiém SHIFT SOLVE
EEHOMOBOOEEEHER D HE O ® E)
WROEE

at
S +

—5-¥_ 3
A= -0.064516123
L-R= I

Ta thay khi y :% thi x=-0.064... khong phai la gid tri thuéc doan [2;3] vay dap én
A sai

> Tuong ty nhuw vay ta thady ddp 4an C ding véi m=0 khi d6 y c6 dang =
—X

BUCEmNEHED®E & M2 HEE

:H +§ Math
A= a
L-R= I

Ta thay khi y = % khi x =3 la gia tri thuéc doan [2;3] = ddp an C chinh xac

+ Cach tham khao: Tu luan
2m(m—x)—(2mx+1)(-1) _2m*+1

2

» Tinh daoham y'= >0 véimoi xeD

(m—x) (m—x)
= Ham y ludn dong bién
— Ham y dat gia trj 16n nhat tai can trén x=3

1 6m+1 -1

- Véy y(g):—g@ n_3 —?szo

¢ Binh luan:
o Ta co thé st dung may tinh Casio theo VD1 va VD2 véi chiic naing MODE 7

Ta thdy véi dan an Cham s6 y = —% dat gia tri 16n nhat —% khi x=3

Trang 4 Tai liéu Iwu hanh noi bo
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Vi du 5. [Thi Hoc sinh gidi tinh Ninh Binh nam 2017]

AY ~ - . . 7 - A? ﬂ- N
Cho ham s6 y=asinx+bcosx+x (0<x<27) dat cyc dai tai cac diém X=§ va X=rx .

Tinh gia tri cua biéu thirc T = a+b3
A. T=23 B. T=3J/3+1 C.T=2 D.T=4

Huéng dan giai
% Cach 1: CASIO
» Ta hiéu ham s6 dat cuec tri tai x =X, thi X, la nghiém ctia phuong trinh y'=0
» Tinh y'=acosx—bsinx+1 .

1.3

Ta c6 y'(£)=0<:>—a——b+£=0 (1)
3 2° 23

Laicoy'(7)=0<-a+z=0 =a=x . Thé vao (1) ta duoc
» SHIFT SOLVE

EBEHUO0EDDBOI@EHE SR HE M @ (B 6

) 2)J B3
[F| Math
I N a.+a.

]
A= -0.064516123
L-R= 0
Ta thay khi y =% thi x=-0.064... khong phai la gié tri thudc doan [2;3] vay dép 4n
A sai
> Tuong ty nhu vay ta thady ddp 4n C ding véi m=0 khi d6 y c6 dang L
-X

FCEmICEHEDNCEMmBEEE

3

—
A= £
L-R= I

Ta thay khi y = % khi x =3 la gia tri thuéc doan [2;3] = dép an C chinh xac

+ Cach tham khao: Ty luan
2m(m-x)—(2mx+1)(-1)  2m?+1
(m—x) (m—x)

» Tinh dao ham y'= >0 véimoi xeD
— Ham y ludn dong bién
— Ham y dat gia tri 16n nhat tai can trén x=3

1 6m+1 -1

- Véy y(3):—§<2> m_3 ?©m=0

¢ Binh luan:
o Ta co thé st dung may tinh Casio theo VD1 va VD2 véi chiic naing MODE 7

Trang 5 Tai liéu Iwu hanh noi bo
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Ta thiy v6i dén én Cham s8 y = = dat gid trj 16n nhét -% Khi x=3
X

g M EO@OBEEDEEAEEE0HEHOEE

F] Math
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BAI TAP TU LUYEN

Bai 1. [Thi thit bao Toan hoc tudi tré 1an 4 nam 2017]
2
Goi M, m 1a gid tri 16n nhat va gia tri nho nhat cia ham s6 y = X—X trén doan [-11]. Khi d6
e

A.le;mzo B. M=¢e;m=0 C. M:e,m:l D.M=em=1
e e

Bai 2. [Thi Hoc sinh gioi tinh Ninh Binh nam 2017]
Tim gi4 tri 16n nhat M ctia ham s6 y =+/x+3+/6-x

A. M=3 B. M=3J2 C.M=23 D. M=2+.3
Bai 3. [Thi thit chuyén Vi Thanh - Hiau Giang lan 1 ndm 2017]

/ k] \ ~ 2
Tim gia tri nhé nhat cia ham s6 y = (X2 —2X+ 3) -7

A. miny=-5 B. miny=-7
C. miny=-3 D. Khong ton tai min
Bai 4. [Thi thit THPT Luc Ngan - Bac Giang lan 1 nam 2017]
Tim m déham 5 y =" ‘m4 dat gié trj 16n nht bing 5 trén [2;6]
J’_
A.ng B.mz—é C.m:E D.m:§
6 5 4 7

Bai 5. [Thi thtt THPT Vit Vin Hiéu -Nam Dinh Ian 1 nam 2017]
Goi M,n lan lwot la gid tri 1on nhat va gia tri nhé nhat cta ham s6 y =‘X3 —3x? +1‘ trén
doan [-2;1] thi:

A. M=19;m=1 B. M=0;m=-19 C. M =0;m=-19 D. Két qua khac
Bai 6. [Thi thit THPT Ngé Gia Tu - Vinh Phic Idn 1 nam 2017]
Gia tri nho nhat ctia ham s8 y =+/1+sinx ++/1+cosx 1a:

A. miny =0 B. miny=1
C. miny=v4-22 D. Khong ton tai GTNN
Bai 7. [Thi thit chuyén Tran Pha — Hai Phong lan 1 nam 2017]
Cho ham s8 y = 3sin x—4sin® x . Gi4 trj I6n nhat cia ham s& trén khoang (—f : gj bing :
A. 1. B. 7 C. -1 D. 3
Bai 8. [Thi HK1 THPT chuyén Ngoai Ngit - DHSP nam 2017]
Goi M,n Ian luwot la gia tri 16n nhat va gia tri nho nhat cua ham sd f (X) = (x2 —S)ex trén
doan [0;2]. Gi4 trj cua biéu thitc P = (m2 —4M
A.0 B. ¢ C.1 D. 2%

2016 |
) la:

Trang 6 Tai liéu Iwu hanh noi bo
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LOI GIAI BAI TAP TU LUYEN

Bai 1. [Thi thit bao Toan hoc tudi tré 1an 4 nam 2017]
2
. \ L4 . 7 A \ .7 . 2 A ? \ ~ X A . /4
Goi M, m la gia tri 16n nhat va gia tri nho nhat ctia ham s§ y =— trén doan [-11]. Khi d6
e

A. M:l/mzo B. M:e;m:o C. M =e,m=1

— D.M=em=1
e e

Huoéng dan giai
2

Lap bang gid tri cho y= f (x) = X—X voilénh MODE 7 Start -1 End 1 Step %
e

oo (M=) ) D@ @ xIE e D EEE0OEOE R E O
B8

= Math = Math
Fril n Fril
e I - e
3l -0.18911.3125 12i0. 157810.02182
-1 0. 0528351573595

Quan sat bang gia tri thdy ngay M =2.7182=e dat dwgc khi x=-1 va m= 2.6x10°~0 St
dung Casio

= Ddp s0 chinh xac la B

Bai 2. [Thi Hoc sinh giéi tinh Ninh Binh nam 2017]
Tim gia tri lon nhat M ctia ham s6 y =vx+3++/6—X

A. M=3 B. M=32 C.M=2/3 D. M =2+3
Huoéng dan giai
o 1A s g . [x+3=0
Theo diéu kién xac dinh thi < -3<k<6
6-x>0

Lap bang gid tri cho y=+x+3++/6—x v6ilénh MODE 7 Start —3 End 6 Step 0.5

g (7] (va) (i) ) (H B H (= ) HE I EEEHR8E 683 0
B E

J | Bl Al )
o |22
1.5 4. 242640687

Quan sat bang gia tri thdy ngay M = 4.2421=32 dat dwoc khi x=—1 va m=2.6x10" =0
St dung Casio

— Dap s6 chinh xacla B

Bai 3. [Thi thit chuyén Vi Thanh - Hiu Giang 1an 1 nam 2017]

o \ ~ 2
Tim gid tri nhé nhat cia ham s6 y = (X2 —2X+ 3) -7

A. miny=-5
C. miny=-3

B. miny=-7
D. Khong ton tai min

Trang 7

Huéng dan giai

Tai liéu Iwu hanh noi bo
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Dé bai khong ndi gi dén mién gia tri ctia x . Khi d6 ta chon Start -9 End 10 Step 1
Lap bang gia tri cho y = (X2 —2X +3)2 —7 vo6ilénh MODE 7

E]@@E]E]E]E]@E]E]@

"

) Math
Fika
-
-3
g

Quan sat bang gia tri thdy ngay miny =-3 dat duwoc khi x=1

= Dap s6 chinh xacla C

Bai 4. [Thi thit THPT Luc Ngan - Bac Giang lan 1 nam 2017]
Tim m déhamsd y = mX—_m4 dat gid tri 16n nhat bang 5 trén [-2;6]
X+

A. ng ]3.1’)12—é Cm:§ szE

Huéng dan giai

Thir véi m = % thi gid tri 16n nhat la 25 = A sai

g @ (E ) ew) O FHE HB @D HRBEEEE8EHREE
BO0MEE

o} Math
n Fikl
3 - El
y 1, 5 25
5 1] -1

Twong te nhw vy véi m=34 thi gia tri 16n nhdt 1a 5.= Dap s6 C chinh xac
o M EE @A NEB@EDDECEAEEERAEEE0
LEE

]
5

i’

C) Math
F Ll
y. 256U
U. E!EE

15
16
11

Bai 5. [Thi thit THPT Vii Van Hi€u -Nam Dinh Ian 1 nam 2017]
Goi M,n Tan luot la gid tri 16n nhét va gia tri nho nhat cia ham s y=|x*-3x*+1 trén
doan [-2;1] thi:

A. M=19;m=1 B. M=0;m=-19 C. M =0;m=-19 D. Két qua khac

Huéng dan giai
Ham chtta dau gia tri tuyét doi ta thém 1énh SHIFT HYP. St dung MODE 7 véi Start -2
End 1 Step 3
19

feone) (7] (sur1) fye) (i) O] (1) B > B Bl o) ) (22 H D E B EHRIE M E
BIEHOMEE

Trang 8 Tai liéu Iwu hanh noi bo
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dl-1.68U112.281

1|
-Z I:I. IE-EHI-EII:IEEIE-S
* Quan sat bang gia tri thdy M =19;m=0.= DPap s6 C chinh xac

Bai 6. [Thi thtt THPT Ng6 Gia Tu - Vinh Phuc Ian 1 nam 2017]
Gia tri nho nhat ctia ham s6 y =/1+sin x ++/1+cosx 1a:

A. miny =0 B. miny=1
C. miny=v4-22 D. Khéng t6n tai GTNN

Huéng dan giai

* Vi chu ki ctia ham sin, cos la 27 nén ta chon Start —27 End 27z Step i—g

» Lap bang gid tri cho y= J1+sinx ++/1+cosx véilénh MODE 7

(str) woog) (4] (o) (7] (va) (10 () (sin) (ae) O OJ & (F) (v) (1 (] [eos) iz OJ OJ (B
(=) (=) (2] ) <109 (&) (2] (e (109 (E) (4] o) (x109 (=) (0 (8] (B
| SEE | 1
g/-0. 8321 1. 612
-1.485353459515

Quan sat bang gia tri thdy ngay M =1.0162~1 = DPap s6 chinh xacla B

Bai 7. [Thi thit chuyén Tran Pha — Hai Phong lan 1 nam 2017]

Cho ham s8 y =3sin x—4sin® x. Gia tri 1én nhat caa ham sd trén khoang ( %j bang :
D.

w nala

A. 1. B. 7 C -1

Huéng dan giai
= Lap bang gia tri cho y = 3sin x—4sin®x véilénh MODE 7 Start —% End % Step %

(stT) (wog) (4] (g (7] (3] (sin) (i) (0] OJ (=) (@) (sin) (api) O] OJ (=) (B) (B) (=) (=] s
WE]@@EWE]@@EWE]E]@@

H FiH)

-1.Uls ﬂ.EﬂHH
-l.2U4l 0. 54BS

-1.57079a53:27

Quan sat bang gia tri 1én nhat la 1= Dap s6 chinh xacla A

Bai 8. [Thi HK1 THPT chuyén Ngoai Ngit - DHSP nam 2017]

Goi M,n Ian luot la gid tri 16n nhat va gi4 trj nho nhat ctia ham s§ f (x)=(x*-3)e* trén
doan [0;2]. Gi4 trj cua bi€u thitc P = (m2 —4M la:

A.0 B. ¢*° C.1 D. 2%

)2016 .

Hudng dan giai

» Lap bang gid tricho y= J1+sin x ++/1+cosx véilénh MODE 7 Start 0 End 2 Step %

Trang 9 Tai liéu Iwu hanh noi bo
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Fi] Math Fi] Math
ol oy gz 1 [ -Ee i 18| 1 B | 3F seu1
| PAeTEE | -20 322 10 el | #5758
iIl1.0526] -5.ua 3|
O.9d75554dz211 =

* Quan sat bang gia tri ta thay m=-5.422 va M =7.389
2 2016 2016
=P =(m’-4M) ~

—(~0.157916)™° ~ 0
= Ddp s0 chinh xac la A.

Trang 10 Tai liéu Iwu hanh noi bo
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PHUONG PHAP CASIO - VINACAL

BAI 2. TIM NHANH KHOANG PONG BIEN - NGHICH BIEN.

1) KIEN THUC NEN TANG

1. Tinh déng bién nghich bién : Cho ham s6 y = f (x) ¢ dao ham trén khoang | . Néu
f'(x)>0 véimoi xel (hodc f'(x)<0 v6imoi xel)va f'(x)=0 tai httu han diém cta
| thiham s6 y = f (x) dong bién (hodc nghich bién) trén |

2. Cach 1 Casio : St dung chitc nang lap bang gia tri MODE 7 ctia may tinh Casio . Quan
sat bang két qua nhan duoc , khoang nao lam cho ham s6 ludn tang thi 1a khoang dong
bién, khoang nao lam cho ham s& luén giam 1a khoang ngich bién.

3. Cach 2 Casio : Tinh dao ham, thiét 1ap bat phuong trinh dao ham, c¢6 lap m va dua vé
dang m> f (x) hodc m< f (x) . Tim Min,Max cua ham f (x) roi két luan.

4. Cach 3 Casio : Tinh dao ham, thiét 1ap bat phuong trinh dao ham. St dung tinh nang
giai bat phuwong trinh INEQ cua mdy tinh Casio (d6i v6i bat phuong trinh bac hai, bac ba)

2) VI DU MINH HOA

VD1-[Dé minh hoa thi THPT Qudc Gian Ian 1 nam 2017]
Hoi ham s y = 2x* +1 dong bién trén khoang nao ?
1 1 .
A. [_OC;_EJ B. (0;+oc) C.(—§,+OCJ D. (—oc,O)

Hudng dan giai

% Cach1:CASIO MODE 7

> Dé kiém tra dap an A ta st dung chirc nang 1ap bang gia tri MODE 7 véi thiét 1ap

Start —10 End —% Step 0.5

@@@@@@@E]E]@E]E]@E]@@

Fe |
e | B
al -8.5| TE2a
5l 23] 13Ta3

-10
Ta thay ngay khi x cang tang thi f (x) cang giam = Dép 4n A sai
» Tuong tu nhu vay, dé kiém tra dap an B ta cling sit dung chitc naing MODE 7 voéi
thiét lap Start 0 End 9 Step 0.5
BO@mIPDICHNEE0EE00EE
Fria
la IEé
3

Ta thay khi x cang ting thi tuong ting f (X) cang taing = Dép 4n B dung
< Cach2: CASIO PAO HAM
» Kiém tra khoang (— oc;—%j tatinh f '(—%—0.1)

Trang 11 Tai liéu Iwu hanh noi bo



TOM TAT KY THUAT SU’ DUNG CASIO - VINACAL HO TROQ GIAI BE THI MON TOAN 2017.

A E QN D@ HDeHE ORI EHO MDA

B

I Fi Maihnp

AR ] P
_E1&
125

Pao ham ra &m (ham sd nghich bién) = Gia tri —% —0.1 vi pham = D4ap an A sai
» Kiém tra khoang (-cc;0)ta tinh f'(0-0.1)
@ @® @ @ @ @ [oEL) (0eL (EL) (pEL) EL) [EL) (=)
B Math &
o [ened
i L2 +1]|x=—DiE

T1EE
biém 0-0.1 vi pham = D4ap an D sai va C cling sai = Dap an chinh xacla B
» Xac minh thém 1 [an nita xem B dung khong . Ta tinh f'(1+0.1)= % = Chinh
xac

SIIHSINmanlels

Math &

é%[2x4+1]|x=1+DP
{531
125
¢ Cach3: CASIO MODE 5 INEQ

» Ham s6 bac 4 khi dao ham sé ra bac 3. Ta nham cac hé s6 nay trong dau. St dung
mady tinh Casio d€ giai bat phuong trinh bac 3

i ®DREEEEUENEUESE
A% A

IS
RO rang x>0
¢ Cach tham khao : Ty luan
» Tinh dao ham y'=8x’
= Dé&ham s6 dong bién thi y'>0< x*>0< x>0 .

Véy ham s dong bién trén khoang (0;+ o)

% Binh ludn:

e Khi sit dung Casio ta phai d€'y : Ham s& dong bién trén khoang (a;b) thi sé luén
tang khi x tang. Néu ltc tang ltic giam thi khong dung .

Bai 2-[Thi thit bao Toan hoc tudi tré Ian 4 nam 2017]
Ham s8 y = x> +3x* + mx+m ddng bién trén tap xéac dinh khi gia tri cia m 1a:
A. m<1 B. m>3 C. -1<m<3 D. m<3
Huéng dan giai
% Cach1:CASIO
» Dé€ giai cac bai toan lién quan dén tham s6 m thi ta phai c6 lap m
Ham s8 dong bién < y'>0< 3x* +6x+m>0< m>-3x’ -6x = f (X)
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Vay dé€ ham s6 y dong bién trén tap xac dinh thi m> f (x) hay m> f (max) v6i moi
X thudc R
> D€ tim Gi4 tri 16n nhat cua f(x) ta van dung chitc ning MODE 7 nhung theo cach

dung cta ky thuat Casio tim min - max

o D HE MO HAEHEmmNEEE0E0NMEDE

Fril
| lliil’F -183
- -] -1uy
3 =11 =105

> Quan sat bang gid tri ta thdy gia tri 1én nhat cua f(x) la3 khi x=-1

[F:] Math
n Fina
] - 1]
| 3
10 1] 1]
-1
Vay m>3

+» Cach tham khao : Tu luan

* Tinh dao ham y'=3x"+6x+m

= Dé&ham s6 dong bién thi y'>0<«> 3x* +6x+m>0 vdi moi xeR (¥)
SA'K09-3m<0<m=>3

¢ Binh luan:

e Kién thtec (*) ap dung dinh ly vé ddu cua tam thitc bac 2 : “Néu tam thic bac hai
ax® +bx+c¢ c6 A<0 thi ddu ctia tam thitc bac 2 ludn cung dau véi a” .

VD3-[Dé minh hoa thi THPT Qudc Gian Ian 1 nam 2017]

n A, 2 7 .7 . 2 A \ A tan X— 2 AVN o« A7 A
Tim tat ca cac gia tri thyc cua tham s6 m sao cho ham s6 y :t— dong bién trén
an Xx—m
khoang (O;z
4
m<0
A. B. m<2 C.1<m<?2 D. m>2

1<m<2

Hudng dan giai
% Cach1:CASIO
> DE bai toan dé nhin hon ta tién hanh dit an phu : Bat tanx=t . D6i bién thi phai
tim mién gid tri cua bién madi. D€ lam diéu nay ta st dung chirc ndng MODE 7 cho
ham f(x)=tanx .
(stF) (ong) (4] woog) (7] (tan) (i) O] O] E) (&) (0] (&) () xi07) (5 (&) (=) (A )
) ED0E0EE
Frnl

O.0ul
0. 08z

| ] 1]
HILIE E |
31 0. 0826 |

Ta thdy 0<tanx <1 vay te(0;1)
Bai todn trd thanh tim m d€ham sg y = % dong bién trén khoang (0;1)

» Tinh dao ham : y,:(t—m)—(t—Z): 2-m

(Cmy ()
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(t-m
» Két hop diéu kién xac dinh t—m¢0<:>m¢t:me(0;1) )
<0

m <
T (1) va (2) ta dwoc
1<m<?2

= Dap an A la chinh xac

% Binh ludn :

o Bai todn chita tham s6 m & dwdi mau thuong danh lira chiing ta. Néu khong tinh
tao ching ta sé chon luén dap an B

e Tuy nhién diém nhéan cta bai toan nay 1a phai két hop diéu kién 6 mau s6. m=t ma
te(0;1) vay me(0;1) .

VD4-[Thi thit bado Toan hoc tudi tré 1an 3 nim 2017]
Vi gid tri nao cua tham s6 m thi ham s& y =sinx—cosx+ 2017/2mx dong bién trén R
A. m>2017 B. m<0 C. m2 L D.mZ—L
2017 2017

Hudéng dan giai
% Cach1:CASIO
» Tinh dao ham y'=cosX+sin x+2017~/2m
—sin X —Ccos X
——=f (X
20172 )
D& ham s6 luén dong bién trén R thi m>f(x) ding voi moi xeR hay

y'>20<m>

m=> f (max)
> DE€ tim gid tri 1én nhat ctia ham s6 ta lai str dung chitc nang MODE 7. Vi ham f (x)

la ham lwgng giac ma ham luwong giac sin x,cos x thi tuan hoan véi chu ki 27 vay ta

sé thiét lap Start 0 End 27 Step i—g

(str) woog) (4] (wong (7] () (=) (sin) (i) O] OJ (=) feod) (e O I @ (2] (0] (1)
@E]@E@E]@E]@ x0) (F DB E

Math

!
>

Fixl
| ﬁT =J.al
2|0.3306| -U-al
l0.66131 -U-al

Quan st bang gid tri cia F (X)) ta thay f(max)= f (3.9683)~5.10"
F: Math
] Finl
Eﬁé Y. T4al
219:F |Ua 9-1al
Y. 2991 4. Bal
SaFESTETEEE

1
Dav 13 1 oid tri ~ Ay m>
ay la 1 gia tri 2017 vay

¢ Cach tham khao : Ty luan

12
13
u

= Pép an chinh xacla C
2017

—Sin X —Cos X g (x)
20172
* Theo bat dang thiee Bunhiacopxki thi
(—sinx—cosx)’ < ((—1)2 +(-2)° )(sin2 X+C0s” X) = 2

= Tinh dao ham y':cosx+sinx+2017\/§m. y'>0<m>
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—J/2 <(—sin X—C0SX) <~/2

<t
2017\/ 20172
J2 1

f (x) dat gia tri 16n nhat I = —=m> f(max)= ——
() dat gid tri 16n nht 1 20172 2017 (max) 2017

+» Binh luan:

e Vichu ki ctia ham sinx,cosx 1a 2z nén ngoai thiét 1ap Start 0 End 27 thi ta c6 thé
thiét 1ap Start -z End -7«

e Neéu chi xuat hién ham tan x, cot x ma hai ham nay tuan hoan theo chu ki 7 thi ta

c6 thé thiét lap Start 0 End 7 Step %

VD5-[Thi thit chuyén Tran Phti — Hai Phong Ian 1 ndm 2017]
Tim m d&ham s3 y = x®+3x* + mx+m nghich bién trén doan c6 d6 dai ding bang 2.
A. m=0 B. m<3 Cm=2 D. m>3
GIAI
+ Cach1:CASIO
> Tinh y'=3x*+6x*+m
Ta nhd cong thire tinh nhanh “Néu ham bac 3 nghich bién trén doan c6 d¢ dai bé“mg
a thi phuong trinh dao ham c6 hai nghiém va hiéu hai nghiém béng a”
Vi a la mét s6 xac dinh thi m ciing la 1 s8 xac dinh cht khong thé la khoang =
Dép s6 phaila A hodc C.
Véi m=0 phuong trinh dao ham 3x* +6x=0 c6 hai nghiém phan biét {X = va

khoang cach gitta chiing bang 2
= Ddp an A la chinh xac
¢ Cach tham khao : Tw luan
= Tinh y'=3x*+6x’+m. D& ham s6 nghich bién trén doan c6 dd dai bang 2 thi

phuong trinh dao ham ¢6 2 nghiém X, X, va [ —%,|=0
X +X, =-2
» Theo Vi-et ta co m
XX, :E
= Gidi | x| =2 (% %) =4 (% +%,) —dxx, =4

4—4?m_4<:>m 0

BAI TAP TU LUYE

Bai 1-[Thi thit chuyén KHTN -HN I4n 2 nim 2017]
Cho ham s8 y=—x*+2x*+1 . Ménh dén nao dudi day ding ?
A. Ham s8 dong bién trén khoang (— o; —1)

+aoc
+oc)

B. Ham s6 dong bién trén khoang (— o
C. Ham s6 dong bién trén khoang (O,
D. Ham s6 dong bién trén khoang (Z;
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Bai 2-[Thi th@ bao Toan hoc tudi tré Ian 3 nim 2017]
Trong cac hang sO sau, hay chi ra ham s0 giam (nghich bién) trén R

I e

Bai 3-[Thi Hoc sinh gidi tinh Ninh Binh nam 2017]

4 A? \ A m _1 X +1 A oA A \ 2
Tim cac gia tri thyre ctia tham s6 m dé ham s6 y = (2—) dong bién trén ting khoang
X+m
xac dinh
-1
A. m<2 B. {”“ C. m#2 D. -1<m<2
m>2

Bai 4-[Thi thit chuyén Ha Long - Quang Ninh 1an 1 nam 2017]

n 7 .7 . 2 A A1 N A m_SinX . A A » T
Tim cac gia tri thiee cia tham s6 m dé ham s6 y = ——— nghich bién trén khoang [0; Ej
COos™ X

A ms2 B. m<> C.m<> D.m>2
2 2 4 4

Bai 5-[Thi thtt chuyén Vi Thanh - Hiu Giang l4n 1 nam 2017]
Tim tat ca céc gia tri thiee cia tham s6 m sao cho ham s8 y = 2sin® x—3sin® X+ msin x dong

bién trén khoang (0; %J

A. m>0 B. m<> C.m>3 D.m>2
2 2 2

Bai 6-[Thi thtt chuyén Luwong Vin Tuy lan 1 nim 2017]
Tim m dé€ham s§ y =mx’—x*+3x+m—2 dong bién trén khoang (-3;0) ?

A.m=0 B. m=+1 C.3m=+1 D. m=1
Bai 7-[Thi th THPT Bdo Lam — Lam D‘f)ng Ian 1 nam 2017]

X

Tim tat ca gia tri thwc cta tham s& m sao cho ham s& y:% déng bién trong
e —m
, 1
khoang (IHZ;OJ
A. me[-1;2] B. me[—%;ﬂ C. me(L2) D. me[—%;ﬂu[lﬂ)

Bai 8-[Thi thit chuyén Tran Phti — Hai Phong 1an 1 nim 2017]
Tim t4t ca cac gid tri thue m dé€ ham s6 y =2x°+3(m-1)x* +6(m—2)x+3 nghich bién trén

khoang c6 d¢ dai 1én hon 3.

m > 6
A[ B. m>6 C. m<0 D. m=9
m<0

LOI GIAI BAI TAP TU LUYE
Bai 1-[Thi thit chuyén KHTN -HN I4n 2 nim 2017]
Cho ham s6 y =—x*+2x* +1 . Ménh dén nao dudi day dung ?

A. Ham s dong bién trén khoang (- o;—1)
B. Ham s6 dong bién trén khoang (—oc;0)
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C. Ham s6 dong bién trén khoang (0;+ o)
D. Ham s8 dong bién trén khoang (1;+ o)
Huéng dan giai
Giai bat phwong trinh dao ham véi 1énh MODE 5 INEQ

®DREREEHNE0EREUESE
AsAsBaAil

Ai-la.04051
RG rang ham s& dong bién trén mién (—oc;—1) va (0;1) = Déap s6 chinh xacla A
Bai 2-[Thi thtt bao Toan hoc tudi tré Ian 3 nam 2017]
Trong cac hang sd sau, hay chi ra ham sd giam (nghich bién) trén R

S )

Hudéng dan giai
Ham s0 ngich bién trén R tic la ludén giam

Kiém tra tinh nghich bién y = (gj ctia ham véi chitc ndang MODE 7 Start -9 End 10 Step 1

o D B e @ OB MNPBEmONEEEDE0DEIE
e | F 57

0. 6b03
-g|0.6314
=110. 12Ul

Ta thdy f(x) ludn ting = A sai

Tuong ty nhw vay , véi ham y = (ij ta thdy f(x) ludn giam = Dap an chinh xacla D

22

@@@@@@@@E]@E]E]@E]

F] Math
Frnl
| ﬁ-— I 1585
- -] Ubae
E | =Tl 14ul. |

Bai 3-[Thi Hoc sinh gidi tinh Ninh Binh nam 2017]

m-1)x+1
Tim cac gia tri thye ctia tham s6 m d€ ham s6 y = % dong bién trén tirng khoang
+
xac dinh
A m<2 B. {"“_1 C. m#2 D. -1<m<2
m>2
Hudng dan giai
P (3-Dx+1 .
Chon m=-3 . Khao satham y =-~——-+—— v0i chitc nang MODE 7

E]@E]E]E]@@E]@E]E]E]@
BHOOEOE
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e

F]
Finl
-0.333

E |

=1

Ta thay ham s0 lac tang ltc giam = m=-3 sai = A, B, C déu sai
= Dap s6 chinh xacla D

Chu y : Viéc chon m khéo 1éo sé rut ngan qud trinh thir ddp én
Bai 4-[Thi th&t chuyén Ha Long — Quang Ninh Ian 1 nim 2017]

Tim céc gia tri thueec ctia tham s6 m dé€ ham s6 y = m _Szm X nghich bién trén khoang [O; %j
COS™ X
A.mzE B.ms§ C.msE D.sz
2 2 4 4
Hudng dan giai
TR 3-sinx . ..,
Chon m=3 .Khao sat ham y = >— VOi chitc nang MODE 7
C

S™ X
(stiFr) (wooe) (4] ong) (7] (B (3] (=] (sin) (p) O O & ey (e O OJ (3 (=) (=) (0] (=)
(o) 10 (=] (6] (=) ) [x107) () (6] (2 (10 (0] (&

F Math
I'FI":"'I:‘IT F g
1 -

c« 3905
0. 3582 3. 0207
0. 3858

3. 0565
0. 35059539535

13
Iy
15

Ta thdy ham s0 lac tang lac giam = m=3 sai = A, D déu sai
Chon m=1.3 . Khao sat ham y = % v0i chitc nang MODE 7

fwooe) (7] (&) (1) (=] (3] (=) (sin) (i) 5] O) @ [eod) () O OJ (23 (=) (=) (0] (=) ey
k9 ) (6) &) e (0] (H (6] I W ) &

F]

Fixa
| ] 1.3
2| 0.0275] 12734
31 0.055111.24B1

Ta thdy ham s6 lu6n = m=1.3 ding = B la d4p s6 chinh xac (Pap 4n C khong chira 1.3
neén sai)

Bai 5-[Thi thit chuyén Vi Thanh - Hiu Giang Ian 1 ndm 2017]
Tim tat ca cac gia tri thiee cia tham s6 m sao cho ham s§ y = 2sin® x—3sin® X+ msin x dong

bién trén khoang (0; %j

A. m>0 B.m<E C.m2§ D.m>§
2 2 2
Hudng dan giai
Chon m=5 . Khao s4t ham y =2sin® x—3sin® x+5sin x vdi chttc nding MODE 7

frong) (7] (2] (sin) (i) O] O] (29 (3] & (=) (3] (sin]) (wrw) ) O (o3 (= (8] (sin) (i) O
03 E 0 E [ ke (& (2) & A &) (5 (2) 0 E
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S L W PR ¥ W F S N St R g A LA I R U LA AR FATSA S FIY SR AL AR TR LI 4 IF S LIRLEL FANF RSP LN J o

F]

Frnl
| ] 1]
2| O« I157]-0.8U"1
031Ul I=-1.112

Ta thay ham s6 luon giam = m=-5 sai = B sai
Chon m=1 . Khao sat ham y = 2sin® x—3sin® x+sin x vdi chttc ning MODE 7

EORPREEPEEDDE

Frnl
| ] 1]
2| O« 157|0.0906
Ji0.314110.0B15

Ta thdy ham s0 lac tang lac giam = m=1 sai = A sai

Chon m :g . Khao sat ham y = 2sin® x—3sin’ X+gsin X véi chite ndng MODE 7

MNELxMREFHBNEEEEE

F]

Fixd
| ] 1]
2| O« 157|0. IGEE
Ji0.314ll O.236

Ta thady ham s6 luon tang = m= g ding = Csai

Bai 6-[Thi thit chuyén Lwong Vin Tuy lan 1 nim 2017]
Tim m dé€ham s§ y =mx® —x*+3x+m—2 dong bién trén khoang (-3;0) ?
A. m=0 B. m=+1 C.3m=+1 D. m=1
Hudéng dan giai
Tinh dao ham y'=3mx’ —2x+3 : Ham s0 dong bién
< 3MX* -2x+3>0< m> 2;(_23: f(x)
X
Vay m> f (max) trén mién (-3;0) . Tim f (max) bang lénh MODE 7

@E]@@@E]E]E]@@@@@E]E]

e

-« BUZ
-c. BEU

F] Math
Frhl
-0.333
-0. 358
-0.381

Ta thay f(max)= 0.3333...=% = m 2% sai = D la dap s6 chinh xac

Bai 7-[Thi thit THPT Bao Ldm — LAm Dong lan 1 nam 2017]

g 2 .7 . 2 ~” \ A - - 2 AN . A
Tim tat ca gia tri thyec cta tham s6 m sao cho ham so yz% dong bién trong
e —m
, 1
khoang [InZ;Oj
A. me[-1;2] B. me[—%;ﬂ C. me(L2) D. me[—%;ﬂu[LZ)
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Hudng dan giai
Chon m=1.Khao satham y = € :11_22
e —

fwoog) (7)) (=) (i) (x10 (%) (i) O & (=) (1] (=) (2) O (aees) (x10) (o) () O] & (=)
-@@@EE@-@@@B@EE}@-E}E@@

v6i chitc ndang MODE 7

FIIHII
Iﬂlﬁﬂ-F 3. BBEE
gl=1.313]|3. 1356
3l -l.24l J.HIYU

-1.3535529435451
Ta thdy ham s6 ludn tang trén = m=1 nhan = A, D c¢6 thé dung
e —(-1)-2
e’ —(-1)
%%@@@@B@@@@@@@B@@@

ﬁ FIIH:I

o, '."E';'IE-EEIE-i 11

Chon m=-1.Khao satham y= v0i chitc nang MODE 7

Ta thdy ham s& luon khong ddi (ham hang) = m=-1 loai = A sai va D la dap s8 chinh
Xac

Bai 8-[Thi th&t chuyén Tran Phu — Hai Phong 1an 1 nim 2017]

Tim t4t ca cac gid tri thue m dé€ham s6 y=2x°+3(m-1)x*+6(m—2)x+3 nghich bién trén

khoang c6 d¢ dai 16n hon 3.

m>6
A[ B. m>6 C. m<0 D. m=9
m<0
Hudéng dan giai
+X,=1-m
Tinh y'=6x’+6(m—-1)x+6(m—2) . Theo Vi-et ta ¢ : {Xl ?
XX, =m-—2

Khoang nghich bién 16n hon 3 =[x —X,| >3 (% —%,) >9 & (% +%,)’ —4xx,~9>0
< (1-m) -4(m-2)-9>0
St dung MODE 7 véi Start —3 End 10 Step 1 d€ giai bat phuwong trinh trén

RO ODEmNDNEC0mIEn0EnEEEE
SlalulS[a[S

F]

] Fixd ] Frnl
E | = 1 g -5
y ] 1] 10 D 1]
5 I -5 N 1 1

m>6
Ta nhan duwoc {m -0 = A la dap s6 chinh xac
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PHUONG PHAP CASIO - VINACAL

BAI 3. CU’C TRI HAM SO.

1) KIEN THUC NEN TANG

1.Diém cuc dai, cuc tiéu : Ham s6 f lién tuc trén (a;b) chita diém x, va c6 dao ham trén
cac khoang (a;X,) va (X,;b) . Khido:

Néu f'(x,) d6i ddu tir &m sang duong khi x qua diém x, thi ham s& dat cuc tiéu tai diém
XO

Néu f'(x,) ddi dau tir duong sang &m khi x qua di€ém X, thi ham s& dat cyec dai tai diém
XO

2.Lénh Casio tinh dao ham

2) VI DU MINH HOA

VD1-[Thi tht chuyén KHTN -HN I4n 2 ndm 2017]
Cho ham s& y =(x —5)3’/X_2 . Ménh dé nao sau day dung ?
A. Ham s6 dat cuc tiéu tai x=1
B. Ham sO dat cuc tiéu tai x=2
C. Ham s0 dat cuee tiéu tai x=0
D. Ham s6 khong c6 cuec tiéu
Hudng dan giai
% Cach1:CASIO
» DEkiém tra dap an A ta tinh dao ham ctia y tai x=1 (tiép tuc man hinh Casio dang
dung)
@ E

[F| Math &

o
3 (x5 TE )| b
1. BEBEEEEET

Ta thdy dao ham y'(1)#0 vay déap s6 A sai
» Tuong tw v6i dap an B (ti€p tuc man hinh Casio dang dung)

@@@@E Math &

A [ pyogy SE
A [ x-5) T2 )| b
0
Ta thdy y'(2)=0 . Day la diéu kién can d€ x =2 la diém cyc tiéu ctia ham s6 y

Kiém tra y'(2-0.1)=-0.1345... <0

eHUEHDE

Math &

3
3 [e-m TRZ | o
0. 1345646179

Kiém tra y'(2+0.1) =0.1301...>0
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SUSHENENEEE T E S

Math &

3 [ -5 TZ )
Sl w-m T )| p
0. 1301494443
Tom lai f'(2)=0 va ddu cua y' d6i tlt — sang + vay ham s6 y dat cuc tiéu tai
X=2
= Ddap an B la chinh xac
+» Cach tham khao : Tw luan

* Tinh dao ham:: y'=§/x_2+(x_5)_§ 1 :3X+2(X_5):5(X_2)

xo 3x 3Yx

= Tacd y'=0=5(x-2)=0<x=0

Y>>0

Xx—2>0

5(X—2) x>0 X> 2
>0 =

33x {x—2<0

x<0

x<0

y'<0&=0<x<?2
Vay y'(2)=0 va y' doi dau tir am sang duong qua diém x =2
% Binh ludn:
e Trong céac bai toan tinh dao ham phttc tap thi cach Casio cang té ra c6 hiéu qua vi
tranh dwoc nham 1an khi tinh dao ham va xét ddu cua dao ham.
VD2-[Thi th&t bao Toan hoc tudi tré [an 3 nam 2017]
Vi gid tri nguyén nao ctia k thiham s6 y =kx* +(4k —=5)x* +2017 ¢4 3 cuc tri
A k=1 B. k=2 C. k=3 D. k=4
Hudéng dan giai
% Cach1:CASIO
» Tinh dao ham y'=4kx’ +2(4k —5)x
Ta hiéu : BPé ham s6 y ¢6 3 cyc tri thi y'=0 c6 3 nghiém phan biét (khi d6 duong
nhién sé khong c6 nghiém kép nao)
Ta chi can giai phuong trinh bac 3 : 4k +2(4k-5)x=0 véi
a=4k,b=0,c=8k-10,d =0 . D€ lam viéc nay ta st dung mdy tinh Casio v4i chtrc
nang giai phuong trinh bac 3 : MODE 5
» Tht dap an A véi k=1

g (5 AEONEEEHUNOOEOEE

F:] Math¥ [F] Math Wik
= =
dE _AE
z =
F] Math A

AS=

Ta thu dwoc 3 nghiém X, = =——% =0

0
. 2
FEary
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= Dap an A la chinh xac
¢ Cach tham khao : Ty luan
= Tinh dao ham y'=4kx’ +2(4k —5)x
* Ta hiéu: Dé ham y c6 3 cyc tri thi y'=0 c6 3 nghiém phan biét (khi d6 duong
nhién sé khong cé nghiém kép nao)
x=0
4kx* —(10-8k)=0 (2)
D€ y'=0 ¢ 3 nghiém phan biét thi phwong trinh (2) ¢6 2 nghiém phan biét khac 0
2= 18-8k

= y'=0<4kC +2(4k-5)x=0<

>0=0<k<?2

Vay k =1 thoéa man

+«¢ Binh luan:

e Dao ham la phuong trinh béac 3 ¢6 dang ax’ +bx* +cx+d =0 (a#0) néu c6 3 nghiém
thi sé tach dwoc thanh a(x—x,)(X—X,)(X—X;)=0 nén vé trdi ludén d6i ddu qua cac
nghiém. = C6 3 cuc tri
Tuy nhién néu dao ham la phuong trinh bac 3 chi ¢é 2 nghiém thi sé tach thanh
a(x—xi)(x—xz)2 =0 va sé c6 1 nghiém kép. = ¢6 1 cuc tri
Mo rong thém : néu dao ham la 1 phwong trinh bac 3 ¢6 1 nghiém thi chi d6i dau 1
lan = c6 1 cuec tri

VD3-[Thi thit THPT Kim Lién — Ha N6i Idn 1 ndm 2017]
S6 diém cuc tri cia ham s6 y = |X|3 —4x* +3 bang :
A.2 B. 0 C.3 D. 4
Hudéng dan giai
s Cach1:T.CASIO
> Tinh dao ham chira dau gia tri tuyét doi

3 1
(|x|3)'=[(«/x_z)s]:{(xz)z}‘zg(xz)z.2x:3x|x|
Vay y'= (|x|3 —4x? +3)' =3x|x|-8x
> S0 diém cyec tri twong tng voi s6 nghiém cua phuong trinh y'=0 . Ta si dung

chitc nang MODE 7 d€ do nghiém va su d6i dau cua y' qua nghiém.

fwoog (7] (3] () O (swe) foye) (et OJ @ (=) (8) (e O] E) (B (=) (8] (=) (1]
OO

Math F| Math
by FiRl " F il
B - -1B g = 5
1 -3 1] ] 0
| - y 11 | -5
-3 (N
Fi
Finl
12 ﬁ-’ -4
13 | |
Iy | 1B

Ta thdy y' d6i dau 3 lan = Co6 3 cuc tri
= Dap an C la chinh xac
VD4-[Khdo sat chat lugng chuyén Lam Son — Thanh Héa ndm 2017]
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Tim tat cac cdc gia tri thuc cia m dé ham s6 y = x° —3mx’ +3(m2 —1) X—3m? +5 dat cuc dai

tai x=1
A" B. m=2 C. m=1 D. m=0
m=2
Huéng dan giai
% Cach1:CASIO
» Kiém tra khi m=0 thi ham s c6 dat cyc dai tai x=1 khong.

) (= @ P e EEE I EHE®RE

Math &

(43 -geB)|

0
*eEHDUAE

Math &

(WS-, b
=7
100

SUCHENENENEE TR

Math &

(WS-, b
(=35

100
Vay y' déi ddu tir am sang dwong qua gia tri x=1 = m=0 loai = Dap 4n A hodc
D sai
» Tuong ty kiém tra khi m=2

& ([P EeEEE @ HEEIED®E

Math &

(Y3 -EHEGHT b

I
@HOMLOE

(43 GHZagH-T b
&3
100

SUCHCHUCHONNEINE

Math &

(4B g+ b

100
Ta thdy y' d6i dau tir dwong sang am = ham y dat cyc dai tai x=1 = Dap an B
chinh xac
¢ Cach tham khao : Ty luan
* Tinh dao ham : y'=3x* —6mx+3(m*-1)

, X=m-1
= Taco y':O<:>[
X=m+1

m=0

m-1=1 m=2
=
m+1=1

biéu kién can : x=1 la nghiém ctua phwong trinh y'=0< {
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= Thitlai véi m=2 khi dé y'=3x"-12x+9 .

'—0 x=1
=0
y x=3

{x >3
y'>0< va y'<0&e=1l<x<3
x<1
Vay y' doi ddu tir duwong sang am qua diém x=1 = Ham y dat cyc dai tai x=1

+¢ Binh luan:

e Viéc chon gia tri m mot cach khéo 1éo sé gitip chiing ta rit ngan qua trinh chon dé

tim dap an dang.
VD5-[Thi Hoc sinh gidi tinh Ninh Binh nam 2017]
Cho ham s y=asinx+bcosx+x (0<x<2r) dat cuc dai tai cac diém X:% va X=7 .

Tinh gia tri cta biéu thtee T =a+ b/3
A. T=23 B. T=33+1 C.T=2 D.T=4
Huéng dan giai
s Cach1:T.CASIO
» Tinh dao ham y'=(asinx+bcosx+x)'=acosx—bsinx+1

B3

Ham s6 dat cuyc tri tai x:%:acosg—bsin%+1:0<:>%a—7b+l:0 (1)

Ham so dat cuwee tri tai X:%: acosz—bsinz+1=0< -a-0b+1=0 (2)

T (2) tacd a=1.Thévao (1) = b=+3
Vay T =a+by/3=4 = Dap an D la chinh xac
VD6-[Thi thit chuyén Ha Long — Quang Ninh 1an 1 nim 2017]
Viét phuong trinh duong thang di qua hai diém cuc tri cia &6 thi ham s&

y:%x3—2x2+3x

A. 2x+3y+9=0 B. 2x+3y—-6=0 C. 2x-3y+9=0 D.
—-2X+3y+6=0
Hudng dan giai
% Cach1:CASIO
> Goi 2 diém cuc tri caia d6 thila A(x;Y;),B(X,;Y,) . Ta khong quan tam dau la diém
cuc dai, dau la diém cyec tiéu. Chiing ta chi can biét duwong thang can tim sé di qua 2
diém cuc tri trén.
X;X, la nghiém ctia phuong trinh y'=0 . D€ tim 2 nghiém nay ta st dung chttc
ndng giai phuwong trinh bac 2 MODE

@@@EBMQ@@@@
h1=

3

[F| MathWik

hZ=
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X/
L X4

7
°e

Ta tim duwogc x, =3;x, =1
Dé tim y,;y, ta st dung chirc ndng gan gia tri CALC

EH®E® M) B = (2] MW O] @) ([ &) fm O] k) (3]
B

Math &

SHE =243

I
Khi x=3 thi y=0 vay A(3,0)
L&
1 [P Math &
SR =T +TR
4
5

Khi x=1 thi y:g vay B(l;gj

Ta thdy duong thang 2x+3y-6=0diqua A va B = Dap an chinh xac 1a B

Cach tham khao : Ty luan

Phuong trinh duong thang di qua 2 diém cyc tri 1a phan dw ctia phép chia y cho
y'

Tinh y'=x*-4x+3

Thuc hién phép chia duoc : 1x3—2x2 +3x=(lx—gj(x2 —4x+3)—gx—2
3 3 3 3

Vay phuong trinh can tim c6 dang y = —§x+ 2<2x+3y-6=0

Binh luan :
Cach Casio c6 vé hoi dai hon nhung lai c6 vu diém tranh phai thyc hién phép chia
y cho y'.

BAI TAP TU LUYE
Bai 1-[Thi thit bao Toan hoc tudi tré Ian 4 nim 2017]
Ham s6 y = x*+x* +1 dat cuec tiéu tai :

A. x=-1 B. x=1 C. x=0 D. x=-2
Bai 2-[Thi th&t THPT Yén Thé - Bac Giang lan 1 nam 2017]
Gid tri cia m d€ham s& y =—x>—2x* + mx+2m dat cuc tidu tai x=-11a:

A. m<-1 B. m=-1 C. m=-1 D. m>-1
Bai 3-[Dé minh hoa thi THPT Qudc Gian Ian 1 nam 2017]
Tim gi4 tri cyc dai ctia ham s8 y = x* —3x+2

A. 4 B.1 C.0 D. -1
Bai 4-[Thi HK1 THPT Chu Van An - Ha N6i nim 2017]
D5 thi ham s8 y =e*(x* ~3x—5) c6 bao nhiéu diém cuec trj ?

A. 1 B. 0 C.2 D. 3

Bai 5-[Thi HK1 THPT Viét Ptrcc - Ha N¢i nam 2017]
Ham s8 y =[x’ —x? +4 c6 tit ca bao nhiéu diém cuc tri

A.2 B.1 C.3 D. 0
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Bai 6-[Khao sat chit lwgng chuyén Lam Son — Thanh Héa nam 2017]
Cho ham s6 y=f(x) c6 dao ham f '(X):x(x—1)2(2x+3) . 56 diém cuec tri cua ham sd
y="f(x)la:

A.2 B. 3 C.1 D. 0
Bai 7-[Thi thtt bao Toan hoc tudi tré Ian 3 nam 2017]
Cho ham s6 y=(x—1)(x+ 2)2 . Trung diém ctia doan thang ndi hai diém cuc tri ctia d6 thi
ham s6 nam trén duong thang nao dudi day.
Bai 8-[Thi thit chuyén Vi Thanh — Hau Giang Ian 1 nam 2017]
Tim t4t ca cdc gid tri thyc ctia tham s6 m sao cho ham s y = x* —3x* +mx ¢4 2 diém cuec tri
trai dau .

A. m<0 B. O0<m<3 C. m<3 D. Khong c6 m
thoa
Bai 9-[Thi HK1 THPT Chu Van An - Ha Noi nam 2017]
Tim tat ca cdc gia tri thuc cia tham s6 m dé ham s§ y=mx* +(m-1)x*+2 c6 dung 1 cuc
dai va khong ¢ cuc tiéu

m<0

A. m<1 B. C. m<0 D. m>1

m>1
Bai 10-[Thi thtt chuyén KHTN -HN I4n 2 nidm 2017]
Tim tap hop tat ca cac tham s m d& & thi ham s8 y=x*+x> +mx—-m—2 ¢4 2 cyc trj nam
& hai ntrta mat phang khéc nhau véi bo 1a truc hoanh
A. (—oc;O) B. (— oc;—l)\{—S} C.(— oc;O] D. (— oc;l)\{—S}

LOI GIAI BAI TAP TU LUYE

Bai 1-[Thi thiét bio Toan hoc tudi tré Ian 4 nam 2017]
Ham s6 y =x*+x*+1 dat cuc ti€u tai:
A x=-1 B. x=1 C. x=0 D. x=-2

Hudng dan giai

Ngoai cach tht [an lwot ting dap an dé 1dy két qua. Néu ta ap dung mot chut tw duy thi
phép thiz sé dién ra nhanh hon. Db thi ham bac 4 d6i xtrng nhau qua truc tung. Néu ham
sO dat cyee ti€u tai x =—1 thi sé dat cuc tiéu tai x=1. = Dap an A va B loai vi ta chi duoc
chon 1 dap an.

Thtt voi x=0

(suer) (=) () D) (29 (A & (H () DI (@A B I @@ EHO0EOE
SOIOIOIOIOE NS

Math & Math & Math &

e v as RSN I - E a1 g ot VI
=1 =1
I T Z50 Z50
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Ta thay f'(0)=0, f'(x) ddi dau tir am sang dwong = x=-1 la cuc tifu =Dé&p an C
chinh xac

Bai 2-[Thi th&t THPT Yén Thé - Bac Giang Ian 1 nam 2017]
Gié tri cia m d&ham sd y=—x°—2x*+mx+2m dat cuc tiéu tai x=—-11a:
A. m<-1 B. m#-1 C.m=-1 D. m>-1
Hudng dan giai
Thtt dap an, wu tién tht gid tri xdc dinh trudc. Véi dap an C khi m=-1

=y=-X-2x"—x-2

Er) (B S ) D EIEHR) e O EH ) ERIeEME
SHLUUIUESSSOSEHE

E[—}:S—EHE K2 b aal AT 72 Eb 2 (-%3- 72 Eb
1 1Dn 1Dn

Ta thdy f'(-1)=0, f'(x) d6i ddu tir &m sang duong = x=-1 la cyc tiéu =Dap an C
chinh xac
Bai 3-[Pé minh hoa thi THPT Quéc Gian Ian 1 nim 2017]
Tim gi4 tri cec dai ctia ham s8 y = x* —3x+2
A. 4 B. 1 C.0 D. -1
Hudng dan giai
x=-1

Tinh y'=3x*-3 . Tim di€ém cuc dai cia ham s6 la nghiém phuong trinh y'=0 < [x 1

Khao sat si d8i ddu qua diém cuc tri x=—1 bang cach tinh f '(-1-0.1) va f'(-1+0.1)

() (B S ) D@ EE R O EH =R =M E
SHLUUUES®SSOSEHE

Math & Math &

(S ge )], b (-3, b
&3 57
100 100

Ta thay f'(x) d6id4u tir dwong sang &m = x =-1 la diém cuc dai ctia ham s6
Gié tri cuc dai f(-1)=(-1)’~3(~1)+2=4 =Dap an chinh xacla A chinh xac

Bai 4-[Thi HK1 THPT Chu Van An - Ha N0i nam 2017]
D0 thi ham s y =¢* (X2 —-3x —5) c6 bao nhiéu diém cuc tri ?
A. 1 B. 0 C. 2 D. 3
Hudng dan giai
Tinh y'=e"(x* ~3x—5)+e*(2x-3)

Dung MODE 7 dé tim diém cuec tri va khao sat sy d6i dau qua diém cuc tri
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(o) (7] (k) (x109) (=) (el O =@ =05
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Fi] Fi]
el ] g
1 O. 193] E -4 17
B —al -maan I ylaig.3s

Ta thdy f'(x) d6i d4u2lan = Ham s c6 hai diém cuyc tri
=Dap an chinh xac la A chinh xac

Bai 5-[Thi HK1 THPT Viét Ptic — Ha Néi nam 2017]
Ham s6 y = |X|3 —x%+4 cb tat ca bao nhiéu diém cuc tri
A.2 B.1 C.3 D. 0
Hudng dan giai
x=0

Tinh y'=3x|x|-2x . y'=0< . Duing MODE 7 véi thiét 1ap sao cho X chay qua 3

x=t2
3

gia tri nay ta sé khao sat duoc sy do6i ddu cua y'

fioog (7] (3] () O] (sarn) fye) (i) OJ @ (=) 2) (e I E) (=1 00 B (=) 2) E) (2]
EO0EEE

F] F] Math F:| Math
o * P81 6l -n"333 | of 3553 ol g Bl
H|-0, BEB 0 1 o s e ol M-
Bl-0.333|0.3333 gl0.3333|-p.333 I | |
=0, SESESSSS55T O O, SSSSS5555 7T

Ta thdy f'(x) d6i ddu 3 Tan = Dap an chinh xac 1a C chinh xac
Bai 6-[Khao sat chat lwong chuyén Lam Son — Thanh Héa nidm 2017]
Cho ham s6 y= f(x) c6 dao ham f '(X)=X(X—1)2(2X+3) . S0 diém cuc tri cia ham so&
y="f(x)la:
A.2 B.3 C.1 D. 0
Huéng dan giai

Tinh y'=0<|x=1 .Dung MODE 7 vdi thiét 1ap sao cho X chay qua 3 gia tri nay ta sé

khao sat dwoc sy d6i dau cta y'

frong) (7] (i) O] (J e ) = D D (@A DRI B ENEEEHRE

DOUEEO0MHEREE
g | Fo | g R |
2l -1,15(6.E171 8| 0,25 |-0. 37
3 : 0 g - 0
ul -1.251-3. 154 1ol 0. 25/0.uszl
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Ta thay f'(x) d6i ddu 2 Ian =Dap an chinh xac 1a A chinh xéac

v

Cht ¥ : Néu quan sat tinh t€ thi ta thay ngay (x—1)° 1a lity thita bac chn nén y' khong
d6i ddu qua x=1 ma chi d6i ddu qua hai iy thtra bac 1é x (hi€u la x*) va 2x+3 (hiéu la
(2x+3))

Bai 7-[Thi thtt bado Toan hoc tudi tré Ian 3 nam 2017]
Cho ham s6 y =(x—1)(x+ 2)2 . Trung diém ctia doan thang ndi hai diém cuec tri ctia d6 thi
ham s ndm trén duong thang nao dudi day.

A 2x-y-4=0 B. 2x-y+4=0 C. 2x+y+4=0 D. 2x+y-4=0
Hudng dan giai
Ham s6 6 dang y=(x-1)(x+2)°<y=x"+3x*-4 C6 dao ham y'=3x*+6x

X=-2 {yzo
=

l=0
y C{x=0 y=4

Vay d6 thi ham s& c6 hai diém cyc tri M (=2;0),N(0;4) . Trung diém cta hai diém cuec tri
nay 1a I (-12) . Diém nay thudc duong thang 2x+y+4=0 = Dap s6 chinh xac la B

Bai 8-[Thi thit chuyén Vi Thanh - Hiu Giang lan 1 ndm 2017]
Tim tat ca cac gia tri thirc ciia tham s6 m sao cho ham s6 y = x* —3x* +mx ¢4 2 diém cyec tri
trai dau .

A. m<0 B. O0<m<3 C. m<3 D. Khong c6 m
thoa
Hudéng dan giai

Tinh y'=3x’-6x+m . D& ham s6 c6 2 diém cuyec tri trai dau thi phwong trinh y'=0 ¢4 hai
- A A A &) ~ /4 . - A \ AN m /4 /4
nghiém phan biét trai dau = Tich hai nghiém la s6 am <:>§< 0o m<0 =bap an

chinh xac la A chinh xac
Cha y : Néu quén dinh 1y Vi-et ta c¢6 thé dung phép thir. Vi dap an A chon m=-5 chang
han sé thay ludn y'=0 c6 hai nghiém phan biét va hai nghiém nay d6i dau.
Bai 9-[Thi HK1 THPT Chu Van An - Ha Noi nam 2017]
Tim t4t ca cdc gia tri thue ctia tham s6 m d€ ham s§ y=mx*+(m-1)x*+2 c6 dtng 1 cuc

dai va khong ¢ cuc tiéu
m<0

A. m<1 B. C. m<0 D. m>1
m>1

Hudng dan giai
Tinh y'=4mx’+2(m-1)x . D& ham s6 ¢4 dung 1 cuc dai va khong ¢6 cuc ti€u thl y'=0 ¢6

dung 1 nghiém va y'(x) d6i ddu tir dwong sang 4m qua diém do.
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Chon m=-5 . Dung MODE 7 tinh nghiém y'=0 va khao sat sy d6i ddu ctia y'(x)

oo (7 (4] X ([ FH B O] ) DI B0 FH 2 A EE =0 0w O

EEHOEMOOOEME
" FiH? et
1 0| i
11 | -3

Ta thay f'(x) d6i d4u 1 Ian tir duong sang am= m=-5 thoa = Dap an dung c6 thé'la A,
B, C

Chon m=5 . Dung MODE 7 tinh nghiém y'=0 va khao sat sw d6i dau cua y'(x)

EEOCOHOEOEEEOE®O®OHEEDEE

] Fixl
|
I _q |

Ta thdy f'(x) d6iddu 1lan tir &m sang dwong= m=5 loai = Dé4p an B sai
Chon m=0.5 . Duing MODE 7 tinh nghiém y'=0 va khao sat sy ddi dau cua y'(X)

gg(:NZDC)ED[:]C]CDCZNZDC)CDCZNZDC)C:H:]E]E][:H:H:JE]

Math

F]
] Frnl

Ta thdy f'(x) d6i dau 1lan tir dwong sang am= m=0.5 thoa = Dap an A chinh xéc

Bai 10-[Thi thit chuyén KHTN —-HN Ian 2 ndm 2017]
Tim tap hop tat ca cdc tham s6 m d€ d6 thi ham s y = x* +x* +mx—m—2 6 2 cyc tri nam
& hai ntta mat phang khac nhau véi bo 1a truc hoanh

A. (-;0) B. (- oc;-1)\{-5} C.(- 0] D. (- 51)\{-5}
Hudng dan giai
Tinh y'=3x*+2x+m . D& ham s6 ¢4 dung 2 cwc dai thi y'=0 cé 2 nghiém phan biét

<:>A':1—3m>0<:>m<% — Ca 4 dép 4n déu thoa

Chon m=-5 . Ham s& c¢6 dang y = x*+ x? —5x+3. Tinh hai diém cuc tri ciia ham s& bang

lénh giai phuwong trinh MODE 5

MQ@@@QEB@@@@EMM
W= hZ=

=

1 =]
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T dosuyra f(x)="f(1)=0;f(x,)= (‘2)2%
KOHREERE KOREEReD
=255
0 ZT

Dé hai cuc tri nam vé hai phia truc hoanh thi f (x)f(x,)<0.=m=-5loai = B hodcD
o thé dung.

= Chon m=0 . Ham s8 ¢ dang y=x’+x*—2. Tinh hai diém cuc tri cia ham s6 bang 1énh

giai phwong trinh MODE 5
e (5REEER2E0EEE
A1= hz=
ps
5 I
T dosuyra f( (—%j =f(0)=-2
::{3+::l::2 _E [P Math & ::{3+::l::2 _E [P Math &
=0
Z7 -2

= D& hai cuee tri nam vé hai phia truc hoanh thi f (%) f(x)<0.=m=0 loai = Bla dap s6

chinh xac
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PHUONG PHAP CASIO - VINACAL

BAI 4. TIEP TUYEN CUA HAM SO.

1) KIEN THUC NEN TANG

1.Ti€p tuyén ctia d6 thi ham s6 tai mot di€ém : Cho ham s6 y = f (x) c6 d6 thi (C) va mét
diém M (X,;Y,) thudc d6 thi (C) . Tiép tuyén cua d6 thi (C) tai tiép diém M la duong
thang d c6 phuong trinh: y=f'(X,)(X—%))+Y,

2.Lénh Casio : qy

2) VI DU MINH HOA

Bai 1-[Thi thit THPT Luc Ngan — Bac Giang Ian 1 nam 2017]
Tim hé sd goc cta ti€p tuyén cua d6 thi ham s6 y = L inx tai diém cé hoanh do bang 2
X

A Lo B. L c 3 D
2 1 1

1
4
Hudng dan giai
% Cach1:CASIO
> Goi tiép diém 1a M (X,;Y,) = Phuong trinh tiép tuyén y = f (X, )(X—X, )+ Y,
> St dung mdy tinh Casio dé tinh hé s& goc tiép tuyén tai diém cé hoanh d6 bang 2
=k="1'(2)

B (EEE0@ED®EH0EN N®RE

Math &

B [-L-1nCx]| .2k
-0.25

> Tathiyk=f'(2)=-025= _% .
= B la dap an chinh xac
Bai 2-[Thi thit chuyén Ha Long — Quang Ninh lan 1 nadm 2017]
Cho ham s§ y=-x°+3x-2 ¢6 do thi (C) . Viét phuong trinh ti€p tuyén cua (C) tai giao
diém cua (C) véi truc tung.
A. y=-2x+1 B. y=3x-2 C.y=2x+1 D. y=-3x-2
Hudng dan giai
% Cach1:CASIO
> Goi tiép diém 1a M (X,;Y,) = Phuong trinh tiép tuyén y = f (X, )(X—X, )+ Y,
» M lagiao diém cua d6 thi (C) va truc tung = M 6 toa d6 (0;-2)
Tinh f'(0)=0

FHEE@MINDEDCEIMINEIDEDE
S (-R5+38-20] b
3
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» Thé vao phuong trinh tiép tuyén cé y=3(x—0)-2< y=3x—-2
= B la dap an chinh xac
Bai 3-[Thi thit chuyén Nguyén Thi Minh Khai lan 1 nidm 2017]
S6 tiép tuyén v6i do thi (C) : y=x°-3x*+2 diqua diém M (30) la:
A 4 B. 2 C.3 D.1
Huéng dan giai
% Cach1:CASIO
> Goi tiép diém 1a M (X,;y,) = Phuong trinh ti€p tuyén y = f'(x,)(x—X,)+Y, Trong
do hé s8 goc k= f'(x,) =3x7 —6x,
» Thé f'(x,) vao phuong trinh tiép tuyén duwoc y = (3X§ —~ 6X0)(X — Xy )+ X5 —3%; +2
Tiép tuyén di qua di€m M (1,0) = 0=(3x; —6X, ) (1—X, )+ X; —3x; +2
& -2% +6X; —6%,+2=0
St dung may tinh v6i lénh MODE 5 d€ giai phuong trinh bac 3 trén

(5 HWEHREEEEE8EEE
Y=

1
» Ta thdy c6 1 nghiém x, = Chi c6 1 tiép tuyén duy nhat.
= D la dap an chinh xac
Bai 4-[Thi th bao Toan hoc tudi tré 1an 4 nim 2017]
Cho ham s8 y = x* —3x” +2 c6 d6 thi (C) . Puong thang nao sau day la tiép tuyén cta (C)
v6i hé s6 goc nhd nhat
A. y=-3x+3 B. y=-3x-3 C. y=-3x D. y=0
Hudng dan giai
% Cach1:CASIO
> Goi tiép diém 1a M (Xy;y,) = Phuong trinh ti€p tuyén y = f'(x,)(x—X,)+Yy, Trong
d6 hé s goc k = f'(x,)=3%7 —6x,
> Tim gia tri nhé nhét cia k bang chtic naing MODE 7
wlulambEEloEbEEElEnuEbE
n F (il 0

Ta thay f'(min)=f'(1)=-3=>x =-3 =y, =1°-3.12+2=0
» Thé vao phuong trinh tiép tuyén cé y =-3(x-1)+0< y=-3x+3
= D la dap an chinh xac

Bai 5-[Thi thét bao Toan hoc tudi tré Ian 4 nam 2017]

Cho ham s8 y = ))((Li (C) Goi d la khoang cach tir giao diém hai tiém can cta (C) dén
+
mot tiép tuyén bat ki cua (C) . Gid tri Ién nhéat d c6 thé dat duocla:
A. 33 B. 3 c.\2 D. 242
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Hudéng dan giai
% Cach1:T.CASIO
> Goi tiép diém 1a M (x,;y,) = Phuong trinh ti€p tuyén y = f'(x,)(x—X,)+Y, Trong

, 1
dohésd goc k=f'(x,)=— .
n \ N > N Xo +2
Thé k,y, vao phuong trinh tiép tuyén cd dang : y=— (X=X )+ 2—
(% +1) X +1

X, X +2
= =X+Y— ~— =
(% +1) (% +1)" % +1
» Ham s6 c6 tiém can ding x=-1 va tiém can ngang y =1 nén giao diém hai tiém
canla 1(-11).
Ap dung cong thiic tinh khoang cach tir 1 diém dén 1 dwong thing ta c6 :

T IR B S
a0 Cor) %
[12J o
(%, +1)

Dung may tinh Casio véi lénh MODE 7 d€ tinh cac gia tri I6n nhat nay.

s by (B) B (@ ([ e D) H O D@ HOEHE

i )@ A O FH O @ = E) ke O] (F (2) @ AW O] (4
OoEOOEO@OEOFOONEEEOEBEOEE
HEEO00EMOE
" FIZH:? et
o e | 72 i 1112
g =11 EFRFROF

> Ta thiy h(max)=+2
= Cla dap an chinh xac
Bai 6-[Thi HK1 THPT Viét Dttc — Ha N6i nam 2017]

2X—11 (H), M ladiémbatkiva M e(H) . Tiép tuyén véi (H) tai M tao véi

Ham s6 y=

hai duong tiém can mot tam giac cd dién tich bf?mg :
A. 4 B. 5 C.3 D. 2
Hudng dan giai
% Cach1:CASIO
> Goi tiép diém 1a M (x,;y,) = Phuong trinh ti€p tuyén y = f'(x,)(x—X,)+Yy, Trong

d6he 8 goc k= f'(x)=——— .
(%-1)
" \ . - a 2%, -1
Thé k,y, vao phwong trinh tiép tuyén c6 dang : y=— - (X=X, )+ (d)
(% —1) X, —1
» Ham s0 ¢ tiém can dang x=1 va tiém can ngang y =2 va giao diém 2 tiém can la

1(1;,2)
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Goi E la giao diém cua ti€p tuyén d va tiém can ding = E (l; 01]
X, —

Goi F la giao diém cua tiép tuyén d va tiém can ngang = F (2x, -1;2)

> Do dai IE=‘E‘=\/(1 1) (ZXO ]
o1

Do dai IF = \/ (2% -1-1)° +(2-2)" =2|x, -1 Ap dung cong thikc tinh khoang céch

tr 1 diém dén 1 duong thang ta c6 :

1 1 2

» Dién tich AIEF =§|E.|F=§.m.2|xo—q=2 = D la dap an chinh xac
Xy —

BAI TAP T U LUYEN

Bai 1-[Thi thit chuyén Khoa hoc tw nhién 1an 3 nim 2017]
Chohamso y = 2X—+11 . Tiép tuyén tai diém c6 hoanh d9 bang —1 ¢ hé s§ gdéc bang :
X —

AL B. L c 1 D 1t
3 6 3 6

Bai 2-[Thi thit chuyén Quéc Hoc Hué 1an 1 nam 2017]

. A s o g aen NP X—-1
Tim toa d0 cua tat ca cac diém M trén do thi (C) cta ham s6 y =—— sao cho tiép tuyén

Xx+1
cta (C) tai M song song véi duong thang d :y :%X+%
A. (0;1),(2;3) B. (1,0),(-3;2) C. (-32) D. (1,0)

Bai 3-[Thi thit chuyén Thai Binh lan 1 nam 2017]

Cho ham s6 y :X—_; c6 d6 thi (C) . Tiép tuyén cta (C) tai giao diém cta (C) va truc
X+

hoanh c6 phuong trinh la :

A. y=3x B. y=3x-3 C.y=x-3 D. y=%x—%

Bai 4-[Thi thit nhém toan Doan Tri Diing lan 3 ndm 2017]
Viét phuong trinh tiép tuyén ctua d6 thi ham s6 y=x®>-3x biét ti€p tuyén song song voi
duong thang y=9x-16

A. y=9x+16 B. y=9x+12 C. y=9x-10 D. y=9x-12
Bai 5-[Thi thit Group nhém toan Facebook Ian 5 nam 2017]

Tim toa d6 diém M ¢ hoanh d6 4m trén d6 thi (C):y = % X —X +§ sao cho ti€p tuyén tai

M vuong goc véi duong thang y = —% X +§

A. M(-2;0) B. M[ _3; —%j C. (_1;3 b. M (;gj

Bai 6-[Thi t6t nghiém THPT nam 2012]
Cho ham s6 y = % X" =2x*(C) . Viét phuong trinh tiép tuyén cta (C) tai di€ém c6 hoanh do
X=X, biét f"(x,)=-1
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LOI GIAI BAITAP T U LUYEN

Bai 1-[Thi thit chuyén Khoa hoc tw nhién 1an 3 nam 2017]

Choham s y= 2X +11 . Tiép tuyén tai di€ém c6 hoanh d¢ béng —1 c6 hé sO goc bﬁmg :
X —
AL B. L c -t D. -1
3 6 3 6
Hudng dan giai
Hé s6 gdc ctia tiép tuyén la dao ham tai tiép diém =k = f'(-1)= —%
GA(EEEBHOQRQAmOOE0ee=EAE
] Math A

G | PO

] L

= Dap s6 chinh xacla C
Bai 2-[Thi thit chuyén Quéc Hoc Hué 1an 1 nam 2017]
n A 2 ~ 2 4 N A AN . 2 \ A X— 1 oA A
Tim toa do cua t4t ca cac difm M trén d6 thi (C) cia ham s y = oo Bae cho tiép tuyén
X+

cua (C) tai M song song véi duong thang d:y = % X +%

A. (0;1),(2;3) B. (1,0),(-3;2) C. (-32) D. (10)
Hudng dan giai
Pé bai hoi cac diém M nén ta du doan c6 2 di€ém, lai quan sat thdy dap an B dwoc cdu tao

tir dap an C va D nén ta wu tién thir dap an D trude.
Tiép tuyén song song voi d nén ti€p tuyén cd hé s6 goc bﬁng hé s0 goc cua d va béng %
Tinh f'(1)= % — Diém M (L0) a mot tiép diém
E]E]@E]@@E]E]

o [ =1 e
crAke 1

z
Tinh f'(-3)= % = Piém M (-3;2) la mot tiép diém
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Slolalslals

e o |

0.5

= B la dap an chinh xac

Math &

Bai 3-[Thi thit chuyén Thaéi Binh Ian 1 nim 2017]

c6 d6 thi (C) . Tiép tuyén cta (C) tai giao diém cta (C) va truc

Cho ham s6 y= x=1
X+2
hoanh c6 phuong trinh la :
A. y=3x B. y=3x-3 C.y=x-3 D. y:%x——
Hudéng dan giai
Goi tiép diém 1a M (X,;Y,) = Tiép tuyén y = f (X, )(X—% )+ Y,
M 1la giao diém ctia d6 thi (C) va truc hoanh =M (L,0) = x, =1y, =0
Tinh hé s& goc k = f'(1)
HEE@ENINC@MIDDEEDNE
at
i[_ﬁ—i]
dx b #+2 |_'.|:=1
5
5 [ en n 1 1 1
Thay vao ta co tiép tuyén y=§(x—1)+0<:> y=3%"3

= Ddp s6 chinh xacla D
Bai 4-[Thi thit nhom toan DPoan Tri Diing Ian 3 nam 2017]
Viét phuwong trinh tiép tuyén ctia do thi ham s6 y=x*—3x biét ti€p tuyén song song vai
duong thang y =9x—16
A. y=9x+16 B. y=9x+12 C. y=9x-10 D. y=9x-12
GIAI
Goi tiép difm 1la M(X;Y,) = Tiép tuyén y=1f'(x)(Xx—%)+Y, v6i hé s& goc
k=1f'(x)=3x% -3
Tiép tuyén song song v4i y =9x—16 nén cd hé s8 géc k=9 <3’ —3=9 <> x, =+2

V6i X, =2=Yy,=2= Tiép tuyén: y=9(x—2)+2<> y=9x—16 Tinh hé s6 géc k= f (1)

= Dap s6 chinh xacla A
Bai 5-[Thi thit Group nhém toan Facebook lan 5 nam 2017]

2 7 AN A A A AY.N . 1 2 - A ~ .
Tim toa d diém M c6 hoanh d6 4m trén d6 thi (C):y = 5 X* —X +§ sao cho tiép tuyén tai

M vudng géc véi duong thang y = —% X +§
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A. M(-2;0) B. M(—3;—Ej C. (—1; ij D. M (l;gj
3 3
GIAI
Goi tiép difm la M(X;Yy,) = Tiép tuyén y=1f'(x)(Xx=%)+Yy, v6i hé s& goc
k=1f"(x)=x—1

- ~ A /4 r. 1 2 A /4 A ~ 4
Tiecp  tuyén  vudng goc  Vvoi y=- 3 X+ 3 Dén o hé s0  goc

k.(—%jz—l@k:3@ X -1=3 X, =42

= Ddp s0 chinh xacla A
Bai 6-[Thi t6t nghiém THPT nam 2012]
Cho ham s8 y = % x*=2x*(C) . Viét phuong trinh tiép tuyén cta (C) tai diém c6 hoanh d6

X=X, biét f"(x,)=-1

5 5

y=_3x_§ y=3x_§ y:—SX—Z y:—3x+z
A. 54 B. 45 C. : D. :
=3x+> = 3x+> —3x—> —3x+>
y x+4 y x+4 y =3x g y 3X+4

Hudng dan giai

Goi tiép difm la M(X;Y,) = Tiép tuyén y=1f'(x)(x—%)+Yy, v6i hé s& goc

k:f'(xo):x§_4x0

.

Xo:]-;yo:_z

Tacod f"(X)=3x -4 =3 —4=-1 X =1= .

Xo ==Ly, =——

0 Yo="7

V6i x, =1 Tinh hé s6 goc k = f'(1)

FEEHNCEUEmEOBEHEEDmMODBENE
at

A rlwd oz

e [ FHH 207 ) ey
-3

Thay vao ta cé ti€p tuyén y = —3(X—1)—£ oy= —3x+%

= Dap s6 chinh xacla D

Vi x, =—1 Tinh hé s goc k = f'(1)

OOEHE
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2 [ Lxe-2x2)|,_p
5

Thay vao ta c6 tiép tuyén y:3(x+1)—£<:> y:3x+%

= Ddp s6 chinh xacla D
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PHUONG PHAP CASIO - VINACAL

BAI 5. GIO'l HAN CUA HAM SO.

1) KIEN THUC NEN TANG
1.Quy woc tinh gioi han v6 dinh :
" X—4oo= x=10°
" X—>-—0=x=-10°
" XX X=X +107
" XX =>X=x-107°
" XX, > X=X, +107°

2.Gioi han ham lwong giac: Iirrgw =1, Iirr(}ﬂ =1
X— X u—> u
X_ In(1+ X
3.Giéi han ham siéu viét : lim &=t =1 fim M%) _g
x—0 X x—0 X
4.Lénh Casio : r
2) VI DU MINH HOA
N ) e2x _ .
Bai 1-[Thi thi THPT chuyén Ngit lan 1 nam 2017] Tinh ¢idi han lim————— bang :
y g g 0 Jxad_2 g
A. 1 B. 8 C.2 D. 4

Hudéng dan giai
% Cach1:CASIO
» Vi x—>0=x=0+10"° Str dung may tinh Casio véi chttc nding CALC
(=) (i (109 (o) (2) (ew) O] & (=) (1) @ (va) (i) O () (4] & (=) (2] [eae)
DRITUEHEEE

Math &
E<H—1

fF+d -2 1gooooi

1Z5000
, 1000001

» Tanhan dugc két qua ~
125000
= B la dap an chinh xac
Chu y : Vi chung ta st dung thu thuat dé tinh gidi han , nén két qua may tinh dwa
ra chi xap xi dap an, nén can chon dap an gan nhat.

sin X

Bai 2-[Thi thit chuyén Amsterdam 1an 1 ndm 2017] Tinh gidi han Iing bang :

X
A1 B. -1 C.0 D. +
Hudng dan giai
% Cach1:CASIO
» Vi x—>0=x=0+10" St dung may tinh Casio vdi chttc naing CALC
(cacc) (= (ueet) (xi0 (7 (sin) () ) B & (=) () @ () (3 eaie) (0] () (1] (@]
HEEOE
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[F: Math &

ESinlAY
i

1. d00aao49
» Tanhan dwgc két qua 1.00000049 ~1
= A la dap an chinh xac

3 —
Bai 3 : Tinh gi¢i han : lim 20 —>
3n°+n°+7
Al B.1 c.t p. 1
3 1 2

Hudng dan giai
% Cach1:CASIO
> Dé bai khong cho x tién téi bao nhiéu thi ta hi€u day la gidi han day sd va X -+«
=) (ew) O] (1 (3) & (H (@) (i) O (=) (5] @ (3] () O] (=) (3) O () ()
NEEE0E
AR b=
SRS +RE+T

0. 3335353342
1

» Tanhan dugc két qua 0.3333333332 ~ 3

= A la dap an chinh xac
2 _ 5n+2

Bai 4 : Két qua gidi han lim la:
3"+2.5"
A -2 B. 2 C.1 D, -2
2 2 2

Hudng dan giai
% Cach1:CASIO
» Dé bai khong cho x tién téi bao nhiéu thi ta hiéu day 1a giéi han day s6 va X —+oc
. Tuy nhién chiing ta cht y, bai nay lién quan dén liiy thtra (s6 mii) ma may tinh chi
tinh dwoc s6 mi toi da la 100 nén ta chon x =100

B2 EHE e ) E 2@ E) @ e ) 3 2 X) (5] () [
Dl @D 0E

Math A
=Gt
S E SN 25
z

» Tanhan dwoc két qua —%

= A la dap an chinh xac
Cht y : Néu ban nao khong hiéu tinh chat nay cta may tinh Casio ma ¢d tinh cho
x=10° thi may tinh sé& bdo 15i
COAO0RIBEOE
Math ERROR

CAC] :fCancel
C41CeliGoOLO
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Bai 5 : Tinh gidi han : lim 1+i+i+...+ L
12 23 n(n+1)

A.3 B. 1 C.2 D. 0
Huéng dan giai
% Cach1:CASIO
» Ta khong thé nhap vao may tinh Casio ca biéu thirc n s hang ¢ trong ngodc duoc,
vi vay ta phai tién hanh rat gon.

1 1 1 2-1 3-2 n+1l-n
1+ —+—+...+ =1+ + +...+

12 23 n(n+1) 12 23 n(n+1)
=1+l—1+l—g+ .+1_i=2__1

2 2 3  n n+l n+1
> Dé bai khong cho x tién téi bao nhiéu thi ta hi€u day la gidi han day sd va X -+«

BEEIQEDBIDOUHBIE

Math &

1. 999953995
> Tanhan duoc két qua 1.999999999 ~ 2
= Cla dap an chinh xac

1 n+l .
Bai6:Cho S = 1 1 1 +l . Gid tri ctia S bang :
3 9 27 3
A2 B. 1 c it D. 1
4 4 2

Hudéng dan giai
% Cach1:CASIO
> Tahiéu gia tri cia S bang lim S

n—+o0

4 ~ A~ 1N A . n~ A 7. A A e 1 \ 1
» Ta quan sat day so la mot cap s6 nhan vdi cong boi q = —3 Ve u ==

3

1-q 1_[_1
3
BOCEXENEHOEED®BRCOEEmD®
DEO0EED®REEDNEmIODDEENE
1_I.._L.]II
1}: e
=S i 1
1‘[‘5] E)

» Tanhan dugc két qua %

= B la dap an chinh xac

Cha y : Trong tu luan ta c6 thé st dung cong thiic cua cdp sO nhan lui vo han dé

tinh
Bai 7: Tinh gidi han : lim 2<HY

x—0" Gy — ,\/;
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A. +oc B.% C. - D. -1
Huéng dan giai
< Cach1:CASIO
» Pébaicho x—>0" = x=0+10"°

= @ (e O] (3 ta) () 0 @ (58] (e O] (=) (va) (e O] ) (0] (1) (3]
DPBEEUE

A
Sr—dE 100%

T

» Tanhan dwoc két qua — 1002 ~-1

999
= D la dap an chinh xac

Math &

Bi 8 : Tinh gidi han : lim|——
x> | 3X° 4 X
1
A —x B. C. 0 D.1
J3

Hudng dan giai
< Cach1:CASIO
» Pébaicho x—>1 =x=0+10"°

@ (=) B () &) e O] (=9 B) @ (3) frw) O (=3 () (e O (eawe) (1) (2 (31
Dx=60E

1—x5
SHRL 4 H

8. 66025728 xmd

« Tanhan dwoc két qua chira 10 ~ 0
= Cla dap an chinh xac

Math &

Bai 9: Tinh gidi han : L =lim(cosx+sinx)™"

x—0
A. L=x B. L=1 C. L=e D. L=¢?
Huéng dan giai
% Cach1:CASIO
> Deébaicho x—-0 = x=0+10"° . Phim cot khdng c6 ta sé nhap phim tan
(43 (eog) (urw) O O () (sin) (i) O] O O (&9 (B) (1) O (tan) () 0 O (eaie) (09
EOO@EE0E

Math &

(COSCHI+SincEI b
S AeE0aa

% Tanhan duoc két qua chira 2.718...~e
= Cla dap an chinh xac
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PHUONG PHAP CASIO - VINACAL

BAI 6. TIEM CAN CUA PO THI HAM SO.

1) KIEN THUC NEN TANG
1.Tiém can ding : D6 thi ham s§ y = f (x) nhan duong thang x =X, 1a tiém can ding néu

lim f (x)=cc hodc lim f (x)=co (chi cAn mot trong hai thoa man la du)
X—>Xg X=Xy

2. Tiém can ngang : D6 thi ham s§ y = f (x) nhan duong thang y =y, la tiém can ngang

néu lim f(x)=y, hodc lim f(x)=yY,

3. Tiém cdn xién : D6 thi ham s§ y = f (x) nhan duong thang y=ax+b 1a tiém can xién
néu lim[ f (x)—(ax+b)]=0

4. Lénh Casio : Ung dung ky thuat ding CALC tinh gi6i han

2) VI DU MINH HOA

VD1-[Thi thit bao Toan hoc tudi tré 1an 3 nam 2017]

C6 bao nhiéu duong tiém can ctia d6 thi ham sd y = __x+l
VAX? +2x+1
A. 1 B. 2 C.3 D. 4

GIAI
< Cach1:CASIO
> Giai phuong trinh : MAu s6 =0 < v/4x? +2x+1=0< 4x? +2x+1=0 v6 nghiém
= D06 thi ham s6 khong co tiém can ding

> Tinh lim X+t !

> JAX? +2x +1 2
ham s&

E) e O () (D @ va) (2] (i O] (23 (3 (2] () OJ (35 (4] feace) (1] (0] ()
=0JE=

Al

JAXZE +25+1
0. 5000000004

» Tinh lim o xx —%. Vay duong thang y = —% la tiém can ngang ctia d6 thi

O JAXE + 2 +1
ham s&
rpl1079)=
¥l

JAXZE +25+1
-, 4999999995

= Tom lai d6 thi ham sd c6 2 tiém can ngang va C la dap én chinh xéac
¢ Cach tham khao : Ty luan

. Vay duong théngy:% la tiém can ngang ctua d6 thi

[P Math &

[P Math &
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x+1 1+}’ : 1
= Tinh lim = lim — = duong thdng y== la tiém can
iy e e L 2
o+
X
ngang
1
X+1 1 1
* Tinh lim ————==Ilim ~~ = duong thang y=-= 1a tiém can
o JAXE +2x+1 H“f g 1 2
X
ngang

++ Binh luan:
»  Viéc tiing dung Casio d€ tim tiém can stt dung nhiéu ky thuat tinh gidi han cua ham
sO béng Casio. Cac ban can hoc ky bai gidi han truede khi hoc bai nay.
* Gidi han ctia ham sO khi x tién tdi +oc va khi X tién tdi —oc 1a khac nhau. Ta can
N, Ve ’ ’ 7 ~? 7 - A A 1
hét sttc cht y tranh dé sét tiém can ngang y = -5
VD2-[Thi Hoc sinh gidi tinh Ninh Binh nam 2017]

2 —
D06 thi ham sd y = LX;FZ (C) c6 bao nhiéu dwong tiém can ?
A. 4 B. 2 C.1 D. 3
GIAI
< Cach1:CASIO
2 J—
> Tmh|m1_izfé;3 1

==E!rIIIIEDEZHIIIIIIE]CD[D[:HIIIIIIIMIE]E]@EE]

[F] Math &
ML =TT
1—mE
-0, 999999997
Tinh fim =X =42 _ 4
X 1-x
rpl1079)=
] Math A
HE ST
1—xE

- 1. Q00000000
Vay duong thang y = -1 la tiém can ngang ctia d6 thi ham s&
x=1
x=-1

Dén day nhiéu hoc sinh da ngd nhan x=1 va x=-1 1a 2 tiém can diing caa (C)

> Giai phuong trinh : Maus§ =0 < 1-x’ :04:{

Tuy nhién x=+1 la nghiém ctia phuong trinh Mau s8 =0 chi la diéu kién can. Diéu
2
kién du phaila lim # =
X—>+1 1—Xx

= Ta di kiém tra diéu kién du

Trang 45 Tai liéu Iwu hanh noi bo



TOM TAT KY THUAT SU’ DUNG CASIO - VINACAL HO TROQ GIAI BE THI MON TOAN 2017.

2
Tinh lim X —3**2_
x>-1  ]1—X

(=) () O] (3 (=) B e O] (B (2) @ (3] (=] () O] (o3 () (5 (D) (=) (©)
000 0000ME

Math &
HE—SH+2
1-HE
- E}ilﬂ 10
Vay duong thang x =-1 1a tiém can ding cua do thi (C)
Tinh fim X —3**2_1
x>+l ]1—X 2

@ FHOE0O0OM0O0O0M00O0M00O0M0ME
Vay duong thang x =1 khong phai 1 tiém can dtmg ctia d6 thi (C)
= Tom lai d6 thi ham sd c6 1 tiém can ngang y =-1 va 1 tiém can dang x=-1
= Dap s6 chinh xacla B
¢ Cach tham khao : Ty luan

2 _ —_ —
. Rﬁtgonhémsé’yzx -3x+2 _ (x-1)(x-=2) _2-x

1-x —(x=1)(x+1) x+1
2y —1+E 7
* Tinh lim = lim X — 1 = duong thang y = -1 la tiém can ngang
X0t X 4] X+ 1
+7
X

* Tinh lim 27X lim (—1+ ij =+o = dudng thang y =-1 la tiém can ding
x>1xX+]  xo-= X+1
% Binh luan:

»  Viéc tr s6 va mau s6 déu cé nhan tir chung dan téi ham s3 bi suy bién nhuw vi du 2
la thwong xuyén xay ra trong cac dé thi. Chung ta can canh gia va kiém tra lai bang
ky thuat tim gidi han béng Casio

VD3-[Thi thit chuyén KHTN —-HN 1an 2 ndm 2017]
D6 thi ham s6 nao sau day khong c6 tiém can ngang ?

x—1 x—1 x?+1 1
- B. y-= C.y= D.y=—
x+2 Y x> +1 y Xx—1 y X+1
GIAI
% Cach1:CASIO
2
> Tinh lim X2y o
X—>+oC X_
Eiﬂmlﬂllﬂ!ﬁ[:%;gﬂﬂlﬂlC]E]ﬂﬂl[][]lﬂ[]lﬂ[]
atl
HE41
w—1
1000000001
2
> Tinh lim X1 __
X—>—0oC X_
rpl1079)=
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[F: Math &

-999933939

vaydéﬂﬁhmnsayzf‘ff
X_

= Tém lai C la dap an chinh xac
¢ Cach tham khao : Tg luan

khong cé tiém can ngang

Xt
, =
, X+l
= Tinh lim = lim —X =+
xo+e X —1] X—>+0oC 1
X
1
x*+1 *
= Tinh lim = lim —2X = —oc = Db thi ham s8 khong c6 tiém can ngang
X—>—oc X—l X—>—oc 1
1-=
X

+ Binh luan:
= D6 thiham s6 y = f (x) khéng co tiém can ngang néu limy bang oo
X—>0

VD4-[Khao sat chat lwgng chuyén Lam Son — Thanh Héa nam 2017]

Tim tat cac cac gia tri cta tham s6 m sao cho d6 thi ham s6 y = %_31 khong c6 tiém
X* —2mx +
can ding
m<-1
A. m=1 B. m=-1 C.{ D. -1<m<l1
m>1
GIAI

% Cach1:CASIO

> DE& d6 thi ham s& khong cd tiém can dimg thi phuong trinh mau s6 bang 0 khong c6

nghiém hodc c6 nghiém nhung gidi han ham sd khi x tién téi nghiém khong ra vo
cung.:

5x -3

> Véi m=1.Ham s6 & y=———
X°=2x+1

. Phuong trinh x* —2x+1=0 c6 nghiém x=1

’ - 5X_3 7 ~ .
Tinh lim————=+«. = Dap s0 A sai
x->1 X*—x+1

EE 0= R @ M 0] @] = @ e ) #H @) (@) # 0 X
EEHDEEEDE

Math &

SH=3
ML —ZHE+1
2. 000007501 =
» V6i m=0 hamsd < y= E))()Z(_i . Phuong trinh x* +1=0 v6 nghiém = Db thi ham
+

s0 khong c6 tiém can ding =m=0

= D la dap an chinh xac

+» Cach tham khao : Tw luan

= P& d6 thi ham s6 khdng c6 tiém can déng thi phuong trinh mau s8 bang 0 v6
nghiém < A<0om’ -1<0< -1<m<1
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=  Truong hop 2 phuwong trinh mau s bang 0 ¢6 nghiém nhung bi suy bién (rtt gon)
v6i nghiém o tit s6. = Khong xay ra vi bac mau > bac tir
% Binh ludn:
» Viéc giai thich dwoc truong hop 2 cua ty luan la tuwong déi khé khan. Do d6 bai
toan nay chon cach Casio la rat dé lam.
VD5-[Dé minh hoa thi THPT Quéc Gian Ian 1 ndm 2017]

Tim tat ca cac gid tri thye cta tham s6 m sao cho d6 thi cia ham s6 y = % c6 hai
mx“ +1
tiém can ngang
A. m<0 B. Khong co m thoa C. m=0 D. m>0
GIAI
< Cach1:CASIO
» Thtt dap an A ta chon 1 gid tri m<O0 , ta chon m=-2,15. Tinh lim _ox+l
o =2.15%% +1
EEIFDCEEDODNEMmIE® D DO

BE
Math ERROR

CAC] :fCancel
C41CkliGoOLO

Math

: X+1 \ , X+1 .
Vay lim ——=———=khong ton tai = ham s0 y = ——=—————==Xkhong thé co 2 tiém
o =2.15%% +1 \V-2.15x% +1
can ngang
X+1

» Thu dap an B ta chon gan gia tri m=0. Tinh lim = lim (x+1)

X—>+oc ,0X2+l X—>+4oC
i O FH @D D OEIEE0IE
Fi]

Math &
A+l
1000000001
Vay lim (x+1)=+« = ham sd y =(x+1) khong thé c6 2 tiém can ngang
: X+1
» Tht dap an D ta chon gan gia tri m=2.15. Tinh lim —————=0.6819...
P s e v 2.15%% +1

B O H 0@ @20 E] wew O] @3 3 @ g (] @] &9 (6
&

;:-::+1 [F] Math &
dZ. 1552 +1
0. 6819943402
, : x+1
Tinh XILrim— 0.6819...
rp10M9)=
;:-::+1 [F] Math &
dZ. 1552 +1
-0. 6819943388
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Vay d6 thi ham s6 co 2 tiém can ngang y =+-0.6819...
= Dép s6 D la dap s6 chinh xac
+» Binh luan:
* Qua vidu 4 ta thdy sttc manh cua Casio so vdi cach lam tw luan. .
VD6-[Pé minh hoa B6 GD-DT Ian 2 nam 2017]
N e

x> —5x+6

AW? 3 B. x=-3 C{ D. x=3
X=2

Tim tat ca cac tiém can ding cta do thi ham sd y =

> Duong thang x=x, 1a tiém can ding ctia d6 thi ham s6 thi diéu kién can : x, la
nghiém ctia phuong trinh mau s8 bang 0
Nén ta chi quan tam dén hai duong thang x=3 va x=2

2
> V6 x=3xét lim ZXTLNX #X+3
x—>3+ X" —5X+6

B @) 0 (=) () (&) (=) few) O (23 () few) O () 3] @ (ew) O] (273 (=)
BeHEEHO0HDD0OD00ODEME

Math &

23— 1 —dHE 4 H T
HE =BG
1. 1270166584 5%p1e
2X—1—/x*+x+3

>  Véi x=2 xét lim : =+ oc Két qua khong ra v cung= x=2 khong
x->2+ X —5x+6

la mot tiém can ding

WZHOUEHODOODOODDOAE

=+ oc = X =3 la mot tiém can ding

Math A
zu—1 —SHE + ¥+
HE S
-1. 16E7

= Ddp s0 chinh xacla B

BAI TAP TU LUYEN

Bai 1-[Thi thit chuyén Lwong Vin Tuy lan 1 nim 2017]

SO tiém can ciia d6 thi ham s0 y = 1a:

x? -1
A.1 B. 2 C.3 D. 4
Bai 2-[Thi thet THPT Vii Van Hiéu -Nam DPinh Ian 1 nam 2017]
X —
S6 duwong tiém can cua d6 thiham sd y = \}2_]4 1a:
X°—4
A. 4 B. 3 C. 2 D.1
Bai 3-[Thi thtt chuyén Thaéi Binh Ian 1 nim 2017]

2x* =3x+m
X—m

Tim céc gia tri thyc cia m dé€ d6 thiham s6 y = khong 6 tiém can ding ?
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A. m=0 . |0 C. m>-1 D. m>1

m=1
Bai 4-[Thi thit THPT Quang Xwong -Thanh Héa lan 1 nam 2017]

X++x% +x+1
X° +X
A1 B. 2 C.3 D. 4
Bai 5-[Thi HK1 chuyén Nguyén Du — Déc Lac nam 2017]

Ham s y = c6 bao nhiéu duong tiém can ?

Tim tét ca cac s6 thuc m dé d6 thiham s6 y=—; c6 3 duong tiém can

A.m=#0 B. m=0 C. m>0 D. m<0
Bai 6-[Thi thit chuyén Lwong Vin Tuy lan 1 nam 2017]
Tim tit ca cdc gid tri thyc cia tham s6 m dé€ d6 thi ham s& y=x+myx* +x+1 c6 duong
tiém can ngang
A.m=-1 B. m<0 C. m>0 D. m=+1
Bai 7-[Thi Hoc sinh gidi tinh Ninh Binh nam 2017]
’ 2
Tim tat ca cac gid tri theee cua tham s6 m dé€ d6 thi ham s6 y = le_'_l c6 duong thang
X —_
y =-2 la mdt tiém can ngang.
A.me {—2;2} B. me {1;2} C. me {1; —2} D. me {—1;1}
Bai 8-[Thi thtt chuyén Vi Thanh — Hau Giang Ian 1 nam 2017]

Tim tat ca cac gia trj thue cia tham s6 m sao cho d6 thi ham s6 y=————— c6 ding 1
X"+mx+m
tiém can.
0<m<4 4 m<0 R ,
A. 4 B. me<0;4,—— C. D. Khong co m
3
thoa
Bai 8-[Thi thtt chuyén Vi Thanh - Hiu Giang lan 1 nam 2017]
' 2
Tim t4t ca cac gid tri thiwe cia m sao cho d6 thi ham s6 y = ZX—m:)L(Jrl c6 dung 2 tiém
X J—
can ngang.
0 3
A. m<0 B.| "° C. m>0 D. m=0
m>3
A. 1 B. 2 C. 3 D. 4

Bai 10-[Thi HK1 THPT Viét Dtec — Ha N§i nam 2017]

Ham s8 y= Zxx‘l (H) , M Ia diém bat ki va M e(H) . Khi d6 tich khoang cach tix M

dén 2 duong tiém can ctia (H) bang :

A. 4 B. 1 C.2 D.5
Bai 11-[Thi thtt S6 GD-DT Ha Tinh nam 2017]
Chohamsd y= 2mx J;_m . VOi gid tri nao cia m thi duong tiém can ding, tiém can ngang
X —

cta do6 thi ham sO cung hai truc toa d¢ tao thanh mot hinh chi nhat c6 dién tich bﬁmg 8

Trang 50 Tai liéu Iwu hanh noi bo




TOM TAT KY THUAT SU’ DUNG CASIO - VINACAL HO TRQ GIAI BE THI MON TOAN 2017.

S L W PR ¥ W F N N St R g A LA I R LA AN FATSA Y FIY SR AL AR TR LI 4 IF NS LIRLEL FANF RSP LN _J o

A m=2 B. mzi% C. m=+4 D. m=+2

LOI GIAI BAI TAP TU LUYEN

Bai 1-[Thi thit chuyén Lwong Vin Tuy lan 1 nim 2017]

la:

SO tiém can ctia d6 thi ham s6 y = — 1
X -
A.1 B. 2 C.3 D. 4
GIAI
= Phuong trinh mau s bang 0 ¢6 2 nghiém x =+1

= Tinh lim—
x—1" X —

By @A EH0MOBOHOEHEDE

=+oc = x=1la tiém can dung

F] Math &
s
HE—1
ROOO00. 25
= Tinh IirTI >—— =+ =X =—1 la tiém can ding
x—-1" X —

OEHOBOOXEHEDE

[F| Math &

HE—1
499999, 7h
— Dap s6 chinh xacla B
Bai 2-[Thi thtt THPT Vii Van Hiéu -Nam Dinh Ian 1 nam 2017]

X_
S6 duong tiém can cua d6 thi ham sd y:% la:
X" —4
A. 4 B. 3 C 2 D.1
GIAI
= Phuong trinh mau s bang 0 ¢6 2 nghiém x =+2
x—1
* Tinh lim |
x—2* /X2_4
(on) (=) () fye) (i) O] (=) () @ (=) (ew) O (=3 (=) (@) (eaie) (2] (1) (3] (0 (&) (=)
6=

=+0oc = X =2 la tiém can ding

[P Math &
| #—11
.||;:-:;E_

*500. 0004375

- X_ \ * A A ’
= Tinh lim A:Jroc = x=-1 la tiém can dtng

M ea
WEOEN0EEE0E
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[F: Math &

*1500. 000315

= Ddp s6 chinh xacla C
Bai 3-[Thi thit chuyén Thaéi Binh Ian 1 nim 2017]

N : V) G S | | R
Tim cdc gia tri thiec cia m dé do thi ham s6 y = ——— khong c¢6 tiém can ding ?
X—m
=0
A. m=0 B.|" C.m>-1 D. m>1

m=1

GIAI
2 2 2
Véi m=0 ham s8 y =2 =% Tinh 1im 2 =3 _ 3 im 2 =3 _ _3 _, Khéng c6 tiem
x—0" X x—0~ X

can ding = m=0 thoa.
BRExEEEk @k el HEDOOEHE6E O E
O EDNOEEENE

Math M O] Math &
FHRL 5K FHRE 5K
= =,
1500001
-2.999995 So0000

Twong ty m=1 cling thoa = Dap s6 chinh xacla B
2

Cht y: Néu chung ta cht1 y mét chut ty luén thi ham s6 y = sé rut gon t&r mau va

thanh y = 2x—3 la dudng thang nén khong cé tiém can ding.
Bai 4-[Thi thtt THPT Quang Xwong -Thanh Héa lan 1 nam 2017]

’ 2
Ham s y = w c6 bao nhiéu duong tiém can ?
X +X
A1 B. 2 C.3 D. 4
GIAI
’ 2
Phuong trinh mau s8 bang 0 ¢6 1 nghiém duy nhat x=0 . Tinh lim w =+oc

x—>0" X+ X
= x=0 la tiém can ding
(=) (i) O] () (va) (ew) O] (3 () (i) O] (1) (0 @ () O] (=7 (3] & () (e O
ﬂﬂl[]ﬂl[]g]lﬂ[:ﬂ:]ﬂl[]

e
Pt R
1000001, 5

, O X+UXP+x+1 . . A
Tinh X"TT=OZ>Y=O (an)a ((HM)) (es0)é () (ryp) & (6+D)

(cad) (1] (0]79)=
O]
Hr AW E 41

D
2. 0000000071 51
X+VX2+x+1

Tinh lim =
X X* + X

Math &

=0 = y=0 la tiém can ngang
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[ca) (=) (3 ll:l. [:Ml .[:]
at
Hd e 1

e R

Mg s
Tém lai d6 thi ham s6 ¢ 1 tiém can ding va 1 tiém can ngang = B chinh xac
Cha y: Hoc sinh thuong méc dinh ¢6 2 tiém can ngang = Chon nham dap an C
Bai 5-[Thi HK1 chuyén Nguyén Du — Pac Lac nim 2017]

Y N, 2 14 ~ A? NA . \ ~ X /4 \ A A
Tim tat ca cac sO thue m dé do6 thi ham s6 y =—; co 3 duong tiém can
m

A. m=0 B. m=0 C. m>0 D. m<0
GIAI
- Thirvéi m=9 Tinh lim —2— = lim —~— =0 =D thi ham s5 chi ¢ 1 tiém can ngang

x>+ X7 —0 X——c X4 —

B () ) @ () O] (3 F @) o) ) @ &3 (0 D B ) (=) ) (0 (&7 (2]
D&

= Math & = Math &
& &
HE - HE -
Lo T
= Phuong trinh mau s6 bing O ¢4 hai nghiém x=3;x=-3 . Tinh
lim =+oc; IM ——=+oc = ¢ 2 tiém can ding
x-3" X =9 x—>-3" X =9
Q) DO E0]E
o} Math & = Math &
& &
HE - HE -
AO0. 0833194 499999, 9167

Vay m=9 thoa = Pap s6 chita m=9 la C chinh xac.
Bai 6-[Thi thit chuyén Lwong Vin Tuy lan 1 nim 2017]
Tim t4t ca cac gid tri thic cia tham s6 m dé d6 thi ham s6 y=x+myx*+x+1 c6 duong
tiém can ngang
A.m=-1 B. m<0 C. m>0 D. m=+41
GIAI
* V6i m=-1. Tinh lim (x-3¢+x+1)= —% — x=-1 thoa = Dép s8 diing 1 A hoic D

X—>+oC

i) O (=) (=) () O] (23) () (e O () (D) () () (@) (23 ({1 B (B
O

H—lHE+i+]

1

=
. Véimza.Tﬁﬁlnm(x+Jx2+x+1)=—%:>x:1théa:>£wp56dﬁnhxécmt)

X—>—ocC

i) O] () (va) (i) O (23 (] (aew) O] () (1) (eawe) (=) (D) (@] (=) (0] B (B
O

HHLEE+E+]
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PHUONG PHAP CASIO - VINACAL

BAI 7. BAI TOAN TUONG GIAO GITrA HAI PO THI.

1) KIEN THUC NEN TANG

1. Phuong phap d6 thi tim s6 nghiém cta phuong trinh : Cho phuong trinh f (x)=g(x)
(1), s8 nghiém ctia phuwong trinh (1) 1a s6 giao diém ctia d6 thi ham s6 y = f (x) va do thi
ham s6 y =g(x)

Cht y : S§ nghiém ctia phwong trinh f (x=0) 1a s6 giao diém cua d6 thi ham s y = f (x)
va truc hoanh

2. Bai toan tim nghiém ctua phuong trinh chita tham s6 : Ta tién hanh ¢6 lap m va dua
phuong trinh ban dau vé dang f (x)=m (2) khi d6 s6 nghiém cua phuong trinh (2) 1a s&
giao diém ctia d6 thi ham s8 y = f (x) va duong thang y=m .

Chd y : Duong thang y=m c6 tinh chat song song véi truc hoanh va di qua diém c6 toa
do (0;m)

3. Lénh Casio : D€ tim nghiém ctia phuwong trinh hoanh d¢ giao diém ta dung lénh SHIFT
SOLVE

2) VI DU MINH HOA

VD1-[Thi tht chuyén KHTN Ian 2 nim 2017]
Tim tap hop tat cdc cac gid tri cia m dé€ phuwong trinh log, x—log, (x—2)=m c6 nghiém :
A 1<m<+x B. 1<m<+o C.0<m<+c D. O<m<+oc

GIAI

% Cach1:CASIO

> Dit log, x—log, (x—-2) = f (x) khi d6 m= f(x) (1). D€ phuong trinh (1) c6 nghiém

thi m thudc mién gia tri cua f (x) hay f(min)<m< f(max)
» Téi day bai toan tim tham s6 m dwogc quy vé bai toan tim min, max cia mot ham

0. Ta stt dung chttc ndng Mode véi mién gia tri caa x la Start 2 End 10 Step 0.5

fuon) (7] (es,) (2] & [r) ) & (= (el 2 & i) D) H 21 E &1 B3

Blu[Sujolals
15| | 0. 3525
16 9.5| O.34l
11 I0i0.3219

» Quan sat bang gid tri F(X) ta thay f(10)~0.3219 vay dép s6 A va B sai. Dong thoi
khi x cang ting vay thi F(X) cang giam. Vay cau hoi dit rala F(X) c6 giam
duogc vé 0 hay khong.

Ta tu duy néu F(X) giam duoc vé 0 cé nghia 1a phuong trinh f (x)=0 cé nghiém.
b€ kiém tra du doan nay ta st dung chirc nang do nghiém SHIFT SOLVE

(eec) (2] & (i) O] & (=) (eD) (2] & () O] (=) (2] (v (caie) (3] (B
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X/
L X4

R ¥ Y2 F YIS N Pt i A SRR I 8 L A AR FATEA TS FIN S AL AR TR LI 4 IF O FLIRLLA FAHF A S8 AW P TA

CAC] :Cancel
Callel:Goto

May tinh Casio bao phwong trinh nay khong c6 nghiém. Vay dau = khong xay ra
Tomlai f(x)>0 < m>0 vaD ladap an chinh xac

Cach tham khdo : Ty luan

biéu kién: x>2

X 2
Ph trinh @ m=log,| — | @m=log, |1+ —
uwong trin gZ(X—Zj gz( X—ZJ

Vi x>2 nén x—2>0:>1+i2>1 :>Iogz(1+i2j>logzlzo
X— X—

Vay m= Iog(l+%j> 0

Binh luan :

Mot bai todn mau muc cla dang tim tham s& m ta giai bé“mg cach két hop chuc
ndng lap bang gia tri MODE 7 va chitc nang do nghiém SHIFT SOLVE mot cach
khéo 1éo

Chty: m=f(x) ma f(x)>0 vdy m>0 mot tinh chat bic cau hay va thuong

xuyén gap

VD2-[Thi th chuyén KHTN -HN Ian 2 ndm 2017]
Tim tap hop t4t ca cic gia tri cia tham s6 m d€ phuong trinh x° -3x* +m=0 ¢4 3 nghiém

phan biét
A. 4<m<0 B. 4<m<0 C.0<m<4 D. O<m<1
GIAI
% Cach1:CASIO
» Co6lap m , dua phuong trinh ban dau vé dangm=—-x>+3x* . Dgt x*-3x" = f (x)
khi d6 m=f(x) (1), s6 nghiém cua (1) la s6 giao di€ém cua d6 thi y=f(x) va
y=m
> D€ khao sat ham s§ y = f (x) ta st dung chtic naing MODE 7 Start -2 End 5 Step

0.5

FE%E!?FE%%IEEEIIIIIIHl::](:)li!l::]lﬂﬂﬂ OxEEEEEEE0]

Fi] Math Fi] Math
| g itk | S5
5 o g ) I T
6l D.5| D.G25 il 2.5] 3.125

Quan sat bang gia tri F(X) ta thdy gia tri cuc ti€u 1a 0 va gia tri cuc dai la 4 vay ta

6 so d6 duong di cua f (x) nhu sau :
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» RO rang hai d6 thi cit nhau tai 3 diém phan biét néu 0<m<4

VD3-[Khdo sat chat lugng chuyén Lam Son — Thanh Héa nam 2017]
Choham s6 y = 2X+2

c6 d6 thi (C) . Duong thing (d):y=x+1 cat d6 thi (C) tai 2 diém

phan biét M, N th1 tung do diém | caa doan théng MN béng
A. -3 B. 2

C.1
GIAI
& Cach1:CASIO

D. 2

» Phuong trinh hoanh d¢ giao diém % =X+1 . Nhap phuwong trinh nay vao may

tinh Casio va do nghiém :

= 2w O] () 2@ M) 0] = @ & (I bew) O 3 G O (e

ME]E]EMQ@@ Mt
et 1 e [.::'::-I-]--] _= [.::'::-I-].-]

yo ! 3 -1
L—E: I:I L_E= I:I

=3=y,=x+1=4
Ta c6 ngay 2 nghiém & h=% =y, = Nty o
X,==-1=Yy,=X+1=0
— Dap s6 chinh xacla D
VDA4-[Thi tht chuyén Vi Thanh - Hiu Giang lan 1 nam 2017]

Tim tat ca cac gia tri thuc cua tham s6 m sao cho d6 thi ham s6 y=x"+mx+16 cat truc
hoanh tai 3 diém phan biét

A. m>12 B. m<-12 C. m<0
thoa

GIAI
& Cach1: CASIO

D. Khong c6 m

> D& d6 thi ham s6 y=x’+mx+16 cat truc hoanh tai 3 diém phan biét thi phuong
trinh x*+mx+16=0 (1) c6 3 nghiém phan biét

»> Vo6i m=14 st dung lénh gidi phwong trinh bac 3 MODE 5
(5@ HENENBNE0EEEEE

Math¥ Math Wik
=

hz=
-1 ..I;IEEEIEE'HI 0. 5291069456+3, »

Ta thay nghiém X,;X, la nghiém a0 = khong da 3 nghiém thyc = m=14 khong
thoa = A sai
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» V6i m=-14 st dung lénh gidi phuong trinh bac 3 MODE 5

EEEHDENEEHEDNEBEDNEEEEE

::{ 1 _ Math¥ ::l;:E= Fi] MathWik
-4, EIEEIEE:;D‘E 2918522599
hE=
1.299:64 103

Ta thdy ra 3 nghiém thuc = Dép an diang c6 thé 1a B hodc C
Thtt thém mot gia tri m=-1 nira thi thdy m=-1 khong thoa
— Dap s6 chinh xacla B

VD5-[Thi tht chuyén Vi Thanh - Hiu Giang lan 1 nam 2017]

v i 5] =%x4 3 +§ ¢6 b thi 1a (C) . Biét dudng thing y=—4x+3 tiép xtic voi
(C) tai diém A va cit (C) tai diém B . Tim tung do cua diém B

A.1 B. 15 C. 3 D. -1
GIAI

<+ Cach1:CASIO

» Thiét lap phuong trinh hoanh d¢ giao diém %X4 -3x? +g =—4x+3 . St dung SHIFT
SOLVE dé€ do 2 nghiém phuong trinh trén

B0 NEAEHBEEXEHER®ERI®
BlolnmEblsEEBEEEEEE
R RE R, TP e A, 1
A= 1 a= -3
L-R= 0 L-R= I
> Néu A latiép diém thi y'(x,)=0, B la giao diém = y'(x;) =0 .

A EE k@@ EHEE NP BHER®R®

@ E] E] R Math &
o [ xd =
D[ B -aw2+ 2|, p
-4

= Xz =1= Yy =—4%x;+3=-1

= Dap s6 chinh xacla D
VD6-[Thi HK1 THPT HN-Amsterdam nam 2017]
Cho ham s6 y=x*—2mx*+m’ -4 ¢6 d6 thi (C) . Vi gid tri ndo ctia tham s6 m thi do thi
(C) cat truc Ox tai bon diém phan biét trong d6 c6 dting 3 diém c6 hoanh d6 16n hon —1 ?

m<-1
A. 3<m<-1 B. 2<m<2 C.2<m<3 D.{
m >3

GIAI
& Cach1:T.CASIO
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» S6 nghiém cua do thi (C) va truc hoanh la s& nghiém ctia phuong trinh hoanh d6
giao diém. x* —2mx*+m’-4=0 (1). D4t x* =t thi (1)< t*-2mt+m’-4=0 (2)

> Ta hi€u 1 nghiém t>0 sé sinh ra 2 nghiém x= +Jt . Khi phuong trinh (2) co 2
nghiém t, >t, >0 thi phwong trinh (1) c6 4 nghiém —/t; < —\/t: < \/t: < \/tj . Vay dé
phuong trinh (1) c6 4 nghiém phan biét trong dé c6 dang 3 diém cd hoanh d¢ 16n
hon -1 (tcla 1 diém cé hoanh d6 nho hon -1) thi 0<t, <1<t (¥)
Thtt v6i m=-25 Xét phuong trinh t* —2mt+m*-4=0

o (HEHEEHEERUEHEEREEE

MathW¥ [F:] Math Wi
n1= W=
o

2 1
Z Z
Théa man (*)=>m=2.5 thoa = C la d4p sd chinh xac

BAI TAP TU LUYEN

Bai 1-[Thi thtt chuyén Vi Thanh — Hau Giang Ian 1 nam 2017]
Tim t4t ca cac gia tri thyc cta tham s§ m dé phuong trinh 2x°+3x*—12x=m c6 dting 1
nghiém duong
- =— m< -7
m<-—7 B m=-7 C. {

D. Khong co m
m > 20

“Im>0 |m>0
thoa
Bai 3-[Thi thit THPT Luc Ngan - Bac Giang lan 1 nam 2017]
Tim tat ca gid tri m d&€ duong thang y=m cit @6 thi ham s& y=x*-3x*+2 tai 3 diém

phan biét c6 hoanh d6 16n hon —%

A.0<m<?2 B. 2<m<?2 C.§<m<2 D. 2<m<?2

Bai 3-[Thi HSG tinh Ninh Binh nam 2017]
Tim tat ca céc gia tri thuc ctia tham s6 m dé€ phwong trinh 4 —2*246=m 6 3 nghiém
phan biét ?

A.m=3 B. m>2 C.2<m<3 D. 2<m<3
Bai 4-[Thi thit THPT Luc Ngan - Bic Giang lan 1 nam 2017]

S8 nguyén duong 16n nhat d€ phuong trinh 25t —(m+ 2)51“’!1_7 +2m+1=0 c6 nghiém
?
A. 20 B. 35 C. 30 D. 25

Bai 5-[Thi HK1 chuyén Amsterdam -HN nam 2017]
Tap gia tri cia tham s6 m dé€ phuong trinh 5.16" —2.81" =m.36" c6 dung 1 nghiém ?
m< —\/5

A. m>0 B C.Véimoi m D. Khong ton

. mz \/5
tai m
Bai 6-[Thi HK1 THPT Ngo6 Thi Nham - HN nam 2017]
Phuong trinh log, x —log, (x—~2) =log ; m v6 nghiém khi :
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LOI GIAI BAI TAP TU LUYEN

Bai 1-[Thi tht chuyén Vi Thanh - Hiu Giang lan 1 nam 2017]
Tim tat ca cac gid tri thuc cta tham s6 m dé phuong trinh 2x° +3x* —12x=m c6 ding 1

nghiém duong

A | B.|"= C. D. Khéng c6 m
m>0 m>0 m > 20
thoa
GIAI

» Dt f(x)=4" —2°"2+6. Khi d6 phuong trinh ban dau < f(x)=m (1) . D& (1) c6 dung 1
nghiém duwong thi duong thang y=m cat d6 thi ham s8 y= f (x) tai dtng 1 diém c6
hoanh d¢ duong.

» Khao satham s8 y = f (x) v6i chitc ning MODE 7

g??%!??%gi%!g??&g%@%ﬁ' BeoHEmNHAEHOREDDEEE0EE

F] Math F] Math
J ¥ Fi ol Finl_
o| —— ag I -
Bl -1.5 I8 12l 1.5l -u.5

» Ta thdy d6 thi c6 gia tri cuec dai la 20 va gia tri cye tiéu 1a —7 va ta sé mo ta dwoc duwong di

cta f(x) nhusau:

=m>0 .
~ thi hai do thi cat nhau tai dung 1 diém c6 hoanh d6 duong.— Dép an

RO rang {y

B chinh xac
Bai 3-[Thi thit THPT Luc Ngan — Bac Giang Ian 1 nam 2017]
Tim tat ca gid tri m d€ duong thang y=m cat d6 thi ham s6 y=x*-3x"+2 tai 3 diém

phan biét c6 hoanh d6 16n hon —%

A. 0<m<2 B. 2<m<2 C.%<m<2 D. 2<m<2
GIAI
= S3 giao diém ctia duong thang va d6 thi ham sd trén la s6 giao diém ctia phuong trinh
XX -3 +2=m< x*-3x*+2-m=0
* Thir vdi m=-2 . Giai phuong trinh bac 3 véi tinh nang MODE 5 4
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A HEHEE0EAHOEHANEEE

[F: Math¥ [F: Math &

h1= hE=
-1 2

Ta thay chi c6 2 nghiém = 2 giao diém = m=-2 khong thoa man = Pap an D sai
* Thir voi m=-1 . Gidi phuong trinh bac 3 véi tinh nang MODE 5 4

MIEEJEZ]IIg;[:%gg[:][][:][][:][][j
h1=

-[. 58793852416

Ta thay c6 nghiém < —% = m=-1 khong thoa man = Dap an B sai

* Thit vdi m=1. Giai phuwong trinh bac 3 voi tinh nang MODE 5 4

mIBEJ[Z]E]E%[Z]g;}:][ﬂ[:][][:][][j
hE=

-0, Ba20ea5062

Ta thay c6 nghiém < —% = m=1 khong thoa man = Dap an A sai

= Dap an C con lai la dap an chinh xac
Bai 3-[Thi HSG tinh Ninh Binh nam 2017]
Tim tat ca céc gia tri thuc ctia tham s6 m d€ phwong trinh 4 —2*24+6=m 6 3 nghiém
phan biét ?
A. m=3 B. m>2 C.2<m<3 D. 2<m<3

GIAI

= Dat f(x)=4" —2"*?1+6.Khi d6 phwong trinh ban dau < f (x)=m

= Str dung Casio khao sat sy bién thién cua d6 thi ham s6 y = f (x) véi thiét 1ap Start -4

End 5 Step 0.5

g%%gﬁgﬂgﬁg?%ﬁ%gﬂ(:ﬂ:]E]lﬂlmﬂlﬂlﬁlﬂ[:ﬂ:DHIE][jtj[][]

= Math
n F (4
g -1 E|a.50d,
=

* Quan sat bang bién thién ta vé duong di cia ham sd
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S L W PR ¥ W F N N St R g A LA I R LA AN FATSA Y FIY SR AL AR TR LI 4 IF NS LIRLEL FANF RSP LN _J o

v

RS rang y =3 cat d6 thi ham s6 y = f (x) tai 3 diém phan biét vay dap én A la chinh xac
Bai 4-[Thi thit THPT Luc Ngan - Bic Giang lin 1 nam 2017]
S8 nguyén duwong 16n nhat d€ phuwong trinh 25t —(m+ 2)5141*7 +2m+1=0 ¢6 nghiém
?

A. 20 B. 35 C. 30 D. 25
GIAI
25t _p 5 g

5 g

l+ﬁ _ l+\/]?
25 - \/13;5 +1. Khi d6 phuong trinh ban dau < f (x)=m
5V 2

* Colap m ta dugc m=

» Pit f(x)=

* St dung Casio khao sat sy bién thién ctia d6 thi ham s6 y = f (x) v6i thiét 1ap Start -1
End 1 Step 2

g (7 (E Q1E I HH@EOBEEN D EH R X E @) 0]
va) (] (= (i) O (23 &> & () (1 @ (5) (o9 (1) (] (va) (1] (=) () O] (3 &> ®
BHEE

* Quan sat bang bién thién ta thay f(x)< f(0)=25.043.. hay m< f(0) vdy m nguyén
duong 16n nhatla 25 = D la dap an chinh xac
Bai 5-[Thi HK1 chuyén Amsterdam -HN nam 2017]
Tap gia tri cia tham s6 m dé€ phuong trinh 5.16" —2.81" =m.36" c6 dang 1 nghiém ?

<—/2 W
A. m>0 B.|" iz C. V6éimoi m D. Khong ton
mz\/E
tai m
GIAI
* Colap m ta duoc m:—5.163;x2.81

_ 5.16" - 2.81"

= Pat f (X) . Khi d6 phwong trinh ban dau < f (X) =m
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St dung Casio khao sét su bién thién ctia 6 thi ham s6 y = f (x) voi thiét 1ap Start —9
End 10 Step 1

fwoog) (7] (5 (5] (X) (4] (6] (=) () ) & (=) (2) (X (8] () (&) () O] @ (3] (€] (=Y
wWEEEOEINNEAE

Math

=1

J2gu. 2
1US9. 6

Quan sat bang bién thién ta thdy f (x) ludén giam hay ham s8'y = f (x) luén nghich bién.
Diéu nay c6 nghia la duong thdng y=m ludn cit d6 thi ham s6 y = f (x) tai 1 diém = C
chinh xac
Bai 6-[Thi HK1 THPT Ng6 Thi Nham - HN nam 2017]
Phuong trinh log, x—log, (x—~2) =log ; m v6 nghiém khi :

A. m>1 B. m<0 C.0<m<1 D. m<1
GIAI
biéu kién : x> 2. Phuong trinh ban ddu < log, [sz =2log,m< %Iog3 [Lz] =log, m

X —

/ X X
<:>|Og3 E=|093m®m= E

Dé phuong trinh ban dau v nghiém thi duong thang y=m khong cat d6 thi ham s6

y= f(x)=\/g

Str dung Casio khao sat su bién thién ctua d6 thi ham s6 y = f (x) v6i thiét 1ap Start 2 End
10 Step 0.5
fwoog @D =B @k EEAEEREMO0OE0MEEE

FIIEII:I o
| ﬁ': EREOFK
- g« 5| 2.236
3 31 1.1732

D& khao sat chinh x4c hon ta tinh giéi han cia ham f (x) khi x tiéntdi2 canla 2 va + o
E ) @E =2 D0EIEE
at
&

iz
1. 000000001

Vay lim =1

X—>+oc

saQ)RQ)p2r2+0.0000001=
=

Math A
A

iz
4472, 136067

Vay lim f (x) =+

x—2"
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* Quan sat bang gia tri va 2 giéi han ta vé duwong di ca d6 thi ham s6 y = f(x) va su tuwong
giao

J\vlim =1

Ta thdy ngay m<1 thi 2 d6 thi khong cat nhau hay phuong trinh ban dau vé nghiém
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PHUONG PHAP CASIO - VINACAL

BAI 8. PAO HAM.

1) KIEN THUC NEN TANG
1. Lénh tinh dao ham cdp 1: qy

2. Cong thirc tinh dao ham cdp 2: y"(x,) = Y'(% +0(')0888§;'i_ y'(%)

3. Du doan cong thitc dao ham bacn:
= Budc1: Tinh dao ham cap 1, dao ham cap 2, dao ham cap 3
* Buwdc 2 : Tim quy luat vé dau, vé hé s6, vé s6 bién, vé s6 mi roi rut ra cong thirc
tong quat.

2) VI DU MINH HOA

Bai 1-[Pé minh hoa thi THPT Quéc Gian Ian 1 nim 2017]

Tinh dao ham ciia ham sd y = th
, 1-2(x+1)In2 ., 1+2(x+1)In2
Ay ==———r By =—0 —
1-2(x+1)In2 . 142(x+1)In2
C. y':T Dy =T

GIAI
% Cach1:CASIO

» Chon x=1.25 rdi tinh dao ham ctia ham sd y = X4—J;1Ta c6: y'(1.25)=-0.3746.... St

dung 1énh tinh tich phan ta c6:
GAEEEIEH DO e UNREE
d ;H:+1 = Math &
dx [ d_r-:]| x=1.25
-0, 3746185104
» Néu dap an A dung thi y'(1.25) ciing phai giéng y' ¢ trén . St dung 1énh tinh gia
tri CALC ta c6
B0 R AR 0]E OG0 (20)@ (@) 9 2] MW O] Caw (1]
DEEe |
1-2ix+111n0E)
=ZH
-, 37461685104
Ta thay giong hét nhau = RO rang ddp 4n ding la A
Bai 2-[Thi tht bao Toan hoc tudi tré Ian 4 nam 2017]
Cho ham s6 y =¢* (3— xz) .Pao ham ctia ham s0 triét tiéu tai cac diém :
A. x=1,x=-3 B. x=1,x=3 C. x=-1x=3 D. x=0
GIAI
% Cach1:CASIO
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» Tahiéu : Dao ham bi triét tiéu tai diém x=x, tiecla f'(x,)=0
Xét f'(1)=0= x=1 thoa = Dép s6 dungla A hoidc B

(stiFT) (/=) (AP (x109) (o) (i) OJ @ (A (3] (=) A=

Math &
= I e AR

(K (32D b

1

> Xét f'(-3)=0= x=-3 thoa = Dap s chinh xacla A

!!0p3= O] Math A
u| & =

9 (5(3-02))]

1

Bai 3-[Thi HK1 THPT Kim Lién — Ha N¢i nam 2017]

1
Cho ham s& y =2016.¢""© . Khang dinh nao sau day la khang dinh dtng ?
A. y'+2yIn2=0 B. y'+3yIn2=0 C. y'-8yIn2=0
y'+8yln2=0
GIAI
% Cach1:CASIO

D.

1
» Chon x=125 16i tinh dao ham cia ham s&6 y=2016e " Ta 6

y'(1.25) =-0.3746.... Luu gia tri nay vao bién A cho gon.

EAERAOOEEFNEIE ) XNMOEE )

@@@hl ® Math &
%[EDIEEH}:IHH-:F ANS+g
-311.5857213 -311.5857213

» Tinh gi4 tri ctia y tai x=125 . Ta ¢6 y(1.25)= Néu dép an A dung thi y'(1.25)
cling phai gidng y' & trén . St dung lénh tinh gia tri CALC ta c6

EBHEEMARM OB OO EAMN® 2 &) @ ww O]t ()

B@@@ = Math & = Math &
EDIEEHHIH (151 IEIT'IS'}E
149, 8400965 149, 8400965

Ta thay B;Ar\12 =-3= A+3BIn2=0 = Ddp an chinh xacla B

SlmalClmEminlalnls

Math
A
ElrniZ)

-3
Bai 4-[Thi thtt THPT Quang Xwong -Thanh Héa lan 1 nam 2017]
Tinh dao ham c&p hai ctia ham s6 sau y =(1-2x)" tai diém x=2 1a/

A. 81 B. 432 C. 108 D. -216
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GIAI
% Cach1:CASIO
f'(%+Ax)— (X))
AX,
Chon Ax=0.000001 16i tinh dao ham caa ham s6 y=(1- 2X)4. Tinh

y'(2+0,000001) = A.

(5aFT) (=) (i) (x109) () (i) O O [sin) COUHOWHXOOA
=

> Ap dung cong thie f"(x,)=

S (01-280%)|, op ANS*A
216, 000432 216, 000432

> Tinh f'(2)=B .
@ @ @ (ey oL (0eD) (OED) (oEL) (0ED) @EL) (0ED REL) (=) (s1FT) (el b2
[P

d Math & ] Math &
S (01-2514),_, HAns*H
216 216
Lép vao cong thitce () = (X°+AA);)_f (%) _ 43  Dap 5 chinh xac 1a B
E]@@E]@@@@@m@
Fi—E;
o, ooooo1
432, 000247

Bai 5-[Thi Hoc sinh gidi tinh Phta Tho nam 2017]
Cho ham s& f (x)=e"sinx . Tinh f "(0)

A. 2¢ B.1 C. 2 D. 2e
GIAI

« Cach1:CASIO
f(X, +Ax)— (X))

AX,

Chon Ax=0.000001 r6i tinh dao ham cta ham s& f(x)=e"sinx. Tinh
y'(0+0,001) = A.

> Ap dung cong thic f"(%,)=

(Cha y bai toan ¢d yéu t6 lugng giac phai chuyén may tinh vé ché do Radian)
(sFr) () (i) (x10) (o) (cel) (5] @ [sin) Clult DD O E
B

[P

|j Math & F Math &
= LetsinlH)| .k ANS*A

=o0001 200001

200000 200000

> Tinh f'(0)=B .
(stiFT) (/=) (uein) (x109) (o) (i) O] O (sin) OB OE
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Math & F] Math &

2" Slni}i:l:l| _p Ans=B
1 1

, f AX)—f'
Lap vao cong thire f"(x,)= 0+ A);) () =2 =Dap s chinh x4c1a C

B0 Eim- 000U D0AE

Math &
A—E
0. 000001

1.999999613
Bai 6-[Thi Hoc sinh gidi tinh Ninh Binh nam 2017]
Cho ham s§ y=e*sinx , dit F = y"+ 2y’ khang dinh nao sau day dung ?
A. F=-2y B. F=y C.F=-y D. F=2y
GIAI
« Cach1:CASIO

f (%, +Ax)— (X))

AX,
Chon x=2, Ax=0.000001 r6i tinh dao ham cuia ham s6 y=e*sinx. Tinh
y'(2+0,001) =

(st7) (wopg) () (i) (&) () (x107) (o) (=) () O B [sin) ®2)H 0
E]E][:H:]E]E3£:]C]lﬁlllll

Math & F] Math &

E[E‘Hamimﬂxg ANS+A
-0, 1795792622 -0, 1795792622

> Tinh f'(0)=B

@ @ < (oet) oet) oet) oed) oer) oed) oEd) oED) 0ED) (=) () () )

Math & Math &

EEE‘HSmEHJMIE Ans+B
-0, 1793793748 -0, 1793793748

f1(% +Ax)— ()
AX,

B OB im - @000 @0HE

Math & Math &

i +
0, o000 1 Ang=L

0. 112635415 0.112635415

» TinhF =y"+2y'=C+2B=-0.2461...= -2y — Dap s0 chinh xacla A

> Ap dung cong thizc f "(%) =

Lap vao cong thirc f"(x,)= =C

Bai 7 : Mot vat chuyén dong theo quy luat S = —%t3 +9t? voi thoi gian t(s) 1a khoang thoi
gian tinh tir ltc vat bat dau chuyén dong va S(m) la quang duong vat di duoc trong thoi
gian d6. Hoi trong khoang thoi gian 10(s) ké tir ltic bat dau chuyén dong, van tdc 16n nhat

cta vat dat duoc béng bao nhiéu ?
A. 216(m/s) B. 30(m/s) C. 400(m/s) D. 54(m/s)
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GIAI
% Cach1:CASIO
> Ta hiéu : trong chuyén dong bién doi theo thoi gian thi quang duong la nguyén
ham cta van t6c hay noi cach khac, van tdc la dao ham cua quang duong

:>v(t)=—§t2+18t

> D€ tim gid tri 16n nhat caa v(t) trong khoang thoi gian tir 0 dén 10(s) ta st dung
chtrc nang MODE 7 véi thiét lap Start 0 End 10 Step 1

m@@@@@@@@@@@

F]
n Finl
Ol 5S2.5
T 54
Tl 52.5

Math

b
1
;|

Ta thdy ngay van t6c 16n nhat 1a 54(m/s) dat duoc tai giay thir 6
— Dap s6 chinh xacla D

Bai 8 : Mot vat roi ti do theo phuong trinh S = % gt’> véi g = 9.8(m/ 52) . Van tOc tic thoi

ctia vat tai thoi diém t =5s la:
A. 122.5(m/s) B. 295 C. 10(m/s) D. 49(m/s)
GIAI
% Cach1:CASIO
> Tahiéu : Van toc tirc thoi trong chuyén dong bién d6i tai thoi diém t=t, c6 gia trila

S(1)
HEEDODONODNEMIE®EE
N [

49

Ta thay van toc tai t, =5 la 49= Dap s6 chinh xacla D

BAI TAP TU LUYEN

Bai 1-[Dé minh hoa thi THPT Qudc Gian Ian 1 nam 2017]

Tinh dao ham ctia ham s6 y =13"

13"
~In13

A. y'=x13"" B. y'=13"1n13 C.y'=13" D.y

Bai 2-[Thi th&t bao Toan hoc tudi tré Ian 4 nim 2017]
DPao ham ctia ham s§ y =2*3" bang :
A. 6'In6 B. 6" C.2°+3 D. 27 4+3
Bai 3-[Thi thit chuyén Nguyén Thi Minh Khai lan 1 ndm 2017]
Cho ham s& f (x)=1In|cos3X| gié tri f (%j bang :
A. -3 B. 3 C. 2 D.1

Trang 68 Tai liéu Iwu hanh noi bo



TOM TAT KY THUAT SU’ DUNG CASIO - VINACAL HO TRQ GIAI BE THI MON TOAN 2017.

S L W PR ¥ W F N N St R g A LA I R LA AN FATSA Y FIY SR AL AR TR LI 4 IF NS LIRLEL FANF RSP LN _J o

3 2

Bai 4 : Cho ham s8 f (x)= X?+X?+ X . Khi d6 tap nghiém ctia bat phuong trinh f'(x)<0

la:

A. (0;+ oc) B. [—2;2] C. (— oc;+oc) D.Khong c6 m
thoa
Bai5:ChohamsS f(x)=xe" .Khidé f"(1) bang:

A. 10e B. 6¢ C. 4¢? D.10

v , LA 1 a . g T
Bai 6 : Tinh vi phan ciia ham s6 y =sinx tai diém X, = 3

A. dy= gdx B. dy= %dx C. dy = cos xdx D. dy = —coxdx
Bai 7 : D0 thi ham s§ y = ax® +bx® —x+3 ¢6 diém uén | (-2;1) khi:

A.az—l;bz—E B.a:—é;bz—l C.azi;b:§ D.a:l;b:—§

4 2 2 4 2 4 2
HP] 3
Bai8: Chohams8 y=30 XFC0S X i @6 ta o6 -
1—sin xcos X
A . y'=y B. y'=-y C.y"=2y D.y"=-2y
LOI GIAI BAITAP T U LUYEN
Bai 1-[Dé minh hoa thi THPT Qudc Gian 1an 1 nam 2017]
Tinh dao ham ctia ham s§ y =13"
13"
A. y'=x13" B. y'=13"1n13 Cy' =13 D. y'=
y=x y n y y Ini3

GIAI
Chon x=2 . Tinh y'(2)=433.4764...=13%In13= Dép 4n chinh xacla B
DE ® (2] E]

d ] Math &

= "
A 13| ez
4534764414

Bai 2-[Thi tht bao Toan hoc tudi tré Ian 4 nim 2017]
Dao ham ctia ham s3 y = 2*.3" bang :

A. 6'In6 B. 6° C. 2" +3 D. 2 +3

GIAI
Chon x=3 tinh y'(3)=387.0200...=6°In6 = Dap s6 chinh x4c 1a A
(surr) () (2] (= () O] & (X B) (&7 () DI &> & 8] B

[F|

Math &

B [2%x37)) s
287 0200454

Bai 3-[Thi thit chuyén Nguyén Thi Minh Khai lan 1 ndm 2017]
Cho ham s6 f (x)=In|cos3| gid tri f (%) bang :
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A. -3 B. 3 C.2 D.1
GIAI
» Tinh (In|cos3x|)':®(|cos3x|)'

—3c0s3x5in 3x
|cos 3|

cos?3x)' =
(cos” 3x)

* Tinh (|cos3x|)':(\/cos2 3x)'=
2+/cos? 3x

—35sin 3xc0s 3X

= (In|cos3x|)' =

T
~75)

12
(sur1) fwoe) (4] (=) (=) (3] (sin) (3] () O O (eeg) (3] (et) 5 O] © () oy o (3 (e
010 ® (=3 ) @) (00 () (1) (2) &

—ESin (5K COsS (5K
lcas (551 1<
-

= Ddp s0 chinh xac la A

|cos3xf

Bai 4 : Cho ham s& f (x) =X?3+X?2+ x . Khi d6 tap nghiém cta bat phuong trinh f'(x)<0
la:
A. (0;+) B. [—2;2] C. (—og+ox) D.Khong ¢4 m

thoa
GIAI

» Tinh y'=x"+x+1. y'<0= x* +x+1<0

* Nham duoc ludn hoac st dung tinh nang giai bat phuong trinh MODE INEQ
E@DHENENEDNEE

Math

Mo-Solution

= Ddp s6 chinh xacla D
Bai5: Chohams§ f(x)=xe* .Khidé f"(1) bang:
A. 10e B. 6e C. 4¢’ D.10
GIAI
= Tinh f'(1+0.000001) rdi lwu vao A

(suer) (=) (een) O] (X (arei) (10 () (areet) (O] (23 & & (1] (#) (0] (=] (0] (0] (0] (0] (0]

] (E) ) fe ()
L rep AF
0. 154872663 0. 154872663

= Tinh f'(1) r6i luu vao B

@ @ @ (0L (ED (oEL) (0L (0ED) (oEL) (OEL) (OED) OEL) (=) (sFT) (Rel) o)
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2 (e )|, Ans+B
a. 154545455 | a. 154845485
= Thiét lap y"= f (1+0(')(.)88883_f 1) =27.1828...=10e
Bh@@a@@@@@@@
. DHD_DEDDI
27. 18286827

— Dap s6 chinh xac1a A

a0 ; Cfa o ae . . i 4
Bai 6 : Tinh vi phan ciia ham s6 y =sinx tai diém X, =%

A. dy= gdx B. dy= %dx C. dy =cos xdx D. dy = —coxdx

GIAI
» Tkt y=sinx tién hanh vi phan 2 v€&: (y')dy =(sin x)'dx < dy =(sin x)"dx

= Tinh (sinx)' tai X, :%

fer) (=) sin) () 0] O @& (8] 1) (60 @ 3] &

Math &

g%csincxnnx=%
0.5

— Dap s6 chinh xac1a B

GIAI
» Hoanh d¢ diém udn la nghiém ctia phwong trinh y"=0
Tinh y'=3ax*+2bx+c = y"=6ax+2b.

y'=O<:>x=—%=—2<:>b=6a = DPdép s6 dung la A hodc C

» Véi a=—%;b=—g tinh tung d6 cua diém uén: y(2)=1

HEL®E®EIEEI®EHE R ® 2 WD) @) (=) MW O]
HEWEHRRE

—SHE-ZRE 3
1

— Dap s6 chinh xacla A
sin® x + cos® x

Bai8: Chohams6 y=—————— . Khidb6tacd:
- 1-sin xcos X

A y'=y B. y'=-y C.y"=2y D.y"=-2y
GIAI
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* Chon x _E Tinh y (—2+0 OOOOOlj roi lvu va A

(sur1) (=) (5 (sin) (2t) O O] (3 (3] & (] eod () O] OJ (=) (3) @ (1] (=) (sin) (uet)
0J 0 feed ) 01 B & & (B) o] pi) @ (1] (2] &)

Math & Math &

d [51HIH]J+GDE BNs+5
A%l 1-ziniRicos’

0. 7071055564 0. 7071055564

Tinh y'| Z | roi lwu va B
12

@ @ @ (0L (ED) (oEL) (oL (OED) (oEL) (EL) (OED) OEL) (=) (sFT) (Rel) o)

E‘Id.'-l'.' [ 511 HEF :I;i{:l"l:I id:"‘:-l-:lc.E-DI:IEE-F II:"-IS-}E
0. 7071067312 0. 7071067312
T A-B
Tinh y (12} 0.000001 =-1.2247...=-y
Sl@EziGulaluluulojulbls
0. I:IHI:II:IEI:II:I 1
-1. 22477 3R66T

* Tinh y( J @
12 2

(= Gin) (i) OJ O] (7 (3] HIEBMHMIIHI@@EJCDEJE]EJEMIHIHIEB
i) 5] O (eate) (surr) (<10 () (D (2] (B

[F Math &k
blrll.u'"..l"-'+L-L|b-|.|'"|a.|"-'

1-=in(RICco=(X]
46
Z
= Ddp s0 chinh xacla B

th
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PHUONG PHAP CASIO - VINACAL

BAI 9. TIM SO NGHIEM PHU'ONG TRINH - LOGARIT (P1).

Budc 1: Chuyén PT vé dang V€ trdi = 0 . Vay nghiém cua PT sé la gia tri cia x lam cho v€&
trdi =0

Budc 2: Str dung chirc nang CALC hodc MODE 7 hoac SHIFT SOLVE dé kiém tra xem
nghiém . Mot gia tri duoc goi la nghiém néu thay gid tri d6 vao vé trai thi dwgc két qua la
0

Budc 3: Tong hop két qua va chon ddp an diang nhat

*Panh gia chung: Str dung CALC sé hiéu qua nhat trong 3 cach

Chu y : Nhap gia tri log, b vao may tinh casio thi ta nhap loga:logb

2)VI DU MINH HOA

VD1-[Chuyén Khoa Hoc Ty Nhién 2017]
Phuwong trinh log, xlog, xlog, x = log, xlog, x+log, xlog, x+log, xlog, x cé tap nghiém la:

A {1} B. {2;4;6} C. {112} D. {148}
GIAI
% Cach1:CASIO
» Chuyén phuong trinh ve dang

log, xlog, xlogs x—log, xlog, x—log, xlog, x—log, xlog, x=0

Nhép v€ trai vao may tinh Casio
-@®--®-@®-.®-@
(2) & [ B0 & (i) (4] & (i) OJ & (=) flw]) @
@ () 0 @ ) e (6] & W) 0 & () (2) &

Math

mgﬁli:-::llngglim

Em
P

» Vi gia tri 1 xudt hién nhiéu nhat nén ta kiém tra xem 1 c6 phai la nghiém khong.
Néu 1 la nghiém thi dap an dung chi c6 thé 1a A, C, D. Con néu 1 khong phai la
nghiém thi ddp &n chita 11a A, C, D sai dan dén B la dap an dung.

Ta st dung chitc nang CALC

mm@ Math &
lnggiﬁjlngdiﬁﬁlb

0
Vay 1 la nghiém.
> Ta ti€p tuc ki€ém tra gid tri 12 c6 phai la nghiém khong
r12=
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Math &

1092071 109,811k
-4.971815303

DPay la mot két qua khac 0 vay 12 khong phai la nghiém = Dap an C sai
> Tiép tuc kiém tra gia tri 48 c6 phai la nghiém khong
r48=
Math &

109,081 109, (X1 1p
0

Vay 48 la nghiém chiing té D la dap an chinh xac.
+» Cach tham khao : Tu luan
» Diéukién x>0
» Truwong hop 1: Véi x=1 thi log,0=log,0=1log,x=0. Thé vao phuong trinh ban

dau thdy thao man vay x=1 la 1 nghiém.
* Truonghop2:Vdi x>0;x#1
1 _ 1 N 1 N 1
log, 2.10g, 4.log, 6 log, 2.l0og,4 log, 4.log, 6 log, 6.log, 2
<1=log, 6+log, 4+log, 2
<1=log, 48

Phwong trinh <

< Xx=48
VD2-[Thi HK1 THPT Lién Ha - Pong Anh nam 2017]

2X—2-m
Tap nghiém ctia phuwong trinh 35 xm =15 (m la tham s0) la :
A. {2;mlog, 5} B. {2;m+log, 5} C. {2} D. {2;m—log,5}
GIAI
% Cach1:CASIO

» Dé bai khong cho diéu kién rang budc cia m nén ta chon mdt gia tri m bat ki. Vi
2x-2-5 2%-2-5

du m=5 Phuong trinh tré thanh : 315 ** =15& 35 x5 -15=0
Nhap phuong trinh vao may tinh Casio

Bl D EH0eXEEE 2k D) =2 E 6@ b 0]

BECEEIE
W25
clx5 =5 -1

» Dap 4an nao cing c6 2 nén khong can kiém tra. Kiém tra nghiém
x=mlog,5=5log,5.

G (51 X1 (A (g (3] D) H (g B DI I E

Math &
Zh=2=5
EH— 1 }:_-5 =5 _
207771, alEs
Ra mot két qua khac 0 = Dap an A sai
» Tuwong tu tranghiém x=m-log,5=5-log,5

r5pgd)Pg3)=
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Math &

F]
ERH=E=5

Folag 55 g
i

Ra két qua bang 0 vay = Dép an chinh xac1a D
+» Cach tham khao : Tw luan

2x—-2-m 2x—-2-m 2x=2-m X—2

= Phuong trinh 35 *" =15 345 xm =315 o5 xm =370 o 5rem 32 (q)
X2 =(2-x)log,3

» Logarit hoa hai vé theo co s6 5. (1) &

Treong hop 1:Véi 2—x=0<x=2

Trueong hop 2: =—log;2< x—m=

X—m log, 2
VD3-[Chuyén Nguyén Thi Minh Khai Tp.HCM 2017] Goi X, va X, la 2 nghiém cua
phuong trinh 57 —8.5" +1=0 . Khi d6:
A x +X,=1 B. X, +X,=-2 C.x+X,=2 D. x,+x,=-1
GIAI
% Cach1:CASIO SHOLVE+CALC
Nhép v€ trai vao may tinh Casio. R6i nhan phim =d€ luu lai phuong trinh =

(5] (=) @) ew O (B D =) (8 (X (5] (23 few) O &> () (3]

< x=m-log,5

Math &

52H+ 1 _E}‘:EIIEH + 1

» Vi dap an khong cho 1 gia tri cu thé nén ta khong thé st dung duwoc chiic nang
CALC ma phai sit dung chitc nang do nghiém SHIFT SOLVE. Ta do nghiém vdi gia
tri X gan 1 cha han
qrl=

=
52H+1—EK5H+1

A= _D.EEEE#BI?TE

Math

Vay 1 la nghiém. Ta luvu nghiém nay vao bién A ro6i coi day la nghiém x,
qz
ANS+H
0. 2365491779

» Tacd x,=A Néudép an A la x, +Xx, =1 dtng thi x, =1—- A phai la nghiém. Ta goi lai

m Math &

phuong trinh ban dau r6i CALC véi gid tri 1- A
ErlpQz=

Math &

52H+ 1 _E}‘:EIIEH + 1

a2 040201 26

Két qua ra khac 0 vay 1- A khong phai la nghiém hay dap an A sai
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Twong ty nhu vay ta CALC vo6i cac gia tri x, cua dap an B, C, D. Cudi cung ta thay
gia tri —-1— A la nghiém. = Vay dép s0 chinh xacla D

) EHHEE O E

Math &

52H+ 1 _E_-:{EH +1

I
% Cach2:CASIO 2 LAN SHIFT SOLVE
Nhép v€ trai vao may tinh Casio. Nhan ntt dé€ luu v€ tréi lai r6i SHIFT SOLVE tim
nghiém thit nhat va luu vao A
(5] (9 (2) () ) (B () & (B (8] (X) (5] (= (ewt) O & () (3] (=] (snrer]) (cAc)
BDE
O Math O] Math &

Rl _Bnmi 4 ANS+H
W= [,2365491779
= i 0. 2365491779

Goi lai v€ trai. SHIFT SOLVE mot [an nita d€ tim nghiém tht hai va luu vao B
O =23
Fi] Math &

52H+ 1 _E}‘:EH +1

w=_ -1 .2355491'."%

Tacd A+B=-1

+¢ Cach tham khao : Ty luan

+
= Dat 5 =t khido 5% :(5*)2 =t* . Phuong trinh < 5t* —8t+1=0 @t:4_;/1_1
. Véit:4+\/1_1<35xzﬂc>xz|ogs4+\/l_l
5 5 5
VC'Yi'[=—4_\/1_1<:>5X=—4_\/1_1<:>x=logs—4_\/l_1
5 5 5
- Vay ><1+x2=|ogs4+5Jl_1+|ogs4+g/ﬁ=logs(4+:ﬁ]{4+5m]=I095é=—1

VD4-[Chuyén Vi Thanh - Hau Giang 2017] Phuong trinh 9 -3.3*+2=0 c6 hai nghiém
X, % (X <X,).Giatri A=2x+3x, la:

A. 4log, 2 B.1 C. 3log, 2 D. 2log, 3
GIAI

% Cach 1: CASIO SHIFT SLOVE + CALC

» Nhap v€ trai vao mdy tinh Casio r6i nhan nat d€ luu phuong trinh

B EHBXER) DI H R E

Math &

0% 33 40
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> Vi chua biét 2 dap 4n, ma 2 d4p an vai tro khong binh dang trong quan hé o dap
an. Nén ta phai st dung do ca 2 nghiém vdi chitc nang SHIFT SOLVE ¢ mttc do

kho hon . Dau tién ta do nghiém trong khoang dwong, cha han chon X gan véi 1
() ) (1) B
9 -3x 37 +2
= D.EED?E?TEEE

Math &

Luu nghiém nay vao gia tri A ta duwoc 1 nghiém.

qlz
ANS+A

0. 6309297536
> Vivtra do véi 1 gia tri duwong roi bay gio ta do nghiém trong khoang am, cha han
chon X gan -2 . Goi la phwong trinh va do nghiém

Eqrp2=

] Math &

Math &

%33 40
%= 0
[ —p= 0

Ta duwgc 1 nghiém nta la 0. Vi O0O<A nén x=0x,=A ta co
2% +3%X, =2.0+3.A~1.8927 =3log, 2
Vay dap s6 dung la C

% Cach 2: CASIO 2 LAN SHIFT SOLVE
Nhép vé€ trai vao mdy tinh Casio. Nhan nut dé€ lwu vé trdi lai r6i SHIFT SOLVE tim
nghiém tht nhat va luu vao A

(9] (=9 () O] & (=) (3] (X] (3] (=) (eew) O] & (F) (2] (=] (s [care) (1] (=)
(suF7) Red) ()
Of — s 37 4 0 BhS+H
w= . 6309297556
= [ 0. 6309297536

Goi lai v€ trai. SHIFT SOLVE mot lan niva dé€ tim nghiém tht hai va luu vao B

CEM@MEDE,,
at

9 =33+ 2

A= 1

L-R= I

Ta c6 2A+3B ~1.8927 =3log, 2
¢ Cach tham khao : Ty luan
- Dt 3=t khido 9" =(3) =3 =(3) =’
t=1
t=2"

» Phuong trinh <:>t2—3t+2:0<:{

» Voit=13"=1<x=0
Véit=2<3"=2<x=log,2
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Vay 2x, +3x, =2.0+3.log, 2=3log, 2

BAI TAP TU LUYEN

Bai 1-[Thi thir tinh Lim Péng - Ha Ni 2017] Giai phuong trinh 224 —g**

5 5
A.Vonghiém B.|* 2 c|* ™72 D. x= 17
4
X=2 X=2
Bai 2-[Chuyén Nguyén Thi Minh Khai 2017] Phuong trinh log, X+ log, (x*) = log, (4x)
A. {0;-2;2} B. {0;2} C. {-2,2} D. {2}

Bai 3-[THPT Luc Ngan - Bic Giang 2017] Phuwong trinh («/E —1)X +(\/§ +1)X —2x/§ =0 o
tich cdc nghiém la :
A.0 B. -1 C.1 D. 2
Bai 4-[THPT Nguyén Gia Thiéu -HN 2017]
Tich cdc nghiém ctia phwong trinh (5+ J24 )X + (5— J24 )X =101la:
Al B. 6 C. 4 D.1
Bai 5-[THPT Nguyén Gia Thiéu -HN 2017]
Tong cac nghiém ctia phuong trinh 25" —2(3—-x).5"+2x—7=01Ia:
A.l B. 6 C.2 D. -9
Bai 6-[THPT Pham Hong Thai -HN 2017]

Phuong trinh log, (2x).log, (Ej =2 c¢6 hai nghiém x;x, thoa man biéu thirc :
SAX
2

A. XX, =-2 B. x1+x2:% C. XlXZZE D. X, +Xx,=-1

Bai 7-[THPT Pham Héng Thai -HN 2017]
Tim tat ca cdc gid tri cia m d€ phuong trinh log: x—(m+2)log, x+3m—-1=0 c6 2 nghiém
XX, =27

28

A.m=g B. m=1 C. m=25 D.m:?

LOI GIAI BAI TAP TU LUYEN

Bai 1-[Thi thit tinh Lim Pong - Ha Néi 2017] Giai phuong trinh 2241 = g«
5 5 =
C. 2 D. x= ! _4 17

A.Vonghiém B.|" 2

GIAI
Phuong trinh 2*°** —8* =0 . Nhap vao méy tinh Casio roi kiém tra gi4 tri x =2

(2] (=9 (2] () O] (=3 (2 (8] (i) O] () () & (=) (8) (e () O] (=) (D) (eae) (2] (2
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[F: Math &

p —
QZRE—dR+l _oR-1
-b
F(2)=-6= Dap s6 B va C sai

7+J1_7 . 7+\/1_7
2 va X= 2

WD HEODODEHOEWODEHEOHHODOEG®

[F: Math & F] Math &

EEHE—4H+1_EH—1 EEHE—4H+1_EH—1

I I

Kiém tra gid tri x =

= D la dap an chinh xac
Bai 2-[Chuyén Nguyén Thi Minh Khai 2017] Phuong trinh log, x+log, (x* ) =log, (4x)
A. {0;-2;2} B. {0;2} C. {-22} D. {2}
GIAI
Phuong trinh log, x +log, (xz)— log, (4x)=0 . Nhap vao may tinh Casio roi ki€ém tra gia tri
x=0
@@@@@@@E]@@@

[P
Math ERROR

CAC] Cancel
C4JCe]1:iGOLO

Khong tinh duogc (vi x=0 khong thudc tap xac dinh) = Dap sd A va B sai
Kiém tra gia tri x=-2 = Van khong tinh duoc = Pap s6 C sai = Toém lai dap s6 D
chinh xac

SuEIRE
Math ERROR

CAC] fCancel
C41CkliGOLO

Bai 3-[THPT Luc Ngan - Bic Giang 2017] Phuong trinh (JE —1)X +(J§ +1)X _2J2=0 cb

Math

tich cadc nghiém la :
A.0 B. -1 C.1 D. 2
GIAI
Nhap phuong trinh (JE —1)X +(\/§ Jrl)X ~242=0 vao may tinh Casio r6i dung chirc nang

SHIFT SOLVE dé€ do nghiém. Ta dwoc 1 nghiém la 1

(A=) 2 = 0] 0] @ wew B0Je (3 ([J e 2] (3 @) 0J @ wew 0] &
(=) (2) va) (2] Gt ) (2 (E)

:I;id_@-nm:i@ﬁi“:i ¥
[-R= 0
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* Néu dép sd A dang thi nghiém con lai la 0 . S&¢ dung chiic néng CALC dé€ kiém tra. Ra
mot két qua khac 0 = Dap s6 A sai

r0=
(E-1)%+(F+1)
-0 [

» Tuong tw vay, kiém tra dap s6 B vdi gia tri x=-1 la nghiém = Dép sd B chinh xac

rpl=

Math &

(F-1%+(F+1)%
I

Bai 4-[THPT Nguyén Gia Thiéu -HN 2017]
Tich cdc nghiém ctia phuwong trinh (5+ J24 )X + (5—@ )X =101a:
Al B. 6 C. 4 D.1
GIAI
* Phrong trinh < (5+@)X +<5—\/ﬂ )X —10=0. Nhap v€ trai vao may tinh Casio r6i dung

(nJefy  E0af (Vm) (") (E=) (VE) () (V)R (MEDD d&  [@Do
(8°0) (iog) (In] (ps.D € (i) (=] (M) () duolyd (1) (o) (og) (in) (ewDé () (emla (3]

[AEHE R E® O] ) #H 6 (= 2] @) 0] (= wr

D=0 0@ 6 (2) E

E5+4'_J“+II5 4'_b
L R= D

» Tiép tuc SHIFT SOLVE mot lan nira d€ tim nghiém con lai = Nghiém con laila x=-1
qrp2=
Math

:Ili:5+4'_:l““+li5 4'_t>
L-F= D

= Dap s6 chinh xacla A
Bai 5-[THPT Nguyén Gia Thiéu -HN 2017]
Tong cac nghiém ctia phuong trinh 25" —2(3—-x).5" +2x—7=01Ia:
A.l B. 6 C.2 D. -9
GIAI
= Phuong trinh 25" —2(3-x).5"+2x—7=0. Nhéap vé trai vao mady tinh Casio roi dung chiic
nang SHIFT SOLVE dé do nghiém. Ta dwoc 1 nghiém la 1
(2] (5) () () O O (5 (2] (D (3) (&) () O] O (%) (5] () (et} ) & (#) (2 (e
DEDE I M [ E

Math A

2eF -2 3- HJEE +2lb
A= 1
L-R= I

» Tiép tuc SHIFT SOLVE mot lan nita d€ tim nghiém con lai = Nghiém con laila x=-1
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qro=qrp5=
;:-:: m :H:Ha.th - }:: m ;:Eath -
TR O AT o] S TR R o BT
A= 1 &= 1
L-F= 0 L-k= I
Khéng con nghiém nao ngoai 1 vay phwong trinh ¢ nghiém duy nhat = Dép s chinh
xacla A
Bai 6-[THPT Pham Héng Thai -HN 2017]
Phuong trinh log, (2x).log, (Ej =2 ¢6 hai nghiém x;;x, théa man biéu thuc:
S \X
2
A. XX, =-2 B.x1+x2=% C. X1Xz=§ D. x,+x,=-1
GIAI
Phuong trinh < log, (2x).log, (1] —2=0. Nhap vé€ trai vao mdy tinh Casio roi dung chtic
> \X
2

nang SHIFT SOLVE dé€ do nghiém. Ta dwgc 1 nghiém 1a 2
(es.0) (2] O (2] (i) 5] & (X) (eeD) (0] (] (B) O (B) (U @ ) DI > & (=) (2]
(stF) (cacc) (1] (Z)
= Math A
109z Lda =109, sk
= 5
[-R= ]
Tiép tuc SHIFT SOLVE mét [an nita dé€ tim nghiém con lai = Nghiém con laila x=-1

() @) (=) (2) (B

10920250109, b
A= 0. 25
L-R= 1

RO rang X,.X, = % = Ddép s6 chinh xacla C

Bai 7-[THPT Pham Héng Thai -HN 2017]
Tim tét ca cdc gid tri cia m dé€ phuong trinh log; x—(m+2)log, x+3m—-1=0 ¢4 2 nghiém

XX, =27
A.ng B. m=1 C. m=25 D.mzz—?f3
GIAI

D€ dé nhin ta dit an phu t =log, x . Phuong trinh < t*—(m+2)t+3m-1=0 (1)

Ta cd: XX, =27 < log,(xX, ) =log, 27 < log, x, +log, X, =3 < t, +t, =3

Khi dé6 phuong trinh bac hai (1) c& 2 nghiém théa man t+t,=3 =
A=(m+2)"-4(3m-1)>0

{Sztl+t2:m+2=3

A HE O EEB@AE S O)E OO M @ E
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Math &

(A+205-403%-1)
1

Vay m=1 théa man hé phuong trinh (*) = Déap s6 chinh xacla C
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S L W PR ¥ W F N N St R g A LA I R LA AN FATSA Y FIY SR AL AR TR LI 4 IF NS LIRLEL FANF RSP LN _J o

PHUONG PHAP CASIO - VINACAL

BAI 10. TIM SO NGHIEM PHU'O'NG TRINH - LOGARIT (P1).

1) PHUONG PHAP SU DUNG MODE 7,

Téng hgp phuong phap
Buwoc 1: Chuyén PT vé dang Vé'trdi =0
Buwdc 2: Sir dung chirc ning MODE 7 dé'xét 1dp bang Qid tri ciia vé'trdi
Budc 3: Quan sdt va dinh gid : +) Néu F(a)=0 thi a a1 nghiém
+) Néu F(a).F(b) <0 thi PT cd 1 nghiém thudc (a;b)

2) VI DU MINH HOA

VD1-[THPT Pham H‘(A)ng Thai - Ha Noi 2017]
S0 nghiém cuia phuong trinh 6.4 -12.6*+6.9* =0 la;
A.3 B.1 C.2 D.0
GIAI
s Cach1:CASIO
» Khoi dong chic ndang lap bang gia tri MODE 7 cta Casio réi nhap ham :
fwoog) (7] (€] (%) (4] (7 (i) (5] &> (=) (1 (2] (X (6] (=) () O] &> () (6] (X
(5] c! Math

f% =467 +£x9

» Thiét 1ap mién gia tricaa X la:Start -9 End 10 Step 1

BEEE50800E0E
May tinh cho ta bang gia tri :

]

ﬁ'l e
0. IBBEB
] 1]
I B

g
1o
11
Ta thay khi x=0 thi F (O) =0 vay x=0 la nghiém.

> Tiép tuc quan sat bang gia tri F(X) nhung khong c6 gid tri nao lam cho F(X)=0
hodc khoang nao lam cho F(X) ddi ddu. Diéu nay c6 nghia x=0 la nghiém duy
nhat
K&t luan : Phuong trinh ban dau c6 1 nghiém = Ta chon d4p 4n B

¢ Cach tham khao : Ty luan

* Vi 9" >0 nén ta co thé chia ca 2 vé cho 9"

Phwong trinh da cho < 6.%—12.27+ 6=0

o 6.(% x —12.[3]x +6=0 (1)
3 3

X 2X
. Dét(%) lat thi (gj —t2 . Khi d6 (1) < 6t ~12t+6=0 < 6(t 1)’ =0 >t =1
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= Vay (%) =l x=0

% Binh ludn:

e Dé€ st dung phuong phap Casio ma khong bi sét nghiém ta cé thé sit dung vai thiét
lap mién gid tri cia X d€ ki€ém tra. Ngoai Start -9 End 10 Step 1 ta cé thé thiét
lap Start —4 End 5 Start 0.5

BEEH0EE0MEE

] Math
] Finl

-Ti!_li 0. |BBE
-0.5

0. 101
1]
Ta quan sat bang gid tri van c6 1 nghiém x=0 duy nhat vay ta c6 thé yén tam hon

1
;|
g

vé lyra chon ctia minh.

e Theo cach ty luan ta thdy cac s6 hang déu c6 dang bac 2. Vi du 4 :(ZX)2 hoac
6" =2"3" vay ta biét day la phuong trinh dang dang cap bac 2.

e Dang phuong trinh dang cap bac 2 1a phuong trinh c6 dang ma® +nab+ pb® =0 ta

giai bang cach chia cho b® r6i dit an phu la % =t
VD2-[Thi th&t chuyén Thai Binh [dn 1 nim 2017]

So6 nghiém cta phuong trinh esm[xj] =tanXx trén doan [0; 27[] la:

A.l B. 2 C.3 D. 4
GIAI

s Cach1:CASIO

» Chuyén phuong trinh vé dang : esm(x_ij —tanx=0

27 -0
19

(sFr) (woe) (4] fuone) (7] (uet) (xi0) (o3 (sin) (ri) O] (=) (B (el (xi0) @ (4) & D] &

= ) ) ) 01 B B (0] & (2) (1) o) (5 (2] e (0] () (1) (8] B

Math

St dung chiic ning MODE 7 véi thiét 1ap Start 0 End 27 Step

FIIH:I FIIHZI
E| (0. BE 0. 2036 5 =gu 121
ul 0.992| =0.11 B| 1.6534] IU.35Y
S5l 1.3227] -2 181 T 1.984114.9039
Q. 551353372271 1.3227753554
F] Math
] F (il
IE 3. 636 E.Egg
u i!iELHE -1.BUH
d. 29021526
] Math
] F (i)

TN |-11.54

U. 36041 Y. 312U
d.52971549

» Quan sat bang gia tri ta thay 3 khoang d6i ddu nhu trén :

f (0.6613).f (0.992) <0 = c6 nghiém thudc khoang (0.6613,0.992)

munc

f(1.3227).1 (1.6634) <0 = c6 nghiém thudc khoang (1.3227;1.6534)
f(3.6376).f (3.9683) <0 = 6 nghiém thudc khoang (3.6376;3.9683)
f (4.6297).f (4.9604) <0 = c6 nghiém thudc khoang (4.6297;4.9604)
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K&t ludn : Phuong trinh ban dau c6 4 nghiém = Ta chon d4p an D
% Binh luan :
e DEé bai yéu cau tim nghiém thudc [0;27] nén Start =0 va End = 27
27 -0

e May tinh Casio tinh duoc bang gia tri gom 19 gia tri nén budc nhay Step =

= x
VDB-[THPT Nhan Chinh - Ha Noi 2017] Phuong trinh (V3++2)* =(V3-+2) 6 s8
nghiém am la :
A. 2 nghiém B. 3 nghiém C. 1 nghiém D. Khong co6
GIAI
% Cach1:CASIO
= x
» Chuyén phuong trinh vé dang : (\/§+ x/f)“ —(\/5—\/5) =0
Khéi dong chirc nang lap bang gia tri MODE 7 cta Casio roi nhap ham :
fuond (7] (3 (=) (3] & (H (&) (21 & O (=1 (B) (3] (rw) () @ [l O] (B (1
®® = [0 B = ke 2 0] @ ww O]
=

Math

fowi=4(f3-/21°

> Vi dé bai yéu cau nghiém am nén ta hiét 1dp mién gia tri cia X la:Start -9 End 0

Step 0.5

EEE6080E0MEE

Eogd () (M))iED () [ () @) (W))E) EQaEDg (ogfwda (M) LD
of |55
H -i.g E"I.Eﬂg

Ta thay khi x=—4 thi F(-4)=0 vay x=-4 la nghiém.
> Tiép tuc quan sat bang gia tri F(X) nhung khong c6 gia tri nao lam cho F(X)=0
hodc khoang nao lam cho F(X) déi dau.
biéu nay cé nghia x =—4 la nghiém am duy nhat
K&t luin : Phuong trinh ban dau c6 1 nghiém am = Ta chon dép én C
+» Cach tham khao : Tw luan
» Logarit hai vé€ theo co s6 duwong J3+42

B
_1_

Phuong trinh (v3+2) 1 =(V3—3)" = log 5y (VB ++2)" =log 5 (VB2

3X 3X 3 x=0
=~ —xlo 3-V2) ©o—=xXxoXx —+1 =0
<:>x+1 g\ﬁ“ﬁ(\/_ \/_) X+1 (X+1 j {X+1:—3<:>x:—4

» X =-4 thoa diéu kién. Vay ta c6 x =—4 la nghiém am thoa phuong trinh

% Binh luén :

¢ Phuwong trinh trén ¢6 2 co s6 khac nhau va s6 mii ¢6 nhan t chung. Vay day la dau
hiéu cua phwong phap Logarit hda 2 vé&

e Thuyc ra phuong trinh c6 2 nghiém x=0;x=-4 nhung dé bai chi hoi nghiém am
nén ta chi chon nghiém x =—4 va chon dap an C la dap an chinh xac
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e Vi dé bai hdi nghiém am nén ta thiét 1ap mién gia tri cua x cling thudc mién am
(-9:0)
VD4-[THPT Yén Thé - Bac Giang 20171 S8 nghiém cta phuong trinh
(3—«/§)X +7(3+\/§)X =2"°1la:
A. 2 B. 0 C.3 D.1
GIAI
% Cach1:CASIO
» Chuyén phuong trinh vé dang : (3—\/§)X + 7(3+\/§)X -2 =0
Khéi dong chiic nang lap bang gia tri MODE 7 cta Casio roi nhap ham :
w7(B]E = E® 0w e #H @A E) B M E® 0@l
® (=) (2] &
=

Math

fia=aF )t

» Thiét lap mién gid tri cia X la:Start -9 End 10 Step 1

BEeE50800E0E
May tinh cho ta bang gia tri :

FIIE:I e
g &1 =1.354
g ] 1]
N I2l.Ulb

Ta thay khi x=0 thi F(0)=0 vay x=0 la nghiém.
» Tiép tuc quan sat bang gia tri F(X)

FEE:I o
b & o« 4usy
1 =3 1.2917
;| -21-0.031

Ta lai thdy f(-3).f(-2)<0 vay gitta khoang (—3;-2) ton tai 1 nghiém
K&t luan : Phuong trinh ban dau c6 2 nghiém = Ta chon d4p 4n A

¢ Cach tham khao : Ty luan

* Vi 2°>0 nén ta cé thé chia ca 2 vé cho 2

EAs \/5] ~8=0

2

Phwong trinh da cho < [%} + 7[

- Dt [ﬁJ =t (t>0) thi [3“/5} I Y

2 2 t

<:>t+7.%—8=0c>t2—8t+7=0<:{

= Véi t=1®[¥J —1ex=0

Vc’rit:7<:>(¥J =7 x=log, ;7
2
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Vay phuong trinh ban dau ¢6 2 nghiém x=0;x=log, -7
2
+¢ Binh luan:
e Nhic lai mdt an niva néu f (a).f (b) <0 thi phuong trinh c6 nghiém thudc (a;b)

3+45 . 3-6
2 AT

e Tanhén thdy 2 dai luong nghich dado quen thudc nén ta tim cach

dé tao ra 2 dai lwong nay bang cach chia ca 2 vé& ciia phuwrong trinh cho 2*

X2 —2x+1 x2—2x-1 4
VD 5 : S8 nghiém ctia bat phuwong trinh (2++/3 +(2-3 =—— _ (Dla:
VD5:53ng phuong trinh (2++/3) " +(2-48) === M)
A.0 B.2 C.3 D.5
GIAI
% Céch1:CASIO
» Chuyén bt phuong trinh (1) vé dang : (2+J§)X o +<2—\/§)X - _ﬁ =0
X2 —2x+1 X2 —2x-1 4
> Nhap vé trai vao may tinh Casio: F(X)= 2+4/3 +(2-3 T
' , ()= (23] "+ e
(AR H =) B0 &) H O] (@3 (=) 2] aw O] B e #H A R]
H@EEERMw =R =0 EHE @W® 2]
SIBNEBICIC,
» Thiét 1ap mién gia tri cho x vdi Start -9 End 9 Step 1
EE0EM0EM0E
» May tinh Casio cho ta bang gia tri :
= Math
FILHl
] ﬁ': ugu3an
| -1]179. 13
10 Ol-".uUEU

Ta thdy f(-1).f(0)<0 vay phuong trinh ¢6 1 nghiém thudc (-1;0)

e

) Math

Finl
=M. UBU
1]

=M. UBU

Ta thdy f(1)=0 vay x=1 la nghiém ctia phwong trinh (1)

u Math

_5
Lai thdy f(2).f(3)<0 vay phuong trinh ¢6 1 nghiém thudc (2;3)

» K&t ludn : Phuong trinh (1) ¢6 3 nghiém = Chon dap 4n C

12
13
u

BAI TAP TU LUYEN

Bai 1-[Chuyén Khoa Hoc Tw Nhién 2017] S6 nghiém ctia phuwong trinh Iog(x—l)2 =2 1a

A. 2 B.1 C.0 D. Mot so khéc
Bai 2-[THPT Luc Ngan - Bic Giang 2017]
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S8 nghiém cua phuong trinh (x - 2)[Iogol5 (x2 —5Xx+ 6) +1] =01la:

Al B. 3 C.0 D. 2
Bai 3-[THPT Luc Ngan - Bic Giang 2017] Phuong trinh 3¢ 23 4 332 _ g2 -5x1 1

A. C6 ba nghiém thuc phan biét B. V6 nghiém

C. C6 hai nghiém thuc phan biét D. C6 bon nghiém thyc phan biét

1

Bai 4-[THPT HN Amsterdam 2017] Tim s6 nghiém ctia phuong trinh 2* + 2k =3

Al B.2 C.Vdsd D. Khoéng o
nghiém

Bai 5-[THPT Nhan Chinh — Ha N¢i 2017]
Cho phuong trinh 2log, x+log, (1—&) = % log 5 (X —2dx+ 2) . S0 nghiém cta phuong
3
trinh 1a ;
A. 2 nghiém B. V6 s0 nghiém C. 1 nghiém D. V6 nghiém
Bai 6-[Thi HK1 chuyén Nguyén Du - Péc Lac nam 2017]
Tim s6 nghiém cta phuong trinh log(x—2)° = 2log x + log 45 (x+4)

A.3 B. 2 C.0 D.1
BAI TAP TU LUYE
Bai 1-[Chuyén Khoa Hoc Tw Nhién 2017] S8 nghiém ctia phurong trinh log(x-1)" =+/2 1a
A. 2 B.1 C.0 D. Mot s6 khac
GIAI

Phuong trinh < log(x-1)"~+/2=0 . St dung chitc ndng MODE 7 dé tim s8 nghiém véi
Start -9 End 10 Step 1

o8 (7] (log) (G e ) H D D A D EH@RIEEEE 30O
BdE

F IIHII? o F IIHZI? e
5&5 0. 142 Iﬁﬁ? -0.01B
b -U|-0.016 1M 1| O« IUZ
1 =31 -0.21 g Bi0.2753

Ta thay c6 hai khoang d6i ddu = Phuong trinh ban dau cd 2 nghiém

= A la d4p an chinh xac

Cha y : D€ tranh bo sét nghiém ta thuong thi thém 1 hodc 2 Ian nira v6i hai khoang Start
End khac nhau Vi du Start —29 End —10 Step 1 hodc Sart 11 End 30 Step 1. Ta thdy khong
c6 khoang d6i dau nao nira

— Chéc &n hon véi 2 nghiém tim dwoc

Bai 2-[THPT Luc Ngan - Bic Giang 2017]
S8 nghiém ctia phuong trinh (X — 2)[IogO.5 (x* —5x+6) +1} =01la:

A.1l B. 3 C.0 D. 2
GIAI

X>3
Tim diéu kién cta phwong trinh : x> -5x+6>0 < {

o ® DO HONEHEEBEEE
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ASH B
AL e 3A

* Phuong trinh (x— 2)[Iogo.5 (x2 —5Xx+ 6) +1} =0 . Vi diéu kién chia hai khoang nén ta MODE
7 hai [an. Lan th nhat véi Start —7 End 2 Step 0.5
fooe) (7] (O (ew) O] (=) (2) OJ [ (et} (0] (=] (5] & (i) O] (23 (=) (8] (ae) O] ()
BoEIMNEEEHEHERAENMEE

F] Math
n FrLnl

ﬂ I.HEI]E

la51=-0.101

16
11
18

Ta thay c6 1 nghiém x=1
Lan th& hai véi Start 3 End 12 Start 0.5
AMEIEEEMORAE0NM0EE

F] Math
n Frinl

ﬂ Ca IEEE

U. 51-2. 261

[~
E|
U

Ta lai thdy c6 nghiém x=4 = Phuong trinh c6 2 nghiém 1 va 4. = Dap an chinh xac la
D

Bai 3-[THPT Luc Ngan - Bic Giang 2017] Phuong trinh 323 43¢ 32 3251 1

A. C6 ba nghiém thuc phan biét B. V6 nghiém
C. C6 hai nghiém thuc phan biét D. C6 bon nghiém thyc phan biét
GIAI
= Phuong trinh < 3727 43923291 _1_0 St dung MODE 7 v6i Start -9 End 0 Step
0.5

fooe) (7] (3] (o) () O (=) (=] (2] () O (=) (3] O () (3] (2 (arw) O] (3 (=) (B
) DH2EEEFEAENMEPEEEDDEHONEEHDEE
HeE0E0HEE

Math

" Fra
1] - ol NT- 1
11 1]
I8l -D0.515]1.692

Ta thdy c6 1 nghiém x=-1
» Tiép tuc MODE 7 véi Start 0 End 9 Step 0.5

EEe0EE0EHEE
Fi Math F Math F] Math
5| Fom % | Fim 4| Fiw
2 | 25817 y -0. 235 E | 092y
3 0 5 2 0 7 i
ul 1.51-0.238 Bl 2.5l1.092y Bl 3.5|-E56.5

Ta lai thdy c6 thém ba nghiém x=1,2;3 = Tdong cong 4 nghiém = Ddp an chinh xacla D

4
Bai 4-[THPT HN Amsterdam 2017] Tim s nghiém cta phuong trinh 2 + 2k =3 .
Al B.2 C. Vo sd D. Khoéng co
nghiém
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1
Phuwong trinh < 2% + 2% _3=0 (ditu kién x>0). St dung MODE 7 véi Start 0 End 4.5
Step 0.25

g (7 2 E D@ DEeH Q@ e e EHEEE0UE M
LEEOOREE

FIIH:? Math
| ﬁT EREOFR
gl Oug25]id.Uiy
3 O0.512. 6325

Trén doan [0;4.5] khong c6 nghiém nao
Tiép tuc MODE 7 véi Start 4.5 End 9 Step 0.25

NEEHLEEEENLAEE

FIIHII
| iﬂ-: ML
gl U."5|d.EHEY
3 512. 8598

Dut dodn phuong trinh vo nghiém. D& chan &n hon ta thtt [an cudi véi Start 9 End 28 Step 1

NEEHEEBEOE
- Fifh

b. 08
10]7.02d1
I118.02683

Gia tri ctia F(X) ludn ting dén +o« = Phuong trinh v6 nghiém = Dép 4n chinh xac la
D
Bai 5-[THPT Nhan Chinh - Ha N¢i 2017]

Cho phuong trinh 2|092X+|Ogl(1—&)=%Iogﬁ(x—2\/;+2). S6 nghiém ctia phuong
3
trinh la ;

A. 2 nghiém B. V6 s6 nghiém C. 1 nghiém D. V6 nghiém
GIAI

Phuong trinh <:>2logzx+logl(1 ﬁ)—%logﬁ(x—2&+2)=0(dféu kién 0<x<1). St

dung MODE 7 véi (Va)((l)) B (W) 0 @D [ (%m) (M) @) (=) 01

0% (7 @) 0 2) & @ ) ® B () B D @ B & ® [ 5 (& @8 O
eEEHEBIDNORCORERE®CEHNEHDEEWI®H @
@@@@@@9@@
Flil
-"E:E.:E'Eé
T10.5821

Q.G
Ta thay c6 1 nghiém duy nhét thudc khoang (0.6;0.7) = Dép &n chinh xac1a C

Bai 6-[Thi HK1 chuyén Nguyén Du - Pac Lac nam 2017]
Tim s& nghiém ctia phuwong trinh log(x— 2)2 =2log x +log ;5 (x+4)

A. 3 B. 2 C.0 D.1
GIAI
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» Phuong trinh < Iog(x—2)2 —2log x—Iog\/l_O(x+4) =0 (diéu kién x>0). St dung MODE 7
voi Start 0 End 4.5 Step 0.25
fuong) (7] (iog) (T (i) O] (=) (2] O] (23 BJ (&) (2] [eg) (aeed) 5] O] (=) (s (va) (1] (0]
® ® [ O] !!I WEEOELOEEO0MEEE

Math
n

e

|
=
E |
0. 25
Trén doan [O; 4.5] cd 1 nghiém
» Tiép tuc MODE 7 véi Start 4.5 End 9 Step 0.25
MdEEMAOE [:]'E;; OEO08REE
ot

b= F ot

-g. 368
U. 15| -2« 358
51-2.352

|
-
E |
Trén khoang nay khong thu dugc nghiém nao. D& chan dn hon ta tht [an cudi véi Start 9
End 28 Step 1

NEENEEBEOE
| | 5. e
2l ID0|-3.uBE
al  11]-3.526

Ciing khong thu dugc nghiém = Tém lai phuong trinh c6 nghiém duy nhat = Dap an
chinh xacla C
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PHU'O'NG PHAP CASIO - VINACAL

BAI 11. TIM SO NGHIEM PHU'ONG TRINH MU - LOGARIT (P2).

1) PHUONG PHAP SU DUNG SHIFT SOLVE|
Bai toan dit ra : Tim sé nghiém ctia phuong trinh /X ++/2x+1=x> —3x+1 ?
Xay dung phwong phap :
> Chuyén bai toan vé dang V& trai =0 khi d6 ~X++2x+1-x2+3x-1=0 va dt
f (x):\/§+\/2x+1—x2 +3x-1
> Nhap vé trai vao man hinh may tinh Casio
(va) (i) OJ & () (va) (2] () 3] () (10 0> (=) (el O] (23 () (3] () O (=)
SCJ‘r]dung chirc nang do nghiém SHIFT SOLVE véi nghiém gan gia tri 3
(str) (caLc) (3] (Z
May tinh bao c6 nghiém x =4
» Dé tim nghiém tiep thep ta tiép tuc su dung chirc nang SHIFT SOLVE, tuy nhién cau héi
dwgc dat ra la lam theé nao may tinh khéng lap lai gia tri nghiém x =4 vira tim dwgc ?
+) Dé tra 161 cau hoi nay ta phai triét tiéu nghiém x=4 & phuong trinh f (x)=0 di bang
f(x)

cach thuc hién 1 phép chia 4

P LA f i A , f(X) 2 4 ek
+) Sau do tiép tuc SHIFT SOLVE vai biéu thirc 1 de tim nghiém ti¢p theo.
+) Qué trinh nay lién tuc dén khi nao may tinh bao hét nghiém thi thoi.
Tong hop phwong phap
Budéc 1: Chuyén PT vé dang Vé trai = 0
Buwéc 2: Sur dung chize nang SHIFT SOLVE do nghiém
Budc 3: Khir nghiém da tim duroc Va tiép tuc sir dung SHIFT SOLVE dé do nghiém

2) Vi DU MINH HOQA
VD1-[THPT Pham Hong Thai — Ha Ngi 2017]
S6 nghiém cua phuong trinh 6.4 —12.6* +6.9* =0 1a;
A.3 B.1 C.2 D.0
GIAl
« Cach1l:CASIO
> Nhap vé trai ciia phuong trinh 6.4 —12.6* +6.9* =0 vao may tinh Casio :
(6] (X] (4] (2 (ei) O] & (=) (3] (2] (X] (€] () (e} O] &> (H) (6] (X] (0] (=
(et O

Math

4P - D g

> St dung chirc ning SHIFT SOLVE dé tim duoc nghiém thir nhat :

EHad@2E

Bred’ =1 2B +E=I"
A= 0
L-R= 0
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Ta thu dugc nghiém tht nhat x =0
» Beé nghiém x=0 khong xuat hién & lan do nghiém SHIFT SOLVE tiép theo ta chia phuong
trinh F (X)) cho nhéan tir x

® L) [ O]

Math

112HEH+EH9HJTH

Tiép tuc SHIFT SOLVE lan thy hai :

() Gl D &)
EEH#H—IEEEH+EHEP

:I.:=-=.'||:|5
L F=

107 ta hiéu la 0 (do céach Iam tron cia may tinh Casio) C6 nghia 1a may tinh khong thay
nghiém nao ngoai nghiém x=0 nra = Phuong trinh chi c6 nghiém duy nhat.
= Pap s6 chinh x&c 1a B

VD2: Sé nghiém ciia bit phuong trinh 2X % = 2 (1) la:
A3 B.2 C.0 D. 4
GIAl

% Céch1:CASIO
> Chuyén bat phuong trinh (1) vé dang : X2 —g =0

> Nhap V& trai cua phuong trinh 2% 2 —g: 0vao may tinh Casio roi nhat (=) dé luu vé tréi

vao may tinh . DO nghiém lan tha nhat véi x gan —1
RO EHRIE N EHER®RI®E
(swe] () (I (D 3

= Math ] Math

HE-_2K_5 27
2 = %= -0.758952935
L-R= L

Ta dugc nghiém x =-0.2589...
» Tiep theo ta s€ khir nghiém x =-0.2589... nhung nghiém nay lai rat 1é, vi vay ta s€ luu vao

bién A
s8] el (©)

Sau d6 goi lai phuong trinh va thuc hién phép chia nhan tir x— A dé khir nghiem A

@ M@0 e 0] = w (©) 0]

Math &

€22 0010

> Tiép tuc SHIFT SOLVE véi x gan 1 . Ta dugc nghiém thir hai va luu vao B

() o) () (1) &) ) el ()
Math &

I-.I-___lr'.——.r.r'.__J_[-::,:: II}
A= 2253952938
L-F= 0

Goi lai phwong trinh ban dau rdi thuc hién phép chia cho nhan tir x—B dé khir nghiém B
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@@ @@ ]E e (O] =) www © OJ (& 3w 0] (=) (ew
b O
Math &

&)+ Ay (Bl
Rdi do nghiém vai x gan 0

(r) @) B &) &

Can®t Solwe

Math

CAC] :Cancel
C4JLeliGEOLO i )
May tinh nhan Can’t Solve tuc la khdng thé do dugc nira (Het nghiém)
> K&t luan : Phuong trinh (1) ¢6 2 nghiém = Chon dép 4n B

VD3 : S6 nghiém ctia bat phuong trinh (2+\/_> e (2—\/§)X - :—\/_ D) la:
A.0 B.2 C.3 D.5
GIAl

% Céach1:CASIO
X% -2x+1 x%-2x-1 4 \ o .
> Nhap Vé trai phuong trinh (2+\/_) (2—«/5) o h =0 vao may tinh Casio ,
nhan nat (=] dé lvu phuong trinh lai va do nghiém tha nhat.
(O @3 a) 38)® O] (3 i OJ (=3 (=) (2] (e ) (H ) & (H ([ (2)
S B0 )@ HRA =0 EHE @@ @]

w

= (B E

(5w (o) (1) (=)

Lerdas 0 e
A= |
L -R= [

> Kht nghiém x=1 r6i do nghiém thu hai.
lrlalSiclut Shlzluzb ozl
at
L'-.i"'-ld.-'

A= 2.41421355%

Luu bién thir hai nay vao A

) el (©)
ANS+A
2.414219562

> Kht nghiém x=1;x = A rdi do nghiém thir ba. Luu nghiém nay vao B

® @@ OEMAMEN =00 E M@ Ew O] =) bew (©) O e
EE0ME

L Lt ) ] Math !I-? |';'||-'|S-:|.E= F Math &
A= -0.4142153562
L-F= 0 -0, 4142135624

> Khirnghiém x=1,x = A;x = B rdi do nghiém thir tu.
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@@@®®U@®=®DEMAE D) EE0])E M O] (=) W
© O E O ww O] =) w6 ¢ O] @ @d & & ©) E

Math
cCan®t Zal '-.-'E'

CACl Ccancel
C4lCel:Goto
Hét nghiém = Phuong trinh (1) ¢6 3 nghiém = Chon dap an C
VDA4-[Thi thir chuyén Thai Binh lan 1 nim 2017]

S6 nghiém cua phuong trinh esm(xﬂ =tanx trén doan [0;27] la:

Al B. 2 C.3 D. 4
GIAI

« Cach1l: CASIO

> Chuyén phuong trinh vé dang : e ( 7] —tan x =0. DO nghiém tha nhat réi luu vao A

(ri) (x10) (27 (sin) (aewt) O] (=) (&) (e (x10¥) D (4] & O] & (=) tan) (i) O O
=) () [ca) (2) [SHIFT] (x109 (=) (4] (=) (sHFT) (el -

Math & Math &

e VT 4 pantie  Ans+
A= D.?EEEE‘EIEE%

!

ba'ﬂ‘l""

> Goi lai phuong trinh ban dau . Khir nghiém x= A hay x == r6i do nghiém thir hai. Luu

nghiém tim dugc vao B
@ (@@ 0w O] (=) bt () B ) ) (F) (2] [ur (xi0
HM@E

Math &

Lo~ b Al
A= EE.??E-E#E-?%

Ra mot gia tri ndm ngoai khoang [0;27] . = Ta phai quay lai phuong phép 1 duing MODE
7 thi méi xir ly dugc. Vay ta c6 kinh nghiém khi dé bai yéu cau tim nghiém trén mién [; 3]
thi ta chon phuong phap 1ap bang gia tri MODE 7

VD5-[THPT Nhan Chinh — Ha Ngi 2017] Phuong trinh (J’ +2 ) (J— 2 ) ¢ sé nghiem
amla :
A. 2 nghiém B. 3 nghiém C. 1 nghiém D. Khbng ¢c6
GIAl
s Céach1l: CASIO
> Nhap vé trai phuwong trinh : («/_ +2 ) <\/§ J2 )X =0 , luu phuong trinh, do nghiém
thi nhat.
---.@®.-@ (3) (e O @ () ) (1) (I
®®E]-.@®E] ® OJ (9 (e )

Math &

Iia'_ﬂ'_]“ ‘—Ea'_b
LE— EI

> Goi lai phuong trinh, khir nghiém x =0 r6i do nghiém thi hai. Luu nghiém nay vao bién A

!
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<Z>C>IICDNZ>IIE]mmﬂllmwnmmnilE]EQE]&MIIIII
LE4'_+4'_$I" ‘—EF ARS+H

L R= D -2

> Khir hai nghiém x=0;x = A rdi dd nghiém thir ba.

@ @@ EH M 0] & w0 (3 @2 6] 6 Cad) (=) (] (0]

B
LEF+FJ"‘ *l—lir
|_ E— :=-=.'||:|

Ta hiéu 10 =0 tuc 1a may tinh khong do thém duoc nghiém nao khac 0
— Phuong trinh chi ¢6 1 nghiém &m x=-2 (nghiém x=0 khong théa) = Ta chon dap

anC
VD6-[THPT Yén Thé - Bic Giang 2017] S6 nghiém cia phuong trinh
(B—x/g)x+7(3+\/§)x =22 1a:
A 2 B. 0 C.3 D.1

GIAI
% Céch1: CASIO
> Nhap vé trai phuong trinh : (3—\/5 )X + 7<3+\/§ )X —2"*=0 vao may tinh Casio, luu
phuong trinh, do nghiém thir nhéat . Ta thu duoc nghiém x =0
(O E) &) 5] 0] =9 (e 0 o (#) () (A (3] (#) (va) (58] & O] (&7
IllllC)C]C]@ﬂlllllﬂ![][]ﬂﬂiﬂﬂﬂj[]

Math &

EE 4'_]““+?EE+4'_F
L R= D

> Khtr nghiém x=0 rdi tiép tuc do nghiém tha hai. Luu nghiém the hai vao A

® ([ @ @ O] (&) (e O (e () (1] (=) () el ()

L(3-E) +70a+ 68 Anssh
A= -2.021885215
L-R= I -2, 021885215

> Goi lai phuong trinh, khir nghiém x = 0;x = A rdi do nghiém thir ba.

@@ [®® O] E Ew O] & I e O] (=) few) (©) O (s €A
EBEaE

LEE 4'_3“+?EE+4'_F
L E_ }:.'II:I

Khoéng c6 nghiém thir ba = Ta chon dap an A

BAI TAP TU LUYEN

Bai 1-[Chuyén Khoa Hec Tw Nhién 2017] Sé nghiém cua phuong trinh log(x — ) J2 13

A. 2 B.1 C.0 D. Mot s6 khéc
Bai 2-[THPT Luc Ngan - Bac Giang 2017]
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S6 nghiém ctia phuong trinh (x—Z)[Iogos(x —5x+6)+1] 0la:

Al B.3 C.0 D. 2
Bai 3-[THPT Luc Ngan - Bic Giang 2017] Phuong trinh 3* 2 4332 =351 11

A. C6 ba nghiém thuc phan biét B. Vo nghiém

C. C6 hai nghiém thyuc phéan biét D. C6 bon nghiém thuc phan biét

1

Bai 4-[THPT HN Amsterdam 2017] Tim s6 nghiém cua phuong trinh 2* + 2% =3

Al B.2 C. Vb so D. Khéng c¢o
nghiém

Bai 5-[THPT Nhan Chinh — Ha Ngi 2017]
Cho phuong trinh 2log, x +log, (1—&) = % Iogﬁ (X —2x+ 2) . S6 nghiém cua phuong trinh 13 ;
3
A. 2 nghi¢m B. V6 sb nghiém o C. 1 nghiém D. VO nghiém
Bai 6-[Thi HK1 chuyén Nguyén Du — Pic Lic nim 2017]
Tim s6 nghiém ciia phuong trinh Iog(x—2)2 =2log x +log g (x+4)
A. 3 B. 2 C.0 D.1

BAI TAP TU LUYEN

Bai 1-[Chuyén Khoa Hec T Nhién 2017] S nghiém cua phuong trinh log(x—1)° =2 1a:

A. 2 B.1 C.0 D. Mot s6 khac
GIAI
Do nghiém thir nhat cua phuong trinh log(x—1)" —+/2 =0 rdi luu vao bién A

(o9 (T ) ) B (1) D) (23 O) &) () (2) (B () (i) (1) (&) ) e ()

Math & Math &

loalci-112)1-J2  fnsh
s= -4, 09455117
| -F= [ -4 09456117

Khtt nghiém tha nhat x=A rd6i do nghiém tha hai. Luu nghiém tha hai vao B
@@ 0@@®OEME ] E) wrw () O] 6 ) &) (5] &) 6 ke

EngEEH 132)=f2p fnssB
6 09456117
e i 6. 09456117

Khtr nghiém x = A;x =B rdi do nghiém thu ba.

@@®@®® (@@ 0]E I 0] = wew © O] &) (A bew 0] (=) few
b O ) (o) (B (E) S B E

Continue: [ ]Mm‘

A= -al097475h6. 6
L-R=1.715814=gl=

Khéng cé nghiém tha 3 = A la dép an chinh xac
Bai 2-[THPT Luc Ngan - Bac Giang 2017]

Sé nghiém cua phuong trinh (X—2)|:|090.5 (x* —5x+6)+1] =0la:

Al B.3 C.0 D. 2
GIAl
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Do nghigm thi nhit cia phuong trinh  (x—2)|logy,(X*~5x+6)+1]|=0

(3 e O] (=) (2) OJ (A (ewaD) (0] (-] (5] &> [ewy) O] (23 (=) (8] () O] () (6] B>
FO0OEEHEmEEEE

Ca—2)] 109, sLa<k

A= 1

L-R= 0 |

Ta dugc nghiém thir nhat x =1 . Khir nghiém nay va tién hanh do nghiém thu hai .

® @ ® O] [ 0 = @) 0 ) Cad (5] E)
O Math &
| Ca=22] 109, sLak
= 4
L-R= i |
Ta dugc thém nghiém tha hai x =4 . Khtr hai nghiém x =1;x =4 va tien hanh do nghiém thu ba .

@ EH I ww D) =) (@) 0 6 G (5 [0 E

Continues [ ]Mm

A= -9, 52406l =
L-R=9, 645545513

Khéng c6 nghiém thir ba = Dap s chinh xac 1a D

Bai 3-[THPT Luc Ngan - Bic Giang 2017] Phuong trinh 3% 23 4332 =32 -5x1 1

A. C6 ba nghiém thuc phan biét B. V0 nghiém
C. C0 hai nghiém thuc phéan biét D. C6 bon nghiém thuc phan biét
GIAI

Do nghiém thir nhét ciia phuong trinh 3° 22 4332 _ 32«1 _1_¢
(3] (3 () O] (23 (=) (2] (i) OJ (=) (3] & (#) (3] () () O] (3 (=) (3] (e
HEeHE )@ O] &) = E MW ) =0 =0 =) b g (1)

=
£_TwEoE Cne S
3% +3 I

A= 1
L-R= 0
Ta thay c6 1 nghiém x=1
Khtr nghiém x =1 rdi tiép tuc do nghiém thi hai

®J®®DIEH A0 =) 0] 0] &b (5] E

Math &

LEH-'“- —ZH—- 3+EH"¢— b

A= a

L-R= I .
Ta thu dugc nghiém x =3 . Khur hai nghiém trén roi tip tuc do nghiém tha ba
BEOEDEE0)HEEE S

Mat

LEHI——EH—S "'EHL_" b

= 2

L-F= I

Ta thu dugc nghiém x =2 . Khir ba nghiém trén roi tiép tuc do nghiém thi tu

@HWEwWJEEAMNIMC) B@E
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T wea
L EHf- —Zn=3 +EH=’- —ft:_
5= -1
L-F= o o

Ta thu dugc nghiém x =-1 . Khir bon nghiém trén roi tiép tuc do nghiém thir nam

@ H 19w D) # [0 0 ) (d (=) (8) E

Math
cCan’t Zalwe

CACl Ccancel
CA4lCeliGOTO
Khéng c6 nghiém thir nam = Dap an chinh xac la D

1
Bai 4-[THPT HN Amsterdam 2017] Tim sé nghiém cia phuong trinh 2% +2%* =3
Al B.2 C. Vo s D. Khéng c6
nghiém
GIAl

1 .
Do nghiém tht nhat cia phuong trinh < 2* + 2% _3=0 (dicu kién x=>0).
2] E M@ e O] & & (# (2) (&7 (va) (ew) O] & & (=] (3] e (cac) (1]
B

C]
CcCan’t Solwe

CAC] fCancel
C41Cel:Goto

Thay ngay phuong trinh v6 nghiém = Dap an chinh xac 1a D
Bai 5-[THPT Nha&n Chinh — Ha Ngi 2017]

Math

Cho phuong trinh 2log, x +log, (l—\/;) = % log ;; (X 24X+ 2) . S6 nghiém ciia phwong trinh 13 ;
3

A. 2 nghiém B. V6 sb nghiém C. 1 nghiém D. VO nghiém
GlAlI
Do nghiém thir nhat coa phuong trinh <:>2I092x+|ogl(1—\/;)—%Iogﬁ(x—2\/§+2):0

3

(x>0). Luu nghiém thtr nhat vao A
(2] (es.) (2] & (i) ) &> (H (a1 (B) (1) @ (3] & & (1] (=] (va) (i) O] &> &>
HE 0@ 206 (e va) (2) & & [rw O] (=) (2] (va) i O) & 3 2] E)
(str) (CaLc) (1] (Z) (strr) (oed) ()

- = %Hh IljlnS_}Iljl = Math &
A= [.6243584652
L-F= I 0. 6243534652

Khtr nghiém x = A ri do nghiém thu hai

@@ D E A D) =) [ ©) O] @ @) (&) () E

Math
Can’t Zalwe

CAC] :Cancel
C4lCeliGoOto
Khéng c6 nghiém thr hai = Dap an chinh xac1a C

Bai 6-[Thi HK1 chuy&n Nguyé&n Du — Pic Lic nim 2017]
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Tim s nghiém cua phuong trinh log(x—2)° = 2log x+log gz (x+4)
A3 B. 2 C.0 D. 1
GIAI
= DO nghiém thtu nhat cia phuong trinh Iog(x—z)2 —2log x—IogJﬁ(x+4) =0 (x>0). Luu
nghiém nay vao A
(og) (O izl O] (=) (2] O] (3 BJ (=) (2] [og) (i) (5] O] (=] (eeD) (va) (3] (0] > >
bt O] () (4] (=) e [eae) (2] (2) - () oet) (©)

1oguLa=2 05 =21 angeg

A= [.3722815253
L-R= 0 0. 3722815235

= Khir nghiém x = A va tiép tuc do nghiém thir hai :

OO®®0®® 0] E O E 0] = wm © 0 @ E (5 E

Math &

Continues [ 1

A= 2, 89475 pl=
L-F=-9. 30066:ig!=

Khéng c6 nghiém thir hai = Pap sb chinh xéac 1a D

Math &
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PHU'O'NG PHAP CASIO - VINACAL

BAI 12. GIAI NHANH BAT PHUONG TRINH MU - LOGARIT (P1).

1) PHUONG PHAP 1: CALC THEO CHIEU THUAN

Bugc 1: Chuyén bai toan bat phuong trinh vé bai todn xét du bang cach chuyén hét cac s6 hang vé
vé trai. Khi d6 bat phuong trinh s& ¢6 dang Vé trai >0 hozc Vé trai <0

Buéc 2: Su dung chirc nang CALC cua mdy tinh Casio dé xét dau cac khoang nghiém tir d6 rat ra
dap s6 diing nhét cua bai toan .

CALC THUAN ¢6 ndi dung : Néu bt phuong trinh ¢6 nghiém tap nghiém la khoang (a;b) thi bét

phuong trinh ding v6i moi gid tri thuoc khoang (a;b)
*Chu y: Néu khoang (a;b) va (c,d) cling théa mén ma (a,b)=(c,d) thi (c,d) la dap 4n chinh
Xac

/i du minh hea

VD1-[Chuyén Khoa hoc tw nhién 2017 ] Bat phuong trinh log, (Iog3
2

2X—+llj >0 c6 tap nghiém la

A. (—-2) B. (4+x) C. (-21)u(1;4) D. (—o-2)U(4;+x)
GIAl
% Cach1l: CASIO
> Nhap vé tréi Vao may tinh Casio
@@@@@.@@@@@B@
loay [ lngg[ E;f*ﬁ »
z

> Kiém tra tinh Diing Sai ctia dap an A
+) CALC véi gia tri can trén X =—2-0.1 ta duogc

wWEEE0MHME

it
I

lngi L1n93[ o |
5. 1128341031

bay la 1 gia tri duong vay can trén thoa
+) CALC véi gi trj can dudi X =-10°

wEHOEENE

o
-

log, | lng;L o |
=
0. 6644799252

bay la 1 gia tri duong vay can dudi thoa

T6i day ta két luan dap an A dung
> Tuong ty nhu vay ta kiém tra tinh Dung Sai cta dap an B thi ta thiy B ciing dung
> A dung B dung vay AU B 1a dung nhéat va D 13 dép an chinh xac

s Céch tham khao : Tw luan

= Bét phuong trinh < log, (Iog3 2X—+11j >log,1 (1)
! 1

- 2
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" Vicosd % thudc (0;1) nén (1) < log, 2X+11<1<:>Iog3 2X+11<Iogs3 )
X — X —
. - X>4
. Vicosé3>1nén(2)<:>2X+1<3<:>3—2X+1>0<:>X 4>0<:>
x—1 x—1 x—1 x<1
. Xét diéu kién ton tai
2x+1>0 2x+1>0
x—1 x-1 2X+1 X+2 x>1
= = >leo—>0
log 2x+1>0 log 2x+1>|Og 1 x—1 x-1 X< -2
P x-1 *x-1 3
, | X>4 . Xx>1 Xx>4
= Két hop dap so va dieu Kién ta duoc
x<1 X< -2 X< -2

% Binh luan:
e Ngay vi du 1 da cho ching ta thay sirc manh cia Casio d6i vé6i dang bai bt phuong trinh.
Néu tu luan lam nhanh mat 2 phat thi lam Casio chi mat 30 giay

" - N | x>4 L
e Trong tu luan nhiéu ban thuong hay sai lam & cho 1a lam ra dap so [ 1 la dung lai ma
X <

‘s . S Xx>1
quén mat viéc phai ket hop diéu kién [
X< -2
e Céch Casio thi c&c ban chu y Pap an A dang , dap an B dung thi dap an hgp cua chdng la
dap an D méi 1a dap an chinh xac cua bai toan.

VD2-[Chuyén Thai Binh 2017 ] Giai bt phuong trinh 2¥* >5*? :

A. xe(—o;—2)u(log, 5;+ o) B. xe(—o;-2]u(log, 5;+ )
C. xe(—o;log,5-2)U(2;+ x) D. xe(—o;log,5—-2]U[2;+ o)
GIAI

L)

% Céach1:CASIO

Chuyén bét phuong trinh vé bai toan xét ddu 2 ~52 >0 ,
Vi bat phuong trinh ¢6 dau = nén ching ta chi chon dap an chira dau = do d6 A va C loai
Nhap vé trai vao may tinh Casio

@El@@E]@E]@
EHE—EL_EH—EI

YV VY

> Kiém tra tinh Diing Sai ctia dap 4n B va D
+)CALC v¢i gia tri can trén X = -2 ta duoc

L EHR&E

= Math &

EHE—d_EH—E

(=3}
S25
+)CALC véi gia tri can dusi X =-10°

COEO0EENE
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m
Math ERROR

CAC] Cancel
C4JCk]1iGOLO

S6 —10° 1a sé qua nho dé may tinh Casio 1am viéc duoc vay ta chon lai can dwoi X =—10

C)JDEDE]E]E%Ml
EHE 4_pH-Z

792281625 xinEs

bay ciing 1a mot gid tri dwong vy dap an nira khoang (— oc;—2] nhén

> Di kiém tra xem khoang tuong ng (— oc; log, 5—2] & dap an D xem c6 dang khong, néu sai
thi chi ¢6 B 1a ding
+) CALC véi gia tri can dudi X =log,5-2

Jl[][]ll[][%ggll[]
EHE 4_pH-Z

0. 9445665751

+) CALC véicantrén X =10

mEDOE
£ -

EH 4_5H =

792281620 ] xinEs

bay ciing 1a 2 gi4 tri duvong vy nura khoang (- oc;log, 5—2] nhéan

Math &

> Vi nira khoang (—oc;log,5—2] chura nira khoang (—oc;—2] vay dap an D la dap an dung
nhét

% Céch tham khao : Tw luan
= Logarit h6a 2 vé theo co s6 2 ta duoc log, (2*2’4) >log, (5*’2) < X' —4>(x-2)log,5

X>2
< (x—=2)(x+2-1log,5)>0 <

x<log,5-2
» Vayta chon dap an D

¢ Binhluan :

e Bai toan nay lai thé hién nhuoc diém cua Casio 14 bAm may s& mat tim 1.5 phat so véi 30
gidy cua tu luan. Cac e tham khao va rat cho minh kinh nghiém khi nao thi lam tyu luan khi
nao thi lam theo cach Casio

e Cac ty luan tac gia dung phuong phap Logarit hoa 2 vé vi trong bai toan xuat hién dic diém
“¢6 2 co s6 khac nhau va s6 mii c6 nhan tir chung” cic ban luu y diéu nay

VD3-[Thi HSG tinh Ninh Binh 2017 ]
Tim tap nghiém S cua bat phuong trinh 2.2 +3.3* —6* +1>0 :

A S=(2+x) B.S=(02) C.S=R D. (-2)
GIAI

% Céch1: CASIO
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> Nhap vé tréi Vao may tinh Casio
(2) (%) (2] (=9 (e O] & (#) (3] (X) (3] (=) (e O & (=) (6] () () ) &
CINED
Math

D3 4 T -

> Kiém tra tinh Pung Sai ctiia dap an A
+) CALC vai gia tri can trén X =10 ta duoc

m@@m Math &
2+ 33 -6 +]
60286980

bay la 1 gia tri &m vay déap an A loai dan dén C sai
» Tuong tu nhu vay ta kiém tra tinh Pung Sai ciia dap an B
+) CALC véi gidtricantrén X =2-0.1

WEEOUOEHE

Math &

R e U |
2. 560625473

+) CALC véi gia tri can diroi X =0+0.1

OHDHEDE

Math &

22N+ 330 -6+
5. 295655245

Ca 2 gi4 tri nay déu duong vay dap 4n B dung
» Vi D chira B nén @€ xem dap an nao ding nhat thi ta chon 1 gi tri thugc D ma khong B
+) CALC véi gidtri X =-2

B@@E Math &

D@43 35 -5+
55
St

Gia tri nay cling nhan vay D la dap an chinh xac

% Céach tham Khao : Tw luan

= Bit phuong trinh < 2.2* +3.3*+1> axaz.(éj +3.(§j +(ij >1

6 6
& Z.GJX +3.(ljx +(ij >1(1)
3 2 6
1 1

: Baf(@=2(§y+3{iy+(%TkMdéﬂ)c>f@0>f(@(a

» Taco f'(x)zz.(%jx In(%j+3.(%)x In(%)+(%)x In[%)<0 VGi moi X

— Hamsé f (x) nghich bién trén R
= Khidé(2) <> x<2
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% Binh luan:

e Tiép tuc nhic nho cac ban tinh chat quan trong cua bat phuong trinh : B 1a dép 4n dung
nhung D méi 1a dap an chinh xac (dung nhat)

o P,hﬁn tw luan tac gid ding phwong phap ham s6 vai ddu hiéu “Mét bt phwong trinh ¢6 3
s0 hang véi 3 co so Khac nhau”

e Noi dng cua phuong phap ham sb nhu sau : Cho mot bat phuong trinh dang f (u)> f (v)

trén mién [a;b] néu ham dai dién f (t) dong bién trén [a;b] thi u>v con ham dai dién

ludn nghich bién trén [a;b] thi u<v

2) Phuong phép 2 : CALC theo chiéu nghich o o , ‘
Buwdc 1: Chuyén bai toan bat phuong trinh vé bai toan xét dau bang cach chuyeén hét cac s6 hang ve
ve trai. Khi d6 bat phuong trinh s& 6 dang Ve trai >0 hogdc Ve trai <0
Buéc 2: Sur dung chirc nang CALC cua mdy tinh Casio de xét dau cac khoang nghiém tur do rit ra
dap so dung nhat cua bai toan .
CALC NGHICH c6 ngi dung : Néu bt phuong trinh c6 nghiém tap nghiém la khoang (a;b) thi
bét phuong trinh sai véi moi gid tri khong thugc khoang (a;b)
Vi du minh hoa
VD1-[Chuyén Khoa hoc tw nhién 2017 ] Bat phuong trinh log, (Iog3zx—+llj >0 c6 tap nghiém la
= X_
2

A. (—-2) B. (4+x) C. (-21)u(1;4) D. (—o-2)u(4;+x)
GIAI
% Cach1:CASIO
> Nhap vé tréi Vao may tinh Casio
@@@@@.@@@@@B@
lngi[lngg[%fﬂ}¥
z

> Kiém tra tinh Diing Sai ctia dap an A
+) CALC véi gia tri ngoai can trén X =-2+0.1 ta dugc

MEEEDEDE
Math ERROR

CAC] fCancel
C4JCel:iGoOtO
Vay lan can phai cua -2 la vi pham = Dap an A ding va dap an C sai
> Kiém tra tinh Dling Sai cua dap an B
+) CALC véi gié tri ngoai can trén X =4-0.1 ta duoc

@)@ FHO0EIE

it
[

lngiLlngal o |
-0, 01493060966

bay la gia tri &m. VVay lan can tréii cua 4 la vi pham = Dap an B dung va dap an C sai
» Dap an A dang B dung vay ta chon hop cua 2 dap an la dap an D chinh xac.
VD2-[Chuyén Thai Binh 2017 ] Giai bt phuong trinh 2 >5*2 :
A. xe(—o;-2)u(log, 5+ «) B. xe(—o;-2]u(log, 5;+ )
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C. xe(—o;log,5-2)U(2;+ x) D. xe(—oc;log,5—2]U[2;+ o)
GIAl
% Céch1:CASIO
Chuyén bat phuong trinh vé bai toan xét ddu 2 ~52 >0 ,
Vi bat phuong trinh ¢6 dau = nén ching ta chi chon dap an chira dau = do do A va C loai
Nhap vé trai vao may tinh Casio

E]lﬂﬂﬂ%ﬂl!ﬂ[%g]()[]E]lﬂﬂﬂ%ﬂl[]E]
E:f.i —4 _gr-d

L)

Y VYV VY

> Kiém tra tinh Pung Sai ctia dap an B
+)CALC vdéi gia tri ngoai can trén-2 la X =—2+0.1 ta duoc

WEHEEOOOME

= Math &

EHE—d_EH—E

0.7612502142
bay la 1 gia tri duong (thoa dé bai) ma dap an B khong chira X =—2+0.1 = Dap an B sai
> DPap an A, C, B déu sai vay khong can thir thém ciing biét dap an D chinh xéac
VD3-[Thi HSG tinh Ninh Binh 2017 ]
Tim tap nghiém S cua bat phuong trinh 2.2* +3.3* —6* +1>0 :

A.S=(2+x) B.S=(0;2) C.S=R D. (-;2)
GIAl
s Céachl: CASIO
» Nhap vé trai vao may tinh Casio
(2) (X) (2] (=9 (i) O] &> () (3] (X) (3] (=7 () 5] @& (=) (€] (= () O &
() O]

Math

D3 4 R -

> Kiém tra tinh Diing Sai ctia dap an A
+) CALC véi gié tri ngoai can dudi 2ta chon X =2-0.1

WREOEONE

Math &

22N+ 330 -6+
2. Be06254 74

Day 1a 1 gi trj duong (thoa bat phuong trinh) vay dép 4n A sai dan dén dap an C sai
» Tuong tuy nhu vay ta kiém tra tinh Pung Sai cua dap an B
+) CALC véi gié tri ngoai can dudi 0 ta chon X =0-0.1

cOO=E0EOE

Math &

D3R 4 3T -]
471798756 1

bay 1a 1 gia tri duong (thoa bat phuong trinh) = DPap an B sai
» Dapan A, C, B dcu sai vay khong can thir thém ciing biet dap an D chinh xac
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BAI TAP TU LUYEN

Bai 1-[Thi thir chuyén Sw pham Ha Ni lan 1 nim 2017 |
Bat phuong trinh In[ (x—1)(x—2)(x—3)+1]>0 c6 tap nghiém la :

A. (L2)U(3+x) B. (L2)N(3+x) C. (—51)n(2;3) D. (—o1)u(23)

Bai 2-[THPT Luwong Thé Vinh — Ha Ngi 2017 ] Tap x4c dinh ciaham sé y = [log, (x—-1)-1 la:

2

A. [L+x) B. (l;g} C. (L+x) D. B;ij
Bai 3-[Chuyén Khoa hec tw nhién 2017 ] Nghiém cua bat phuong trinh Iogx_l(x2 + x—6) >11a:
A x>1 B. x>+/5 C.x>Lx=#2 D. 1<x<+/5,x#2

X2—x-9 x-1
Bai 4-[Chuyén Nguy&n Thi Minh Khai 2017 ] Giai bat phuong trinh (tan gj g(tan %) :

A x<-2 B. x>4 C. 2<x<4 D. x<-2 hoiac x=4
Bai 5-[THPT HN Amsterdam 2017] Bat phuong trinh 2 3 <1 ¢6 bao nhiéu nghiém nguyén :
Al B. V6 s6 C.0 D.2

Bai_6-[Thi thir Bao Toan hoc tudi tré lan 4 nam 2017 | Tap nghiém cua bat phuong trinh
32.4*-18.2" +1<0 la tap con cua tap
A. (-5-2) B. (-4;0) C. (34) D. (-3,1)

LOI GIAI BAI TAP TU LUYEN

Bai 1-[Thi thir chuyén Sw pham Ha Ngi lan 1 nim 2017 |
Bét phuong trinh In[(x—1)(x—2)(x—3)+1]>0 c6 tap nghiém la:

A. (L2)u(3+x) B. (L2)N(3+x) C. (-<1)n(23) D. (—o51)u(2;3)
GIAI

% Casiocach 1
= Kiém tra khoang nghiém (1,2) véi can duéi X =1+0.1vacantrén X =2-0.1

WOEOEONDN0@mNEE00ENERE0EDDE
DH0C0IEWEECEDE

Math & Math &

INCCA-120A-20 04 TRCCA-100A-20 0Kk
0. 1575580546 0. 03440067542

Hai can déu nhan = (1;2) nhan
= Kiém tra khoang nghiém (3:+oc) véi can dusi X =3+0.1 vacan trén X =10°

@@ U@®®E WM EHO]E) M @) O @ ) &) (5] ) 6 &

INCCE=11CH=2105E IR CH=10 (k=271
0. 2078268472 62, 1697975

Hai can déu nhan = (3;+oc) nhan
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T6m lai hop cua hai khoang trén 1a dung = A 1a dap sb chinh xac
%+ Casio cach 2
Kiém tra khoang nghiém (1;2) véi ngoai can dusi X =1-0.1 va ngoai can trén X =2+0.1

(in) (T () O (=) (1) OJ (D [ew) O] (=) (21 B (A (ew) ) (=2 B ) (B (1 B ea)
ORUHNEMEE0EHEDE

Math &

INCCR-1905-23C8F  InCCE-100%-2905p
-0, 2626643095 -0, 1042500214

Hai can ngoai khoang (1;2) déu vi pham = Khoang (1;2) thoa
Kiém tra khoang (3:+ oc) véi ngoai can dudi X =3-0.1va trong can dusi (vi khong 6 can trén)

WEEHUHDEERHOEOE

Math &

INCCR-110%-20C8F  1nCCE-1000-290 b
-0, 1875351258 0. 207826547,

Ngoai can dudi vi pham, trong cén duai thoa = Khoang (3;+c) nhan
T6m lai hop cua hai khoang trén 1a dung = A 1a dap s6 chinh xac
Bai 2-[THPT Lwong Thé Vinh — Ha Ni 2017 ] Tap xac dinh ciahamsé y = [log, (x—1)-1 la:
2
3

A [L+) B. (1;5} C. (L+cc) D. g;”j

GIAI

Diéu kién : log,s(x—1)—1>0 ( trong cin >0)

Kiém tra khoang nghiém [+ oc) v&i can duéi X =1 va can trén 10°

HODECEmNEDEEDEmOE
Math ERROR

CAC] rCancel
C4alleliGoto
Can dudi vi pham = Dap an A sai

Kiém tra khoang nghiém (1;%} véi can dudi X =1+0.1vacantrén X =3

SuHDHOHNODEREEHEE

l09q. s(H-13-1  109g.s(i-11-1
o.321928095 0

Hai can déu nhan :>( ﬂ nhan

Kiém tra khoang nghiém (1'+ oc) voi can trén X =10° = Can trén bi vi pham = C sai = D sai

G D OEIEIDE

Math &

1095, slA- 13-1
-3, 89755255

T6m lai A 1a dap s chinh xac
«» Casio cach 2
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Dap an A sai ludn vi can x =1 khong thoa man diéu kién ham logarit

Kiém tra khoang nghiém (1;;} vaéi ngoai can dudi X =1-0.1 va ngoai can trén X :§+O.1

LIOHE®EDNEHEEHDMOE0HEME

Math ERROR  logg.sl¥-10-1
PETISH- =, -1.584962501

Ngoai hai can déu vi pham = (1; g} nhan

Hon nra X :§+0.1 vi pham = C va D loai lubn

Bai 3-[Chuyén Khoa hgc tw nhién 2017 ] Nghi¢m ciia bét phuong trinh log, , (x* +x—6)>1 Ia:
A x>1 B.x>\/§ C.x>Lx=#2 D.1<x<\/§,x¢2

GIAI
++ Casiocach 1

Chuyén bét phuong trinh v& dang xét déu log, , (X* +x—6)-1>0

Kiém tra khoang nghiém x>1 véi can duéi X =1+0.1 va can trén X =10°

(oo} fr) O) (S D & ) D (P H @ D H B I HOHNE @

Jﬂl[][]@ﬂ[]l!ﬁ? "
at i
Matlh ERROR ].D'EI;:-:; ; [::.: +::.: El:l
[AC]1  :Cancel

C41C#1:G00D -

Can dudi vi pham = A sai = Cva D chtra can dudi X =1+01.vi pham nén cling sai
T6m lai dap sb chinh xac 1a B

¢+ Casio cach 2
Kiém tra khoang nghiém (1;2) véi ngoai can dudi X =1-0.1 va can dusi X =1+0.1

(in) (3 (e O (=) (1) OJ (A [ew) O] (=) (2) B (3 (eew) O] (=) B3] ) (1) (1) OJ (eag)
ORUHNEWRE0HDE

Math Math

Math ERRDF! Math ERRI:IF!
CAC] Cancel CAC] Cancel
C4JCk]1iGOLO C4JCel1:GoLO

Can dudi X =1+0.1 vi pham nén A, C, D déu sai

X2 —x-9 x—1
Bai 4-[Chuyén Nguyén Thi Minh Khai 2017 ] Giai bt phuong trinh (tan %j < [tan %) :

A x<-2 B. x>4 C. -2<x<4 D. x<-2 hoac x>4
GIAI

% Casiocach1
Chuyén bat phuong trinh vé dang xét dau (tan j (tan
Kiém tra khoang nghiém x <—2 véi can dudi X = vacantrén X =-2
IﬂﬂlllC]IllllﬁlﬂﬁHZDIICDIIIIIIIIIIB MHBHIC]E]C)EJ
[ten] (&) (st (10 @ () & O] (=9 (e ) H D g D 0 B ) B (2] &
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[F: Math & F Math &

[ ]HE —%— g—t:b tan[%]ﬁi_ﬁ_g—t:b
- 3095, 284087 1

Hai can déu nhan = x <-2 nhan = Dép sé chinh xac chi ¢6 thé 1a A hogc D
= Kiém tra khoang nghiém x >4 véi can dudi X =4 vacantrén X =10

tan

m@@mm@ﬁ s s
tan(2) 7P te tan(2)C -t

0 -1.3%30679670=

Hai can déu nhan = x>4 nhan
T6m lai dap s chinh xac 1a D
¢+ Casio cach 2
= Kiém tra khoang nghiém x <—2 vai ngodi can trén X =—2+0.1 vacantrén X =

can )
(stiFT) (wone) (4] (tan) (B (st (x109) @ (7] & O] (9 () OJ (3 (=) (i) O (=) (8) @E]
(tan) (&) (1) (<109 ® (@ & O] (& () OJ (=) (D (ead) (=) (2] (1) (@) () (D) (3] e
=23

tan( Z] REER tan( Z] REER
4, 485753044 I

Ngoai can trén X =—2+0.1 vi pham nén A nhan dong thoi C sai
» Kiém tra khoang nghiém x >4 v¢i ngoai can dudi X =4-0.1 va can dudi X =4

MEDELHI@ME®
2 _ 2w

tan[ 2] 7ot tan[ )Y T

0. 064 7heRZE32 I

Ngoai can dudi X =4-0.1 vi pham nén B nhan dong thoi C sai

Tom lai A, B déu nhan nén hop cua chung 1a D 1a dap so chinh xac

Bai 5-[THPT HN Amsterdam 2017] Bat phwong trinh 2.3 <1 ¢6 bao nhiéu nghiém nguyén :
Al B. V0 s6 C.0 D.2

(Xem ddap an ¢ Bai 5 — phan 2 vi phuwong phap sau to ra hiéu qua hon han)

Bai_6-[Thi thir Bao Toan hoc tudi tré lan 4 nam 2017 | Tap nghiém cua bit phuong trinh
32.4*-18.2" +1<0 la tap con cua tap

A. (-5-2) B. (-4;0) C. (L4) D. (-3,1)
(Xem ddp an ¢ Bai 6 — phdn 2 vi phwong phdp sau té ra hiéu qud hon han)
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PHU'O'NG PHAP CASIO - VINACAL

BAI 13. GIAI NHANH BAT PHUONG TRINH MU - LOGARIT (P2).

1) PHUONG PHAP 3: LAP BANG GIA TRI MODE 7

Bugc 1: Chuyén bai toan bat phuong trinh vé bai todn xét dau bang cach chuyén hét cac s6 hang vé
vé trai. Khi d6 bat phuong trinh s& ¢6 dang Vé trai >0 hozc Vé trai <0

Buéc 2: Su dung chue nang 1ap bang gia tri MODE 7 cua may tinh Casio dé xét ddu cac khoang
nghiém tir do rat ra dap so dung nhit cua bai toan .

*Ch y: Can 1am nhiéu bai toan ty luyén dé tir 6 rut ra kinh nghiém thiét 1ap Start End Step hop Iy

Vi du minh hea
VD1-[Chuyén Khoa hoc tw nhién 2017 ] Bat phuong trinh log, (Iog3 2X+11j >0 cbé tap nghiém la
2

A. (-<-2) B. (4;+x) C. (-21)u(1;4) D. (—o-2)U(4;+x)
GlAl
% Cach 3: CASIO )
» Pbang nhagp MODE 7 va nhap vé trdi vao may tinh  Casio

fwong) (7] (e0,0) (5) (D @ (2) & & (w1} (3] & (5] (2] (et O () (1) ® (g
DCIEN

fi5= 4ngg[fﬁ+1]§

> Quan sat cac can cua dap sb 1a —2;4;1 nén ta phai thiét lap mién gia tri cia X sao cho X
chay qua cé4c gié tri nay . Ta thiét lap Start —4 End 5 Step 0.5

@@B@@@@@B@@
| | ol tasl Bl
of e | “ERROR el Uns | 0. oEsS

Quan st bang gid tri ta thay rd rang hai khoang (—oc;—2) va (4;+oc) lam cho dau cua vé
trai dwong. = Dap sd chinh xé&c 1a D
VD2-[Chuyén Thai Binh 2017 ] Giai bit phuong trinh 2°~ >5*2

A. xe(—o;-2)U(log, 5;+ ) B. xe(—o;—2]u(log, 5;+ )
C. xe(-o;log,5-2)U(2;+ x) D. xe(—oc;log,5—-2]U[2;+ )
GIAl

% Cach 3: CASIO
> Bt phuong trinh < 2°*—52>0 .Ding nhap MODE 7 va nhap vé trai vao may tinh

Casio (00 (7] (2) (27 (i) ) (23 F) (@) & F (5 (23 () ) B (2)
at
v -
f(x)=4""3-F""=
> Quan sat cac can cua dap sb 1a —2;2;log, 5 ~ 2.32;log, 5— 2 ~ 0.32 nén ta phai thiét 1ap mién

giatri cua X saocho X chay qua cac gia tri nay . Ta thiét lap Start —3 End 3 Step 1:3
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EEEER80EEE
i F IIHII? - " F IIH:? o
e T I~ Kt
1110.33331 -HB-al 1M2.333311.0116

Quan sat bang gi tri ta thdy rd rang hai khoang (—o;0.32=1log,5) va (2;+«) lam cho

dau cua vé trai duong. = Dap s6 chinh xéac 1a C
VD3-[Thi HSG tinh Ninh Binh 2017 ]
Tim tap nghiém S cua bat phuong trinh 2.2* +3.3 —6* +1>0 :

A. S=(2+x) B. $=(0;2) C.S=R D. (—o52)
GlAl

% Céach 3: CASIO ,

» Dang nhap MODE 7 va nhap vé trai vao may tinh Casio

fwong) (7] (2] (X) (2] (o) () ) & () (3] (X) (3] () (e ) & (=) (6] (™) (i)
pexm

fUR)=4x3" 5" +1

> Quan sat cac can caa dap sé 1a 0;2 nén ta phai thiét 1ap mién gia tri caa X sao cho X chay
qua cé4c gié tri nay . Ta thiét 1ap Start -4 End 5 Step 1

BEEEEEEEME
r Fon |
E B
1 : 0
B al -118

Quan sat bang gia tri ta thay rd rang hai khoang (—oc;2) lam cho dau cua vé trai duong. =
Dap s chinh xéac 1a C

2) PHUONG PHAP 4 : LUQC PO CON RAN

Buwéc 1: Chuyén bai toan bat phuong trinh vé bai todn xét dau bang cach chuyén hét cac sé hang vé
vé trai. Khi d6 bat phuong trinh s& ¢6 dang Vé trai >0 hoic Vé trai <0

Buwéc 2: Sir dung CALC tim cac gia tri ti han cta (1am cho vé trai = 0 hodc khong xéac dinh ) . Dau
cua bat phuong trinh c6 trong cac khoang téi han 13 khong ddi. Dung CALC iy mét gid tri dai dién
dé xét dau.

Chu ¥ : Qua 4 phuong phap ta mai thay trong tu luan thi luge db con ran 14 loi hai nhit nhung trong
khi thi trac nghiém thi lai to ra yéu thé vi khé ding va kha dai dong

Vi du minh hoa

2X—+11j >0 c6 tap nghiém la

VD1-[Chuyén Khoa hec tw nhién 2017 ] Bat phuong trinh log, [Iog3
2

A. (-o-2) B. (4;+x) C. (-21)u(1;4) D. (—o—-2)U(4;+x)
GIAI

s Céach4: CASIO

> Dé bai xuat hién céc gia tri —2;4;1 ta CALC Vi cac gid tri nay dé tim gia trj téi han

(0 (B @ [21® ® (0 (31 (E) (2 [ O] B [0 @ @ D) =5 [

lng%[ logs| S22

o .
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> Lén lugt CALC véi ca gia tri —2;4;1

IEIC]E][ZM:DJE[F][Z]JEIE]E] o
Math ERROR 109, E[IDQS[EﬁjP
[aC]  :Cancel

C41CkIzGoL0 [

Math

[Fi
Math ERROR

CAC] fCancel
C4lCel:Goto

3 gi4 trj trén déu 1a gia tri trén déu la gi4 tri téi han nén ta chia thanh céc khoang nghiém
(—o5-2);(-21);(L4) :( 4+ x)
> CALC véi cac gia tri dai dién cho 4 khoang dé 13y dau 1a: —3;0;2;5

WEDECmEABmMIDE =

Lt Math EF!F!DF!
1090, 5[ 1ogs[ Z2p
CAC] tCancel

29538315 Callel:coto

1090, o[ 1095[ 22

-0, 5508745583

1094, 5[1093[2H+F
0.1190420922

-
R6 rang khoang nghiém thi nhat va thir tu thoa man = Pap sb chinh xéac 1a D
VD2-[Chuyén Thai Binh 2017 | Giai bt phuong trinh 2~ >5*2

A. xe(—o;-2)U(log, 5;+ =) B. xe(—o;-2]u(log, 5;+ )
C. Xe(—oc;|0925—2)u(2;+oc) D. Xe(—oc;|0925—2]u[2;+oc)
GIAI

% Céch4: CASIO

> Dé bai xuat hién cac gia tri —2;log,5-2;2;l0g,5~ 2.32 ta CALC vé&i céc gia tri nay dé tim
gia tri toi han
(2) (9 () O] (=3 (5 () & (=] (B (9 () ) (=) (2] (caid) (=) (2] (2] [eaie]
(es.) (5] O] (=) (eg) (2) ) (=) (2) (B) (o) (2] (] (e [eg) (5] O] (=) [eg) (2] BJ

=)
F:] Math & ] Math &
o L L R L
2 R 2 A
EZd
25 [
Fi] Math & Fi] Math &
EHE—d_EH—E EHE—d_EH—E

0 0.2443665751

Ta thu dugc hai gia tri téi han log,5-2 va 2 = Dap sb chi c6 thé 1a C hoac D

> Vi bit phuong trinh c¢6 ddu = nén ta lay hai can = Dap sb chinh xac 14 D
VD3-[Thi HSG tinh Ninh Binh 2017 ]
Tim tap nghiém S cua bat phuong trinh 2.2* +3.3* —6* +1>0 :
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A. S=(2+x) B. $=(0;2) C.S=R D. (—52)
GIAI
< Cach4:CASIO _y
» Deé bai xuat hién céc gid tri 0;2 ta CALC vai cac gia tri nay dé tim gia tri tgi han

(2] (X (2] (=9 () O] & () (3] (X (3] (= (e O] & (=) (6] (e (ae) O &>

.EM@@MMMI@@ Math &
DX ] 2xD B ]
5 0

Ta thu duoc 1 gia tri t6i han x=2 = Dap s6 diing 1a A hoac D
» CALC vai céc gia tri dai dién cho 2 khoang dé lay dau la : 1;3

WEDECmEAEmMIDE |
r AR LS R LR % AR
3 -118

Ta can lay dau duong = Pap s chinh xé&c 1a D

BAI TAP TU LUYEN

Bai 1-[Thi thir chuyén Sw pham Ha Ngi lan 1 nim 2017 |
Bt phuong trinh In[ (x—1)(x—2)(x—3)+1]>0 c6 tap nghiém la:

A. (L2)u(3+x) B. (L2)N(3;+x) C. (—x1)n(2;3) D. (—o51)u(23)

Bai 2-[THPT Lwong Thé Vinh — Ha Ngi 2017 ] Tap x4c dinh cia ham s6 y = [log, (x—1)-1 la:

2

A. [L+x) B. (1;%} C. (L+x) D. B;+ ocj
Bai 3-[Chuyén Khoa hgc tw nhién 2017 | Nghi¢m ciia bét phuong trinh log, , (X* +x—6)>1 Ia:
A x>1 B.X>\/§ C.x>Lx=#2 D.1<x<J§,x¢2

X“—x-9 x—1
Bai 4-[Chuyén Nguyén Thi Minh Khai 2017 ] Giai bt phuong trinh (tan %j < (tan %) :

A X<-2 B. x>4 C. -2<x<4 D. x<-2 hoac x>4
Bai 5-[THPT HN Amsterdam 2017] Bat phuong trinh 2.3 <1 ¢6 bao nhiéu nghiém nguyén :
Al B. V0 so C.0 D.2

Bai_6-[Thi thir Bao Toan hoc tudi tré lan 4 nim 2017 | Tap nghiém cua bat phuong trinh
32.4*-18.2" +1<0 latap con cua tap
A. (-5,-2) B. (—4;0) C. (14) D. (-3;1)

LOI GIAI BAI TAP TU LUYEN

Bai 1-[Thi thir chuyén Sw pham Ha Ngi lan 1 nim 2017 |
Bt phuong trinh In[ (x—1)(x—2)(x—3)+1]>0 c6 tap nghiém Ia:

A. (L2)u(3+x) B. (L2)N(3;+x) C. (—51)n(2;3) D. (—o51)u(23)

GIAl
« Casio cach 4
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= Kiém tra cac gia tri 1;2;3

(n) ([ ) ) F 3 O] (D ) ) =) @ O [ e ) (H B ) (B (1 B awe)

m@m@@mlﬂaﬂ@@ Math & Math &
INCCH-100-20Te  InCOi-10 G200 InCOi-10 0120 T
0 0 0

Ca 3 gié trj trén déu |2 gia tri téi han = Chia thanh 4 khoang nghiém (—51);(52);(23);(3+ )
= CALC Véi 4 gia tri dai dién cho 4 khoang nay la 0;2;2;4

@@ (@@ E e O] =) ww ) O] 6 @) &) (5] & ) @
k)
Math &

Math ERROR  IACCH-1)0%=200%b  1ACCE-1)(5—-21(%b

ET?E.:’EEEEEI 0.3184537311 -0, 4700036292

Math &

1N CX-1105-2C 5k
1.94391014%

Ta can lay ddu duong = LAy khoang 2 va khoang 4 = A 1a dap s6 chinh xac
Bai 2-[THPT Luwong Thé Vinh — Ha N¢i 2017 ] Tap x4c dinh ciaham s6 y = [log, (x—1)-1 la:
2
. .3 : 3,
A. [L+x) B. | L C. (L+oc) D. | Jiter
GIAI
% Casio cach 4
= Tap xéc dinh < log, (x—1)-1>0 . Kiém tra cac gia tri 1;%

EOHEEEDDNEIEEDNMWINEOMREREHEE

Math &

Math ERROR 109, glA- 1) 1

[AC1  :Cancel
C41Ck]:E0b0 [
3

Ca 2 gié trj trén déu 12 gia tri téi han = Chia thanh 3 khoang nghiém (- oc;l);(l; g];(§;+ Ocj
= CALC vo¢i 3 gia tri dai dién cho 4 khoang nay la 0;1.25;2

@@ (@@ 0] E e O] =) ) O] 6 @) &) (5] & ) @

[F:] Math Math & Math A&
Math ERROR 109, sla- 1) 1 109, sla- 1) 1
[AC]  :Cancel
C41Ck1zGot0 1 -1

Ta can lay ddu duong = LAy khoang 2 = B 1a dép sb chinh xéc
Bai 3-[Chuyén Khoa hoc tw nhién 2017 ] Nghi¢m ciia bét phuong trinh log, , (X* +x—6)>11a:
A x>1 B.X>J§ C. x>Lx=#2 D.1<x<\/§,x¢2

GIAl
« Casiocach 3

Trang 113 Tai liéu Iwu hanh noi bo



TOM TAT KY THUAT SU’ DUNG CASIO - VINACAL HO TROQ GIAI BE THI MON TOAN 2017.

Bat phuong trinh < IogH(x2 + X—6)—1> 0 . Quan sat dap s6 xuit hién céc gia tri 1; 2;\/6 ~2.23.
Str dung MODE 7 véi Start 0 End 3 Step 0.25

g (7] (e) (W) (O] (=) (A O [aewt) O] (23 () (i) O] (=) (6 & (=1 (1] (=) (=) (0]
@@@@B@@@

ﬁ FEHJ

EEEOFK
g2« 25| 0. 21HE
g« 51 1. 4343

|
1
1
R& rang x> J5 ~2.23 1am cho Vé trai bat phuong trinh nhan dau duwong = B 1a dap 4n chinh xéac

X“—x-9 x-1
Bai 4-[Chuyén Nguyén Thi Minh Khai 2017 ] Giai bt phuong trinh [tan %j < (tan %) ;
A x<-2 B. x>4 C. 2<x<4 D. x<-2 hoac x>4
GIAlI
% Casio cach 3
x2-x-9 x-1

Chuyén bat phuong trinh vé dang xét dau (tan %j — (tan %j <0

Quan sat dap sb xuit hién céc gia tri —2;4 . Sir dung MODE 7 véi Start -4 End 5 Step 0.5

(st7) (wog) (4] (wopg) (7] (tan) (B (stF) (x10F) ® (@ & OJ (=) () O] (3 (=) () OJ (=)
%%@@B@@E}B@@@@

E)
(0]

F:] Math F:] Math
1 o 6l *2.e|iF aay
5 3 D 15 mibl? | '~ 7371
Bl -l.5/uD. 132 gl u.5l -p.o7

Quan sét bang gia tri . RG rang x<—2 va x>4 lam cho vé trai bat phuong trinh >0 = D la dap
an chinh xac
Bai 5-[THPT HN Amsterdam 2017] B4t phuong trinh 2¥°.3* <1 ¢6 bao nhiéu nghiém nguyén :
A. 1 B. V6 so C.0 D.2
GIAI
Chuyén bt phuong trinh vé dang xét dau 2¢3*-1<0
Tim can tha nhat bang chiic nang SHIFT SOLVE

DE@mOBECRIDEmOE®E0EMEmDE
DAE @R -]
A= I
l-R= 0

Khtr can tha nhat va tiep tuc do can thir hai

CHEIOIC) . (=) (rw) O] (o) (g B (D 3

LE;H:-I'; :H:E;R: ::l::h'lath
A= -1.584962501
L-R= I

Vay ta du doan khoang nghiém la (-1.5849...;0) . Kiém tra diu bang cach lay gia tri dai dién
X=-1

@)=
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1

S

Tathay dau — vay khoang nghiém I3 (-1.5849...;0) = ¢6 1 nghiém nguyén x =-1
— Pap s chinh xac 1a A ] ) ,
Bai 6-[Thi thit B4&o Toan hec tudi tré lan 4 nam 2017 | Tap nghiém cua bat phuong trinh
32.4*-18.2" +1< 0 la tap con cua tap

A. (-5-2) B. (—4;0) C. (L4) D. (-3,1)
GIAI

% Casio cach 3

= St dung MODE 7 vai Start —6 End 6 Step 1

oo (7] (3] (2) X (@) (@) fr) ) > (E) D B X @) &3 ) I H I E E

HEEEE0E
| FIIH:?D e < FEH?
m -0. 15 B -l 0
el -al -i.5 1 ol 15

Quan sat bang gia tri . RS rang khoang nghiém lam cho vé tréi — thudc khoang (—4;0)
— B 1a dap an chinh xéc.
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PHU'O'NG PHAP CASIO - VINACAL

BAI 14. TIM SO CHU* SO CUA MOT LUY THUA.

1) BAITOAN MO DAU

Hom nay t6i lai nhan dwoc 3 bai todn cua thiy BinhKami, 3 bai todn nay lién quan dén so sinh 2
liy thira ciing co so.
Bai toan 1 : So sanh 2 lity thira 32% va 16%
Bai toan 2 : So séanh 2 liiy thtra 2'° va 3"
Bai toan 3 : So séanh 2 Ity thtra 2°%7 —5°°

Dai vdi bai todn s6'1 thi t6i da biét cdch lam r6i, co s6'32 va co s6° 16 déu cé thé dwa vé co 62,
viy 32° = (25) =250 =2% v3 16" = (24) =2% =2  Vay 32" <16“

Dai v6i bai s6'2 khong thé dwa vé cung co s6'2 hay 3 vi vdy t6i ding sw tre giip cia mdy tinh
Casio, t0i sé thiét ldp hiéu 2'° —3' néu két qud ra mot gid tri dwong thi 2'° >3 , thit don gidn

phdi khong !!
DBONCDEEEHDD®E
EiDD_E?D

-2, 501557554:0==
Hay qud ra mgt gid tri dm, vdy cé nghia la 2** <37

Twong tw nhi vy toi sé lam bai todn s6'3 bang cdch nhdp hiéu
DPHZOODETIEHEEE

EEI:I 17 _5'5"5"51

2% —5%° vao may tinh Casio

Va t6i bam niit =
m
Math ERROR

CAC] Cancel
C4JCk]1iGOLO

Cdc ban thay day, mdy tinh khong tinh dwoc. Toi chiu v61i !!

Math

D€ so sanh 2 lhy thtra c6 gia tri qua 16n ma may tinh Casio khong tinh dwgc thi ching ta
phai stt dung mét thu thuat, toi goi tit 1a BSS. Thu thuat BSS dwa trén mot nguyén tic so
sanh nhu sau : Néu s A ¢6 n+1 chit s6 thi luén 1én hon s6 B ¢6 n chix s6 .

Vi du nhw s6 1000 c6 4 chit s6 sé ludn 16n hon s6 999 c6 3 chix sd.

Vay t6i sé xem 2% va 5°* thi l{iy thita nao c6 s6 chit s6 nhiéu hon 1a xong.

Dé lam dwoc viéc nay tdi sé st dung mdy tinh Casio nhung véi tinh nang cao cap hon,
cac ban quan sat nhé :

Dau tién 1a voi 22
B2 OHEHERZDOBOE

Inte201 7109027

BUS
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Vay t6i biét 2°" ¢6 608 chit s6
Tiép theo la v6i 57

N HEEERNGEDBHIOE

Math &

Inti999]1ogchai+]

599

Vay 5° ¢4 699 chir s6
RO rang 608 > 699 hay 27" <5°° . That tuyét voi phai khong !

X/
L X4

Binh luan nguyén tac hinh thanh 1énh tinh nhanh Casio

> Ta thay quy luat 10" ¢6 2 chit s8, 10° c6 3 chir s6 ... 10* s& c6 k+1 chit s&

> Vay mudn biét 1 Iiiy thitta A ¢4 bao nhiéu chir s8 ta sé dat A=10" . D& tim k ta
sé logarit co s6 10 ca 2 v&khi d6 k =log A . Vay s chit s6 sé 1a k+1=[log A]+1

» Lénh Int dung d€1ay phan nguyén cua 1 s0.

2)Vi DU MINH HOA

VD1-[Bai toan sd nguyén t6 Mersenne] Dau nam 2016, Curtis Cooper va cac cOng sw
nhém nghién ctu Dai hoc Central Mis-souri, My vira cong bd sd nguyén td 16n nhat tai

thoi diém d6. S8 nghuyén t8 nay 1a mot s8 c6 gia tri bang M =272 1 . Hoi s6 M c6 bao
nhiéu chit so.
A. 2233862 B. 22338618 C. 22338617 D. 2233863

GIAI

X/
L X4

>
>

X/
°

CASIO
Tacd M = 2742007281 _q o M| 41 = D742007261
Dit M +1=10% < 272721 10 5k =log 2™?°®" va s6 chit s8 1a [k] 1

i (H D@ R0EHRE DR RZONHEOE

Math &

Int 74207281109k
22328618

Vay M +1 ¢6 s6 chir sO la 22338618

Ta nhan thay M +1 c6 22338618 chit s8, vdy M ¢ bao nhiéu chit s6 ? Liéu van la
22338618 chir sO hay suy bién con 22338617 chit s0.

Cau tra 10i 1a khong suy bién vi M la lay thira bac cua 2 nén tan cung chi cé thé la
2, 4,8, 6 nén khi trir di 1 don vi van khong bi suy bién

Vay ta chon B la dap an chinh xac.

Doc thém :
M = 2" _1 13 s6 nguyén t& 16n nhat thé gidi duoc phat hién, gom 22 triéu chir
s0, mat 127 ngay dé doc hét

Gia st 1 gidy ban c6 thé doc dugc 2 chit s6, ban khong can an udéng, nga nghi...thi 4
thang lién tuc la quang thoi gian ma ban can phai bo ra dé€ doc hét con s6 nguyén t6
16n nhat thé gidi do cac nha toan hoc phat hién méi day. Voi tén goi M74207281
con s6 nguyeén t6 Merssenne duoc phat hién boi cac nha toan hoc thuéc GIMPS-t6
chirc thanh 1ap ndam 1996 chuyén di tim nhitng con s6 nguyén to.
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» Cau chuyén di tim sd nguyén to bét dau tir mOt nha todn hoc, than hoc, triét hoc tw
nhién, Marin Mersenne (1588-1648). Ong 12 ngudi da nghién ctru cac s8 nguyén t&
nham cd tim ra mdt cong thitc chung dai dién cho cic s6 nguyén t&. Dya trén cac
nghién cttu ctua 6ng, cac nha toan hoc thé hé sau da duwa ra mot cong thirc chung
cho cacsd nguyén tdla M, =2° -1

= Nam 1750 nha toan hoc O-le phat hién ra sd nguyén t& M,

Nam 1876 s6 M,,; duwoc nha toan hoc Phap Lucas Edouard phat hién ra

Nam 1996 s6 nguyé t6 16n nhat thoi dé duoc phat hién 1a M ;g6
VD2-[Khao séat chat lwgng chuyén Lam Son — Thanh Héa nam 2017]
Goi m 1a s6 chit s6 can dung khi viét s6 2% trong hé thap phan va n 1a s6 chit sd can dung
khi viét s§ 30° trong hé nhi phan. Ta c6 tdng m+n la:

A. 18 B. 20 C.19 D. 21
GIAI
% CASIO

> bit 2° =10 < k =1log2* . SG chit s§ ctia 2% trong hé thap phan la [k]+1
(3] (0] (g (2] L&

Math &

Int (3010902 +1
10

Vay s6 chir s6 ctia 2% trong hé thap phan la 10
> Dit 30 =900=2" < h=log, 900 . SG chit s§ cia 30° trong hé nhi phan la [h]+1

8 ( Hed (2@ E0D®NHEOE

Math &

Intilogz9000]+1
10

Vay s8 chir s6 ctia 30% trong hé nhi phan 1a 10 =m+n=10+10=20
= Ddp s0 chinh xacla B
VD3: Cho tdng M =C2,, +C,,, +C2 . +...+Ca2 Khi viet M dudi dang 1 s8 trong hé thap

phan thi s6 nay ¢ bao nhiéu chir so:

A. 608 B. 609 C. 610 D. 611
GIAI
% CASIO

2020

> Theo khai trién nhi thicc Newton thi (1+1)

Véy M — 22020
> bt 2 =10 < k =log2** . S6 chir s6 cua M 1a [k]+1

s () (2 0 (2 0 ZDDEIE

Math &

Inti20200l09C2) 0k
60

Vay s0 chit s6 cua M 1a 609. Ta chon dap an B
% Binh ludn:

O 1 2 2020
= Czozo + Czozo + Czozo +o.t Czozo
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Bai toan nay la su két hop hay gitra kién thiec liiy thira va kién thirc vé nhi thiee
Newton. D& lam duwgc bai todn nay bang Casio thi can cé mot s6 kién thitc co ban
vé tong Nhi thitc Newton

Dang toan tdng nhi thitc Newton duoc tac gia tém tat nhu sau :

+)Cho khai trién téng (a+b)" =CJa"b® +C;a" b +C2a"*b* +...+CJa’h" va khai trién
tong (a—b)" =Cla"’ —Cra"'b' +C’a" ?b* —Cla"°b’...+ Ca’h"

+)D€ quan sat xem tong nhi thirc Newton c6 dang la gi ta quan sat 3 thong sd :
Thong s6 mé n thi quan sat t6 hop C; vi du nhu xuat hién Cj,, thi rd rang
n=2020 . Thong s6 a s€ co s6 mi giam dan, thong s6 b s€ c¢d s6 ma tang dan

HAp dung CO, 5% —CL 5924 CL 5922 C3 5% 1 . —C¥ 2 thi 15 rang
n=1999 , s0 mii cua a giam dan vdy a=5 , s0 mil cta b ting dan vdy b=2 . Ta
thu gon khai trién thanh (5-2)" =3

VD4: So sanh nao sau day la dung

A 57123 > 75864 B 57123 < 75864 C 3400 < 2500 D 41700 > 91200
GIAI
<% CASIO
> Dt 5" =10 < k =log5™* =7123log5 ~ 4978.76 > 4978
RG] m@ M@‘
atl

X/
°

T123logch)
4975, 765341

Vay 572 »10%7
Twong tw dit ta dat 7°°* =10" < h =log 7°** ~ 4955.65 < 4956

BEEEEDDE
oa641og 7]

4955, 654907

Véy 75864 < 104956
Tém lal 57123 > 104978 > 104566 > 75864

Binh luan :
Bai toan nay néu ta thiee hién 1 phép Casio ¢ dang cp thap la nhap hiéu 572 - 7°%
r0i xét d4u thi may tinh khong 1am dwoc vi vieot qua pham vi 10"

BxDHEZREIDPNEEEEE
Math ERROR

CAC] fCancel
C41Cel:Goto

Vay dé€ so sanh ta 2 dai lwong lty thwa bac cao M va N ta sé dwa vé dang
M >10° >10" >N

Tuy nhién viéc so sanh 2 liiy thira st dung Casio 6 mttc do don gian cling thuong
xuat hién trong dé thi ctia cac truong, vay ta cling can tim hiéu thém mot chat. Cac
e xem ¢ vi du s0 4 dudi day.
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VD5-[THPT Ngoc Hoi - Ha Noi 2017] Két qua nao sau day dung :
17 18 17 18
AlZ| < Z B.|Z| > Z
6 6 3 3
e 17 e 18 e 17 e 18
Cl=| > = D. —j >| =
(3j (3) (2 2

GIAI
& Cach1: CASIO

17 18
> Dé kiém tra tinh Bung — Sai ctia dap an A ta sé thiét lap hiéu (%j —(%J . Vay bai

17 18
so sanh chuyén vé bai bat phuwong trinh [%) —(%) <0
R6i nhap hiéu trén vao mdy tinh Casio

(A=) 6 x0) @ (6] & O &3 () @ & =) (A B e (o) @ (6] & 0] (&3 (3]

(23

R6i ta nhan nat = néu két qua ra 1 gia tri am thi dap an A dang con ra gia tri duong
thi dap an A sai

m Math &

(3-8
7. 96 06GEE3 s

May tinh Casio bao két qua ra 1 gia tri duwong vay ro rang dap an A sai.
» Tuong ty vay doi voi ddp an B

[ME D xI® B )@ = AE 6 ) @ B O @) [
B8

ny 17 ¢y 15
(2] -2
-0, 1033727267
Vay déap s6 B cling sai
» Ta lai ti€p tuc v6i dap an B
[AEEwx)® B0 E@ e = A E WM ) @ 6B O @) [0

B
(979
0.0175e460827 o
Pay 12 1 dai luong duong vay (%) —(gj >0 hay [gj > (gj

Téi day ta thdy ro rang dap s C la dap sd chinh xac !!
s Cach2:Twluan

17 18
= Taccosd %z 0.52(0;1) va s& mii 17 <18 vay [%j > (%) = Dép 4n A sai
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17 18
» Tacdcoso %z1.04 >1 va s6 mi 17 <18vay (%) <[%) = Dap an B sai

17 18
» Tacdcosd %z 0.906 € (0;1) va s6 ma 17 <18vay (%j > (gj = Dép s6 C sai

¢ Binh luan
e D€ so sanh 2 lity thira cing co s6 a" va a' ta st dung tinh chat sau :
+) Néu cosd a>1va u>v thi a" >a’ (Diéu nay dan t6i dap an B sai)
+) Néu co s6 a thudc khoang (0;1) va u>v thi a' <a' (Diéu nay dan téi ddp 4n A
sai)
VD6-[THPT-Ha Néi-Amsterdam 2017] (Bai toan xay dung dé chdng lai Casio)
Khang dinh nao sau day sai ?

A. 2% 5 93 B. (v2 —1)2016 > (V2 —1)20”
\/E 2016 \/E 2017 2017 2016
C. (1—7J {1—7] D. (Jﬁ —1) >(J§ —1)
GIAI

% Cach 1: CASIO

» D& kiém tra tinh Dung — Sai ctia ddp 4n A ta sé thiét 1ap hiéu 2¥2*—2°. Vay bai so
sanh chuyén vé bai bat phuong trinh 2¥21-2° >0
R6i nhap hiéu trén vao mdy tinh Casio

DHEEEHO®EEEIE

Math &

EE +1 _EEFI
R6i ta nhdn nat = néu két qua ra 1 gia tri dwong thi dap 4n A dung con ra gi tri am
thi ddp an A sai
m Math &
EE +1 _23

-2.669711715
May tinh Casio bao két qua ra 1 gia tri am vay rd rang dap an A sai.
» Tuwong ty vay doi véi dap an B
@@E]E]@@E]@@E]@@E]E]@@E]
Math &

(F-1)2°1 (5
[

DPép s6 may tinh bao la 0 diéu nay la vo ly vi co s0 khac 0 va s mit khac nhau bude
2016 2017

(V2-1) " va (V2-1) bubc phai khéc nhau.
Nhu vay trong treong hgp nay thi may tinh chiu !!!

% Cach 2: Ty luan

* Ngoai phwong phap so sanh 2 ldy thira cing co s0 dwgc tac gia trinh bay ¢ Vi du 3
thi tai Vi du 4 nay tdc gia xin gidi thiéu 1 phuong phap th 2 vo cung hiéu qua co6
tén la Phwong phap dat nhan t chung.
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' PapinB: (1) > (V21" o (V21" (V21" 50
= (x/i—l)zm [1—(\/5—1” >0 (2— \/5)(\/5—1)2016 >0
D& thiy 2-2 >0 va (v2-1) >0 vay (2-+2)(v2-1) " >0 = Déps6 B diing
% Binh ludn:
e Theo thuét todn ctia Casio thi nhitng dai lwgng dwong ma nho hon10™” hogc lén

hon —107% thi sé dwoc hién thila 8 0.
Day la ké ho dé cac treong ra bai toan so sanh ldy thira chong lai Casio

BAI TAP TU LUYE

Bai 1-[ Bai toan s6 nguyén t6 Fecmat] Nha todn hoc Phap Pierre de Fermat 1a nguoi dau

tién dwa ra khai niém s Fecmat F, =2° +1 la mot s6 nghuyén t6 véi n 1a s8 duong khong
am. Hay tim s0 chit s6 ctua F,
A.1243 B. 1234 C. 2452 D. 2467

*Cha y : Su du doan ctia Fecmat la sai Jam vi nha toan hoc O le da chiing minh duwoc F; la
hop s6.
Bai 2: Cho tong M =C},,3"*% +C/,,,3*'2+C.,3°%°2° +...+ Ci52 2'** Khi viét M dudi dang 1
s0 trong hé thap phan thi s6 nay ¢ bao nhiéu chir so:

A. 608 B. 609 C. 610 D. 611
*Cha y : 1642 la nam sinh ctua nha toan hoc, vat ly hoc, thién van hoc, than hoc, gia kim
thuat vi dai ngroi Anh Isaac Newton.
Bai 3: So sanh nao sau day la dung

A. 1179 5 g% B. 23%% < 25°° C. 29*° <31°% D. 29*° > 31°%
Bai 4-[Thi thit THPT Ngoc Hoi - Ha N6i Ian 1 ndm 2017] Cho a,b 14 hai s8 tw nhién 16n
hon 1 théa man a+b=10 va a”*b**® la mdt s8 tw nhién ¢ 973 chi s6. Cap a,b thoa man
bai toan la :

A. (55) B. (6;4) C. (8;2) D. (7:3)
Bai 5-[THPT Ngoc Héi - Ha N¢i 2017] Két qua nao sau day dung :

17 18 17 18
&) ) (3] -5
6 6 3 3
e 17 e 18 e 17 e 18
() -5 (3] +[3)
3 3 2 2
Bai 6-[THPT Nguyén Trii - Ha N6i 2017] Ménh dé nao sau day dung :
4 5 6 7
A(«/§—\/§) <(\/§—\/§) B. (\/1_1—\/5) >(\/1_1—\/§)
C. (2-+2) <(2-+2) D. (4-V2) <(4-2)
Bai 7-[THPT Thang Long - Ha Nbi 2017] Khang dinh nao sau day ding :

A.(BZ); >(33)§ B. (2—\/§)JE >1

c. (vV2-1) >(v2 +1)J§ D. (0,3)" >(0,3)’
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Bai 1-[Bai toan s6 nguyén t6 Fecmat] Nha todn hoc Phap Pierre de Fermat la nguoi dau
tién dua ra khai niém s8 Fecmat F, =2” +1 la mot s6 nghuyén t8 véi n 1a s§ dwong khong
am. Hay tim s6 chi s6 ctia F; trong hé nhi phan

A.1243 B. 1234 C. 2452 D. 2467
GIAI

% Casio

S8 F, c6 dang 27" +1 . Ta thay s8 22" +1 khong thé tan ciing 12 9 nén s& chit s6 caa 22 +1

cing chinh 12 s8 chit s§ cia 2% trong hé thap phan.
Dat 22 =10 <k =2% log(2) . S& chit s6 cua 2% trong hé thap phan la [k]+1
HEHRHDRGEHRZDOIBEDE

Math &

Int(2131n9E233+b
~457

= Ddép s6 chinh xacla D
Bai 2: Cho téng M =C,,3°? +C/,,,3°"2+C2,, 3°°2° +..+ CL52 2 Khi viét M dudi dang 1
s0 trong hé thap phan thi s6 nay cd bao nhiéu chit so:
A. 608 B. 1148 C. 2610 D. 911
*Cha y : 1642 la nam sinh cua nha toan hoc, vat ly hoc, thién van hoc, than hoc, gia kim
thuat vi dai ngroi Anh Isaac Newton.
GIAI
% Casio
Rt gon khai trién nhij thite Newton M = (3+2)*" =52
bit 5% =10 < k =1642log(5) . S5 chit s6 ctia 5°* trong hé thap phan la [k]+1

) (H [ 6 @2k B NHDE

Math &

Int(1642109(R1 1k
1143

= Ddép s6 chinh xacla B
Bai 3: So sanh nao sau day la dung
A. 1179 > 9¥% B. 23%%° < 25°° C. 29™ <31°% D. 29" >31°%
GIAI
% Casio
S8 chir s6 ctia 117°% va 9% trong hé thap phan lan luot la :

i (H 21 0ERI HEHNNEBME ww # 2 (E 0[] kg 0D ®H O]

Math & Math &

Int(2003109¢117F Int(2500109(91 1k
2056 2386

nhiéu hon s6 chit s8 ctia 11 nén 9% >11°% — A sai
S8 chir s6 ctia 23°° va 25°® trong hé thap phan lan luot 1a :
Q+69323))+1=Q+60025))+1=

~ ) 2500
So chir sd ctia 9
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Math &

Int(693109¢231 7k  Int(600l09C251 1k
944 539

S8 chir s6 ctia 23** nhiéu hon s6 chit s6 cua 25°° nén 23°% > 25%° — B sai
* S8 chi s6 ctia 29**° va 31°% trong hé thap phan [an luot 1a :

i) (H () B2 EDNHIDE w H (6002 ENNHEEOE

Int(445109(293 70  Int(523logcaliie
651 el

9** nho hon s8 chit s§ ctia 31°° nén 29*° <31 = B la dap sd chinh xac

S6 chit s cuia 2
Bai 4: Cho a,b 13 hai s6 tw nhién 16n hon 1 thoa man a+b=10 va abh*® 1a mot s6 tu
nhién c6 973 chit s6. Cap a,b thoa man bai toan la :
A. (55) B. (6;4) C. (8;2) D. (7;3)
GIAI
s Casio
= Tacod a+b=10=>a=10-b . Khi d6 a?b™® =(10-b)” b**

. {)at(10-bf2b””6::1ok<:>k::|og[(10-bf2b2mﬁ]::12|og(10-b)+-2016|ogb

S8 chit s8 ctia (10—b)” b*™® 1a [k]+1
» V6iddp sO A: a=b=5 .50 chir s6 ctia 5756 1a 1418 khac 973 = Dap s A sai
--E]@I@-.@@E]@@E]@

Math &

Int(12109051+20k
1418

» V6iddpsOB: a=6;b=4 .50 chit sd cua 674 1a 1224 khac 973 = D4p s0 B sai
-.E]@.@II@@E]@@E]E]

Math &

Int(1210atE)+20k
1224

» Tuong tu v6i a=7;b=3 .58 chit s§ ctia 7°7%*° 12 973 = Dap s8 C chinh x4c

i) (5 (1 (2 (g D0 H 2@ @ (6 B DD HDE

Math &

Int (121090 73+20k
973
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PHU'O'NG PHAP CASIO - VINACAL

BAI 15. TINH NHANH GIA TRI BIEU THG’C MU - LOGARIT.

-Budc 1 : Dua vao hé thie diéu kién budc cua dé bai chon gié tri thich hop cho bién
-Bwdc 2 : Tinh céc gia tri lién quan dén bién roi gan vao A, B,C néu céc gid tri tinh dugc lé
-Bwéc 3 : Quan sat 4 dap an va chon dap an chinh xac

2) Vi DU MINH HOA
VD1-[Pé minh hea THPT Quaéc gia 2017] Pat a = log, 3, b = log, 3. Hay biéu dién log, 45 theo
avab

a+2ab 2a’—2ab
A. log, 45 =272 B. log, 45=°2 "%
J6 b J6 b
2_
C. log, 45 = 2280 D. log, 45— 23 230
ab+b ] ab+b
GIAI

% Céch1:CASIO
> Tinhgiatricua a=log,3. Vigiatricia a ramotsd lé vay ta luu a vao A

-@®@®@Maﬂ-- m Math &
log-03) ANS+A
1.5649:2501 1.5549:2501
» Tinh gia tri cua b=1log, 3 va luu vao B
-E]@@@mmn!. m Math &
logg (3] Ans+B

0. 6526061945 0. 6526061945

> Bt dau ta kiém tra tinh dung sai cta dap an A. Néu dép 4n A dung thi hidu

log, 45— a+2ab phai bang 0. Ta nhap hiéu trén vao may tinh Casio va bam nit (=)

(o) (6] &> (2] (5] & (=) (B () () () (2] (eht) (©) (we) 2] © (ire] () (e
bd &

1ngﬁc453—ﬂi3ﬂ§
-1.340434733

Két qua hién thi cia may tinh Casio la 1 gié tri khac 0 vay dap an A sai

> Tuong ty nhu vay ta kiém tra 1an luot timg dap an va ta thay hiéu log, 45— 8 _l':_) Zib
ab+

EEEDHEEEDEmE H DM O M @ © T
HEWEE

109, [ 45)-5+=A0

biang 0
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X/
L X4

VD2-[THPT Yén Thé - Bic Giang 2017] Cho 9* +97* = 23. Khi d6 biéu thirc P =

a+2ab
Vay log.45 =
e =

hay dap sb C la dang
Céach tham khao : Ty luan

Taco a=log,3=

1 1
=log,2==va log,5=—
5 g3 a gS b

1
Vay log. 45— log, 45 109:(35) 2+l0g,5 2T}, a+2ab
' ° log,6 log,(3.2) 1+log,2 ;.1 ab+b
a
Binh luan

Céch ty luan trong dang bai nay chu yéu dé kiém tra céng thirc dbi co sé : ¢ong thirc 1 :

. <A log, x i
(véi a=1)vacongthuc 2: log, x = I 9 (v6i b>0;b=1)
X oga X
Céch Casio c6 vé nhicu thao tac nhung dé thyc hién va d6 chinh xéc 100%. Néu ty tin cao
thi lam ty luan, néu tu tin,thép thi nén lam Casio vi lam tu ludn ma bién d6i sai 1 lan thoi roi
lam lai thi thoi gian con ton hon ca lam theo Casio

log, x =

54+3+3*
- ¢

1-3° -3~
gia tri bang?
A 2 B 3 c.t D. -2
2 2 2
GIAI
< Céach 1: CASIO
> Tu phuong trinh diéu kién 9% +97* = 23 ta c6 thé do dugc nghiém bang chirc ning SHIFT

>

SOLVE

(9 (3 () O & () (8) () (&) () ) & (5 (2) (3) fer) () (1) (B

giegroog
= 142616012

Luu nghiém nay vao gia tri A

(s#F1) (Red) ()
ANS+A

1.426162126

Dé tinh gia tri biéu thuc P ta chi can gfm gia tri Xx= A s€ dugc gié tri cia P

BEHER M HE ) E e ® 0= (E) @I fw 0]

Math &

C)E]EJIIEQEHQEQCDCDE]
S+3A4+5—A
1-3%-3—A 5

T

Vay 6 rang D 1a dép sb chinh xéac

% Céch tham khao : Ty luin

Pit t=3+3" <=t*=9"+97+2=25<t=15
Vi3+3*>0vay t>0 hay 5

V6i 3 +37 =5 . Thé vao P ta dugc P:%:—g

% Binh luan
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e Mot bai toan hay thé hién sic manh cuaa Casio
e Néu trong mot phuong trinh c6 cum a*+a™ thi ta dat an phu 12 cum nay, khi do ta co thé
biéu dién a® +a?* =t?-2 va a¥* —a ¥ =t* -3t

VD3-[Chuyén Khoa Hgc Tw Nhién 2017] Cho log, x = log,, y = log,, (x+Y) Gid tri ciia ti s6 X
y
la?
A. _1_2‘/5 B. % C.1 D. 2

GIAI
% Céch 1: CASIO
> Tirdang thuc log, x =log,, y = y =12"%* . Thay vao hé thic log, x = log,, (x+Y) ta duoc
! log, X—log,s (X+12°%*) =0

> Taco thé do dugc nghiém phuong trinh log, x —log,, (x+12'°99x) =0 bang chic ning
SHIFT SOLVE

(os.) (9] @ (itrl) O & (=] (es) (1] (6] &> () O (B (1] (2] (29 esaD) (8] &
i) 5] & & ® s () (1] (E]

Math

109503I-109, gL 7 b
f= i 39.4522115

Luu nghiém nay vao gia tri A

ANS+A

Math &

3. 4622117

> Ta da tinh duogc gia tri x vay d& dang tinh duogc gia tri y=12"%* . Luu gia tri y nay vao
bién B

(1) 21 (&7 (ew) (2] & () () (=) (517 e o)

= Math & = Math &
lo3g (Al IEIT'IS'}E
17
Ba3.85011995 B3.8011998
> Toi ddy ta d& dang tinh duoc ti 6 § - g

B0 @ @ ) E

A

E

0. 6130339837

Pay chinh 1a gia tri ~—— va dép s chinh xac 1a B

s Céach tham khao : Ty luan
= Pit log, x=1log,, y=log,s(x+y)=t vay x=9'y=12"; x+y =16

= Tathiét l1ap phuong trinh 1:3—:(§j va 5Jrlzuzm :[EJ
y 4% \4 y y 12° 3
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X[ X X ? X X —1+\/§
Vay —[—+1j:1<:>(—j +—-1=0c —=—+
yly y

X —1+\/§

Vi Xs0nen X<
y y 2
% Binh luan
e Mot bai toan cuc khé néu tinh theo tu luan
e Nhung néu xir ly bing Casio thi ciing twong dbi d& dang va do chinh xac 1a 100%

11y -
VD4-[THPT Nguyén Tréi — HN 2017] Cho K :(x2 - yZJ (1—2\/2+XJ véi x>0,y >0. Biéu
X X
thae rdt gon cua K 1a?
A. X B. 2x C. x+1 D. x-1
GlAl
% Céch1: CASIO

11V .
> Tahiéu néu dap an A dung thi K = x hay hiéu (xz —yZJ (1—2&#} — X bang 0 véi
X X

moi gid tri x;y thoa man diéu kién x>0,y >0

» Nhap hiéu trén vao may tinh Casio
(O e O) (9 (B () @ (2] & & (=] (aet) (50) (]
(3 (A [0 = (2) ba) (B few) 6+ @ () O] & &
(ZDHIlIEDE;]EJImmlI

Math

1 T
< [1-2(%+%)

Chon1giatri X =1.25 va Y =3 bat ki théa x >0, y > 0rdi dung Iénh gan gia tri CALC
mOOEDEEEE
at
ANS+A

9. 4622117

> Ta di tinh dugc gia tri X vay dé dang tinh dugc gia tri y =12"%

(1) (2) (&3 (eeD) (9] O (i) () (Z]

lx%—vﬁih[1—éﬁﬁ
0

Vay ta khang dinh 90% dép 4n A dung
» DE cho yén tam ta thur chon gia tri khac, vi du nhu X =0.55,Y =1.12

@HEEHENEHDRE

lx%—vﬁih[1—éﬁﬁ
0

Két qua van ra la 0, vy ta chic chin A 1a dap s6 chinh xéc
s Céach tham khao : Ty luan
1

= Ritgon (x; —yzjz =(\/§_\/§)Z
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- s 12fE2] <[ [[Ef | (255 (5

vy =) 2 -

< Binh luan

e Chlng ta can nhé néu 1 khang dinh ( 1 hé thirc dung ) thi né s& dang véi moi gia tri x, y
thoa man diéu kién dé bai . Vay ta chi can chon céc giatri X,Y >0 dé ther va wu tién céc gia
tri nay hoi 1¢, tranh sé tranh (c6 kha ning xay ra truong hop dic biét)

VD5-[Thi thit B4o Toan Hoc Tudi Tré 2017]
Cho ham sé f (x)=2"*" Tinh gi4 tri cia biéu thirc T =2 '(x)—2xIn2+2
A 2 B. 2 i C.3 D.1
GIAl
< Cach1:CASIO ‘ 7 ’
» Vi de bai khc“)ng noi ré x ;héa man dieu kién rang budc gi nén ta c6 thé chon mot gié tri bat
Ki cia x dé tinh gia tri bieuthac T . Vidutachon x=2
Khido T=2""f '(2)-4In2+2

EEHEEONGXE])(EHEEEMDIEBEHDE® 2I®
Habl20EHEE

EI'|'I.'4Lth.l.
—d—1., 0 [qrZ+1
2 xdxliz

e B -

= Diép s6 chinh xac 1a B
s Céch tham khao : Tw luan
= Tinh £'(x)=2""In2(x*+1)'=2xIn22"" va

= Thévao T=2""2xInx2"-2xIn2+2=2xIn2-2xIn2+2=2

< Binh luan

e V6i bai toan khdng cho biéu thirc rang budc cia x c¢o nghia 13 x 13 bao nhiéu ciing duoc.
Vi du thay vi chon x =2 nhu & trén, ta c6 thé chon x=3 khidoé T =2°"'(3)-6In2+2
két qua van ra 2 ma théi.
AlrEelEelnCIRI IRl rEl TRt BICICIBIC,
C]E]E]E]IIIIC]E]

Math &

o—F- 1x [EHE+1

o =

e Chd ¥ cong thirc dao ham (a*)'=a".Inau’ hoc sinh rét hay nham
aJ§+1 az—ﬁ

VD6-[B4o Toan Hoc Tudi Tré 2017] Rat gon biéu thic ——
e a‘ﬁ_z 242

(voi a>0) duoc két qua :

A. a* B. a c.a D. a°
GIAl
< Céch1:CASIO
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af 341 az—f

> Ta phai hiéu néu dap A ding thi hisu ————— ( ) —a’phai =0 véi moi gid tri cua a

» Nhap hiéu trén vao may tinh Casio

(=) (ew) O (] (va) (3] & () (] & (X (i) O] (=9 (2) (5 (=) B] @

ALPHA

D)= 2 =2 O] @) e 2o [#H 2 o (=] few OJ («f
(4]

= Math
'F+1 };_'::-::E—'-IIE o
Z-2) AZ +2
Chon mét gia tri a bat ky (wu tién A 18), ta chon a=1.25 cha han rdi dung Iénh tinh gia tri
CALC
@DIODEE
at
I:;:-:;E—E:I {Z +Z
=

10:z4
Vay hiéu trén khéc 0 hay dap an A sai ’
» Bat dau ta kiém tra tinh dung sai cua dap an A. Néu dap an A dang thi hi¢u

log, 45— a+2ab

phai bang 0. Ta nhap hiéu trén vao may tinh Casio va bam nut (5

(o) (6] &> () (5] & (=) (B (i) () () (2] (et) () (et) o) D () () (i)
bd &

1ngﬁc453—ﬂi3ﬂ§
-1.340434733

Két qua hién thi cia may tinh Casio la 1 gié tri khac 0 vay dap an A sai
\/_+l 2 «/_

> Dé kiém tra dap s B ta sira hi¢u trén thanh —«/'
( \/— 2) 2+2
@
m
wd S 1 e Z2—dS
[ edE -2 AZ +2
R&i lai tinh gia tri caa hiéu trén véi a=1.25

e @ EE

Math &

Math &

N 10z4
Van ra 1 gia tri khac 0 vay B sai.

) aﬁﬂ az—ﬁ
> Tuong ty vay ta s& thay hietu —————-a°

"

l-‘-l'l'\—' 1 l-.:-:-ll'-ll—m'l'\—' Ma'th::l‘

EHE_E]E-I-E
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Viy déap sé C 1a dap sb chinh xac
% Céch tham khao : Ty luin
NEEE] azﬂﬁ _ a\/§+1+(2*«/§) 3

= TarGtgontisd a

-2

A ~ 7 242 _ .
= Tiép tuc rat gon miu sé (aﬁ*z) _ V) _ oa

3

= Vay phan thirc tré thanh = = 2% (2 = a°
a

% Binh luan
e Nhic lai mot s6 cong thic ham sé mii co ban xuat hién trong vi du : a™.a" =a™",

(am )n —gmn ’ Z_r: — ™"

BAI TAP TU LUYEN

Bai 1-[Chuyén Khoa Hoc Tw Nhién 2017] Cho log, (log, x) = log; (log, x) thi (log, x)2 bang ?

A. 3 B. 33 C. 27 D. %

Bai 2-[Chuyén Lam Son — Thanh Héa 2017] Néu log,, 6 = a,log,, 7 =b thi :

a b a
A log, 7=—2— B.log,7=— C.log,7=—>"— D.log, 7=——
9 1-b 9 1-a 9 1+b 9 1+a

) ) aﬁﬂ az—ﬁ
Bai 3-[Bao Toan Hec Tuoi Tré 2017] Rut gon biéu thtc —————

véi a>0) duoc két qua :
(aﬁ-z ) 7o ( ) q
A. a’ B. a c.a’ D. a°
Bai 4-[THPT HN Amsterdam 2017] Bién dbi 3/x°4/x (x> 0) thanh dang Iiiy thira v6i 6 mi hitu

ti, ta duoc :
20 21 20 12

A. x2 B. x12 C. x5 D. x5
Bai 5-[Thi thir Chuyén Sw Pham lan 1 nim 2017] Tim x biét log, x = 4log, a+ 7log, b
A. x=a’’ B. x=a‘b’ C. x=a'b® D. x=a%n°

1 .
Bai 6-[THPT Kim Lién — HN 2017] Cho ham s6 y = 2016.e " Khang dinh nao sau day ding ?
A. y+2yIn2=0 B. y+3ylIn2=0 C. y-8hIn2=0 D. y+8yIn2=0

1oy -
Bai 7-[THPT Nguyén Tr&i — HN 2017] ChoK = {xz - yzj [1—2\/2+XJ véi Xx>0,y>0.
X X

Biéu thtrc rdt gon cua K 13 ?

A. X B. 2x C. x+1 D. x-1
Bai 8-[THPT Pham Héng Thai — HN 2017] Choa,b > 0;a* +b? =1598ab Ménh dé ding 14 ;
a+b 1 a+b
A. log——==(loga+Ilogh B. log——=1loga+logh
970 2( g gb) 970 g g
a+bh 1 a+b
C. log——==(loga+logh D. log——=2(loga+Ilogb
970 4(9 gb) 90 (log gb)

Bai 9-[Thi Hoc sinh giéi tinh Phd Tho nim 2017

Cho cac sé a>0, b>0,c>0 théa mdn 4% =6° =9° . Tinh gié tri biéu thuc T _b,b
a C

Al B.E C. 2 D.E
2 2
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Bai 1-[Chuyén Khoa Hoc Ty Nhién 2017] Cho log, (log, x) = log, (log, x) thi (log, x)2 bang ?
A. 3 B. 3\3 C. 27 D. %
GIAI
» Phuong trinh diéu kién <> log, (log, X)—log, (log, X) =0 . Do nghiém phuong trinh, luu vao A

(o5.0) (2] O (s.0) (8] & () O] & @ (=) (oea) (8] @ [logal) (2] @& (atett) (O] (sweT) [CALC)
(0 &) ) fed ()

10920 1095 CE1T=1F Anssd
ﬁza— 35.550445?5

= Thé x=A dé tinh (log, X )2
Bl @D E O ® @ E
log. A2

[P Math &

ab. bel044575

27

— Pap s chinh xac 1a C

Bai 2-[Chuyén Lam Son — Thanh Héa 2017] Néu log,, 6 =a,log,, 7 =b thi :

a b a
A. log,7=— B. log,7=—— C.log,7=—— D. log,7=—
°9: 1-b °9; l1-a 09, 1+b 09, l+a
GIAI
= Tinh log,, 6 rdi luu vao A
IIIE][ZMCDE][Z%QQIIIII o
at at
logy (6D ANs+A

0. 7210570543 0. 7210570543

= Tinh log,, 7 16i luu vao B

[es) (2] @ (el () B (2] (E]

Math & [P Math &

logy 077 Ans+B
0, 7830913514 0, 7830913514

Ta thay log, 7—1L =0 = Dap sd chinh xac 1a B
a

02 D® S (E W @0 E O E

Math &

1090 71-155
I
f+1 23 .
Bai 3-[B4o Toan Hoc Tudi Tré 2017] RGt gon biéu thirc 5 (véi a>0) dugc ket qua :
J’ 2
A a’ B. a C. a’° D. a’
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: 125711 2528
Chon a>0 vi du nhu a=1.25 chang han. Tinh gia tri — — roi luu vao A

(125" )m

E0ULAEHM@EEEHDEXBDEHREEIEEHWEE®M™
OHEEEEWEZI®EE® D) (2)® [ (2 & 6 D (©)

Math & Math &

[1.25/2-Z2) 2+ Ansh

G125 G125
10:=4 10:=4
3125

Ta thiy =(1.25) =a° = Pip sb chinh xéc 1a C
1024

Bai 4-[THPT HN Amsterdam 2017] Bién déi 3/x°4/x (x > 0) thanh dang Iiiy thira v6i s6 mi hitu
ti, ta duoc :
20 21 20 12

A. x% B. x12 C. x5 D. x5
GIAI
Chon a>0 vi dy nhu a=1.25 ching han. Tinh gia tri 1.25°41.25 roi lwu vao A
sur7) (29 (3] & (3 (] (2) (8] (=9 (B) & (X) fsurr] () (4] &> (] (] (2] (8] (=) ir) (oY)

-)

NeE | e
1. 477721264 1477721264

a 24 ,
Ta thay A=(1.25)2 =a? = Pap so chinh xac 1a B

Bai 5-[Thi thir Chuyén Sw Pham lan 1 nim 2017] Tim x biét log, x = 4log, a+ 7log, b
A x=a’h’ B. x=a'h’ C. x=a'° D. x=a%°

GIAI
Theo diéu kién ton tai ciia ham logarit thi ta chon a,b >0 . Vi du ta chon a=1.125 va b=2.175
Khi d6 log, x=4log, a+7log, b <> x = 3*%a7leb
BdEEIEeHNHAORAE®H @A) BRI A EE
®0]E "

at

41095101, 125]+'-‘
E': o I}

abi, 82a879E
Thir céc dap 4n ta théy x=(1.125)* (1.175)" = Dap s6 chinh xac 1a B

Math &

C1. 12534}“:2 17EE
ab0. 3288792

Bai 6-[THPT Kim Lién — HN 2017] Cho ham sé y = 20166 . Khing dinh nao sau day ding ?
A y+2yIn2=0 B. y+3yIn2=0 C. y'-8hIn2=0 D. y+8yIn2=0
GIAl

1
Chon x=1.25 tinh y =2016. 8 i lwu vao A
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2@ 0 (6] (%) ) (09 (3 (1) (] (2] (8] (In) (1) () (8] ) (=) ster) ct) (©)

EI:I].EI}‘:EI 25]-I"I I:H:Ih_lt} IElﬂE-}ﬁ Math &
149, 5400965 149 S400965

Tinh y'(1.25) rdi luu vao B

(F) (& (2) (@) (] (6] (X) (e (xi09) (8 (i) ) X () D E B 0 [ ()

@@@m--h!athl F: Math &
EE[EDIEKEHHIHIIF Ans+B
-311.5857213 -311.5857213

R6 rang B+3In2.A=0 = Pap sd chinh xé4c 1a B

1 12 N
Bai 7-[THPT Nguyén Trai — HN 2017] Cho K :[x2 — yZJ (1—2\P+XJ v6i x>0,y >0.
X X
Biéu thirc rit gon cua K 12 ?
A. X B. 2x C. X—|7-1 D. x-1
GIAl
Chon x=1.125 va y = 2.175 r6i tinh gia tri biéu thuc
OOOONREEO0OENE®E(2)
XOOHAWEROMM@E

=

&

(o]

C)

o[}

(]

=

)

(o]

®

S

&)

@

BEIM =

wEE
=
(e
o)
VIE
vlg
B
W®
SIS
H&

[1,125%- E—E.I?Eb

e
=

RO rang K = % =1.125=x = Dap sb chinh xac 1a A
Bai 8-[THPT Pham Héng Thai — HN 2017] Choa,b > 0;a* +b? =1598ab Ménh dé dting 1 ;

a+b 1 a+b
A. log——=—=(loga+logh B. log——=1loga+logh
95 2( g gb) 9= =09 g
a+b 1 a+b
C. log——==(loga+logh D. log——=2(loga+logb
9720 4(9 gb) ?40 (log gb)
GIAI

Chon a=2 = Hé thic tré thanh 4+b® =3196b <> b*—-3196b+4=0 . Do nghiém va luu vao B

bt 0] (23 =) 3] (1) (9 (6] () () () (4] fswer) cadd) (1] (=) (o) et ]

}:E 3195}::-'-4 Math Il;l".-IS_}E Math &
A= 1.251564%:5=
L-R= I 1. 25156494657

Tinh log a+b =log 2+B
40 40

EEDIEMHCOEBU®DNE
1D9[2+E]
-1.300758307

Tinh tiép loga+logb
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(og) (2] O] BB (eg) (el -+ ) ()

Math &

lngEEJ+lngEEJ
-2.601516614

R rang gia tri loga+logb gip 2 1an gié tri log a4—-:)b = Pap sd A la chinh xac

Bai 9-[Thi Hec sinh giéi tinh Phi Tho nam 2017]

Cho céc sé6 a>0, b>0,c>0 thoéa mdn 4* =6° =9° . Tinh gid tri biéu thuc T =E+E
a C

Al B.3 C. 2 D.E
2 2

GIAI
» Chon a=2 Tirhé thiic ta c6 4° =6° < 6° —4> =0 . Do nghiém va luu vao B

(6] (=3 ) 0 @& (=) (8) (] (2] (e feac) (1) (=) () et o)

EI:“:_I._'I_E Math & P Math &
A= 1.047411229
L-R= I 1.547411229
= T hé thtc ta lai c6 9°—4% =0 . Do nghiém va luu vao C
HEZEWmHOBOeNE =
Q-4 = Ans+C
A= 1.261859507
L-R= I 1. 261859607
= Cudicunglatinh T —§+%=g+g— 2 = Pap s chinh xac 1a C
IEHCIEHEME EHE
ELE a
£ C
2
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PHU'O'NG PHAP CASIO - VINACAL

BAI 16. CHO’NG MINH TiNH PUNG SAI MENH PE MU - LOGARIT.

1) PHUONG PHAP

Chtng minh tinh dung sai cuia ménh dé mii — logarit 1a mot dang tong hop khd. Vi vay dé 1am duoc
bai nay ta phai van dung mot cach khéo 1éo cac phuong phap ma hoc tir cac bai trudce. Luyén tap
cac vi du dudi day dé lay tich lity kinh nghiém xur ly.

1) Vi DU MINH HQA

VD1-[Pé minh hea THPT Quéc gia 2017] Cho cac sé thuc a,b véi a=1. Khang dinh nao sau

day 1a khang dinh dung ?
A. Iogaz(ab):%logab B. log,. (ab)=2+2log, b
1 11
C. log , (ab)==log, b D. log , (ab)==+=log, b
g 4 e 2 2
GIAI
% Cach1l:CASIO

>

Ta hicu, néu dép 4n A ding thi phuong trinh log_, (ab)—%loga b =0 (1) v&i moi gia tri cia

a,b théa man diéu ki¢n a,b thuc va a=1 . Tachon bat ki A=1.15 va B =0.73cha han.
Nhap vé trai cua (1) vao may tinh Casio rdi dung Iénh tinh gia tri CALC

(o0} (aP) ()] (227) & (aet) () (ett) ) B (=) (B (U @ (2] & [osa]) (ri) (&) &>
EIEE]II]@E]@E]@@

Math &

log,z (ABI-Zlogb
1

May tinh bao két qua 1a mot sé? khéc 0 vay vé trai caa (1) khac 0 hay dap an A sai.

Tuong ty ta thiét 1ap phuong trinh cho dép 4n B 1a log , (ab)—2—-2log, b =0

Str dung chtrc nang CALC gan gia tri A=1.15 va B =0.73 cho vé trai cua (2)

(os.) (iP) () (207 @ (ae) (©)) (Pk) o) B (=) (2] (=) (2] (osaD) (rtl) () B> (ipt) o)
HHOEHENHEBRE

Math &

109, CABI-2-21Ck
1. 877044223

Tiép tuc ra mot sé khac 0 vay dap 4n B ciing sai

Tiep tuc phép thir nay va ta sé tim dugc dap an D 1a dap an chinh xac

(es.0) () (©) (o > 1) Q) [ B S FIBE U@ A1 HE O @ (2)
@ (ea) (el () & (el (o) oic) D D D B E D D D EIE

Math &

log, - (ABI-2-21b
0

Cach tham khao : Tw luan

o a>0a=1
biéu kién
b>0b=1
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= D& thiy log_. (ab) = %Iog ab= %(Iog ,a+log,b)= %4— %log b
+« Binh luan :
e Ching ta chd y phan biét 2 cdng thirc log, x™ =mlog, |x| va log_, x = % log,,

e Theo kinh nghiém lam nhiéu trac nghiém cua tic gia thi dép 4n dang thudng c6 xu huéng
Xep ¢ dap an C va D nén ta nén thir nguoc tir dap an D tré Xuong thi nhanh tim dugc dap an

d‘l'mg nhanh hon. ) ) 9
VD2-[Pe minh hga THPT Quoc gia 2017] Cho 2 so6 thuc a,b véi 1<a<b. Khang dinh nao sau
day 1a khing dinh dtng
A. log,b<1<log, a B. 1<log,b<log, a
C. log,a<log,b<1 D. log,a<1l<log, b

GIAl
<+ Céach1:CASIO .
» Chongiatri a,b thoa man diéu kién a,b thucva 1<a<b . Tachon a=1.15 va b=2.05
> Tinh gia tri s6 hang log, b

fes.) WA () & Wl 4 () D (J W B B @ L OB E
log,CB)

5. 136160651

Tinh gia tri cua s6 hang log, a

fee.) WP £ & ) Q) () ) J I B B W H W B E
1ogg (A

0. 1946579587

> Rorang log, a<l<log,b = Dap s6 chinh xac 1a D

% Cach tham khao : Tw luan

* Vicoso a>1l=log,a<log,b<=1l<log,b (1)

= Vicosd b>1 =log,a<log,b<log,a<l (2)

= Kéthop (1)va(2)tacod: log,a<l<log,b = D ladap an chinh xac

< Binh luén : , o ’

e Chaytinh chat cua co so : Neu a>1 thi log, u>log, v < u>v nhungnéu O<a<1 thi

log,u>log,v&eu<y

VD5-[THPT Bio Lam — Lam Déng 2017] Cho hé thic @’ +b* =7ab (a,b>0). Khing dinh nao
sau day dang ?

A.4log, a%b =log, a+log, b B.2log, (a+b)=1log,a+log,b
C. Iogza%bzz(logza+logzb) D. 2Iogza%bzlogza+logzb
GIAI

% Cach1:CASIO
» Via,b>0 néntachon a=1, khi d6 b s& thoa man hé thuc

7435 _7+35
2 2

1+b*=7Tb < b’ -7b+1=0<b= . Chon b

» Luu a=1 vao bién A

1) &) () ke (@
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= Math &
ANS+A
1
Luu b=7+3\/§ vao bién B
-.-@-@C:)@E]E--
Ans+B
T+545
Z

> Néu dap an A dtng thi 4log, aTer —log, a—log, b =0 D¢ kiém tra sy dung sai cua h¢ thirc

nay ta nhap vé trai vao may tinh Casio roi nhan nat (=)néu két qua ra 0 1a dang con khac 0
14 sai

(4] (eo) (2] 0> (B () (©) (] () -] @ (6] & & (= (e (2] & (i) ()
® B0 (2 ® @i - =)

Math &

41DQE[H+E] ~1loa;b
-1. 22032345

Két qua bicu thirc vé trai ra khac 0 vay dap 4n A sai

» Tuong tu nhu vay vdi cac dap an B, C, D va cuodi cung ta tim dugc dap an D 1a dap an chinh
X&c
(2] (o) (2] &> (&) (aed) () () (rl] o) @ (3] & & (=) es]) (2] B (et ()
® = fewd) (2) & () () ()

Math &

Elngg[ﬁ+5]—lngik
I

% Céach tham khao : Tw luan

2
» Bién ddi a?+b? :7ab<:>(a+b)2 :9ab<:>[a%bj =ab

= Logarit co s6 2 ¢4 2 vé ta dugc : log, (a;bj =log, ab < 2log, aTer =log, a+log,b

< Binh luén :
e M0t bai toan bien doi twong doi la zic zac doi hoi hoc sinh phai nhuan nhuyen cac céng thuc
va &c phép bién doi Logarit

VD4-[Chuyén Vi Thanh — Hau Giang 2017] Néu log, x =8log, ab® —2log, a’b, (a,b>0) thi x
bang :
A. a'b® B. a*b™ C. a’b* D. a®h*
GIAl
% Cach 1: CASIO
> Chon gia tri a,b thoa mén diéu kién a,b >0 thuc. Ta tiép tuc chon a=1.15 va b=2.05

ab?-2log, a’h

> Ta Cé Iog7 X = 8|Og7 ab2 — 2|Og7 a3b & X = 78|Og7

(D (&7 (8] (ew) (7] & [re) () (i) () (23 & (=) (2] [en) (7] & (et () (27
Bt DEHOEERBAEE
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]
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Math &

=
?EIDETﬁHE 1 - —Zle,

alel6. 09068
Vay ta biét duog X =30616.09068 ‘
Téi day ta chi can tinh gid tri cac dap an A, B, C, D xem dap an nao bang 30616.09068 la
xong
Va ta thdy dap sé B 1a dap sé chinh xac

mlelsnzhbokbokbEkblulsls
ﬁiaid

al616. 09065

Cach tham khao : Tw luan

Thu gon log, x = log, (ab2)8 ~log, (aBb)2 = log, (a"*® )~ log, a’b” = log, askt):e log, a’b*
Vicosé b>1 = log, a<log, b <> log,a<1 (2)

Két hop (1) va (2)taco: log, a<1<log,b = D la dép an chinh xac

Binh luan : , S ’

Cha y tinh chat cua co so : Neu a>1 thi log, u>log, Vv < u>Vv nhung néu 0<a<1 thi
log,u>log,veu<y

VD5-[THPT Bio Lam — Lam Ddng 2017] Cho ham 6 f (x)=3".4*. Khing dinh no sau day sai

A f

(x)>9 < x*+2xlog, 2> 2
. f(x)>9< x*log,3+2x>2log, 3
. f(x)>9 < 2xlog3+xlog4 >log9

D. f(x)>9<:>x2 In3+xIn4>2In3

>
>

>

GIAl
Cach1: CASIO
Tir diéu kién dé bai, ta khai thac dé tim x : f(c)>9<3.4*~9>0 (1)
Dung Mode 7 dé do khoang nghiém cua (1)
@@@@@@E]@E]@E]@@

Quan sat bang gié tri (chu y ldy phan F (X ) >0)

c) Math
Frnl
1 & 29H. 54
;| -2|-3. 931
g -1l -H.25

Thiy x <-2,... Tadat x<a

c) Math
] Frnl
] -g

—

Thiy x<0,... Tadit x>b
Dé phéng to khoang nghiém va tim chinh xac a,b hon ta chon lai mién gié tri caa X

MEEEHEEMLEO0MHREE

10
11 E |
12 1281
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c)
Finl

s 20,381

-21-3. 931

mncw

)
i Finl
0.15 -3.155

Vay x>0.75 va x<-2.25 ,
» Viéc cuoi cung la ta chi can do khoang nghiém xuat hién ¢ dap an A, B, C, D xem khoang
nao trung vai khoang nghiém trén thi 1a dang.

fwooe) (7] (e} O] (7 () (2] (el O (ea]) B1 > (I > H @RI B E EHE E

HE0HREE
f | Fog |
/e | 0; 2333
gl -2|-0.523
= -Eﬂ;thEE
(e |-}
IG| 0.5 (-0.ug]
In 0. 2618
0.5

Ta thay dap an A tring khoang nghiém vay dap an A 1a dap an chinh xéc
s Céch tham khio : Tw luan

XZ
2

= Biénddi f(c)>9e 34" >9@%>4—1X@3X >4
= Logarit co s6 3 ca 2 vé ta duoc :
log, (3*2‘2) > log, (4‘*) < x*=2>-xlog, 4 < x* +2xlog, 4 > 2

% Binh luan:
e MO0t bai tu luan ta nhin Ia blet ding phuong phap logarit ca 2 vé ludn vi 2 sé hang trong bat
phuong trinh khac co s6 va s mil ¢6 nhan tir chung X

BAI TAP TU LUYEN

Bai 1-[HSG tinh Ninh Binh 2017] Cho céc s6 duong a,b,c va a=1. Khang dinh nao dung ?
A. log, b+log, c =log(b+c) B. log, b+log, ¢ =log, |b—c]
C. log, b+log, ¢ =log, (bc) D. log, b+log, c =log, (%j

Bai 2-[Thi thir tinh Lam Pong - Ha Ndi 2017] Cho 2 s thyc duong a,b véi a=1. Khang dinh
nao sau ddy la khang dinh dung ?

a 1 1 a 1
A.log ,| —=|==|1+=log, b B.log ,| = [==(1-2log, b
0, )-3(1.0) 0,502
a 1 1 a 1
C.log.,|—=|==|1-=log.b D.log .| — |=3|1-=log.b
*H (%j 3( 2 0 J > (JBJ ( z°9a J

3 4

Bai 3-[Chuyén Nguy&n Thi Minh Khai 2017] Néu a* > a® va Iogb Iogb thi ta c6 :

A. O<a<b<l B.Q<b<a<l C.Q<a<1<b D. l<a<b
Bai 4-[THPT Lwong The Vinh — HN 2017] Khang dinh nao sau day la ding ?
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A.Ham s y =™

nghich bién trén R B. Ham sé y =Inx ddng bién trén (0;+ o)
C.log,(a+b)=1log,a+log,b D. log, b.log, c.log, a=1 véi moi a,b,ceR

Bai 5-[Chuyén Vi Thanh — Hau Giang 2017] Cho 0<a<1. Tim ménh dé sai trong cc ménh dé
sau :

A. log, x>0thi 0<x<1 B. log, x <0 thi x>1
C. X, <X, thi log, x, <log, X, D. B thi ham s6 y = log, x ¢ tiém can dang la truc
tung

Bai 6-[THPT Lwong Thé Vinh — HN 2017] Tim ménh dé dang trong cac ménh dé sau ?
A.Ham s6 y=log, x véi 0<a<1 la mot ham sé dong bién trén khoang (0;+ o)

B. Ham s6 y =log, x véi a>1 la mot ham sé nghich bién trén khoang (0;+ oc)

C.Hamsd y=log, x (0<a;a=1) co tap xdc dinh R

D. Do thi cac ham s6 y=log, x va y=1log, x (0<a;a=1) di xtng nhau qua truc hoanh
Bai 7-[THPT HN-Amsterdam 2017] Cho a,t;l la c&c s6 thuc duong va a=1. Khing dinh nao sau
day dung ?

A. log ; (a®+ab)=2+2log,(a+b)  B.log ;(a*+ab)=4log,(a+b)

C. log - (a* +ab)=1+4log, b D. log . (a*+ab)=4+2log,b

Bai 8-[THPT Kim Lién — HN 2017] Trong céc khang dinh sau, khang dinh nao sai :
A.Ham so y =logx la ham so logarit

B. Hams6 y=(3")" Ia ham s6 ma
C.Hamsé y=(7z)" nghich bién trén R
D. Ham s y =Inx dong bién trén khoang (0;+ oc)

Bai 9-[Sé GD-PT Nam Pinh 2017] Cho a>0;a#1 va x;y 1a2 s6 duwong. Khang dinh nao sau
day 1a khang dinh diing ?

A. Iogaizmg—ax B.Ioga(x—y):log—ax
y log,y log, y

C. Iogaﬁzlogax—loga y D. log, (x—y)=log, x—log, y
y

LOI GIAI BAI TAP TU LUYEN

Bai 1-[HSG tinh Ninh Binh 2017] Cho céc sé duong a,b,c va a=1. Khang dinh nao dung ?

A. log, b+log, c =log(b+c) B. log, b+log, ¢ =log, |b—c]
C. log, b+log, ¢ =log, (bc) D. Iogab+logac=loga[%]
GIAI

Chon a=1.25,b=1.125,c =2.175 roi luru cac gia tri nay vao A, B,C

WM EEE AR @002 6E & A ko b 2 0 & 6 s
Bed fye

[F:] Math & [F:] Math A& [F:| Math &
ANS+A ANs=+EB 2.175=C
L=} b=l (=)
e o A0

Trang 139 Tai liéu Iwu hanh noi bo




TOM TAT KY THUAT SU’ DUNG CASIO - VINACAL HO TROQ GIAI BE THI MON TOAN 2017.

= Kiém tra 4 dép 4n va ta c6 dap an C chinh xac vi log, b+ log, c—log, (bc) =
(o5, (WpA) () > (aehA) 2] @ (] (osa) (ptl) (=) & (arte) foyp) & (=] (osa]) (iPt) (&) &> (At
E>-) () frys) (Z) o
EX

lngﬁEEJ+lngﬁ(E)h
I

Bai 2-[Thi thir tinh Lam Pong - Ha Ni 2017] Cho 2 s6 thuc dwong a,b véi a=1. Khing dinh
nao sau ddy la khiang dinh dung ?

a 1 1 a 1
A.log ;| —=|==|1+=log,b B.log .| —= [==(1-2log, b
0, )3(e2) o, )50-2o0)
a 1 1 a 1
C.log.| — |==|1-=I b D.log,| — |=3]1-=I b
> [ﬁj 3( z°gaJ > (@J ( z°gaJ

GIAl
= Chon a=1.25,b=1.125 rdi luu cac gia tri ndy vao A, B

DHEEE R G0 R E E 6 b

Math & Math &
ANS+H Ans+E
= 2
d S
% ;s \ ;o4 s . Lo a 1 1
= Kiém tra 4 dap an va ta ¢6 dap an C chinh xac vi log ;| —— —(1——I0gal j 0
JB 30 2

(os.0) (p) () (o) (3] &> & (B () (©) @ () (] () > & > H) (B (D @ (B)
SMNBEEI® 2 ® () [ ©) & @ b & 0] E

Math &

&
IDQHS[E] 3[1 g
I
3 4
Bai 3-[Chuyén Nguyén Thi Minh Khai 2017] Néu a* > a5 va Iogb Iogb thi ta cé :

A. O<a<b<l B.O<b<axl C.O§a<1<b D. 1<a<b
GIAI
ER 3 4 . .
» Tr a* >a°> < a*—a® >0 . Tim mién gia tri ciaa bang chitc ning MODE 7=0<a<1

o) () i) D) () BB @ @ EHEMIBEE®OEEE0E
BEO0HEE

F] Math
] Finl
5 9. 3403
b ]
1 l.21 -0.01

= Tu log, % <log, % < log, % —log, % <0 . Tim mién gia trj ctia b bang chirc ning MODE
7=b>1

fioog (7] (eeD) () DI OB D @ ) H kI r O > E 2 ® B E)
Eo0EE0NMHEE

F] Math
Finl
Eﬁ] EREOF
1 laB]=1a571
| l.Ul-0.85U
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Tém lai 0<a<l<b = Dap sd chinh xac 14 C

Bai 4-[THPT Luong Thé Vinh — HN 2017] Khing dinh nao sau day 1a diing ?
A.Ham s6 y =" nghich biéntrén R B. Ham s6 y =Inx dong bién trén (0;+ o)

C.log,(a+b)=1log,a+log,b D. log, b.log, c.log, a=1 véi moi a,b,ceR
_’ , 7 GIAl
Khang dinh A c6 s6 mii qua cao nén ta d¢€ lai sau cung.
Kiém tra khang dinh B bang chitc nang MODE 7. Ta thiy F (X ) ludn ting = B chinh xéc
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Vi sao dap an C, D sai thi ta chi viéc chon a=1.25 , b=-3.75 1a r0 luon (vi diéu kién rang budc
khong c6 nén dé dam bao tinh tong quat ta sé chon mot gia tri dwong mot gia tri am)

Bai 5-[Chuyén Vi Thanh — Hau Giang 2017] Cho 0<a<1. Tim ménh dé sai trong cAc ménh dé
sau :

A. log, x>0thi 0<x<1 B. log, x<0 thi x>1
C. x, <X, thi log, x, <log, X, D. DB thi ham s6 y = log, x ¢ tiém can dang la truc
tung q
GIAlI

Cho O<a<1 vay ta chon a=0.123. Kiém tra dap s6 A ta dd mién nghiém ciia phuong trinh
log, x >0 xem mién nghiém cd tring véi 0< x <1 khong 1a xong. Dé 1am viéc nay ta st dung
chic nang MODE 7
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Quan sat bang gi4 trj ta dugc mién nghiém 0<x <1 (phan lam cho F(X)>0), mién nghiém nay

gidng mién 0< x <1 vay dap s0 A dung )

Tuong tu cach kiém tra dap an A ta ap dung cho dap an B thi’ thay B dung ’

bé kiém tra dap an C ta chon hai giatri x, =2 <x, =5 . Thiet lap hiéu log, x, —log, X,. Néu hi¢u
nay ra am thi C dung con ra duong thi C sai. Dé tinh hiéu nay ta sir dung chirc ning CALC
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log,, 125|:EE:|_1D'E|E
0. 4406426953

Vay hiéu log, x, —log, X, 16n hon 0 hay log, x, > log, X,. Vay dap an C la sai

Bai 6-[THPT Lwong Thé Vinh — HN 2017] Tim ménh dé dting trong cac ménh dé sau ?
A.Ham s6 y=log, x véi 0<a<1 la mot ham sé dong bién trén khoang (0;+ o)
B. Ham s6 y =log, x véi a>1 la mot ham sé nghich bién trén khoang (0;+ oc)
C.Hamsd y=log, x (0<a;a=1) c tap xdc dinh R
D. Do thi cac ham s6 y=log, x va y=1log, x (0<a;a=1) di xng nhau qua truc hoanh
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GIAI
. Céy D kho hiéu nhét nén ta uu tién di xé&c dinh ding sai cac dap an A , B, C trudce ’
» Kiém tra khang dinh dap an A bang chttc naing MODE 7 v6i a=0.5 théa 9<a <1 . Ta thay
F(X) giam
= A sai = Dap an B ciing sai
HuujoladzbEEbEmnuEknE
ﬁ FH) 0

- =1
31-1.584

= Kiém tra khang dinh d4p an C bang chirc ning MODE 7. Ta thdy ham s6 khong xac dinh khi x<0
= Dép an C ciing sai = Tom lai dap an chinh x4c1a D
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= Néu tim hiéu vi sao hai do thi trén dbi xémg nhau qua truc hoanh thi ta phai hiéu y nghia “néu do thi
hamsé y=f (X) va do thi ham sé y=g (X) d6i xtg nhau qua tryc hoanh thi f (X) =—g (X)”
Vay ta sé chon a=2;x=5 rdi tinh y =log,5=2.32... vd y=log, x=-2.32... = D ding

2
[F| Math & [F| Math &

logzth) log, (5)
2. 3219280395 *-2,321928095
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PHU'O'NG PHAP CASIO - VINACAL

BAI 17. TINH NHANH BAI TOAN cO THAM s6 MU - LOGARIT.

1) PHUONG PHAP

Budc 1: CO 1ap m dua vé dang m > g(x) hoic m< g(x)
Buwéc 2 : Pua bai toan ban déu vé bai toan giai phuong trinh, bt phuong trinh da hoc.

2) Vi DU MINH HOA

VD1-[Thi thir chuyén KHTN I3n 2 nim 2017]
Tim tap hop tat cac cac gid tri cia m dé phuong trinh log, X —log, (x—2)=m c6 nghiém :

A 1<m<+x B.1<m<+«x C.0<m<+x D.0<m<+ac
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°

GIAI
Céach1: CASIO
bit log, x—log, (x—2)= f (x) khi d m= f (x) (1). Dé phuong trinh (1) c6 nghiém thi m
thuoc mién gia tri cua f (x) hay f(min)<m< f (max)
Toi day bai toan tim tham sé m duwoc quy V& bai todn tim min, max ciia mot ham so. Ta sir
dung chtrc nang Mode vdi mién gia tri cua x la Start 2 End 10 Step 0.5

o) (7] (os,) (2] @ (e ) & (H (el 2] & o) D) H 21 E E R B
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Quan sat bang gid tri F(X) tathdy f (10)~0.3219 viy dap sé A va B sai. Dong thoi khi

X cang ting vay thi F(X) cang giam. Vay ciu hoi datrala F(X) c6 gidm dugc vé 0 hay
khéng.

Ta tu duy néu F (X) giam duoc Vé 0 c6 nghia 1a phuong trinh (x)=0 c6 nghiém. bé
kiém tra dy doan nay ta sir dung chirc nang do nghiém SHIFT SOLVE

(ead0) (2] @ ) 0 @ (= few) (2] @ () D] (=) (2] () ) (3] (5

Math
cCan*t Zolwe

CAC] Cancel
C4alCwl:Goto

May tinh Casio bao phuong trinh nay khong c6 nghiém. Vay dau (=] khéng xay ra
Tém lai f(x)>0 < m>0 vaD ladap an chinh x4c

Cach tham khéo : Ty luin

biéu kién: x>2

Phuong trinh < m=log, (sz < m=log, (1+ %j
X_

Vi x>2 nén x—2>0:>1+L2>1 :Iogz(1+%j>log21:0
X— X—

Vay m:Iog(1+ 2 ]>O
X—2

Binh luin :
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e Mot bai todn mau muc caa dang tim tham sé m ta giai bang cach két hop chirc nang 1ap
bang gié tri MODE 7 va chttc nang do nghiém SHIFT SOLVE m¢t cach khéo 1éo
e Chiy:m=f(x)ma f(x)>0 vay m>0 mottinh chat bac cau hay va thuong xuyén gap
VD2-[Thi thir chuyén KHTN lan 2 nidm 2017]
Tim tham s6 m dé phuong trinh Inx =mx* c6 dung mot nghiém :

4
A m=t B. m=_ c. & D. &
4e 4¢* 4 e
GIAl
& Cach1:CASIO
> Co lap m=':‘(—4x=f(x) (m>0)

T6i day bai toan im M trd thanh bai toan su twong giao cta 2 d6 thi. Bé phuong trinh ban

\ . c oA} aL- Inx | L oar . .2
dau c6 dang 1 nghiém thi hai do thi y =—- va y=m c6 ding 1 giao diem.
X

: . TR . In x e
> Dé khao sat su bién thién ciia ham y = —~ ta sir dung chirc naing MODE vé¢i thiét 1ap Start 0
X

End 5 Step 0.3
fooog) (7) (B () (i) O D @ e I @O B E0EEE 0 E]
B

= Math
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Quan sat sy bién thién cua F (X ) tathdy f(0.3)~—1486 tingdantéi F(1.2)~0.0875
roi giam xuéng F(5)~2,9.10° ~0

> Tathdy f cuc dai ~0.875 . Déhaidd thi y= '”—4’( va y=m c6 dung 1 giao diém thi
X

. o . In a2 . 1
duong thang y =m tiép xic vai duong cong y = —4X tai diém cuc dai > m~0.875= 7
X e
Vay dap an A la dap an chinh xéc
< Cach tham khdo : Ty luan
= DPieukién: x>2

* Phuong trinh < m=log, X )l om= log, 1+i
X—2 X—2

= Vi x>2nén x—2>0:>1+i2>1 :>Iog2(1+izj>logzlzo
X_

Vay m = log (1+i2}>0

¢ Binhluan :
e Mot bai toan mau myc cua dang tim tham sé6 m ta giai bang cach két hop chirc nang 1ap
bang gia tri MODE 7 va chirc nang do nghiém SHIFT SOLVE mot cach khéo léo
e Chuy: m=f(x)ma f(x)>0 vay m>0 mottinh chat bac cau hay va thuong xuyén gap
VD3-[Thi thit THPT Luc Ngan — Bic Giang lan 1 nim 2017]

I3 2
Tim m dé phuong trinh 4(Iog2 ﬁ) —log, x+m=0 c6 nghiém thuoc khoang (0;1) ?
2
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GIAl
% Cach1:CASIO

» Colap m=—4(|092\/;)2 +log, x
2

Pit 4(log, vx) +log, x= f (x) khi d6 m= f (x) (1). Dé phuong trinh (1) c6 nghiém
2

thudc khoang (0;1) thi m thuoc mién giatri cua f (x) hay f(min)<m< f(max)khi x
chay trén khoang (0;1)

> Bai toan tim tham sé m lai dugc quy vé bai toan tim min, max cia mot ham sd. Ta st dung
chirc ndang Mode v&i mién gia tri caa x la Start 0 End 1 Step 0.1
(@) (=] (4] (%] (a0} (2] O (va] (i) ] &> & (27 (H (o)) B (I @ () B> ®
) EEO0EMOE0MAE

) Math
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0. 1938
0. 241
O0.2182

n
0. B

Quan sat bang gid tri F(X) tathay F (X )< f (0.7)~0.2497 ~ % vay dap an dtng chi c6

1
|
g

thé 1a B hoiac D
»  Tuy nhién van dé 1a m :% 6 nhan hay khéng. Néu nhan thi dap s D 1a dung, néu khéng
nhan thi dap s6 B 1a dung.
21, A . Ap o £ 1 \ 2 1 A
beé kiém tra tinh chat nay ta the m = 2 vao phuong tinh 4(|0g2 \/;) —log, x +Z =0 roi
2

dung chte ndng do nghiém SHIFT SOLVE dé xem c6 nghiém x thugc khoang (0;1) khéng
la xong.

(4] (X (ee) (2] O [va) (i) O] & & (23 (=) (o) (B) (1 @ (2) & & (i) O
SHEONQBEMOHEE

Mat

A= _D.?D?lﬂEEdEB

May tinh Casio bao c6 nghiém x=0.7071... thuoc khoang (0;1) . Vay dau (Z) co xay ra
» Tom lai m s% va D la dap an chinh xéac

s Céch tham khao : Tw luan
= Pieukién: x>0

2
= Tacd m=—4(|092\/;)2+|0g1 x:—4(%log2 xj —Iogzx:—(logzx)z—logzx
2

1 1 1
Vay m==—|log, x+=| <=
Y 4 ( 9 2) 4

1
Dau = xay ra @Iogzx+%:0<:>log2x:—%<:>x:22:

S

« Binh luan :
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e D¢ xem déu = xay ra hay khong thi ta s& thir cho dau = xay ra va sir dung chirc nang do
nghiém. Néu xuat hién nghiém théa mén yéu cau d¢ bai thi dau = xay ra.
VDA4-[Thi HK1 chuyén Amsterdam -HN nam 2017]
Vi gid tri nao cua tham s6 m - thi phuong trinh log, |x—2|—log, (x+1)=m c6 3 nghi¢m phan biét
? 2 B
A m>3 B. m<2 ) C.m>0 D. m=2
GIAI
% Céch 1: CASIO
> Dit log, |[x—2|-log, (x+1)= f (x) khido m= f (x) (1).
2 3

Bai toan tim tham s6 m tré lai bai todn sy twong giao cua 2 d6 thi. D& phuong trinh ban dau
c6 3 nghiém thi duong thang y =m cét d6 thi ham s y = f (x) tai 3 diém phan biét

Tac6 y=m la duong thang song song véi truc hoanh

Dé khao st su bién thién cua @b thi ham s6 y = f (x) ta sir dung chire nang 1ap bang gia tri
TABLE vai thiét lap Start —1 End 8 Step 0.5

fuoog (7] (es.]) (B) (1) @ (2] & & (stir1) fye) (i) O] (=) (2] & & (=] fesl) ()
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Quan sat bang gia tri ta m ta duoc sw bién thién ciia ham f (x) nhu sau

f(15)=-32_

f(~05)=-30..

> RO rang m< 2 thi 2 d6 thi trén cat nhau tai 1 diém = Dap s6 B sai
m=2 ciing cat nhau tai 1 diém = Pap an C va D cling sai
Viy dap s6 chinh xéc 1a A

< Binh luén :

e Bai toan thé hién duoc sirc manh ctua may tinh Casio dac biét trong viéc khao sat cac ham
chua dau gia tri tuyét d6i. Céach ty luan rat rac r6i vi phai chia lam nhiéu khoang dé khao sat
su bién thién nén tac gia khong dé cap.

VD5-|Thi HK1 THPT Chu Van An -HN nam 2017]
Tim tat ca cac gia tri thuc cia tham sé6 m dé phuong trinh 9 =32 +m=0 c¢d hai nghiém tréi dau

A m<0 B. 0<m<8 C. me(O;%lj D. Khdng ton tai

GIAl
s Céch1l: CASIO
> COlap m=-9" +3**?
bat 9" +3“? = f (x) khido m= f (x) (1) . Bai toan quy vé dang twong giao cua 2 dd thi.
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Dé khao st su bién thién cua ham sé y = f (x) va duong di ctia d6 thi ta st dung chire ning
lap bang gia tri MODE 7 véi thiét lap Start -9 End 10 Step 1.

o (M FH @A ) HEBE I HRAEEE0E0
D06 .
0

Math

£(10) v -

Nhin so d6 ta thay dé duong thang y=m cétdd thi y = f (x) tai 2 diém A va B c6 hoanh
do trai dau thi 0<m<8
= C la d4p an chinh xac

% Céach tham khéo : Tw luan

= Dat 3=t (t>0) . Phuong trinh < f (t)=t>-9t+m=0 (1)

= Khi x>0 thi t>3"=1.Khi x<0 thi t<1.Vay dé phuong trinh ban dau c6 2 nghiém tréi
dau thi phuong trinh (1) ¢6 2 nghiém duong théa man t, <1<t,

A>0 81-4m >0
V3 S>0 9>0 0 g
ay < P>0 = m>0 & 0<m<

af (1)<0 |1 (m-8)<0
1

2
«» Binh luan:
e Hai giao diém co hoanh d6 trai d4u thi phai nam vé 2 phia cua truc tung
e Dap an A sai vi 2 d6 thi chi cit nhau tai 1 diém nam & bén phai truc tung
e Néu 18 >m>8 thi 2 d5 thi cit nhau tai 2 diém déu nam bén phai tryc tung vdy dap 4n C sai.
BAI TAP TU LUYEN

N

Dau = xay ra c>|ogzx+%:0<:>log2x:—%<:>x:2

Bai 1-[Thi HSG tinh Ninh Binh nam 2017]
Tim tét ca cic gia tri thuc ctia tham sé m dé phuong trinh 4 —2**2+6=m c6 3 nghiém phan biét
?
A m=3 B. m>2 C.2<m<3 D.2<m<3
Bai 2-[Thi thit THPT Luc Ngan — Bac Giang lan 1 nam 2017]
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Sé nguyén duong 16n nhat dé phuong trinh 25" —(m+2)5"" £ 2m+1=0 ¢6 nghiém ?
A. 20 B. 35 C. 30 D. 25

Bai 3-[Thi HK1 chuyén Amsterdam -HN nam 2017]

Tap gi4 tri cua tham s6 m dé phuong trinh 5.16* —2.81* = m.36" c6 ding 1 nghiém ?

mS—\/E

A m>0 B. C. Véi moi m D. Khéng ton tai
mZx/E
m
Bai 4-[Thi HK1 THPT Ngb6 Thi Nham - HN nim 2017]
Phuong trinh log, x—IogS(x—Z) = Iog\/§ m vo nghiém khi :

A m>1 B. m<0 C.0<mx1l D. m<1

LOI GIAI BAI TAP TU LUYEN

Bai 1-[Thi HSG tinh Ninh Binh nam 2017]

Tim tit ca cac gia tri thuc ciia tham s& m dé phuong trinh 4° —2%*2 +6=m c6 3 nghiém phan biét
?

A m=3 B. m>2 v C.2<m<3 D.2<m<3
GIAl
Céach 1: CASIO
Pit f(x)=4" —2""?1+6. Khi d6 phuong trinh ban ddu < f (x)=m
St dung Casio khao st sy bién thién ctia d6 thi ham sd y = f(X) véi thiét 1ap Start —4 End 5 Step
0.5
fuoog (7] (4] (=9 (i) O) (23 0> (=) I (& i) ) (2 H @I HE B EEH M@
EEHE0MEE

= Math
n F (4
g -1 E|a.50d,
=

= Quan sét bang bién thién ta vé duong di caa ham sé

X/
o

Fl-4)=+mx
(=4) A F(5)=+o

f(1)~18

v

RO rang y =3 cat do thi ham s6 y = f (X) tai 3 diém phan biét vay d4p an A 1a chinh xéc
Cach tham khao: Tw luan

= Dit 2¥° =t khi d6 phuong trinh ban diu < t? —4t+6-m =0 (1)
= Tadé ytinh chatsau: Néu t=1thi x=0 connéu t>0;t =1 thi x==+,/log,t . Vay dé phuong

trinh ban dau ¢ 3 nghiém phan biét thi (1) c6 2 nghiém trong d6 c6 1 nghiém t =0 va 1 nghiém
t>0
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Véit=1= f(1)=0=3-m=0<=m=3
Bai 2-[Thi thit THPT Luc Ngan — Bic Giang lan 1 nim 2017]
Sé nguyén duong 16n nhat dé phuong trinh 25*¥° —(m+2)5" 1 2m+1=0 c6 nghiem ?

A. 20 B. 35 C. 30 D. 25
GIAI
Céach 1: CASIO
25k e g g g

Co lap m ta dugc m=

51+\/]?_2
251+\/]?_2.51+\/]j+1

bat f(x)=

g . Khi d6 phuong trinh ban dau < f (x)=m

St dung Casio khao sat sy bién thién ctia @6 thi ham sé y = f (X) v6i thiét 1ap Start —1 End 1 Step

2

o) (7] () (2) (5) (@) (D (B (=) D) & ) D) 3 & 0 (=) (2] X) (5] (&9 (1 ()

va) (] (= (i) O] (23 & & (B (1 @ (5] (9 (1) (#] (va) (1] (=) () O] (23 &> ®
2 &

FEEEDNE0E0EEE
|l | 5, 353
2| -0.8B|13.222
3l -0.B118.18I _q

Quan sat bang bién thién ta thdy f (x)<f (0)=25.043.. hay m< f (0) vy m nguyén duong

I6n nhat 12 25 = D 1a dap an chinh xé4c
Céach tham khao: Tw luan

Pidukien 1-x2 >0 -1<x<1.Taco 1-x2 <lelel-x2 <2
Pt 55X —t =5 <t <5 <5<t <25

2
Phuong trinh ban déu tr¢ thanh t* —(m+2)t+2m+1=0 < m= % =f(t)

Vay m< f (max)

Khao sat su bién thién caa ham f (x) trén mién (5;25) ta dugc f (max)= f (25)=25.043
Vay m nguyén duong 16n nhat 1a 25

Bai 3-[Thi HK1 chuyén Amsterdam -HN nim 2017]

Tap gi4 tri cua tham s6 m dé phwong trinh 5.16* —2.81* = m.36" ¢6 ding 1 nghiém ?

<— \
A m>0 B. " V2 C. Véi moi m D. Khéng ton tai

mZ\/E

m
GIAI
Cach 1: CASIO
Co lap m ta duogc m:M
36"

bat f (X) = % Khi d6 phuong trinh ban dau < f (X) =m

Str dung Casio khao st sw bién thién ciia d6 thi ham s6 y = f (x) véi thiét lap Start —9 End 10
Step 1

fwong (7] (E) (5] (X) (11 (6] (o) () O] & (=) (2) (X) (8) (3] (=) () ) @ (3] (6] (%7
DEEEEEMNO0NEME
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FEE:I o
| & 1383. 4
- -g|328U. 2
3 =11 1459. 6

Quan sat bang bién thién ta thdy f (x) ludn giam hay ham séy = f (x) ludn nghich bién.

Diéu nay c6 nghia la duong thang y=m ludn cat d6 thi ham sé y = f (x) tai 1 diém = C chinh
Xac

Cach tham khao: Tw luan

Phuong trinh ban dau < 5.16* —m.36* —2.81* =0 (1)

X X 2X X
Chia ca 2 vé cua (1) cho 81" ta dugc : 5@—?) —m.(ﬁj —2:0@5(3) —m(gj -2=0(2)

81
Dat (gjx =t (t>0) (2)<=5t>-mt-2=0 (3)

Phuong trinh (3) ¢6 5.(—2) =10 <0 tuc 1a (3) ludn c6 2 nghiém trai dau
= (3) ludn co 1 nghiém duong 1 nghiém am
— Phuong trinh ban dau ludén c6 1 nghiém véi moi m
Bai 4-[Thi HK1 THPT Ngé Thi Nham - HN nam 2017]
Phuong trinh log, x—log, (x—2) = log z m vo nghi¢m khi :
A m>1 B. m<0 q C. 0<m<1 D. m<1
GIAI
Cach 1: CASIO

Diéu kién : x> 2. Phuong trinh ban dau < log, (sz =2log,m < %Iog3 (sz =log, m
X_

[ X X
< log, E:Iogam@m: =3

Dé phuong trinh ban dau vo nghiém thi dudng thang y =m khdng cit d6 thi ham sb

y= f(x)=\/g

Sir dung Casio khao st su bién thién ctia d6 thi ham s y = f (x) véi thiét 1ap Start 2 End 10 Step
0.5
fwong) () (va) B (et ) @ e D) H @I EIEAAE0MNONE0O0MNEE

-

c) Math
Finl
EREOF
t« 236
1.132

Dé khao sat chinh xé4c hon ta tinh gigi han cua ham f (X) khi x tiéntdi2canla 2 va + «
EE@mIEmOEI@mINDEDE
o) Math &
&

H—

1. 0000ooont

Vay lim =1

X—>+oc

(va) (&) few) ) @ few) ) = @1 2B @ (D@0 00001 E
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oz
4472, 156067
Vay XIer21 f(Xx)=+o

= Quan sat bang gia tri va 2 gi6i han ta v& duong di ca d6 thi ham sé y = f(x) va su twong giao
tim =1

f(o)=8

Ta thiy ngay m<1 thi 2 d6 thi khdng cat nhau hay phwong trinh ban dau vé nghiém
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PHU'O'NG PHAP CASIO - VINACAL

BAI 18. TIM NHANH NGUYEN HAM CUA HAM SO.

1) MO PAU VE NGUYEN HAM VA TiCH PHAN

H&m nay minh nhan dugc 1 cau hoi caa thiy Binh Kami, mot cau hoi vé tinh quang duong cua mot
vat chuyén dong thang bién d6i déu, cau hoi da duoc xuat hién trong dé thi minh hoa cia BGD-DT
nam 2017

[Cau 24 d& minh hga 2017] Mot 6 t6 dang chay véi van téc 10(m/s) thi nguoi lai dap phanh , tir

thoi diém d6 , 6 t6 chuyén dong cham dan déu véi van téc v(t)=-2t+10 (m/s), trong d6 t I3

khoang thoi gian tinh bang gidy , ké tir lic bét dau dap phanh . Hoi tir luc dap phanh dén khi dimg
han, 6 t6 con di chuyén dugc bao nhiéu mét ?
A. 15m B. 20m C. 25m D. 40m

Xem ndo, khi xe dirng lgi védn toc sé vé 0 hay 0=—2t+10 vdy thoi gian xe con di chuyén thém dwoc
la 5(s). Vdy qudng duong s =vt=10.5=50(m) ma xe chay chdm dan vdy sé phdi nhé hon

50(m) , chdc la 40(m) phdi khong nhi ?

Pé chdc chan, ¢6 1 minh phai ldp 1 bang md td quéng dwong :

Méc 0 Hét giay thir 1 | Hét giay thir 2 | Hét gidy thir 3 | Hét gidy thir 4 | Hét gidy the
5

Vdn toc 10 »8 86 6—4 42 20

Quang duwong 9 7 5 3 1

Nhue vay tong quang diong xe di dieoc Khi van toc giam dén 012 9+7+5+3+1= 25(m)

Cach nay c0 vé tin cdy hon nhiéu, nhung mat cia minh thoi gian dén hon 2 phit 111 Vay con céch gi
nhanh hon khong nhi ?

Thay BinhKami e lam dwoC roi.

Minh Nguyét da giai dugc bai toan va tim ra dap an chinh xac 25(m) , rat tot vé mat két qua nhung
vé mit thoi gian tinh lai hoi lau. Bai nay ta c6 thé hoan thanh trong thai gian 20(s) nhe 1 cong cu
goi la tich phan

S = [ (-2t +10)dt = 25(m)

O ey U1

Ta bam may tinh nhu sau :

Khaéi dong chirc nang tinh tich phan : ([=

Nhap biéu thic can tinh tich phan va nhan nat &)
E]@EH]H@@@@@@

|2 ¢-23+ 1030
o5

May tinh s& cho chiing ta két qua 1a 25(m). Chi méat 20(s) that tuyét voi phai khong nao 1!

Thay BinhKami, Tich phan la cong cu gi ma hay vay a ???
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Tich phan Ia 1 trong nhitng cdng cu tuyét voi nhat ma nén toan hoc di tao ra , sir dung tich phan
c6 thé tinh dugc quing duong, van toc cua 1 vat thé hodc cd thé tinh dwoc dién tich cua 1 hinh rat
phtrc tap vi du nhu hinh tron, hinh tam giac, hinh e lip ... thi con ¢6 c6ng thirc nhung dién tich cua
mit ao hd hinh thu phirc tap thi chi cé tich phan méi xir Iy dwoc, hoac tinh thé tich cua 1 khoang tau
thay c6 hinh dang phuc tap thi lai phai nho dén tich phan.

Tich phan hién dai dugc nha toan hoc Anh Isac Newton va nha todn hoc Phép Laibonit cong b
khoang cudi thé ki 17 nhung ngudi dat nén moéng cho sy hinh thanh va phat trién cua Tich phan la
nha toan hoc, vat Iy hoc, triét hoc, thién van hoc thién tai ngudi Hi Lap Ac-si-met

Tich phan chia 1am 2 dang : Tich phan bét dinh (khéng can) thudong duoc biét toi tén 1a Nguyén
ham va Tich phan xac dinh (c6 can) thuong duogc biét dén véi tén Tich phan ma cac e s& duoc hoc &
hoc ki 2 16p 12.

2) CACH TINH NGUYEN HAM
¢+ Xay dung cbng thirc tinh nguyén ham :
Taco (x°)'=5x" vy ta néi nguyén ham ciia 5x* 1a x* ki higu J'Sx“dx =x*+C
Tuong tu (Sinx)'=cosx vay ta néi nguyén ham cua cos x la sinx, ki hiéu
_[cosxdx:sin x+C
Tong quét : I f(x)dx=F(x)+C < F'(x)=f(x)
VD1-[Sach BT Nang cao 12] Ham s6 F (x)=€* 1a nguyén ham cia ham sb ndo :

XZ

A. f(x)=e* B. f(x)=2xe* C. f(x)=2— D.
X
f(x)= xe* —1
‘ GIAI

Thua thdy, bai nay e lam duoc a !

Dau tién e tinh dao ham cua F(X),vi F(x) lamgt ham hop cia e nén em ap dung cong

thurc (e”)':e”.u' a.

" Khido: F'(x):(exz)':exz.(xz)':zx.eXZ

= Vdy F(x) languyén ham cua ham cua ham f (x)=2xe" v ta chon ddp dn B a.
VD2-[Pé thi minh hoa PHQG 2016] Nguyén ham cia ham sé y = x.e** Ia:

A. 2e2X(x—2)+C B. %e“[x—a+c
2X 1 1 2X
C. 2e [X—EJ+C D. Ee (x—2)+C

GIAI
Thira thay, ching ta sé thiz lan lwot , véi ddp én A thi F (X) = 2e* (X — 2) . Nhung viéc tinh dao
ham cia F(x) la 2¢*(x—2)thi e thdy khé qua a , e quén mat cong thiic g !

Trong phong thi gap nhiéu ap luc, nhiéu khi chung ta dot nhién bi quén cong thire dao ham hay
ban than chiing ta chua hoc phan nay thi lam sao ?? Thay s& cho cac e mot thu thuat Casio dé cac e
quén cong thuc van biét dau 1a dap an dung :

> Tabiét F'(x)= f(x) viéc nay dang véi moi X thudc tap xac dinh
> Vay s& ding voi x=1 ching han . Khi d6 F'(1)= f (1)
> Tinhgiatri f(1)=7,3890...

(aee) O (ace) (x10 (29 (2) &=
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7. aa905e093

> Tinh dao ham F'(1) véi timg d4p 4n , bat dau tr dap an A 1a F(x)=2e*(x-2)
(1) () (2) (il (o) (9 (2) (e D) & [ @ D) H D D W E

Math &

(2625 (3-0)]] b
-14.7781122

Vay ta dugc két qua F'(1)=-14.7781... day la 1 két qua khac véi f (1) = Dap an A sai

> Tinh dao ham F'(1) cua déap 4n B voi F(x):%e“(x_ij

2
FHEEDCIOmM@@I@mIeOmINEEDN®D®
®m@ = Math 4
drl == 1
a2 [H-2] ]|

7. oa9056099

Ta thu dugc két qua giong hét f (x) vay F'(x)=f (x) hay F(x) :%e“(x—%j la nguyén
ham cua f (x) = Dép an B la dap an chinh xac
< Binh luén :

e Néu F(x) la1nguyénhamcua f(x) thi F(x)+C ciingla 1 nguyén ham ciia ham f (x)

vi (F(x)+C)'=F'(x)+C'=F'(x)+0=F'(x)= f (x)
e Viéc sir dyng Casio dé tinh nguyén ham dac biét hitu ich doi véi vai nhiing bai phirc tap, ap
dung nhiéu cong thurc tinh dao ham cung moét lac , va tranh nham lan trong viéc tinh toan !!

VD3-[Cau 23 D& minh hea nim 2017] Tim nguyén ham ctia ham s6 f (x)=+/2x-1 :

A [f(x dx—3(2x 1)V2x-1+C B. [f(x dx—3(2x )V2x-1+C

C. If(x)dx:_g 2x-1+C D. J.f(x)dx=%\/2x—1+c

GIAI
s Céch1l: CASIO
> Nhéc lai 1 1an nita cdng thtrc quan trong ctia ching ta. Néu F (x) 1a 1 nguyén ham cua

f(x) thi F'(x)=f(x)

Khi d6 ta chon 1 gia tri X =a bat ki thudc tap x4c dinh thi F(a)= f(a)
> Chongiatri x=2 chang han (thoa diéu kién 2x-1>0< x> %)
Khi do f(2)=1732..
(va) (2] () OJ E] (3] (cALg %h@ BE0)
1281

1.732050808
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> Theo ding quy trinh ta s& chon dép 4n F (X) ¢4 dap an A, B, C, D néu dép 4n nao thao
man F'(2)=f(2)=1732..
Thir voi dap 4n A khi d6 F (x) = %(ZX—l)\/Zx—l
@@E@@M)@E]E]@E]E]@@@E]
at
d (2 :
L[ Le2R-10{Z7=F
J. 464101615
Vay F'(2)=3,4641... 1amot gia tri khac f (2)=1,732... diéu d6 c6 nghia 1a diéu kién
F'(x)= f (x) khong duoc dap Gng. Vay dap 4n A 13 sai .

> Tatiép tuc thir nghiém véi dap an B. Khi nay F(x):%(2x—1)\/2x—1
E]@E@@@E]@@E]@@@@@

B[ Le-12075-p
1. 732050605
Ta dugc F'(2)=1,732... gibng hét f(2)=1,732... c6 nghia 1a diéu kién F'(x)= f (x)

duoc thoa man. Vay dap an chinh xac 1a B
s Céch tham khao : Tw luan

s , \ , 1
= Duya vao dic diem cua ham f (x) tathay v2x—1 vé mit ban chat s& c6 dang (2x—-1)2 . Ta

nghi ngay dén cong thirc dao ham (u”)' =nu"tu’

+)Trong cdng thirc dao ham nay sé mii cia U bi giam di 1. Vay ham F(x) c6 s6 mii 1on
hon ham f (x) 1a I don vi. Vay F(x) phai c6 s mii 1 g
3
+)Vay chi ¢ dap an A hodc B la théa man vi (2x—1)+/2x—1=(2x-1)z
3 1
» Ta thyc hién phép dao ham {(Zx—l)Z] = g(2x—1)2 (2x-1)'=3y2x-1
: , 3 ‘
» Can bang hé so ta dugc %[(ZX —1)2}' =+/2x-1 . Diéu nay c¢6 nghia nguyén ham

3
F(x)=%(2x—1)2 =%(2x—1)x/2x—1 — B 1a dép 4n ding.

¢ Binhluan :
e Néu ching ta c6 mot chit kién thirc co ban vé dao ham thi viéc sir dung may tinh Casio dé
tim dap an s€ nhe nhang hon. Chiing ta chi viéc thir véi dap an A va B vi 2 dap an nay mdi

L a3
c6sOmila —
2

e Diéu dic biét caa dang nay 1a s6 mii cua nguyén ham F (x) luc nao ciing 16n hon s6 mii cua

hamsé f(x) 1a I don vi.
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+) Chiing ta ¢6 thé ap dung 1 cach linh hoat. Vi du tim nguyén ham cia ham sé y = —= thi

N

. 14 1 N 4 N 1 \ ~ 1 A <
cling vo cung don gian. Tathay y =m.— vé mat ban chat thi —= la x mi -5 vay chac

% %
chan nguyén ham phai 12 x mii —%+1:% hay 12 v/x

+) Ta xét dao ham géc (X )'= == (*) Vige con lai chi Ia can bing hé s6, dé tao thanh -

2x JX

ta nhan ca 2 vé cia (*) v6i 2m 1a xong. Khi dé (2m& ) = — That don gian phai khong !!

N

2
A pn N X“+3x-2 .
VD4- M6t nguyén ham cia ham s f (x)=——— la:
X
x> 3x
C B. ———+Inx
2x" +3x—2Inx 2 2
2
X
—+3x—-2Inx+1 2
C. 2 D. =%

xv
GlAl

% Cach1:CASIO
> Tachon 1 giatri x thugc tap xac dinh (x=0) la x=5

Khi do f(5)=7.6
B @ ) = E B [ 0 B (2 @ @ 0 ) (5 E) 60

[F:] Math A&
L 4 SH—F
#

7.6
> Vé&idap an C tacod F(X):X?z+3x—2lnx+1 co
(sur7) (=) () few) O (23 @ (2) & (1) (3] (i) O] (=) (2] (in] () O] O () (D & (8]
@ F| Math &
A [E vay-olncye
7.6

Ta dugc F'(5)=7.6=f(5) . Vay dap an C la dap an chinh xac.
% Céch tham khao : Tw luan
X2 +3x-2

= Ham f(x) c6 tén goi la ham phén thirc hitu ti véi bac cua tir 1a bac 2 16n hon
bac caa mau 1a bac 1

= Phuong phap giai : Thuc hién 1 phép chia tir s6 cho mau sé ta duoc: f(x)= x+3—§ . Khi
d6 ham sb tro thanh dang don gian va ta dé dang tim dwoc nguyén ham.

2 2
+) Co (X?+3xj':x+3 vay X?+3x la nguyén ham cua x+3
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X/
L X4

+) C6 (In x)':1 .Canbing hé sbtaco: (—2In x)':—E vay —2In x 1a nguyén ham cua
X X

2
X
2 2 _
Tong két [X—+3x—2ln x]‘z x+3—g=w
2 X X

2 2
X X NUPETRS U A
Hay —+3x—2Inx la mdt nguyén ham can tim thi ?+3x—2ln X+5 cling 1a mot nguyén

ham

3
2

Can bang hé s ta duoc %[(ZX -1) } =/2x—1 . Piéu niy c6 nghia nguyén ham

3
F(xy:%(ZX_ly::%(2x_1)J2x_1::>Bladapandung
Binh luan :

Tim nguyén ham cua 1 ham phan thic hiru ti 1a 1 dang toan hay néu chdng ta biét nguyén
tac tu duy, va néu khong biét thi s& rat kho khan.

Ta phai nhé thé nay, néu phan thic hizu ti c6 bdc 6 tir |6n hon hodc bang bédc ¢ méu thi ta
sé thuc hign 1 phép chia t sé6 cho mdu sé thi sé thu dugc 1 ham sb cyc ki dé tinh nguyén
ham.

Ngoai ra con 1 dang hay nita khi phan thazc hézu ti 6 mdu sé phén tich dwec thanh nhan
ti# thi ta sé xar 1y thé nao ? Mai cac ban xem vi du tiép theo .

VD5 - Nguyén ham cua ham s6 f (x) = 24 n la:
X —
A. 1n(x—2)—21n(x+2)+C B. 21n(x—2)+ln(x+2)+C
XLZ_FC x—2
C. [x-2 DL S
GIAl
s+ Cach1: CASIO
> Tachon1giatri x thudc tap xac dinh (x#0) la x=5
Khi dé f(5)=7.6
(=) (e OJ (3 (3B (3] i) ) (=) 2 @ () O] (eawe) (8] (=) 6+
] Math A
HE+SHR-Z
i
7.6
2
> Véi dap an C ta ¢o F(x):%+3x—2lnx+1 co

X/
°

sur7) (&) (&) few) O (23 @ (2) & (1) (3] (i) O] (=) (2] (in] () O] O () (D & (8]
B8
E ath &
A [E vay-olncye
7.6

Ta dugc F'(5)=7.6=f(5) . Vay dap an C la dap an chinh xac.
Céach tham khao : Tw luan
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= Ham f(x)=— c6 tén goi 12 ham phan thtc hitu ti ¢6 mau sé phan tich duoc thanh

nhan tir ‘
» Phuong phap giai : Chia phéan thac phirc tap ban dau thanh cac phén thirc phuc tap

. 4 4
+) Co 5 =
X -4 (x-2)(x+2)
+) Ta s¢€ tach phan thac lon nay thanh 2 phan thic nho don gian : 24 =m. ! +n. !
X°—4 X—2 X+2

+) Dé tach duoc ta lai dung phuwong phdp hé sé sé bét dinh:

4 1 1 4 m(x+2)+n(x—2)
——=m. +n. & ——=
X2 —4 X—2 X+2  x*=2 (x—2)(x+2)

O=m+n m=1
<:>4=m(x—2)+n(x+2) <:>0x+4:x(m+n)+2m—2n o o
4=2m-2n n=-1
4 1 1
xX2—4 x-2 x+42 ‘ ’ ’
» Thanh cdng trong viéc dua vé 2 phan s6 don gian, ta nhd dén cong thuc

Vay

1 1

Inx)'==,(Inu)==u"

(Inx) : (Inu) o
D& dang ap dung :

[In(x=2)]'=——.(x=2)'=—— va[In(x+2)]'=—=.(x+2)'=——

X—2 X—2 X+2 X+2

: 11 x—2]), 4
Tong hO’p I:In(X—Z)—In(X'FZ):I :E—m (@Inix_l_zj :X2_4
Vay nguyén ham cua f (x) 1a F(x)=1In i;; +C

+

% Binh luan :

e Qua vi dy trén ching ta thiy dugc sy hitu higu ciia phwong phap hé s6 bét dinh, 1 phan s6
phuc tap sé dugc chia thanh 2 hoac 3 phan so don gian .

e V& nguyén tic thi c6 thé ra 1 bai tich phan ham phan thire duoc chia thanh hang chuc phan
s0 don gian nhung trong truong trinh hoc THPT thi cung lam la chia lam 3 phan thuc con.
Chung ta hdy cung theo d@i phép chia sau :

4x* —5x-1 4x* —5x-1 4x* —5x-1 m n p
X =2 =x+2  (x=2)(x*-1) (x=2)(x=1)(x+1) x-2 x-1 x+1
< Tir s6 Vvé trai = Tir s6 vé phai
& 4x* -bx—1= m(x2 —1)+n(x2 —x—2)+ p(x2 —3x+2)
d=m+2n+p m=1
&9-5=-n-3p <<n=2
-1=-m=2p n=1
4x* —5x -1 1 2 1
3 2 - + +
X*=2X"=x+2 x-2 x-1 x+1
Va ta dé tinh duoc nguyén ham cua 1,2, 1 la
Xx—2 x-1 x+1
In(x—2)+2In(x-1)+In(x+1)+C
That hiéu qua phai khong !!

VD6-[B&o toan hoc tudi tré thang 12-2016] Nguyén ham cia ham sé f(x)=sinx.cosx trén tap s

thuc la:
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A. ic052x+C B. —%cos2x+C C. —sinx.cosx D. —isin2x+C

GlAl
< Cach1:CASIO o )
» Chuyén may tinh Casio vé ché d6 Radian (khi lam céac bai toan lién quan dén lugng giac)
qw4

> Chon1giatri x batki vi du nhu x=%

> Khi d6 gia trj cia f (X) tai x=% la f(%)=0,4330...

i) @ () O (3 [ O O (i) @) i) () (6) ) 6
SinCXICOsSCA)

0. 4330127019

> Theo dap an A thi F(x)= %COS 2x . Néu dép 4n A ding thi F (%j =f (%j . Ta tinh duoc

F(2)=-0,4430... la mot gi& tri khéc f (%) . Vay dép an A sai

) (B E) D @ @& (2) frw 01 0 & E) @[ 0 @ (6] &)

Math &

S [ Toosi2n]| ..ot
-0, 4330127019

> Tatiép tuc thir nghiém véi dap an B.
B@?@@@@@@@

Math &

S -Lcas(2R)]|,p
0.4330127019

Ta dugc F (%) = 0,4430... = f (%J . Vay dap 4n chinh x4c 1a B

% Céch tham khao : Tw luan
»= Deé thay cum sinxcosx rat quen thugc va ta nhd dén cong thire ¢6 nhan doi :
Sin 2x =2sin Xcos X

»  Turd6 tardt gon f(x):%sin2x
= Céai gi dao hamra sin thi d6 1a cos !! Tanh¢ dén cong thirc : (cosu)'=-u'".sinu

Ap dung (cos2x)'=—sin2x.(2x)"=-2sin 2x

Can bang hé sé bang céach chia ca 2 vé cho —4 ta duoc : (—%cos 2xj' = %sin 2X

= Tirday ta biét dugc F(x)= —%cos 2X

% Binh luan:

 Khi st dyng may tinh Casio dé lam bai tap lién quan dén ham luong giac thi ta nén ddi sang
ché d6 Radian dé phép tinh cua chiing ta dat d chuan x&c cao..

e Ngoai cach gop ham f (x) theo cong thirc goc nhan doi , ta c6 thé tu duy nhu sau :
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Néu ta coi sinx =u thi cosx=u' vay tanh¢ toi cong thie (u”)'=nu"*u’
.2 . . 1. .
Ta thict Iap quan hé (sm2 x)' =2sinxcosx hay (Esmz xj': Sin X oS X
Vay ta biét F(x)= %sinz X tuy nhién so sanh dép an thi lai khong c6 dap an giéng. Vay ta
11-cos2x 1

tiép tuc bién doi 1 chut. Lginexotizeosax 1o ooxsl o F(x) ciing 1a _Lcosa2x
2 2 2 4 4 4

BAI TAP TU LUYEN

Bai 1-[THPT Pham Vin Péng — Phii Yén 2017] Nguyén ham

: 5 B. 1tanx+C C. 3tan’x+C D. ltan"’x+C
tan“ x+C 3 3
Bai 2-[Thi HSG tinh Ninh Binh 2017] Nguyén ham cta ham s6 f (x)=2016" la:
: 2016 +C B.
In2016 2016".1n2016 +C
x-1
C. x.2016 *.In2016 +C  x20067
In2016
Bai 3-[THPT Quing Xwong I — Thanh Hoa 2017] Ham s6 nao sau diy khong phai 1a nguyén ham
. X+2
ciahamso f(x)= (—2)
(x+1)
2 1 2 1 M 2
AT B. X X~ C. x+1 D. X
x+1 x+1 x+1

Bai 4-[THPT Ham Réng — Thanh Héa 2017] Tim nguyén ham cua ham s J( +§—2\/;ij
X

3 3
A. x—+3ln|x|—é\/x_3+C B. %+3lnx—§\/x_3+C
- 3
C. 3 +31r1|x| \/_+C D. %—3ln|x|—§\/x_3+C
Bai 5-[THPT Vinh Chan — Phii The 2017] Khdng ton tai nguyén ham :
1 .
A I e B. IV—x2+2x—2dx c. Jsin3xdx D. Je“dx
Bai 6-[Chuyén Lam Son — Thanh Hoa 2017] j X i bang :
A. % B. 2 (lnx)3 +C C. 2VInx e D. 3 (lnx)3 +C
2(lnx) +C 3 2

Bai 7-[B&o Toan hec tudi tré T11 nim 2016] Nguyén ham cta ham sé f (x)=¢" (1—2017e‘2x) la

A. B. .
e* +2017e* +C e*—2017e* +C
. 2017 _,
C.e - 2 e +C D. e"—ge"JrC
Bai 8-[THPT Tri¢u Son — Thanh Hoa 2017] Ho nguyén ham cua jLaldx
2X° —X
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A. Zin2x+1]+ 2Infx—1|+C B. —Ztn[2x+1+2Inx—1/+C
3 3 3 3

%ln|2x+1| —§ln|x—1| +C
. 3 3

C D. —lln|2x+1|+§ln|x—l|+c
3 3

LOI GIAI BAI TAP TU LUYEN

=2
Bai 1-[THPT Pham Vin Ddng — Phi Yén 2017] Nguyén ham [ dx bing :
COS X
. s B. 1tanx+C C. 3tan’x+C D. ltar13x+C
tan“ x+C 3 : 3
GIAI
Céch 1: CASIO

Chon ché do Radian cho may tinh Casio rdi chon gia tri x =% chang han.

a2
Tach f(x):s’In X va F(Ej:ﬂ

cos* x 6) 9
(stiF1) ong) (4] (=) (sin) (ari) O] O (23  (eos) (aew) O] O (=) (4] [cacc) (swrr) (x109) () (6] (=)
[F:]

Math &
Sifn (1<
cosix1d 4

]
Tinh dao ham cua F(x):%tangx tai x:% ta dugc F(x):0,44(4):g

FEEHDEEENNEEE®®E @@ EE

ath A&

S [ Ltanck)®]| .t

0.4444444444
Vay F'(x)=f (x) =g = D la d4p an chinh xéc

Cach tham khao: Tw luan
A2
2 .z. SIN“X
Bién dol n =tan® x. >
cos" X COS” X

Theo cong thirc dao ham (u")'=nu"*u' . Véi u=tanx va n=3

Tach (tansx)':&tanzx. .
cos® X 2

o (ltan3 x)' =tan?x.
3 COS“ X

Vay F(x) :%tan3 x la 1 nguyén

ham = %tan"’ x+C la ho nguyén ham can tim.

Bai 2-[Thi HSG tinh Ninh Binh 2017] Nguyén ham cta ham s6 f (x)=2016" Ia:

2016
. +C B.
In2016 2016*.1n2016 + C
x—1
C. %2016 *.1n2016+C D, X:20167"
In2016
GIALI

Céach 1: CASIO ‘)
Chon gia tri x=2 chang han.
Taco f (x) =2016"va F (2) = 4064256
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2@ @6 6 @ 0 oo @ &
2016
4064256

2016”
In2016

B (EEZDEHEHHmNO0ZDHNEN®®EE

Math &

e [ Z01 65 ] b
dx L ThiZo1l&] |x=

4064256
= Vay F'(x)=f(x)=4064256 = A la dap 4n chinh xac
%+ Céch tham khao: Tw luan
= Theo cong thirc dao ham (a*)'=a".Inx . V6i a=2016

= Tinh dao ham cua F(x)=

tai 2 ta duoc F'(2)=4064256

Tac6 (2016*)'=2016"In2016 < 2016 ) _ome vay F (x)= 2016" "1 1 nguyén ham
In2016 In2016
-, 2016 o ho nguyén ham can tim.
In2016 ,
Bai 3-[THPT Quang Xwong I — Thanh Hoa 2017] Ham so nao sau day khong phai la nguyén ham
. X(x+2
cuahamso f(x)= ( 2)
(x+1)
2
) ) X +x+1 )
A Xrxd g, X —x-1 €. zil X
x+1 x+1 : x+1
GIAI
% Céach 1: CASIO q
= Chon giatri x=2 chang han.
X(X+2
» Taco f(x)= ( 2) va 1‘(2)=§
(x+1) 9
&) (e O] (D A O] (3 (2) ) @ (A e O (B (1) B (3 e (2] (F
o} Math &
A LA
z
[#+11] 5
o
2 —
- Tinh dao ham cia F (x)= > %1 t4i 2 taduoc F '(2):1.11(1):%
X

E(EEENHHEIEHDOEIBOOE®RIE

Math &

x| [HE+H—1M
dx L~ A+l x=ZF
1.111111111

X2 +x-1

= Vay F'(x)=f(x) = F(x)= khong phai 1a nguyén ham cua f (x) = Ala dép an

chinh xac
% Céch tham khao: Tw luan
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X(x+2) (x+1)2 -1 1 1

Bibndsi (x+1)°  (x+1)’ (x+1)°

Theo cong thirc dao ham (lj = _—l.u' Vol u=x+1

u u?

1), 1 . 1), 1 X>+x+1), x(x+2)
Taco =— > va X'=1 =| x+——|'=1- > & = :
X+1 (x+1) X+1 X+1 (x+1)

2
Vay F (x) = X:—_:(;l la 1 nguyén ham= Pap s6 C dung
2

X —x-1

F(x)-2= ciing 14 1 nguyén ham = Pap sb B dung

2

F(x)-1= > . cing 14 1 nguyén him=> Dip s6 D ding
X+

Bai 4-[THPT Ham Rong — Thanh Héa 2017] Tim nguyén ham caa ham s6 I(xz +§— 2«/§Jdc
X

3 3
A. x——31n|x|+é\/x_3+C B. x—+31nx—é\/x_3+C
3 3 3 3
ﬁ é 3 3
C. 3 +31’“|x|+3\/x_+C D. %—3ln|x|—§\/x_3+c
GIAl
Céach 1: CASIO
Chon gia tri x=2 chang han.
11-42

Taco f(x):x2+§—2\/§ va f(2)= >
@ﬂ@@@@@@
RE+S-21%
11-d4Z

Z

Tinh dao ham cua F(x):%3+3ln x—g«/x_3 tai 2 ta dugc F'(2)=2.6715,,_:11_24“/§

) (& (E e D) B @B HEMEN D EE @@ B ®
BOEIE®®EDE

A [E ancn-2e
2671572875

3
1-4V2 F(x):%+3lnx—g«/x_3 la nguyén ham cua f (x) = Cla

dap an chinh xéc

% Céach tham khao: Tw luan

= Theo cong thirc dao ham (Inx)'=

= Theo cong thac (x")'=n.x"" véi n=

:>(3Inx)':§

X |~

N W
7 N\
P

N w
N—
Il

| wo
>
N
[
>
N
N—
Il
N
P
N
7 N\
|
xﬁ
w
;_/
|
N
B
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3

x 4 , 3 3
Vay {j*mnx_g\/’?j =2 +;_2\/; hay F(x):%+3ln x—gx/x_sla 1 nguyén ham
Bai 5-[THPT Vinh Chan — Phi The 2017] Khdng ton tai nguyén ham :

x—x+1 :
A. J.de B J.«,_x2+2x_2dx C .[Sln3x‘ix D JESxdx
GIAI
Cach 1: CASIO

Chon gid tri x=2 chéng han.
Taco f (X) =-X*+2x-2 va f (2) khong ton tai
&) (=] (el O (23 () (2] (e ) (=) (2) (i) (2] (B
o} Math
Math ERROR
CAC] rCancel
C410k]:GE0EO ‘
Vay ham so & dap s6 C khéng ton tai
Cach tham khao: Tw luan
D& thdy —x*+2x—2=—(x—1)"~1< 0 voi moi gia tri xe R

Vay v-x2 +2x—2 khong ton tai

Bai 6-[Chuyén Lam Son — Thanh Hoéa 2017] j I: X dx bang :
1 +C
A. z(lnx)%JrC B. % (lnx)3 +C C. 2VJInx D. % (lnx)3 +C
GIAI
Céach 1: CASIO 9
Chon gia tri x=2chang han.
Taco f(x)="% va f(2)=0.4162...
X
EELDmED0® 6D EE
at
NITTES
"
0. 4162773056

. 2 3, .
Tinh dao ham cua F(x)=§ (Inx)” tai 2 ta dwoc F'(2)=0.4612...

) (&) (&) (2) © 3] & () (1] (2] D D I B ®© & (2] E

(2003 )|
0. 4162773056
Vay F'(x)=f (x)=04162.. = F(x):g (Inx)* languyén ham cua f (x) = B la dép an

chinh xac
Cach tham khao: Tw luan

Theo cong thiec (u")'=nu"*u' véi u=Inx
3 1 3 1
=| Inx? ‘=§.Inx2.l© gx2 ':Inxz.lc} 2 (Inx)3 ‘=
2 X 3 X 3 X
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2 . AInx
Vay (g (In X)Sj ==, hay F(x)=§ (Inx)’ 12 1 nguyén ham

Bai 7-[B4o Toan hec tudi tré T11 nim 2016] Nguyén ham ciia ham s6 f (x)=e"(1-2017e*") Ia

A. - B. -
e’ +2017e* +C e* —2017e¢* +C
2017
X X C
c. o b -2 s
GIAI
Cach 1: CASIO

Chon gid tri x=2 chéng han.
Taco f(x)=e*(1-2017e ™) va f(2)=-265.5822...

(i) (109 (28 (2R O 0 (O (1] (=) (2) (0] (1) (@) (aee) (x109 (=) (=) (2] (o) O] & O
@) (23

e[ 1-2017e="]
-265.5822102

Tinh dao ham cua F(x)=e*+2017e™ tai 2 ta duoc F'(2)=-265.5822...

(5P (=) (eei) (x109) () (e D) O () (2) (@) (1) = ® 0 (2]
=

m
S (e"+201777)|b
-265, 5E22102
Vay F'(x)=f (x)=-265.5822.. = F(x)=e"+2017e™ la nguyén ham cua f (x) = Aladap
an chinh xac
Cach tham khao: Tw luan
Bién doi e"(1-2017e ) =e* —2017¢ ™

Theo cong thic (e")'=e" va (e™)=—e* =(-2017e *)=2017¢*

VaY (ef 420176 ) =e* ~2017¢ 2y F (x)=e€*+2017e ™ =e* (1+2017e **) Ia 1 nguyén ham

Bai 8-[THPT Tri¢u Son — Thanh Hoa 2017] Ho nguyén ham cua I%dx
X —X—
A. 21n|2x+1|+§ln|x—1|+C B. —Eln|2x+1|+§ln|x—1|+c
3 3 3 3
21n|2x+1|—§1n|x—1|+(f 1 5
C.3 3 D. —§1n|2x+1|+51n|x—1|+C
GIAl
Céach 1: CASIO
Chon gia tri x =2 chang han.
Taco f (x):ﬂ va f (2):Z
2x° —x-1 5

B 3B ® R &)= E )= 0o 2 E
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@ Math A
L
£
Zire—f—1 7
=

» Tinh dao ham cua F(x)=—§|n|2x+1|+§ln|x—1| tai 2 ta duoc F'(2):1.4:%
ENEEEHRA®EEMR e FHIOHE G ® B (in) wry
DEODCEE

S [ ZEnC2R+10+8
1.4

= Vay F'(x)=f (x):% = F(x):—gln|2x+1|+gln|x—]4 la nguyén ham cua f (x) = Bladap

an chinh xac
% Céach tham Kkhao: Ty luan
= Vi mau s6 tach duoc thanh nhan ter : 2x* —x—1=(x—1)(2x+1) nén ta st dung phuong phép hé s6
bat dinh dé tach phan s6 :

22X+3 —m—tint < 2x+3=m(2x+1)+n(x-1)
2x"—x-1 x-1  2x+1

m_5
2m+n=2 3

=

m-n=3 4
n=——

3

<:>2x+3=(2m+n)x+m—n<:>{

2x+3 5 1 4 1
2x2—x—-1 3 x-1 3 2x+1

Vay ta tach duoc

= Theo cong thirc (In u)':%.u' <:>(—§1n|2x+1|+§ln|x—l|j'zg%_§2 1+1
X x

= F(x) =§ (In x)3 la 1 nguyén ham.
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PHU'O'NG PHAP CASIO - VINACAL

BAI 19. TINH NHANH TiCH PHAN XAC PINH.

1) LENH TINH TICH PHAN
Pé tinh gia tri 1 tich phan xac dinh ta sir dung lénh

[F: Math

O
| Boox
2) Vi DU MINH HOA

VD1-[C4u 25 d& minh hea 2017] Tinh gia trj tinh phan | = _[0053 X.sin xdx
0

A :—%7:4 B. -r* C.0 D. ——
GIAI

% Céach1: CASIO ) q o

» Vi bai toan lién quan dén cac dai lugng tinh 7 nén ta chuyén may tinh vé ché d6 Radian

(4]
» Goi Iénh tinh gid tri tich phan
=
F] Math
O
| Boox

bién ham f (x)=cos’® x.sinx va cac can 0va z vao may tinh Casio
(cog) (et (O O (=) (3] @ [sin) (i) OJ ) ® (0] @ [stF) (xi0)

[F: Math

|Zeoscri®sincy

Rdi nhan nit (=] ta nhan duoc ngay két qua caa tich phan 12 0
& Math &

|Zeoscia®sincs
i

> S0 sanh véi cac dap an A, B, C, D thi ta thiy C 1a dap an chinh xac

% Céach tham Kkhao : Tw luan
» Pit t=cosx khido cos®x=t*
= Vi phan 2 vé phuong trinh an phu cosx =t <> (cosx)"dx =t'dt < —sin xdx =dt
»  Pdican dudi : x=0 khi d6 t=cos0=1
Doi cantrén : x =7 khidé t=cosz=-1
» Ldc nay tich ph&n phtc tap ban dau da tré thanh tich phan don gian

‘1
L e (A
1~ (4 4

-1
| =—[tdt=——
1
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X/
L X4

Binh luan :

C6 10 phép dat an phu tinh nguyén ham tich phan. Bai toan trén c6 tinh chét cua phép s6 2
“néu tich phan chaa cum sinxdx thi dat an phu cosx=t”

Trong thuc te hoc tap, viée d6i vi phan (d6i dudi) thuong bi cac ban 13ng quén , chling ta chu
y dieéu nay.

PHU LUC : 10 PHEP PAT AN PHU THUONG GAP

Phwong phap dit 4n phu thuong dung dé dua 1 tich phan phuc tap, kho tinh trg vé mot
tich phan don gian, d& tinh hon. Sau day 1a 10 phép dat an phu vai 10 dau hiéu khéc nhau
thuong gap.

Phép 1 : Néu xuat hién can thuc thi dit ca cin bang t

Phép 2 : Néu xuit hién cum sin xdx thi dat cosx =t

Phép 3 : Néu xuat hién cum

dx thi dat tanx=t

cos? x

Phép 4 : Néu xuit hién cum

——dx thi dat cotx =t
sin‘ x
7 A A = A 1 \ -
Phép 5 : Néu xuat hién cum —dx thi dat Inx=t
X

Phép 6 : Néu xuat hién e*dx thi dat e* =t

Phép 7 : Néu xuit hién cum dx thi dat x =tant

x?+a?

Phép 8 : Néu xuit hién cum /x> —a? thi dat x =asint
, X X - A \ ae a
Phép 9 : Néu xuat hién cum va>—x* thi dat x = p
cos
Phép 10 : Néu xuat hién biéu thirc trong ham In, log,e... thi dat ca biéu thuc 13 t

Viéc dit 4n phu thwong tién hanh theo 3 budéc

Bwéc 1 : Pit an phy theo dau hiéu

Budc 2 : Vi phan 2 vé phuong trinh an phu dé do6i dudi

Budc 3 : Doi can dudi va can trén sau do thé tat ca 3 dai lugng trén vao tich phan ban dau
dé tao thanh mot tich phan don gian hon.

In2 2X
VD2-[Chuyén Khoa Hoc Tw Nhién 2017] Tinh tich phan | = j e2 dx
1 Ve 1
A. 3-e?-1 B. 24/In2-1 C. JIn>2-1 D. C4 3 dép 4n trén déu
sai
GIAl
s+ Céach1: CASIO
> Goi lénh tinh gi4 tri tich phan
Fi] Math
O
| Boa
. 2x \ e
» biénham f (x) = va c4c can 1 va In2 vao may tinh Casio R6i nhan nit (=) ta

e -1

nhan duoc ngay két qua cua tich phan 1a —0, 7956...

(=) () () (xi09) (o) (2] (i) O) ® [va) (o) (109 (%) (2] (aew) O] & (=) (D &
@R E
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Jlnii] o=
1 JezH 4

-0, 7956074167

> Giir nguyén két qua nay ¢ may tinh Casio sb 1, ding may tinh Casio th 2 dé tinh két qua
cua cac dap an A, B, C, D ta thay dap so C
=

7-leZ-1
-0, 7956074167

Day 1a gia tri gibng hét tich phan, vay C 1a dap s6 chinh xac

% Céch tham khao : Tw luin

= Ditt=+e>-1

= Vi phan 2 vé phuong trinh 4n phu

s =¥ —lot?=e"-lo (tz)'dt = (e“ —1)'dx < 2tdt = 2e2dx < tdt = e¥*dx

= Pbican dudi: x=1 khi do t =+/e? -1

Déicantrén: x=In2 khido t=+/e?"2-1=4/3

= L(c nay tich phan phuc tap ban dau da trd thanh tich phan don gian

B N
1= ! tat = [ dt=t V3 —\3-e?-1
e2—1t e?-1 \/ez -1
% Binh luan:
» Bai todn trén chira ngi dung ciia phép dit an phu s6 1 “néu tich phan chira can thi ta dit ca
canlaanphut «
e Viéc vi phan luon phuong trinh dit an phu t =+/e®* —1thuong kho khin vi chira cin, do do
ta thuong khir can t? = e —1 bang cach binh phuong 2 vé. Sau d6 ta mai vi phan

a .2
VD3-[THP Nguyén Pinh Chiéu — Binh Dwong 2017] Gia tri ciia a dé tich phan '[ LleerX
L X+
2

co gia tri a?+a+ln3 la:
A.5 B. 4 C.3 D. 2
GIAl
< Céach1:CASIO
Ex24+2x+2 2

\ P p L, e,y .2 a N
> V& mit ban chét néu tich phan j ————dx c6 gia tri bing biéu thirc -+a+In3 thi
0 X+

2
hiéu ctia chiing phai bang nhau. Vay ta thiét lap hiéu de _(a

—+a+In3|vabai
X+1 2

toan tro thanh tim a dé hiéu trén bang 0
» Thuvoigiatri a=5 Tanhap hiéu trén vao may tinh Casio hi¢u

5.2 2
jwd —[5—+5+In3j
o X+l 2
FEHEErIDEX@FAEAIDFHFEA®eOEHO®O0O®E®
BﬂE@E@@@B@E@@ ﬂmm

Rdi nhan phim (=)

[=]
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Math &
5H2+EH+E [5*
Jn SSoer G
0.6931471307 ,
May tinh Casio bao mot gié tri khac 0 vay dao so A la sai.
> Stravitri a thanh sb 4 va sé 3 ta déu nhan duoc két qua khac 0 vay dap an B va C déu sai
» Thurvadigiatri a=2 ta duoc:
EFHEE)OPFHR2 WO FHEA@EkOBHO®O®R2)®
HIOERAEKX®EACHAEHMWBEOIOOE
Math &
EHE+EH+E [2*
In SSoer G
I

Khi d6 hiéu trén bang 0 tirc 12 A 1a dap an chinh xac
% Céach tham Kkhéo : Tw luan

» Téch tich phéan thanh : IX +2X1+2dx I(x+1+—jdx
. X+

2 2
X , A A a . X
= Vi (?+ x] =X+1 nén nguyén ham cua x+1 la ?+x

= Vi (In|x+1)’ :%1 nén nguyén ham cta %1 12 In|x+1

X+1

2 2
= Thiét lap quan h¢ a?+a+ln|a+]4 :a?+a+ln3 <lInfa+l=In3<a=2

o 1 x? a’
Tom |alj X+1+— |dx = ?+x+ln|x+ﬂ :?+a+ln|a+14

% Binh luan:
e Bai toan nay con c6 meo giai nhanh danh cho céc ban tinh y, chiing ta quan sat ham f (x)

1
chua thanh phan e c6 méi lién hé véi nguyén ham cua né l1a In|x+1 . Ta dic cau hoi
X +

vay phai chang In|x+1 khi thé can s& 1a Ina+1] c6 mai lién h¢ véi In3=1Inja+1 suyra
a=2

e Hau hét bai toan chira tham s tich phan tac gia xin khuyén cac ban nén dung phuong phap
Casio cht phuong phap tu luan nhiéu khi rat loang ngoang va dé sai.

VD4-[B4o Toan hoc tudi tré T11 nim 2016] So sanh céac tich phan

71'
4

J\fdx J= Ism X cos xdx, K = Ixe

1
Ta c6 két qua nao sau day
A I>K>] B.I>]>K C.J>I>K D. K>I>]
GIAl
% Cach1:CASIO
» Tinh gia tri tich phan | ta dugc | =4.6666... va ghi gia tri nay ra nhap.

EEmON®ID®@E
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>

4. (B

Tinh gia tri tich phan J ta duoc J =0.3333... va lai ghi gia tri nay ra nhap
(stier) won) (4] (22 (sin] (wpwt) O] O (=7 (eog) (i) ) O @ (0] @ (B stF) (x10) D
2 E o

at

|Zsincozeoscir
. 3y

Tinh tiép gia tri cudi cing K = 1

(stiFT) fong) (3] (/= . (e O] (X) () (x109 () (e O) @ @ @ (1) &)

Math &
JDKHEHHH

1
RGO rang 4.6666 >1>0.3333 hay | >K >J . Vay dap an chinh xac la A
Binh luan :
Qua bai toan trén ta thay rd hon stitcc manh caa Casio khi giai nhanh nhitng bai tich phan xéc
dinh, phwong phap tu luan ciing c6 nhung rat dai dong, tac gia xin khong dé cap téi danh
thoi gian cho cac bai khac quan trong hon.

1
VD 5-[B4o Toan Hoc Tudi Tré thang 12 nim 2016] Tich phan j 3x—1] 2|x| dx bang
0

1 -11

A L B.Z c. -1 D. 0
6 6 ] 6
GlAl
% Céach 1: CASIO
> Céch goi lénh gia tr1 tuyét dbi  (sHIFT) (hyp)
Math
|01
> Khi biét lénh gié tri tuyét ddi roi chiing ta nhap tich phan va tinh gié tri mot cach binh
thuong
> (& (3 ) fye) (3] (i O] (=) (0 & (=) (2] 6] ) ) O & ) @ (0 @
]
Math
|2 c1an- 21517
> Nhin nat (Z)ta sé nhan duoc gia tri tich phan la 1 =-0,016666...
Math &
|2 c1an- 215138
-0.16EERAEERT |
» Day chinh la gia tri xuat hién ¢ dap so A. Vay A la dap so6 chinh xac cua bai toan

X/
°

Céach tham khao : Tw luan
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1 1
. '|'(|3x 1- 2|x|)dx—'[(|3x 1- 2|x| dx '[|3x 1- 2|x|
o :
1 1 1 1
Kh0<<th33 2 313 2x)dx=[(1-5x)d 2 P
. | X< — | X— X = X—=2X)ax X)X =| X—— = —
J(ox-t-2h)ox = f(1-3x-2x) = f1-sw) = Zjo L
1 . t h X2 . 2
. Khi§£x31th‘| !(|3x—1|—2|x|) .!(3X —1-2x)dx !(x—l)dx:[?—lez—g
3 3 3 3
1
i 3 t 1 2 -1
vayl_j(|3x 1| 2|x|)dx + !|3x 1]~ 2 x| )dx 5

w|

% Binh luén :
e D¢ giai cc bai toan tich phan chira dau gia trj tuyét ddi ta phai sir dung phwong phép chia
khoang dé pha dau gia tri tuyét doi.

Tabiét 3x—-1>0< x> % va 3x-1<0 < X s% vay ta s& chia doan [0;1] thanh 2 doan
)l
3 3
e D¢ tach 1 tich phan thanh 2 tich phan ta sir dung cong thirc chén can : Voi gia tri ¢ bat ki
thuoc doan [a;b] thi j X)dx = j X)dx + j

VD 6-[Thi hoc sinh giéi tinh Pha The nam 2017]

4
Chobiét [—X__gy—ar+>Inb (0<a<1.1<b<3).Tich ab bing bao nhiéu ?
5 SIN X+ COS X 4
AL B. 1 c. ! p. 1
2 4 6 8
GIAl
4 Céch1:CASIO
1
> Tinh [ dx =0.5650...= A
o SIN X+ COS X

(sur1) (wong) (4] (1) (&) (eog) () O O @ (sin) () O O () eed) (et} ) ) @
D@®EEMM®EE

Math &

J4 Cos LFE] b
0 Sin (A1 +C0s A,

0. 5659855 7T6E
Luu gia tri nay vao bien A

ANS+A

0. 5659555765

[F| Math &
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. A-Linb
Vaytaco: aﬂ+zlnb:0.5659...:A:>a:
T
. A-tinb
X r A . \ 4 1 1 T
» Neéudap so A dung thi ab=—< ————b==<b| A—=Inb |-==0
2 T 2 4 2

Str dung chirc ning do nghiém SHIFT SOLVE dé tim b
[ O] (A ) () (=) (B (D @ (@) & [ (@i (in) (e O OJ OJ (=) (3
50 (10 ® (2] & () (cad) E (0 CJ (B 3

[F:]

Math
Can*t Zoalwe

CAC] Cancel
C4JCk]1iGOLO

Khong tim dugc b = DPap an A sai
> Véidap an B ta co b(A—%Inbj—%:O

s O (J ewl) (@) (F (B (D @ (@) & (1] i) ) B B (=) (&) () (109

COMmmMEQIEE
AR IN0ED | -2
A= 2
L-R= I

:>b:2:>a:% thoa diéu kién 0<a<1.1<b<3

= Pép sb B chinh xac ciia bai toan

+» Binh luan:
e MOt bai toan rat hay két hop Iénh tinh tich phan va Iénh do nghiém SHIFT SOLVE

T

1
e Céch Casio ¢6 thém mot uu diém 14 trénh dugc cdc bai tich phan kho nhu [ ———"— dx
 sin X +CoS X
BAI TAP TU LUYEN
5
Bai 1-[Chuyén Khoa hoc tw nhién 2017] Néu _[sin” X 0S Xdx :6_14 thi n bang :
0
A. 3 B. 4 C.5 D. 6
2 ‘\E N
Bai 2-[B4ao Toan Hoc Tuoi Tré thang 12 nam 2016] Tich phéan J.Sx\/x2 +1 bang:
0
A. 3 B.7 C. -5 D. -3
In5
Bai 3-[Group Nhom Toan 2107] Tich phan J‘% bang :
€ +267 -3
A. In3 B. In> C.ln2 D. In+
4 2 2

Bai 4-[THPT Nho Quan — Ninh Binh 2017] Cho jde ~Lin3  Timgidtricoaa:
- o 1+2sin 2x 4

A. 3 B. 2 C. 4 D. 6
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Bai 5-[B4o THTT thang 11 niim 2016] Gia tri ndo cua a dé j(3x2 +2)dx=a%+2 2
0

A0 B.1 C.2 D.3

e 2
Bai 6-[THPT Thuin Thanh 1 - Bic Ninh 2017] Tinh tich phan | = [ x+2lnx g,
X
1

2 2
N B. 1= *1 C.I=¢*+1 D.1=%
2 2 2

V4

6
Bai 1-[Chuyén Khoa hoc tw nhién 2017] Néu J'sinn X C0S Xdx = 6_14 thi n bang :
0

A. 2 B. 3 - C.5 D. 6
GIAI

T

6
» V§i n=2 tinh gid tri tich phan J.sin2 X €0S Xdx = % # 6_14 = Dap an A sai

FHmOINERNE@mIIN0®EEEEE

ath &

| g sintar<=cos (e
1
z4

6
» V6i n=3 tinh gi& tri tich phan Isin3 X COS XdX = 6_14 = DPap an B chinh x&c

() (sin) () 0] DI (23 (3] & (X fed ) ) O] @ (@) D (B) () o) D (6] &

Math &

|5 sinCarF=cos (e

1
r 5d Ie
» Chdy: Tu luan vai dau hiéu “xuat hién cum cos xdx ~ ta sé dat t =sinx

2 ’\/5 N
Bai 2-[B&o Toan Hec Tuoi Tré thang 12 nam 2016] Tich phén j3x\/x2 +1dx bang:
0

A3 B.7 _C.5 D. -3
GIAI

B
= Tinh tich phan I 3x/x* +1=7 = Pap s6 chinh xac 1a B

EEE D@ HEEHDOU@WEEE

Math

e
7

= Chly: Ty luan véi dau hiéu “xudt hién cdn thire” ta s& dat can thirc 12 an phu
Pit t =x* +1 < t? =x? +1 Vi phan hai vé = 2xdx = 2tdt = xdx =tdt .
x=0=t=1

=7
Xx=+3=t=2

2
. 2
Dbi bién : { . Khi d6 tich phan tro thanh | 3t.tdt:t31
1
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In5

Bai 3-[Group Nhém Toan 2107] Tich phan j % bang :
n € +267 =3
A. In3 B. In> C.ln2 D. In+
4 7 2 2
GIALI

In5
= Tinhtich phan | — dx
e

———=0.4054...= In(% = Dap s6 chinh xac la C
. € +2e7 -3 2
(3 E 0 @ @ 09 @ @ O] & () (2] [ 10 (o) (=) (i D o = B @
(n] (3] @@@ =)

Math &

J‘lr‘n 151 1
1ni3) -E:H+2E:—H—;:tf
0.4054E51081 |
» Chay: Tu luan vai dau hiéu “xuat hién e* 7 ta sé dat e* la an phu
Dit t =e* Vi phan hai vé = e*dx =dt .

.. | Xx=In3=>1t=3 o x y
o bién : Khi 6 tich phan trorthanh [ =0 [ o3
x=In5=1t=5 e -3 +2 t°-3t+2 2

In3

Bai 4-[THPT Nho Quan — Ninh Binh 2017] Cho jM
o 1+2sin 2x

A3 B. 2 S C.4 D. 6
GIAI

dx:%ln3 . Timgidtrictaa:

C0S 2X
1+2sin2x

AEEOEHEDENDNCOFHDEDMINCU®
S[GE[mISIals

Math &

» Tht vi a=3. Tinh tich phan dx=0.2512...# % In3 = Pép sb A sai

O w0 |y

T CoslEX) o
0 1+Z5if (2]

0. 2512651547

P
* Thir véi a=4 Tinh tich phan IM
0

1+2sin2x

SO ® 1) E

_ Math &
J-i COS L2 ol
0 1+ZSin (2]

0. 274655072

» Chly: Ty luan véi dau hiéu “xudt hién cum cos2xdx ” ta sé dat sin2x=t 1a 4n phu

Bai 5-[Bao THTT thang 11 nim 2016] Gié tri ndo cia a dé I(sz +2)dx =a’+2 7
0
A. 0 B.1 C. 2 D. 3
GIAI

dx = 0.2746 :%InB = Daép s6 C sai

= Thiét lap phuong trinh j(sz +2)dx—(a’+2)=0. Vi d& bai cho sin cac nghi¢m nén ta sir dung
0

phep thir
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1

Véi a=1 vé trai phuong trinh 14 : j (3x* +2)dx—(1°+2)=0= Pap 4n ding 12 B

WEOBEHNHAHZNCU®HEE0HHEROE

Math &
1
| L (a2 a) du-c 140
I
e 2
Bai 6-[THPT Thuan Thanh 1 - Bic Ninh 2017] Tinh tich phan | = [ X +2nx g
X
1
2 2
A T=c -1 B. 1= "L C.I=¢+1 D.1-%
2 2 : 2
GIAl
o . ¢ x*+2Inx e’ +1 S a e
= Tinh tich phéan | :j—dx:4.1945...: = Dap so6 chinh x&c la B
X
1
EE Q)@@ 2 MmO ® Ew D ® 0@ @ &) &)
Fi] Math &
€ XE4+Z1R0R]
4. 194523049

» Chly: Ty luin ta nén tach tich phan thanh 2 tich phan con dé d& x Iy : 1 =

P C—— @

xdx+2j|n x.ldx
1 X

Néu tich phan “xuat hién cum 1dx “thi Pat Inx=t Vi phan hai vé = ldx =dt .
X X

X=1=1t=0 e’ +1

e 1
. Khi d6 tich phan trér thanh [ xdx+ 2 tdt =
1 0

Ddi bién :
XxX=e=>t=1
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PHU'O'NG PHAP CASIO - VINACAL

BAI 20. TINH NHANH DIEN TiCH HINH PHANG.

1) KIEN THUC NEN TANG
1. Dign tich hinh phing gisi han boi hai d6 thi ham sé y = f (x),y = g(x) va hai dudng thang
x=a,x=b duoc tinh theo cbng thirc

S :_ﬂf (x)—g(x)[dx (1) (Dang 1)

Quy woc : Trong bai hoc ndy ta goi dudng thang x =a la can tha nhat , x=b 1a can tha hai

Chu ¥ : Khi dé bai khdng cho hai can thi hai can s& c6 dang x =X, , X=X, V&i X, X, 1a hai nghiém
ctia phuong trinh hoanh do giao diém

2. Dign tich hinh phing gi¢i han bai hai do thi ham s6 x=f (y) , x=g(y) va hai can
y=a,y=b dugc tinh theo céng thuc :

s=[[f(y)-g(y)|dy () (Dang2)

3. Tong hop phwong phap (g6m 3 buéc)

+)Budéc 1: Xac dinh 16 hai ham y = f (x),y =g(x) hoac x=f (y),x=g(y)
+)Buoc 2: Xac dinhrd 2 can x=a,x=b hoac y=a,y=b

+)Bwéc 3: Lip vao cong thic (1) hodc (2) roi sir dung may tinh casio

2) VI DU MINH HOA

VD1-[Pé minh hea mén Toan By GD-PT lan 1nim 2017]
Tinh dién tich hinh phang gioi han bai d6 thi ham s6 y = x* —x va d6 thi ham s6 y = x — x?

81
A Y B. 2 C.12 D.
12 4 q 13
GIAI
> Tacohaihamsd y=x>—x va y=x—x?
x=0
> Giai phuong trinh hoanh d6 giao diém x* —x=x-x* < x*+x* -2x=0<| x=1
X=-2

Taco 3 can x=0;x=1;,x=-2 ma cdng thac chi c6 2 can vay ta chia thanh 2 khoang can
—-2<x<0va0<x<1
> Dién tich hinh phang gigi han boi do thi y=x®—x , y=3—x va hai duong thang

x=-2;x=01a8, = T‘(XS—X)—(X—XZ)‘dX
2
Dién tich hinh phang gigi han boi do thi y=x®—x , y=3—x va hai duong thang
x=0;x=11a8, :h(x3—x)—(x—x2)‘dx
0
> Vay téng diéntich S = ﬂ(x3 —x)—(x—xz)‘dx+ﬂ(x3 —x)—(x—xz)‘dx
-2 0

Str dung Casio vai 1énh tinh tich phan
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(22 () e (O e O] (23 (3] 0 (=) (e O] O] (=) (3 (e O] (=) () B
D ®EHRI® 0] (H (E s v (J e O] =] 3] & (=) [ww
DEQENDEHe B N®0@AE

_ 3 ] Math &
| 2o [ Ca= =) =153
=7
1z
N 37 o
Vay S = T ta chon dap an chinh xac la A
< Binh luén :
e Thattuyét voi phai khong, va tu day theo 3 budc két hop Casio ta s& lam moi bai lién quan
den tinh dién tich hinh phang.
VD2-[Pé cwong chuyén KHTN Ha No¢i nam 2017]
Cho mién (D) gi6i han bai do thi ham s6 y =In(x+1),y =In2./x,x=2 . Dién tich mién phing

(D) bang :

4
A. 1né/ﬁ,(\/§+1)_31n3+1 B. —gan.(\/E+1)+3ln3—l
3
& In%+§\/§1n2+1 D ln%+§ln2ﬁ +1
GIAI

> Tacoéhaihamsé y=In(x+1) va y=In2+/x

> Can dau tién 1a x =2 ta di tim can tiép theo bang céach giai phuong trinh hoanh d6 giao
diém In(x+1)=In2+/x & In(x+1)-In24/x =0
Dé giai nhanh phuong trinh nay ta sé st dung Casio véi chirc ning do nghiém SHIFT
SOLVE

E]IMWIBIHH;]H!CJEJEZJHIC]HiummlnhmﬂdeE]E]

ath

éDEH+IJ—IHEEJHfE
L-R= I

Ta dugc nghiém x=1
Vay ta tim dugc hai can x=1;x=2

> Dién tich hinh phang gisi han bai hai ham sé y=In(x+1) , y=In2+/x va hai duong

2
thing x=1Lx=21a S :”In(x+1)—ln2.\/;‘dx
1

Str dung Casio véi Iénh tinh tich phan
(=) (st oyl (1n] () O (B (10 O (2 (1) (23 O (X) (vm) (ew) O] @ () @ (2]
B

Fi Math &
Z
|Z I1nee1a-1nczs
0. 0646297673 ,
Vay S =0,0646... Tinh gia tri xem dap an nao co6 két qua 0,0646... thi 1a dap an chinh xac.

= tachon B

% Binh luan:

e Viéc tim nghiém ctia phuong trinh hoanh d6 giao diém hay tung d6 giao diém ma phuc tap
ta ¢ thé tinh nhanh bang k§ thuat do nghiém véi chirc ning SHIFT SOLVE di duoc hoc &
bai trudc.
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VD3-[Th thir website Vnmath.com lan 1 nim 2017]
Puong thang y =c chia hinh phing gisi han boi dudong cong y = x* va duong thang y =4 thanh
hai phan bang nhau. Tim ¢
A. % B. 3/6 C. 2\/5 D. 3\/5
GIAI
> Haihamsd y=x*va y=4
Giai phuong trinh hoanh d¢ giao diém x* —4=0< x=+2
Vay can the nhat la x=-2 canthirhai la x=2
> Dién tich hinh phing giGi han boi hai d6 thi ham s y = x*, y =4 va hai dudng thang

x=-2,x=2 la: S=j‘x2—4‘dx
2

Str dung Casio vai 1énh tinh tich phan

FEHRmIHCDE0E0®DE
|%, 1524w

a2
o

Vay S :% = mot nira dién tich la 16
> Vi duong thang y =c chia hinh phang S thanh 2 phan bang nhau = Dién tich hinh phing
gidi han boi duong cong y = x? , dudng thang y=c co do lon la %

> Thir v6i dap 4n A ta ¢ y = ¥/16 . Giai phuong trinh hoanh dé giao diém

x2 =316 < x=+{16
o5

=S, = J' ‘xz—é/l_G‘dx
-%h6

(=) (sur) () (ip) O] (23 (=) () (va) (1] (6] @ B e (e (6] &> (] (] @
) (9 (6) &> (1) (6] (E

Vay §, = % (ding) = dép an chinh xac 1a A

VDA4-[Pé cwong chuyén KHTN Ha Noi nim 2017]
Tinh dién tich hinh phang gidi han bai y? = x+1 va truc Oy bang :
4

A. B. C. 3 D. =

2

W | oo

GIAI
> Hai ham sé x=y?—1 vatryc Oy c6 phuong trinh X =0
Giai phuong trinh tung d6 giao diém y> -1=0< y==1
Vay can thir nhat 1a y =—1 can thirhai la y=1
> Dién tich hinh phang gigi han boi hai d6 thi ham sé x = y?—1, x=0 va hai duong thang

y=-ly=11la:S= ﬂ(yz—l)—o‘dy
e

Str dung Casio vai Iénh tinh tich phan

(=) ) fye) () D) (o H I @ H @ 1 E
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[F: Math &

|2 wz-1 1

=
Vay S :% — dap s chinh x4c 12 C
< Binh luén :
e Bai toan nay nén dua vé dang 2 thi s& dé dang tinh toan hon. Néu dua vé dang 1 ta phai tinh
y = +/x +1 rdi lai phai tim can s& khé hon

e Tahiéuvéi maytinh X hay Y chilakihiéunén S = ﬂ(y2 —1)—0\ dy =ﬂ(x2 —1)—o\dx
-1 -1

Nén ta cd thé thuc hién phép tinh véi may tinh casio nhu trén
VD5-[Sach bai tap Nang cao Giai tich l16p 12 t.153]
2
Tinh dién tich hinh phéng gigi han boi duong cong x = y? , duong cong X+ y* =2 vatryc hoanh

a1l

A B. C. D.

Gl o
1] ®
NN

GIAI
2
> Haihamso x=y® va x=2-y*
Truc hoanh ¢ phuong trinh y =0 = can thir nhat y=0

N

Dé tim can thir hai ta giai phuong trinh tung d¢ giao diém : y2 =2—y* . Dé giai nhanh ta sir
dung chirc nang do nghiém SHIFT SOLVE

WOFEEEEE®HmNEED®E R DHE
A7+ =2

"= 1

L—R= 0

vay cantha haila y=1
2
> Dién tich hinh phang gigi han boi hai d6 thi ham s6 x = y3, x =2—x* va hai duong thang

e

Str dung Casio véi Iénh tinh tich phan
(=) (1) fye) (i) O] (@) B 2 @ B ® & (=) @) (B i O] (=9 (4 @ (0
@1E o

at

=
1|5 |
R
1.199999964

Vay S =2 = dap so chinh xac la A

< Binh luén :

e Do cai dit lam tron caa may tinh cia moi may la kha nhau nén ta nhanh nhay trong viéc lam
tron dé tim dap an dung nhat.

VD6-[Thi thir I6p toan thay Binh lan 2 nim 2017]

1
y=o,y=1|a:3=j dy
0

2

Tinh dién tich hinh phing gi6i han béi Elip c6 phuong trinh X2 +y? -1

Trang 180 Tai liéu Iwu hanh noi bo



TOM TAT KY THUAT SU’ DUNG CASIO - VINACAL HO TRQ GIAI BE THI MON TOAN 2017.

S L W PR ¥ W F N N St R g A LA I R LA AN FATSA Y FIY SR AL AR TR LI 4 IF NS LIRLEL FANF RSP LN _J o

= :
A B C. 5 D. %
b4 3n i 3
GIAI
y’ y’
> Tachd x° +E—1<:>x —1——<:>x :>Ha| ham sb x=— 1—3 va
2
x=1-Y
9

Dé tim hai can ta giéi phu:ong trinh tung d¢ giao diém :

\/_y__\/ @\/ =0y =9cy=43.

vay can th nhat y = -3 va can tha hai y=3

2 2
> Dién tich hinh phang giéi han boi hai d6 thi ham sé x = —, /1—% , X = 1/1—% va hai
3 \/ Y[ \/ ¥
N9 9

duong thang y=-3,y=31a: S :f dy

Str dung Casio vai 1énh tinh tich phan

By @EOHEEHNPEODOEHB®EE

Math &
%

E'EI 1 4294".-'|'.-'E"i|-'}‘;51
Vay S =9.4247... =37 = dép sb chinh xac 1a B
% Binhluan :
e Trong chuong trinh 16p 10 sach giao khoa da dé cap dén cac tinh chat co ban caa hinh Elip
nhung chua dé cap dén cong thuc tinh dién tich cua Elip va viéc sir dung tich phan dé tinh
dién tich Elip 1a mot ung dung tuyét voi.

VD7-[Thi hec sinh giéi tinh Pht Tho niim 2017]

Nguoi ta trong hoa vao phan dit dugc t6 mau den duogc gioi han 4 B
bai cac canh AB,CD duong trung binh MN cua manh dat hinh
chit nhat ABCD va mot dudng cong hinh sin (nhu hinh v&). Biét M
AB =27(m), AD =2(m) . Tinh dién tich dat phan con lai (don vi
tinh m?) D C

A gro1 5 4(n-1)

C. 4n-2 D.

4n—-3 i
GIAI

> Di¢n tich hinh chir nhat ABCD la: S, = ABCD =47 (m?)

» Hinh sin c6 bién d6 +1 vachu ki 27 nén c6 phuong trinh 1a : y =sin x
Gan hinh trén 1én truc toa d6 Oxy véi gbc toa do O 1a giao diém cua db thi hinh sin voi
truc hoanh MN

Ta co dién tich hinh mau den bén phai truc hoanh la: S, = .[|sin x—0[dx =2

(suF1) fuone) (4] (=) (strr) fyg) (sin) (ir) O] O] (=) (0] @ (0] @ (eter) (xi0) (=]
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[F: Math &

|2 1sin¢e)-01dx
2

> Diéntichcantim =S, —2S, =47 -4 = déap s6 chinh xac 1a B
<> B‘lph luin : »

Néu d¢ bai thay doi thanh AD = 4 nhu vay bién d6 hinh sin la +2 vay s€ c6 phuong trinh
la y=2sinx

VD8-[Pé minh hoa Bd GD-DPT lan 2 nim 2017]

Cho hinh thang cong (H ) gi¢i han béi cac duong y=e*,y=0,x=0 va v

x=In4 . Duong thing x=k (0<k<In4) chia (H) thanh hai phan c6 dién

tich S,,S, nhu hinh vé& bén. Tim k dé S, = 2S,

A.k=§|n4 B. k=In2
8 / N\
C.k =|n§ D. k=In3 o & |m4
GIAI
In4
> Goi S ladigntichhinh (H) taco S = [|e*—0jdx=3
0
(567 (ryp) (aPe) (%109 () (i) ) @ (O @ (n) (@) ) (3
Fi] Math 4
1ridl
IS P

3

k
> VIS =25, matongdientich la3 =S, =2= [le’

dx=2 . Tht cac dap anta c6 k=1In3

(sHiFT) [ALPHAI]3 x107 (%) (i) O ™ (0 @ (0] (3] D) (=)

1 I:S:I Math &
H "
|27 g g

2

— Pap s6 chinh xac 1a D

VD9-[Pé minh hoa B4 GD-PT lan 1 nim 2017] —
Ong An ¢6 mét manh vudn hinh Elip c6 d6 dai truc 16n
bang 16m va d6 dai truc bé bang 10m . Ong mudn trong
hoa trén mot dai dat rong 8m va nhan truc bé cua Elip
lam truc di xtung (nhu hinh v&). Biét kinh phi dé trong
hoa 1a 100.000 ddng 1 m? . Hoi 6ng An can bao nhiéu
tién dé trong hoa trén dai dat d6 ? (S6 tién lam tron dén
hang ngan)

A. 7.862.000 B. 7.653.000 —

C.7.128.000 D. 7.826.000

GIAI

8m

[
Y

2 2
> Xéthé toadd Oxy dit vao tAm khu vuon, phuong trinh Elip vién khu vuon 12 X + Z—S =1
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2
Xét phan d6 thi Elip nam phia trén truc hoanh c6 y =5, /1—%

> Diéntich S cua dai dét ciing chinh bang 2 1an phan hinh phang gi6i han bai do thi
y = f(X), truc hoanh, duong thing x=—4 , duong thang X =4

2
51-X o
Y

DEHEEEHEROEEHmNPOERNOEHBEB®EE

2, |5 1-2Z | e
765289182
= So tién can la 100.000S
Blaulolnlolo)s
ansx 100000
7652091 . 57

— Pap sb chinh xac 1a B

4
—S=2 j dx = 76.5389182
-4

BAI TAP TU LUYEN

Bai 1-[Thi thir chuyén KHTN Ha Nai lan 1 nim 2017]
Dién tich hinh phang giéi han boi dudng cong y = x? , dudng thing y =2—x va truc hoanh trong
mién x>0 bang :

1
A. B. Z C.3 D. 2
2 6 6
Bai 2-[Thi thir chuyén Vi Thanh — Hau Giang nam 2017]
Tinh dién tich hinh phang gidi han bai cac duong y=x*+x-1va y=x*+x-1
4
il B. 14 C.15 D. &
15 . 15 15
Bai 3-[Pé cwong chuyén KHTN Ha N§i nim 2017]
Dién tich hinh phang gisi han bsi cac d6 thi ham s y =[x +1] va y =[x|+3 béng :
40
A X B. 2 C.3 D. 22
4 3 3

Bai 4-[Thi thir nNhém toan Poan Tri Diing lan 3 nim 2017]
Tinh dién tich hinh phang gidi han bai @6 thi ham sb y =2 va dd thi ham sé y =3—x va truc tung
3

A2 L B. 3-— C.° 2 D. 2+ L

2 In2 ln? In2
Bai 5-[Poan Quynh -Sach bai tap trac nghiém toan 12]

Biét dién tich S cua hinh phang gigi han boi cac duong y=Inx , y=0 , x=1 , X=¢ c0 thé
e

duogc viét dudi dang S = a(l—lj . Tim khéng dinh sai :
e

A B. , C.a*+3a-4=0 D. _,
a- —3a+2=0 a—a—2=0 2a°-3a-2=0

Bai 6-[Pé cwong chuyén KHTN Ha Ngi nim 2017]
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Dién tich hinh phang gi6i han bai @6 thi ham s (P):y=x*—2x+2 va cé4c tiép tuyén véi (P) di
qua cac diém A(2;—2) la:

16
64

A. B. 2= C. 3 D. =
3 3

8

3 r 1
Bai 7-[Thi thir THPT Lwong Thé Vinh — Ha Ngi ldn 1 nim 2017
Dién tich hinh phing gi6i han boi dudng cong y = 2\/ax (&> 0), truc hoanh va duong thing x = a

bang ka? . Tinh gia trj cua tham sé k

A k=" B. k=2 c." 3 D. k=
3 3 5

>
Il
|
| o

LOI GIAI BAI TAP TU LUYEN

Bai 1-[Thi thir chuyén KHTN Ha N@i lan 1 nim 2017]
Dién tich hinh phang gigi han boi duong cong y =x? , duong thang y =2—x va truc hoanh trong
mién x>0 bang :

A2 B.
2

OWIRN
O
w
O

o »

, - Tay nhién dé bai yéu cau tinh dién tich

. X
Phuong trinh hoanh d6 giao diém x* =2-x < {

trén mién x>0 = Tatinh dién tich hinh phang trén mién [0;1]
— Can tha nhat x=0 , can thi hai x=1 .

Dientich cantinh la: S :jl‘xz —(2—x)‘dx _!
0 6

(=) ) by (e ) (3 S [ 2B @0 @ 0 E

Math &

|l -c2=x0 ek
.

(=
Chu y: Néu dé bai khong yéu cau tinh dién tich hinh phang trén mién x>0 thi ta tinh trén toan bo

mién [-2;0] . Taco: S :_[jz‘xz—(Z—x)‘dx:%

Néu d& bai yéu cau tinh dién tich hinh phing trén mién x <0 thi ta tinh trén mién [—2; O] .Taco:
10
1 3 14 ~ N ~
Cac e hoc sinh chu y dieu nay vi rat dé gay nham lan.
Bai 2-[Thi thir chuyén Vi Thanh — Hau Giang nam 2017]
Tinh dién tich hinh phang gioi han boi cac duong y=x*>+x-1va y=x*+x-1

S :Jloz‘xz —(2—x)‘dx:

4
AL 4 C.15 D. &
15 15 q 15
GIAI
x=0
Phuong trinh hoanh d6 giao diém x* +x-1=x'+x-1lox'-x*=0< xz(x2 —1) ol x=1
x=-1

— Tac6 can tha nhat x=—1, can tha hai 0, can tha ba x=1
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Diéntichcantinhla: S = I‘x +X— 1) (x4+x ‘dx+ﬁ x2+x—1)—(x4+x—1)‘dx:%

(=) (ar) fyg) (O (@i OJ (3 (1) (s O (=) (10 OJ (=) (A [ewd O] (=9 (@) & () (ke
ODEO0O0®EO® 0] [ ) st by (A A O] (3 () @ OJ (=) (1D
ODFQOFMOM@ABEFEOEOO0® 0@ M E

=
|7, (02 er-1) T3
i

H
i
!

BE

= Pap so chinh xaclac o
Cha y: Em nao hiéu phép bién doi tinh dién tich thi c6 thé bam may theo cong thic

S= J:Ol‘xz - x“‘ dx + J'Ol‘x2 - x“‘ dx s& rit gon duoc thao tac bam may.

Bai 3-[Pé cwong chuyén KHTN Ha Noi nim 2017]
Dién tich hinh phang gigi han bai cac db thi ham sé y =\x2 +q va y =|x|+3 bing :
10 20 @ 52

A — B. =— C. 3 D. —
4 3 3

GIAI
Phuong trinh hoanh d9 giao diém [x* +1| =[x +3 <> x* +1=[x|+3< X" =[x -2=0 (1).
V6i x>0 (1) x*-x-2=0<x=2 (Vi x>0)
Voi x<0= (1) ©xX*+x-2=0<x=-2 (Vi x<0)
= Can the nhat x=-2 , canthe hai x=2 .
Diéntichcantinh la: S = jz sz +1‘—(|x|+3)‘ dx = 22
-2 3

(B & e i DD HO B e JeEHROHE®R2E

Math &
|, xz+1- 15130
=0
) S
= Pap s6 chinh xac 1a B
Cha y: Phuong trinh chira dau gia tri tuyét doi x* —|x|—2=0 c6 thé giai bang Casio thay vi chia
khoang dé phéa dau gia tri tuyét doi.

i) O (23 (=] (surr) fyp) () 5] @ (=) (2] i) (i) (=) (5] (S
m Math

we-51-2

A= -
L-F= I
ur) Cad) (5] (B
we-51-2

A= 2
L-R= I

— Ta tim duoc hai nghiém x=-2;x=2

Bai 4-[Thi thir nhém toan Poan Tri Diing lan 3 nim 2017]

Tinh dién tich hinh phang gidi han bai @6 thi ham sb y =2 va dd thi ham sé y =3—x va truc tung
3

AL B. 3-— C.° 2 D. 24

"2 In2 In2 q In2
GIAI
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= D¢ bai cho truc tung c6 phuong trinh X =0 nén can thir nhat 1a x=0
Phuong trinh hoanh d6 giao diém 2* =3-x . < x=1 langhiém duy nhat = can thir hai x=1
5 1

~(3- x\dx 1.0573..=> - —
"2 In2

lllﬁlllE]@EIIIIICDEJIIEDE]IIIIIIIC)E]CDE]EJ

Math &

I;IEH—EB—xJIdH
1. 057304959

— Pap s chinh xac 13 A
= Chly: Dé giai phuong trinh 2* =3—x ta cd thé s dung may tinh Casio

(2] (=9 (arw) O ® -“m &ad) (3] (=) () O] (s () () (B
D=7
l':,:_

Ta nhan duoc nghiém x =1 . Tuy nhién vi sao x =1 lai 13 nghiém duy nhat thi xem lai & bai “Si
dung Casio tim nghiém phwong trinh mii.”
Bai 5-[Poan Quynh -Sach bai tap trac nghiém toan 12]

Biét dién tich S cua hinh phang gigi han boi cac duong y=Inx , y=0 , x=1 , X=¢ c0 thé
e

dugc viét dudi dang S = a(l—%) . Tim khing dinh sai :

A B. , C. #*+3a-4=0 D. _,
a —3a+2=0 a—a—2=0 2a-—-3a—-2=0
GIAI

Dién tich hinh phang gii han boi y=Inx, y=0, x 1 ,x=ela:$S :I|Inx—0|dx=1.2642...
e

FEBRRBEO0CEDNCME®® M S

Ilr'lﬂ."-'-“.JIIIiH
1.264241118
‘ 1 S
Vi Sza(l—gj:azl—lzz
@.@B-mgl-mca-@
fins=[ 1-1]
2

Chi ¢6 phuong trinh ¢ cdu C khong chira nghiém nay = dap an C la dap an chinh xac
= Chu y: Bai nay khdng can dung dén kién thuc cua tich phan van cé thé 1am dugc. DE bai yéu cau
tim dap 4n ma s6 a khong thoa man = a khong phai nghiém chung cia cac phuong trinh. Ma
nghiém chung cuia cac phuong trinh 1a 2 nén dap sé C khdng thoa man

Bai 6-[Pé cwong chuyén KHTN Ha Néi nim 2017]
Dién tich hinh phang gi6i han béi do thi ham s6 (P):y=x*—2x+2 va cac tiép tuyén vsi (P) di
qua cac diém A(2;-2) la:
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GlAl
Viét phuong trinh tiép tuyén di qua A(2;-2) ta thu duoc
Tiép tuyén thir nhat y =-2x+2 véi tiép diem B(0;2)
Tiép tuyén thir hai y =6x-14 véi tiép diém C(4;10)
Ta hi€u hinh phang can tinh di¢n tich la phan duong cong c6 3 dinh A, B,C ta thu dugc ba céan la :
X=0;x=2;x=4

=S= .Zﬂ(x2 —2x+2)—(—2x+2)‘dx+jﬂ(x2 —2x+2)—(6x—14)‘ dx =
0 2

(=) () fye) (O e O] (27 (=) (2] aew) O] (H (21 O) (=2 [ (5 2] few) O () (2
2]

D)@ O]@ (2) & [# (&) 6 fyg (O () O] (3 (=) (2] fewd OJ () =0d
@B@@Ma®@®@@
|21 Cx2-25e2) 0

16

S

= Dap sé ch’inh xac lé,l C ’ ’

Chua y: beé biét dugc tiép tuyen tai sao lai la y =-2x+2;y =6x—14 thi xem lai bai Casio tim tiép
tuyén caa dd thi ham s .

Giai thich cong thirc (1) : Trén mién x €[0;2] ta thay hai can nay duoc hinh thanh béi hai duong

cong y = x* —2x+2;y =-2x+2 nén dién tich phai dugc tinh theo cong thuc
2

”(xz —2x+2)—(—2x+2)‘dx

0

Bai 7-[Thi thit THPT Lwong Thé Vinh — Ha Ngi lan 1 nim 2017]
Dién tich hinh phing gi6i han boi duong cong y = 2v/ax (a>0), truc hoanh va duong thing x = a
bang ka® . Tinh gia tri ciia tham s6 k

12
A k=’ B. k=2 c k75 D. k=2
3 3 5

GIAI
Xét phuong trinh hoanh dé giao diém cua duong cong va truc hoanh : 2Jax =0 x=0
Ta duoc can thtr nhit X =0 va can tha hai x =a . Khi d6 dién tich hinh phéng la:

S= ﬂz&-o\dx
0

. HN ax — O‘dx
Thiét Iap quan hé [[2v/ax - 0jdx = ka® < k =&————— . Chon gié tri duong & bét ki vi du
a
0

a=3 khi do k =%£‘2\/3_X—O‘dx =1.33(3) :%

BH0EeHCXEBERAEEEMON®0OD®EE

Ra mot két qua khac 0 vy dap an A sai
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122 @
1.333333333

— Pap sb chinh xac 1a B
= Chly: Du ta chon gi4 tri dwong a bét ki thi dap sé k déura % vi duy ta chon a=1.125

1.125
_4

\2\/1 125x — O‘dx 1.33(3
IIE]CDE%ED[3[:H:]Il()ll[]ll[:ﬂ:][][]E]IIIIIC)E]CD

Khi do k—

OOOREE oy
i.

1.1752 JD ”Il_b

1 aadddaa
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PHU'O'NG PHAP CASIO - VINACAL

BAI 21. TINH NHANH THE TiCH TRON XO0AY.

1) KIEN THUC NEN TANG

1. Dang 1 : Thé tich vat thé co dién tich thiét dién S(x) tao béi mat phang vudng goc véi Ox tai
diém c6 hoanh d6 x (a<x<b) . Gia s S(x) la ham lién tuc thi thé tich vat thé tich theo cong
thac :

V:is(x)dx

2. Dang 2 : Cho hinh phang (H) tao béi cac duong y = f (x) , y=g(X) va céc dudng thang
x=a , x=b . Khi quay hinh phang (H) quanh truc Ox thi duoc vat thé tron xoay cd thé tich tinh
theo cong thuc :

Y, :ni‘fz(x)—gz(x)‘dx

3. Dang 3 : Cho hinh phang (H) tao béi cac duong x= f (y) , x=g(y) va céc duong thang
y=a , y=b.Khiquay hinh phiang (H) quanh truc Oy thi duoc vat thé tron xoay c6 thé tich tinh

theo cbng thuc :
b

\Y; =7zﬂf2(y)—g2(y)‘dy

a

2) VI DU MINH HOA

VD1-[Pé minh hga mén Toan B GD-PT lan 1nim 2017]
Ki hiéu (H) Ia hinh phang gii han bsi do thi ham sb y=2(x—1)e* , truc tung va truc hoanh.
Tinh thé tich V  ctia khdi tron xoay thu dugc khi hinh (H) quay xung quanh truc Ox
B. v —(4-2¢)n C.V=e-5 D. v =(e-5)x
GlAl
» Hinh phang dugc gigi han bai truc tung = can thirnhatla: x=0 q
Truc hoanh c6 phuong trinh y =0 . Xét phuwong trinh hoanh d6 giao diém cua duong cong

y=2(x—1)e* vatryc hoanh = 2(x-1)e*=0<x=1 Vaycantht2la: x=1

A.
V=4-2¢

» Thétich vV :z.l[ (2(x—l)ex)2 —0%(dx
0

Str dung may tinh Casio vai Iénh tinh tich phéan
(sHiFT) (x10%) (=) (sHiFT) (2] (=) (] OJ (e (x109 (™) (aee) OJ &
B |

at

m[il(20-12%%
T h05441039
=V =7.5054...= (e’ -5)

» Vay tachon dap an D
% Céch tham khao : Tw luan

(2(x-1)e*) ~0°

1 1
= ThétichV =z dx =47 [ (x—1)" edx
0 0
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= Vi biéu thirc dusi dau tich phan c6 dang u(x).v'(x) nén ta st dung tich phan ting phan.
Tuy nhién lam dang nay rat mat thoi gian. Tac gia khuyén khich ban doc 1am theo casio,
danh thai gian cho viée tu duy xay dung cong thie dé bAm may.

< Binhluan :

e Qua vi dy dau tién ta ciing da thiy ngay sic manh cua Casio khi xt ly cac bai tich phan, céc
bai g dung tich phan so vai cach 1am ty luan truyén théng.

VD2-[Thi thir Group Nhém toan lan 3 nim 2017] ‘ ,
Tinh thé tich khoi tron xoay sinh ra khi quay hinh phang duoc gigi han boi cac @6 thi ham so
y =+/1-x%;y =0 quanh truc Ox

3
A3 B. C.4" D. 4,

4

W |

GlAl
> Hamtht nhit: y=+1-x% ,hamtha hai: y=0
. X=-1
Giai phuong trinh hoanh d6 giao diém v1-x* =0 < 1-x° :OQ{ 1
X =

— Can tha nhat: x=-1, can tht hai ; x=1
1 2
> ThétichV =z (\/1—x2) _0?
-1

Str dung may tinh Casio vai 1énh tinh tich phan

(sFT) (x10°) ISHIFTlE A= @OEHO®@IE

Math &

w1152 Lo

dx

=
=V = ﬂ;r
» Vay ta chon dap an D
VD3-[Thi thir chuyén Lam Son — Thanh Héa lan 2 nim 2017]
Cho D la mién hinh phing gi6i han béi y =~/sinx;y =0;x = 0;X=% . Khi D quay quanh Ox tao
thanh mot khéi tron xoay. Thé tich cua khéi tron xoay thu duoc 13 :

A. B. C. 2n D.
1 b 2

GIlAl
> Ham tha nhat: y=+/sinx , ham tha hai: y=0

Can thir nhat : x =0, can tha hai : x=%

» ThétichV = ﬂﬂ(\/sin x)2 —0%[dx
0

Str dung may tinh Casio vai 1énh tinh tich phan

(sT) (o) (@) () (x10) (7=) (swFT) (yp) (sin) @®O@ ®2

[P Math &

B

n
n[ﬁlsintxnldx ;

Trang 188 Tai liéu Iwu hanh noi bo



TOM TAT KY THUAT SU’ DUNG CASIO - VINACAL HO TROQ GIAI BE THI MON TOAN 2017

]
S L W PR ¥ W F N N St R g A LA I R LA AN FATSA Y FIY SR AL AR TR LI 4 IF NS LIRLEL FANF RSP LN _J o

=>V=r
» Vay ta chon dap an B

VD4-[Sach bai tap giai tich nang cao I6p 12 T.154] 7 ‘
Tinh thé tich khoi tron xoay tao thanh khi quay quanh truc tung hinh phang gigi han boi d6 thi ham

. «/2
SO X = y va cac duong thang y=0;y =1
y’+1
1
A. B. c.2” D. 2x
21 3n 2

GIAl

> Ham tht nht x = szl ham the hai © x =0
y +
Canthirnhat y=0, canththai y=1

[ o

y® +1

> Thétich V = 7Z'I dy

Str dung may tinh Casio vai Iénh tinh tich phéan

(stF) (x10Y) (/=) (stFr) ) (O (B (vam) (2] () O) @ (et O] (23 (1) (D & O (&3

@@@@@E o
Hallzze] |87
EI[
:>V:17z
2

» Vaytachon dap an C

VD5-[Sach bai tap giai tich nang cao I6p 12 T.154] 7 ‘
Tinh thé tich khoi tron xoay tao thanh khi quay quanh truc tung hinh phang gigi han bai d6 thi ham
s6 y =2x—x? va cac duong thang y=0,y=2 :

A 2 B. 21 C.5" D. 3,
3 3

GIAl
> Xét y=2x-x* & (x-1)" =1-y
Vi (x-1)"20&1-y>0< y<1Khido x-1=+/1-y < x=1+,1-y ham thi nhit
c6 dang x:1+\/1—_y, ham th hai : x:l—\/l—_y
> Phuong trinh hoanh d6 giao diém 1+\/]j =1—\/ﬂ = \/]j =0coy=1

Vi y<1 = céan thia nhat x=0 va can thir hai y=1

1

> Thétich V :nj‘(lh/l— y)2 —(2—4/1— y)z‘dy
0

Str dung may tinh Casio vai 1énh tinh tich phan

(stirr) (x107) (=) (stFr) fye) (3 (1) () (va) (1] (=) () ) & O (3 (2 (D (1] (&) (vl
LEEINEHNP®LD®IE
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Math &

JIJ | (1T 51
8.3770a041

=V =8,3775...= §7r2

» Vay ta chon dap an B

VD6-[Sach bai tap giai tich nang cao I6p 12 T.154] 7
Tinh thé tich khoi tron xoay tao thanh khi quay quanh truc tung hinh phang gigi han bai hinh tron
tron tam 1(2;0) bankinh R=1:
A. B. , C. 5n D. ,
4n 4n 5T
GlAl
> Ham thir nhét 1a ding tron tm 1(2;0) ban kinh R=1 c6 phuong trinh
(x—2)2 +(y—0)2 :1c>(x—2)2 =1-y?
Vi (x-1) 201-y? >0 1<y <1 Khido x—2=+1-y? <> x=2+./1-y* ham

thir nhat c6 dang x =2++/1—y?, hamthirhai : x=2—1—y?

. =-1
» Phuong trinh hoanh d¢ giao diém 2+/1— y’ = 2—\/1— Yy o \/1— y' =0 [y 1
y =

— Can thr nhat y =—1 cantha hai y=1

o7 (o5

> ThétichV = nj

Str dung maytlnh Casio véi Iénh tinh tich p é

(shiFT) (x107) (/=) (sF7) fye) (O (2] () (va) (] (=) (ALeha OO]XEM@E=)

FuEEhEChEREROBE
nft, [ (2ef1=2) %
39. 4784176

=V =39.4784...= 4x?
» Vay ta chon dap an A
VD7-[Thi thir b4do Toan hoc tudi tré lan 3 nim 2017]
Tinh thé tich V caa vat thé nam gitta hai mat phang x=0 , x=1, biét rang thiét dién cua vat thé
cat boi mat phing vudng goc véi truc OX tai diém c6 hoanh @6 x (0<x<1) la mot tam gidc déu

c6 canh la 4, /In(1+ X)

8v3(2In2-1
A. 43(2In2-1) B. 43(2In2+1) C. 83(2In2-1) D. 16n(21n2-1)
GIAI
» Thiét dién cua vat thé va mat phang vudng goc vai truc Ox 1a tam giac déu co dién tich

Jg(41/In(l+ x))2 a3

S=5(x)= 2 = (1+x)

> Diéntich S =S(x) lamot ham lién tuc trén [0;1] nén thé tich vat thé can tim duoc tinh theo

1
cong thuc V = [4{/3In(1+x)dx =2.7673...=44/3(2In 2-1)
0

FHA@EEEMNODHEkEUN@®OU®OE
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[F| Math &

|LaFInc1+xon
2, 676325041

= Tachon dap an A
BAI TAP TU LUYEN

Bai 1-[Pé cwong chuyén KHTN Ha Ni nim 2017]
Goi (S) 1a mién gi¢i han béi duong cong y =x* , truc Ox va hai duong thang x=1x=2 . Tinh

thé tich vat thé tron xoay khi (S) quay quanh tryc OX :

A1 g 3m, 1 c. 3r p. 3% 4
5 3 5 3 5 5

Bai 2-[Thi thir THPT Nguyén Pinh Chiéu — Binh Dinh lan 1 niim 2017] ‘ ,
Thé tich khoi tron xoay tao thanh khi quay quanh truc Ox duoc giGgi han boi do thi ham so

y =(2-x)e? va hai truc toa do
n(2e* —10
A 210 B 510 c. ) D- n(2¢ +10)
Bai 3-[Thi thir chuyén Vi Thanh — Hau Giang nam 2017]
Cho hinh phang (H ) gi6i han bai cac duong y =sinx;x=0;x = . Thé tich v4t thé tron xoay sinh

bai mat phang (H) quay quanh truc Ox béng :

) L
. B. L C. 4 D. X
21 2 2
Bai 4-[Thi thir Trung tam Diéu hién — Can Tho ldn 1 nim 2017]
Cho hinh phang (H) gi6i han béi y=2x—x*, y=0 . Tinh thé tich cta khdi tron xoay thu dugc
khi quay (H) xuong quanh truc Ox ta dugc V = ﬂ[%ﬂJ . Khi @6
A a—1b=15 B 7b=15 C.a=24Lb=15 D i —166-15
Bai 5-[Cau 54b Sach bai tap giai tich nang cao 12]
Tinh thé tich V cua khdi tron xoay tao thanh khi quay hinh phang (H) gi¢i han béi cdc duong
y = x*, truc tung va hai duong thang y =1, y =2 quanh tryc Oy . Khang dinh nao dung ?

A. B. C.vVv>4 D.
V>5 V<2 V<3

Bai 6-Cho hinh phang (S) gi¢i han bai cac duong y =2x—x* (C) , truc tung . Khi quay hinh (S)
quanh truc Oy s& tao thanh vat thé tron xoay c6 thé tich 1a bao nhiéu ?
11x
A v=2" B.v=2" c.' % D. v=5"
2 4 3
Bai 7-Tinh thé tich khdi tron xoay tao nén khi cho hinh tron tam | (2;1) ban kinh R =1 quay quanh
truc Oy
11n?
V =
A B. v-1l, c.' 2 D. 2
V =4rn 2 V=4n
Bai 8-[Bai 29 trang 172 Sach giao khoa giai tich nang cao 12]
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Tinh thé tich caa vat thé nam giita hai mat phang x=-1, x=1 . Biét rang thiét dién cua vat thé bj
cat boi mat phang vudng goc véi truc Ox tai diém c6 hoanh d§ x (—1<x<1) la mét hinh vudng

c6 canh 13 24/1— x?

16
A 17 B.2 C.3 D.
4 2 5
Bai 9-[Bai 30 trang 172 Sach giao khoa giai tich nang cao 12] ’
Tinh thé tich cuaa vat thé nam gitra hai mat phang x=0, x = . Biét rang thict dién cua vat thé bi

cat boi mat phang vudng goc véi truc Ox tai diém c6 hoanh d6 x (0<X<7) la mt tam gidc déu
cd canh la 2+/sin x
) ) . N3 )
A B B. .3 C.\3 D., 5

Bai 1-[Pé cwong chuyén KHTN Ha Ngi nim 2017]
Goi (S) 1a mién gi¢i han béi duong cong y =x* , truc Ox va hai duong thang x=1x=2 . Tinh
thé tich vat thé tron xoay khi (S) quay quanh tryc Ox :

3lr 1 3in 1 3ln 31irn

A ——= B. —+= C. — D. —+1
5 3 5 3 5 5

GIAI
Duong cong thir nhat y = f (x)=x* , duong thir hai Ia truc hoanh c6 phuong trinh y =g (x)=0
Hinh phang gigi han bai duong cong thir nhat y = x* |, truc hoanh y =0 va hai dudng thang
. 2 ar N 2 2 2
x=1x=2cothétichlaV :ﬂ_[l ‘fz(x)—gz(x)‘dx:ﬁjl ‘(xz) —0?|dx
(sner) (x10 (=) str) foye) (O (i) O] (23 ) (23 B @) (I @ I @ (2] (3
o} Math &
i I
RIS R
Sl
= I
= Pap s chinh xac 1a C
Chu y: Chdi y cong thiic tinh thé tich c6 7 va c6 binh phuong cua f2(x) , g®(x) . Rat nhiéu hoc
sinh thuong quén nhitng yeu t6 nay so véi cdng thic tinh dign tich.
Bai 2-[Thi thit THPT Nguyén Binh Chiéu - Binh Binh lan 1 nim 2017] ‘ ’
Thé tich khoi tron xoay tao thanh khi quay quanh truc Ox duoc gidi han boi do thi ham s6

X

y =(2-x)e? va hai truc toa do

2
A. B. ) mt(2e” —10 D.
2¢* ~10 2¢* +10 c. ) n(2¢* +10)
GIAI
Hinh phang dugc gisi han boi duong thir nhat c6 phuong trinh y = f (x) =(2—-x)e? va duong tha
hai 1a truc hoanh c¢6 phuong trinh y =g (X) =0 .Hinh phing duoc gi6i han boi tryc tung nén c6 can

tht nhat x=0. Xét phuong trinh hoanh 6 giao diém dudng cong y = f (X) va truc hoanh :

(2-x)e2 =0< x=2 = Can thit hai la x=2
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= Thétichcantimla Vv :njlz‘fZ(X)—gz(x)‘dx:ﬂjoz

=15.0108... =7z(2e2 —10)

(stF) (x109) (=) (stF) fye) (O (3 (2] (=) (aew) O] O (aei) (x109) () () (e O] @ 2 &> &
®@E©@Mthl

R TN
15. 01038218

— Pap s chinh xac 1a C
Bai 3-[Thi thi chuyén Vi Thanh — Hau Giang nam 2017]
Cho hinh phang (H ) gi6i han béi cac duong y =sinx;x=0;x = . Thé tich v4t thé tron xoay sinh

bsi mat phang (H) quay quanh truc Ox béng :

2 Tcz
A. B. = C. 4 D. -
2n 2 2
GIAI
= Ham thtr nhat y = f (x) =sinx , ham tha hai (cia truc Ox) 1a y =0 . Can thir nhat x=0 , can thtt
hai x=7 .

2
= Thétichcantim V = ﬂj.oﬁ‘ f?(x)-g? (x)‘ dx = 7Z'J.0”‘(Sin x)* —0?|dx = 4.9348...= %

(stF7) (wong) (4] (stFr) (x109) (/=) (sFT) (ryp) (sin) @®O@>® =)

Math &

m| 7 |sinio? |
4, 934802201

— Pap sb chinh xac 1a B

= Ch ¥: Pé tinh tich phan ham lwgng gidc ta can chuyén may tinh vé ché do Radian (4]
Bai 4-[Thi thir Trung tdm Diéu hién — Can Tho 1an 1 nim 2017]
Cho hinh phang (H) gisi han béi y=2x—x*, y=0 . Tinh thé tich cua khdi tron xoay thu duoc

khi quay (H ) xuong quanh truc Ox ta duoc V = ﬂ(%ﬂJ . Khi @6

A —1b=15 B. e 715 & m=a =l D c16b=15
GIAI

= Phuong trinh hoanh d¢ giao diém 2x—x* =0 < { = can tha nhat x=0 can thi hai x =2

X=2
Ta duoc can thtr nhat X =0 va can thtr hai x=a . Khi d6 dién tich hinh phang 13 :

S= ﬂz&-o\dx
0

16

= Tinh thé tich V =;zjo”\f2(x)—g2(x)\olx=7zj0”‘(2x—2)2 ~0%ldx=o7

(stiFT) (x109) (=) (e fye) (O (2] (i) O] (=) (e O BJ o) (3 OJ (2 @ (0 @ (2] (=)
Math &

m| S| (2x-52) = T
14
gl
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MaV=7r(E+1j a,, 16 3 1 o 1p-1s
b b = 15 b 15

— Pap s chinh xac 1a A

Bai 5-[Cau 54b Sach bai tap giai tich nang cao 12]

Tinh thé tich V cua khdi tron xoay tao thanh khi quay hinh phang (H) gisi han béi céc duong
y = x® , truc tung va hai duong thang y =1, y =2 quanh truc Oy . Khing dinh nao ding ?

A. B. C.Vv>4 D.
V>5 V<2 V<3

GIAI
Hinh phing (H) gi6i han boi duong thir nhit x = f (y)=3fy va duong thir hai (truc tung) : x=0
.Canthanhit y=1vacanththai y=2 .

2
Theo cdng thic tinh thé tich vat thé tron xoay khi quay quanh truc Oy : V = nf[ f2(y)-9° (x)]dy

:ﬂj[(é/?)z —Oz}dy:4.099...>4
ISHIFT][x10x].[8H|FT]-.EMEI@--@-.E]@@@@@E}

nﬁ |(3m)*
4. 099405555

= Dap sé chinh xac laC » ﬂ

Chu y: Bé tinh thé tich hinh phang xoay quanh truc Oy thi phai chuyén phuong trinh duong cong
védang x=f(y) va x=g(y)

Bai 6-Cho hinh phang (S) gi¢i han béi cac duong y =2x—x* (C) , truc tung . Khi quay hinh (S)

quanh truc Oy s& tao thanh vat thé tron xoay c6 thé tich 1a bao nhiéu ?

11n
A v=2" B.V=2" c' % D. v=5"
2 4 7 3
GlAI
x=1+1-y (AO
Xét y=2x-x* = (x-1)' =1l-y = y (A0) véi y <1 . Buong cong (C) chia lam 2
x=1-\1-y (AB)

nhanh.
Phuong trinh tung d6 giao diém hai nhanh : 1+ \/1— y =1—\/1— y < \/l— y=0coy=1

Theo cong thirc tinh thé tich vat thé tron xoay khi quay quanh truc Oy :

v - ﬂj[(w—) ~(1-E=y) Jy-s3775.. -5

(stirr) (x107) (=) (stFr) fye) (3 (1) () (va) (] (=) () ) & O (3 (5 (A (D) (H) (va) (1D
SIENNICINEIOIUIOIEIE
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Math &

mf L1+ 2=k
9. 3775041

— Pap s chinh xac 1a D
Bai 7-Tinh thé tich khdi tron xoay tao nén khi cho hinh tron tam | (2;1) béan kinh R =1 quay quanh
truc Oy

1 v 117
A. B.V=—=n cC. 2 D. )
V =4n 2 ., V =4n
GIAI

» Phuong trinh duong tron (I;R):(x—2)2+y2=1<:>(x—2)2=1—y2 & x=2+,/1-y* . Duong
x=2+1-y* (CB)
x=2-41-y* (CA)

':,I'J

tron (C) chia Iam 2 nhéanh. {

= Theo cong thuc tinh thé tich vat thé tron xoay khi quay quanh truc Oy :

V= 2;;}[(241-7)2 —(2—\/1—7)2}@ —30.4784...= 47
0

(2] (sar) (x109) (&) e oy (O ) (B (e D e DI & D @A = ([ (2 (=)
E]E]@@@@E]E]

Math &

on |2 | (24172 )%
39. 4784176

— Pap s6 chinh xac 1a A

Bai 8-[Bai 29 trang 172 Sach gido khoa giai tich nang cao 12]

Tinh thé tich caa vat thé nam gitta hai mat phang x=-1, x=1 . Biét rang thiét dién cua vat thé bj
cat boi mat phang vudng goc véi truc OX tai diém c6 hoanh d§ x (—1<x<1) la mét hinh vudng

c6 canh 13 24/1- X2

A B.
1

16

C. D.
3 q 5
GIAI
= Thiét dién cua vat thé tao bai mat phang vudng géc vai truc Ox la hinh vudng . = Dién tich thiét
dign S =S(x)=4(1-x*) .

N[O

1
= Viham S =S (x) lién tuctrén [~1:1] nén vat thé co thé tich 14 : V. :j4(1—x2)dx:%
O
@@@@E]E]@E]@

1 Math &
|l a2

=
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— Piép s6 chinh x4c la C
Bai 9-[Bai 30 trang 172 Sach giao khoa giai tich nang cao 12] ‘
Tinh thé tich cua vat thé nam gitra hai mat phang x=0, x = . Biét rang thiét dién cua vat thé bi

cat boi mat phang vudng goc véi truc OX tai diém c6 hoanh d x (0<x<7) la mot tam gidc déu

c6 canh 12 2+/sin x

3
AR B. .3 C.f D., 5
» GIAI
= Thiét dién cua vat thé tao bai mat phang vudng goc vai truc Ox 1a tam giac déu = Dién tich thiét
2
\/§ 2+/sin x
dién S :S(x):¥:\/§sinx .

= Viham S =S(x) lién tuc trén [0; 7] nén vat thé co thé tich 1a : V =J.\/§sin xdx=%

(er) ooe) (4] (=) () (3) @ ein) @) 0 0] @ (0] @ () o) (E)

Math &

|2 Esincoy
3, 464101615

— Pap s chinh xac 1a D
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PHU'O'NG PHAP CASIO - VINACAL

BAI 22. TINH NHANH QUANG PUO'NG VAT CHUYEN PONG.

1) KIEN THUC NEN TANG

Quing dwong di dwoc ciia mat vat : Mot vat chuyén dong cé van tdc thay ddi theo thoi gian
4

v = f (t) trong khoang thoi gian tir t, dén t, thi quang duong vat di duoc a: S :_[ f(t)dt

)

2) CACH TINH NGUYEN HAM

VD1-[Cau 24 Pé minh hoa BGD-PT lin 1 nim 2017]

Mot 6 t6 dang chay vai van to 10m/s thi nguoi lai dap phanh, tir thoi diém d6, 6 t6 chuyén dong
cham dan déu véi van toc v(t)=-5t+10(m/s) trong dé t 1a khoang thoi gian tinh bang gidy, ké
tir 10 bat dau dap phanh. Hoi tir lac dap phanh t6i khi ding han, 6 t6 con di chuyén duoc bao nhiéu

A. 0,2m B. 2m C. 10m D. 20m
GIAl

s Céach1:CASIO

> Tac6 quang duong S(t)=v(t)t . Viphan 2 vé the t ta dugc

S'(t).dt=v(t)dt =S'(t)=v(t)

tl
= S(t) 1a1 nguyén ham cua v(t) = S(t) :Iv(t)dt
tO
> Khi xe dirng han thi van tdc tai diém ding =0<0=-5t+10 <t =2
Chon gdc thoi gian t, =0 thi t, =2

2
Quéng dudng 14 S = [ (-5t +10)dt
0

Str dung may tinh Casio vagi chic nang tinh tich phan

EOEEEHNBHNOOICDN®EE

|2 (-me 1000
10

Quang duong S =10m . Vay dap an chinh x4ac1la C

< Binh luan :

e Nhéc lai kién thic quan trong nhét cia Tich phan : Néu ham F(x) 1a mot nguyén ham cia
f(x) thi F'(x)=f(x)

e Chinh ap dung kién thuc trén tathdy S'=v(t) = S lamot nguyén ham cua v(t)

:S(t):tjv(t)dt

VD2-[Pé cwong chuyén KHTN Ha Néi nim 2017]

Ldc 9h sang, mot 6 td bat dau xuat phat tir Nha hat Lon thanh phd Ha Noi di thanh phd H6 Chi
Minh. Trong 1 gio dau tién, vi xe di trong noi thanh nén téc do di chuyén chua nhanh, xe 6 t6 di voi
van toc v(t)=0,5+0,2.coszt (km/phat), trong d6 t 1a thoi gian ké tir lic xe 6 6 xuat phat duoc

tinh bang don vi phat. Hoi Iic 9h10" x 6 t6 di dugc quing dudong bao nhiéu km ?
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GIAI
% Cach1:CASIO
> Tacd quang duong S(t)=v(t)t . Viphan 2 vé the t taduoc

S'(t).dt=v(t)dt<S'(t)=v(t)
= S(t) 1a 1 nguyén ham cua v(t) = S(t Iv

> Chon gdc thoi gian 1Gc 9h 1a t, =0 thi ldc 9h10 lat =10
Quing duong la S :T(0.5+0.2c037zt)dt

0
Str dung may tinh Casio va4i chic nang tinh tich phan
(snrr) woog) (4] (=) (J (0] (=] (8] () (0] (=] (2] (eed) (ster) (10 (i) O] ) B @
oms | |
at

|22 ¢0.5+0. 2080
:

Quang duong S =5m . Vay dép an chinh xac 1a B

% Binh luén :

e Bai toan rat chuan muc vé phép tinh toan, con sé ra ciing phan anh tinh trang tic xe toi té &

Ha Noi khi 10s chi di duwoc c6 5m .
VD3-[Thi thir chuyén Ha Long — Quang Ninh lan 1 nam 2017]
Mot vat chuyén dong véi van toc thay doi theo thoi gian dugc tinh bai cong thirc v(t)=3t+2 , thoi
gian duoc tinh theo don vi gidy, quing duong vat d6 di chuyén dugc tinh theo don vi m . Biét tai
thoi diém t=2(s) thi vat di chuyén duoc quang duong la 10(m) . Hai tai thoi diém t=30(s) thi
vat di chuyén duoc quing duong dai 1a bao nhiéu ?
A. 1410m B. 1140m . C. 300m D. 240m
GIAI
% Céach 1: CASIO
> Tac6 quang duong S(t)=v(t)t . Viphan 2 vé the t ta dugc

S'(t).dt=v(t)dt<S'(t)=v(t)
= S(t) la 1 nguyén ham cua v(t) = S(t Iv

> Chon thoi gian luc dau 1a t, sau 2 gidy thi t, _t0 +2
th+2
Quangduong la S = [ (3t+2)dt
ty
t+2

Détim t, tathiét lap quan h¢ [ (3t+2)dt=10(m). Tady dodn t, cOthé 140 1;2... vata
ty

tién hanh thir vai t, =0

Str dung may tinh Casio véi chirc nang tinh tich phan

FHOBEOEHAMNOOU®E2E
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7| Math &
Z
|2 cane2yos
10
Ta thay két qua ra 10(m) vy du doan ctia ta ding va t, =0

ty+30 30

» Quing duong vat di duoc sau 30 gidy la: S, = j (3t+2)dt = [ (3t+2)dt
0
.-@--.@-C@@@@@@

|27 a2y
1410

Tathdy S, =1410(m) va A la dép an chinh xac
< Binh luén :
e Mdc thoi gian ban dau khdng nhat thiét phai bang 0 tuy nhién khi sir dung phép thir dé tim
t, thitaluoén vu tién t, =0
VD4-[Thi thir chuyén Ha Long — Quang Ninh lan 1 niim 2017]
Mot van dong vién dua F, dang chay véi van tot 10(m/s) thi anh ta tang toc Véi gia to
a(t)= 6(m/sz) trong d6 t 1a khoang thoi gian tinh bang gidy tir luc tang téc. Hoi quing dudng xe
cua anh ta di duoc trong thoi gian 10(s) ke tir I0c bét dau tang toc 1a bao nhiéu ?
A. 1100m B. 400m C. 1010m D. 1110m
GlAl
% Céch1:CASIO
> Tac6 quang duong S(t)=v(t)t . Viphan 2 vé the t ta dugc
S'(t).dt=v(t)dt < S'(t)=v(t)

= S(t) la1nguyén ham cua v(t) = S(t Iv

> Vantoc caaxe v(t)=v,+a(t)=v(t )=10+6t
Chon gdc thai gian Ic xe bat dau ting toc 1a t, =0 vay t, =t, +10 =10

10
Quéang duong la S = I(10+ 6t)dt

0
Str dung may tinh Casio vai chirc nang tinh tich phéan

EOHOBEEDDIOU@DOE

Math &

|2 c10+exya
400

Ta thay két qua ra 400(m) vay B la dép 4n chinh xéc
«» Binh luan:

2 2
e Taco thé giai theo cong thirc vat Iy : S =v,t +% =10.10+ 6.10

=400(m)

BAI TAP TU LUYEN

| Bai 1-[Thi thir THPT Lwong Thé Vinh — HN lin 2 nam 2017]
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Gia str mot vat tir trang thai nghi khi t=0 chuyén dong véi van toc v(t)=t(5-t) (m/s) . Tinh
quing duong vat di dugc cho dén khi nd ding han
125 125 125 125

A — B. — C. = D. —
Bai 2-[Thi thi Group nhém toan Facebook nam 2017] .7 ’
Hoc sinh lan dau thur nghiém tén lua ty che phong tir mat dat theo phuong thang ding vai van toc
15m/s Hoi sau 2.5s tén lura 1én dén @6 cao bao nhiéu ? Gia sir bo qua stirc can cua gid, tén lira chi
chiu tac dong cua trong luc g = 9.8(m/ 32)

A. 62.25m B. 6.875m C. 68.125m D. 30.625m
Bai 3-[Bai 15 trang 153 Sach gido khoa giai tich nang cao 12]
Mot vat dang chuyén dong véi van téc v=10(m/s) thi ting toc véi gia toc a(t) =23t +t> (m/sz) .

Tinh quang duong vat di duoc trong thoi gian 10(s) ke tir Itc bét du ting toc

A. 996m B. 1200 C. 1680m D. 3600m
Bai 4-[Pé cwong chuyén KHTN Ha Ngi nim 2017]
, . . sin (7t . :
Mot vat chuyén dong véi van toc v(t) = 2i+¥ (m/s) . Quang duong di chuyén cua vat d6
T T
trong khoang thoi gian 1,5 gidy chinh xac dén 0,01(m) la:
A. 0,32m B. 0,33m C. 0,34m D. 0,35m

Bai 5-[Thi thir nha sach Lovebook lan 1 nim 2017]
Mot bac thg xay bom nuéc vao bé chira nudc. Goi h(t) la thé tich nuée bom dugc sau t gidy. Cho
h'(t)=3at’+bt véi a,b la cac tham s6. Ban dau bé khong c6 nudc. Sau 5 gidy thi thé tich nuéc
trong bé 1a 150m™ , sau 10 gidy thi thé tich nuéc trong bé 1a 1100m* . Tinh thé tich nudc trong bé
sau khi bom dugc 20 giay.

A. 8400m° B. 2200m° C. 600m° D. 4200m°

Bai 1-[Thi thit THPT Luwong Thé Vinh — HN l4n 2 niim 2017

Gia stir mot vat tir trang thai nghi khi t=0 chuyén dong véi van toc v(t)=t(5-t) (m/s) . Tinh
quang duong vat di dugc cho dén khi né dung han

125( ) 125( ) 125( ) 125( )

A — B. — C. — D. —
12 9 3 6

GIAI
Thoi diém t, =0 V4t ¢ trang thai nghi. Tai thoi diém t, (t, >t,) vat dung lai han khi d6 v(t)=0
<t (5-1)=0<1=5
Van toc 1a mot ham bién thién theo thoi gian, dong thoi V( ) lién tuc trén mién [O' 5] = Quang
125

duong vat di chuyén tir trang thai nghi dén khi ding han 1a : Iv dt = _[t 5 t dt = s

F@OOEEmMONCU®EE

ID:-:EE—:-:MH Los

&
= D la d4p an chinh xac
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Chu y : Van tdc cua vat theo thoi diém néu biéu dién trén truc toa do Oxy s& 1a mét Parabol . Dya
vao d6 néu dé bai yéu cau tim thoi diém dé vat c6 van tdc 16n nhat thi ta dwa vao toa do dinh cua

5 . . L LR R 5 25
Parabol suy ra t = > va van toc 1on nhat vat cd thé dat duoc la V(E) = Z(m /s)

Bai 2-[Thi thi Group nhém toan Facebook nim 2017] i )
Hoc sinh lan dau thir nghiém tén Iia tu ché phong tir mat dat theo phuong thang ding vai van toc
15m/s Hoi sau 2.5s tén lua 1én dén d6 cao bao nhiéu ? Gia sir bo qua strc can cua gio, tén Itra chi
chiu téc dong cua trong luc g =9.8(m/s’)
A. 62.25m B. 6.875m C 68.125m D. 30.625m
GIAI
Phuong trinh van téc theo thoi gian v(t)=v, + gt =15-9.8t
Vi ham v(t) lién tuc trén mién [0;2.5] nén quang duong vat di chuyén tir thoi diém t, =0 dén thoi
25

b
diém t, =2.5(s) duoc tinh theo cong thirc : S = [v(t)dt = [ (15-9.8t)dt = 6.875(m)

E]@E]E@E]@O@@@E]@E]

Math &

|25 (15-9. 880
6. 875

= Néu Chc_)n thi chon dap an B 7 7
Chu y : Néu xét theo phan loai dang vat 1y thi day la dang bai chuyén dong thang dung
Bai 3-[Bai 15 trang 153 Sach gido khoa giai tich nang cao 12]
Mot vat dang chuyén dong véi van toc v=10(m/s) thi ting toc Vi gia toc a(t)=3t+t? (m/sz) :
Tinh quing duong vat di duoc trong thoi gian 10(s) ké tir Itc bt dau ting toc
A. 996m B. 1200 : C. 1680m D. 3600m
GIAI
Ta c6 van tdc V(t) =V, +at =10+ (3t +1? )t va V(t) 13 mot ham bién thién theo thoi gian va lién
tuc trén R = Quang duong vat di chuyén tir thoi diém t, =0 dén thoi diém t, =10 dwoc tinh

10

theo cong thie S =S(t)= tjv(t)dt = [ (20+(3t+t*)t)dt = 966 (m)

t 0
FEOONO0HOBEEDH e E @ 0O0@®E0]E
B

Math &
10 .
|22 010+ Canen) b
| 3600
= Pap s6 chinh xac 1a D
Chi y : Ta phai nhé 16 cong thirc v(t) =V, +at voi a=3t+t? tranh nham 1an at =3t +t?
=Vv(t)=10+3t+t*a sai
Bai 4-[Pé cwong chuyén KHTN Ha Ngi nim 2017]

. . . 1 sin(zxt ) ,
Mot vat chuyeén dong véi van toc v(t) = 2—+ﬂ (m/s) . Quang duong di chuyén cua vat do
/A
trong khoang thoi gian 1,5 gidy chinh xac dén 0,01(m) la:
A. 0,32m B. 0,33m ‘ C. 0,34m D. 0,35m
GIAI
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= Vantde v(t) 1a mot ham bién thién theo thoi gian = Quang dudng vat di chuyén tir luc bat dau

t6i thoi diém 1,5 gidy 1a Iv = J'L Smiﬂt j =0.34 (s) (sau khi lam tron)
m-@.-.E]@@ x109) > () () (sin] (suFT) (107 (el O O @
EWCB.@@QDE]E]@@
(e
0. 3400535953

= C la dap an chinh xac
Bai 5-[Thi thir nha s&dch Lovebook lan 1 nam 2017]
Mot bac the xay bom nuéc vao bé chira nuée. Goi h(t) l1a thé tich nuée bom duoc sau t gidy. Cho
h'(t)=3at’+bt véi a,b la cac tham sb. Ban dau bé khong c6 nudc. Sau 5 gidy thi thé tich nuéc
trong bé 1a 150m™ , sau 10 gidy thi thé tich nuéc trong bé 1a 1100m* . Tinh thé tich nudc trong bé
sau khi bom dugc 20 giay.
A. 8400m° B. 2200m° C. 600m’ D. 4200m°
GIAI
h (t) 13 mot ham bién thién theo thoi gian va lién tuc trén R = Thé tich nudec bom duoc tinh
4
theo cong thue V =h(t) = J.(Sat2 + bt)dt

)

5
Tai thoi diém t, =5 gidy thi V = [(3at’ +bt)dt =150(m?) (at3 b; Jo—lso
0

<125a+12.5b =150

10 2
Tai thoi diém t, =10 gidy thi V = j (3at” +bt)dt =1100(m°) <> (at +b%j
0

5
=1100
0

<1000a+50b =1100
125a+12.5b =150

1000a +50b =1100

g (5 HNRGEEOEUOLEENEOOEOHO0NOMOEE W]
E0dOEEE

Math¥ [F| Math &

A= =
1 2

20
Vay tai thoi diém t, = 20 thi thé tich V = j 3t + 2t)dt =8400 = A la dap an chinh xéc

-.@-...@-..6)@@@@@

Math &

|2 (w2 +2%)
54010

= Giai h¢ phuong trinh {
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PHU'O'NG PHAP CASIO - VINACAL

BAI 23. GIAI NHANH BAI TOAN TiCH PHAN CHONG LAI CASIO.

1) KIEN THUC NEN TANG

=

1.K§ thuat ép hé phwong trinh : Cho hé thuc I f (x)dx=f(a,b,c) , mudn tim a,b,c théa man

N}

hé thirc h(a,b,c)=m . Ta sé tinh gié tr tich phan J X)dx =réi luu vao A .

f(ab.c)=A
h(a,b,c)=m

nang do nghiém SHIFT SOLVE hoic chirc nang 1ap bang gia tri MODE 7 cua may tinh Casio
(Xem vi du minh hea 1, 2, 3, 4, 5, 6)

Vay ta sé ép dugc hé phuong trinh { . Dé giai hé phuong trinh nay ta sé& str dung chirc

2.Ky thuat ép can nguyén ham : Cho nguyén ham gocJ' dx va nguyén ham hé qua

j ( )dt qua phép ddi bién x=u (t) . Pé str dung duoc may tinh Casio ta ép hé sé cho nguyén

ham géc dé tro thanh tich phan xéac dinh j x)dx . Vi nguyén ham gdc va nguyén ham hé qua la

tuong duong nén f dx J dx (a',B'1a 2 can méi)

éXem vi du minh hoa 7,8,9)

VD1-[C4u 26 Pé minh hoa B GD-PT lin 2 nim 2017]

4
Bié't_[ de =aln2+bIn3+cIn5 vdi a,b,c la cac s6 nguyén. Tinh S=a+b+c
X2 + X

A.S=6 B.S=2 C.S=-2 D.S=0
GIAI
»  Tinh tich phan j va luu vao bién A
X + X
--m®-q5---®@®@m@ 6 6@
Jd ' ANS+A
I RE 4y
0. 06453852114 0. 06453852114
> Khidé A=aln2+bIn3+cIn5<> A=In(2°.3"5°) < 22.3°5° :eA:%
(areen) (x109) () [AlPHA] =)
Math &
Eﬁ
15
15
Dé& thly — 16 2222 _jugiga_pagege =a=4b=2c=41=5=
15 35

= Piép s6 chinh xac 1a B
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VD2-[Téng hep tich phan chéng Casio — Internet 2017]
2

Cho 1 :_[In(x+1)dx =aln3+bIn2+c (a,b,ceZ) . Tinh gia tri cua biéu thic A=a+b+c
1

A 0 B.1 C.2 D.3
GIAl

2
> Tinh gia tri tich phan | :Iln(x+1)dx roi luu gia tri ndy vao bién A
1
(E ) ) ) H OO @ 1 @ (2) &) ) e ()

[F| Math & Fi Math &

| % 1m0 ANS+A
0.9095425049  0.9095425049

> Khidé aln3+bIn2+c= A In(3°2°%) = Ine” <> 322%° —eh 3220 = &

Dé tinh dugc 3%.2° ta sir dung chirc ning MODE 7 véi ham f (X)=3%2"=—

c

e
() (x109 (=) (i) (@) @ (e (3109 () (e ) B B =1 @ B (1)

OEOE
g | EoE |
0 " -3|us. 86
gl -2
al -1

Quan sat man hinh xem gia tri ndo cua f (X) (ciing la cua 3%.2°) 4 s6 hiru ti thi nhan
Dé thay véi X =c=-1thi 3°.2° =6.75= 2747 =327 = a=3b=-2

Tém lai a+b+c=3-2-1=0

= Dap an A la dap an chinh xéc

VD3-[Téng hep tich phan chéng Casio — Internet 2017]

E i — 9
Cho | :j::'r”‘ﬂdx:(am)lnmmnz (a,b,c Q) . Tinh gid tri ctia biéu thic :
1

In X+ COS X
A=a+b+c
A. 0 B. 1 C. 1 D. 2
2 3
GIAI

F

> Tinh gié trj tich phan | :jwdx roi luu gia tri ndy vao bién A
J sin x+cos x
7

(=) &) (sin) () O OJ (=) feed (ap) B OJ  (sim) (rwt) O O () [eos) (e} O OJ
@ E) A 10 @ A @ @ (B ) 10 @ (2] (E) (A kel (©)

Math &

[F| Fi Math &
-k 0 %00 T e " w11

mSihiRI+Cos (R, ANS*H

0. 3465735505 0. 3465735505
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> Khido (a+b)In3+cIn2=A« In(3".2°) =Ine” . Ma ta tinh dugc e* =+/2
(areen) (x109) () [AlPHA] =)

E|';‘| Math &
1.414213562
=320 =2 =322 :>a+b:0;c=%

11

Tom lai a+b+c:0+§:—
— Dép an B 1a dép an chinh xac

VD4-[Tong hep tich phan chéng Casio — Internet 2017]

1
Cho | :jsin4 xdx=7a+b (a,beQ) . Tinh gia tri cua biéu thic A=a+b

0
AL B. -~ C.4 D. 7
32 32 q
GIAI

2
> Tinh gié trj tich phan | :fln x+1)dx roi luu gia tri ndy vao bién A

-@---n@@)@@-mm@@@m--

Math & Math &

Saincnddy MR

0. 04452431127 0. 04452431127

ra+b=A
> Khido ra+b=A .Néudapsd A dung thi hé ' 11 €6 nghiém hitu ti (thudc Q)

a+b=3—2

@@@@@BEE}@@E}E} -

A= =
3 21
SF El

R rang a=i;b — -1 lacac sé hiwti
32 4
= B la dap an chinh xéc

D5-[Téng hep tich phan chdéng Casio — Internet 2017]

7’ +a

Cho I = | x(1+sin2x)dx =

Ot |y

— (a,b,ceZ) vei — : 413 phan sé tdi gian. Tinh biéu thic

A=a+b
A. 20 B. 40 ~ C.60 D. 10
GIAI

» Tinh gia tri tich phan 1 =

Ot~ [N

x(1+sin2x)dx réi luu gia tri ndy vao bién A
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() (o) ) ([ @ B 6 (21 ) ) ) ) @ @) @ (B ) (<109 @ (4] B

&) D) [©)
Syitesinezie A
0. 5584251375 0. 5584251375
> KMdé”2+a=A.N@daméAdmgﬂﬁa+b=zkzb=20—a:»A:Z;fz

Str dung chirc ning SHIFT SOLVE dé tim a (véi a 1a sé nguyén )

(AreHA) (&) (ALeHA) (cALC) (=) (shiFT) (x10Y) @ (2] (0] (=] (areea) O] (strFT) (cALC)
E00E

p
H— D 5334555554
L-R= 0

Két qua khdng ra mot s6 nguyén = Pap sd A sai

[F: Math

2

> Néudap sé B ding thi a+b=40=b=40-a = A= ZO”"
—a
SEE®O®EH MW E20E
at
A=ga—x
= g
L-F= 0

Vay a=8=b=32
= Dép an A la dap an chinh xéc

VD6-[Téng hep tich phan chéng Casio — Internet 2017]

2 4
Cho | =J‘x3 In2 xdx = 2 C+b (a,b,ceZ) voi %;% la céc phan sé toi gian. Tinh biéu thic
1
A=a+b
A. 15 B. —28 C 36 D. 46
GIAI

2
> Tinh gia tri tich phéan | :Ix3 In® xdx roi luu gid tri ndy vao bién A
1

(=) (ew) O] ([ @) (B i) (2 few) ) ) ) @ @ @ (B ] (10 @ (@) (B

&F) D) [©)
] Math & I|;|| _}I.;.l ] Math &
z
|53 ek 2 s
1. 004267695 1. 004267695
> Khidé aec+b:A . Néu dép sb A ding thi c=15—-a—b =15A—a.A-b.A=ae*+b
15A-a.A—-ae’
=b=
A+1

Str dung chirc ning MODE 7 dé tim a (véi a la sé nguyén)

fwong (7] (B) (1] (5] () () (=) (el () () O] (=) (et (x107) (=) (4] & (wewt) 0
QMOEBHOLEEELEENDE0E
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& ath
Finl
| ﬁ-— g57. 18
g -B]|229. U5
3 -T11201.11
Két qua khong tim ra mot sé nguyén = Dap s6 A sai
4
> Tuong ty nhu vay Véi dap sé C ding thi =b = 36A :'Al ac
+
FOCCEBREEEEDE
at
n Fiil
5 -5
B ol | :
1 -3/ 101.26

1z9.0055741 ,
Ta tim duoc nghiém a =129 la mot s6 hiru ti
= Pap an C la dép an chinh xac

VD7-[Trich dé thi PH khoi B nim 2005]

sin x
(5]

Cho tich phan | = sin 2xdx . Néu doi bién sé t=sinx thi :

O [N

T

1 2
A. I=[e tdt B. I=(e' tdt C. I=2jef.t.dt D. Izzjef.t.dt
0 0

SR IS ]
&=

GIAI

T

2
> Tinh gia tri tich phan | = Ies"‘x sin 2xdx

0
(=) (acehr) (x10) (o) (sin) (e) ) O @ [sin) (2] (i) O] O @ (0] @ () stF] (x10]
@2
_ [F| Math &
Z : i .
J,:, €= ginl 2
, z , ‘
» Neéu dap an A ding thi gia tri tich phan ¢ cau A phai giong gia tri tich phan ¢ d¢ bai va cung
3
bang 2. Tinh 1= [e' t.dt

(ArehA) (x109 (") (&ew) OJ ® O @ ®@DE

JEEHHdH
3. 145al2519

Két qua ra mot s6 khac 2 = Pap s A sai

1
> Tuong ty nhu vay voi dap sé C thi 1= Zjet.t.dt =2

(2] (/&) () O] (arei) (x107) (™) (i) O] ™ (0] @ (1] (=)
1, %
2| L vetots

= Dép an C la dap an chinh xéac
Chu y : Doi can thi phai doi bién = Dé dang loai dugc dap an A va D
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VD8-[Trich dé thi PH khéi D nim 2011]

_ ¢ 4x-1 r :
Str dung phuong phap do6i bién dua tich phan | = | ———==——dx thanh tich phan | f (t)dt . Khi
ung phuong phap p £m+2 p !()
d6 f(t) 1aham nao trong cac ham s6 sau ?
22 —3 (26* -8t+3)(t+2)
)= f(t) t
22— 3 (26> -8t+3)(t+2)
C. f(t)= D. =
(t) 2(t+2) (t) 2t
GIAl
. 4x -1
» Tinh giatritich phan | =
gt P I\/2x+1+2
FHEAErNEO®W @Ak DFHDOeHR®O0® (@)
=
O] Math &
Id S
0 ZE+1 +2
b. &LB07 096
Lo S 203 \ t2t° -3 s
> Néu déap 4n A dung thi f(t)= - va gia tri tich phan I=j T dt =6.2250...diéu nay
+
3
5 2
lasaivi | =j2t 3 4t = 9.6923...
, L+2
..@...@@@...@@@@@@
Mat
= ERE =5
Ja SRz
9. 682361184

Két qua ra mot s6 khac 2 = Dép s0 A sai

» Tuong tu nhu vay vdi dap s6 B chinh xac
FEHEORAkIONEAEEIEOEHE00M OO ER O™
--®@@@@

Math 4
IE [ zxe —EGF-=:+5:' (),
5 %

b. 220077096
VD9-Néu str dung phwong phap ddi bién tim nguyén ham, ta dat t =3/1+Inx thi nguyén ham cua
I In x.3/1+ In x

X
A [3(t°-1)dt B. [t*(t°—1)dt C. [3°(t*+1)dt D. [t*(t°+1)dt
. GIAI |
» Deé co thé s dung may tinh Casio ta phai tien hanh chon can dé dua nguyén ham (tich phan

bat dinh) tré thanh tich phan (tich phan xac dinh) Ta chon hai can 1a 1 va e’ . Tinh gié tri
tich phéan

dx c6 dang :
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e.[ Inx\/1+ln X
1

-@----Eﬂ@@)@.@---@--@@
@ (et (o) (2 (7] B

Math &

£ 1mm}:34'1+1r-.

4. 1?55?1-'—13
x=1=t=31+Inl1=1

> Khi tién hanh d6i bién thi ta phai doi can : Néu dap an A ding
x=e¢' =>t=1+In3" =2

dx =43.1785...

2
thi gia tri tich phan & cau A phai gidng gia tri tich phan ¢ dé bai . Tinh I= j3t3 (£ -1)at
. (=) (pe) (xi07) () ) DI (i ) @ (0] @ (=) () x10) @ lZ] =

EHHdH
4. 745802819

Két qua ra mot s6 khac 2 = Pap s6 A sai

1
> Tuwong ty nhu vy véi dap sé C thi [ = 2J‘ef.t.dt =2
0

EFEEIe)DNEE®AENHEBeEHONOO®RAE

S4D)
|z 345 (451
43, 17857142,

= Daép an A 1a dap an chinh xac
Chua y : Ta cd thé chon can nao ciing dugc khéng nhat thiét phai 1a 1 va e’ (chi can thoa
man tap xac dinh cta ham soé la dugc)
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, . N —— 10x* —7x+2
Vi du 3:Néu f(x) =(ax’ +bx+c)2x—1 1a mdét nguyén ham cia ham s8 g(x) = %
2x—
/’1 h
trén khoang | 12 10 thl a+b+c cogiatrila
A3 B.0 C.4 D.2

Hwéng dan by bikiptheluc.com
Trau bo tw luan

-

I
[ 3]

1= a+b+c=2

a
e ——\' Sa‘ +(2a+3b)x— 2-7_2J
((ax‘+bx+c) 2x—-l] _ ax” +(—2a+3b)x b+c=10x x+ <::>‘b=
c=1

N2x—1 ~2x—1

Casio: Tw duyminh nghi nhw sau:

"1076 -7x+2 dx=F(b)—F(a)

a

Néu GlO’ ta sé chon x sao cho F(a) =0 — x=0.5 nhwng cic em nhin gia tri dao ham khong
xac dinh tai x=0.5 nén ta sé& 13y gia tri lan can 0.5

Chayla f() =(a+b+c)— Chonb=1

1 :_7 )
thy [ 20X TXH2 o aibie
0.5+ax 2x-1
F] Math A B Math A
J‘1 1 4 mxi-?mde
0. SO00000000 1 a0l JEX-1

19999965579
Chon dép anD.
Néu ma dé hoi 4a+2b+c thicic em tinh tich phin tir 0.5+Ax — 2

BAI TAP TU LUYEN

Bai 1-[Téng hop tich phan chdng Casio — Nguén Internet 2017]

n
Cho tich phan Itanz xdx =a+bz (a,beQ) . Tinh gia tri cua biéu thuc P=a+b
0

A p=> B.p=2 c.p-l D. p=i!
n 1 1

q;

Bai 2-[Téng hep tich phan chong Casio — Nguén Internet 2017]

Cho tich phan (a,be Q) Xexdx =ae? +be (a,beQ) . Tinh gid tri cua biéu thic P=a+b

1

A. P:o—l B. P’=0.5 . C. P=1 D. P=2
Bai 3-[Tong hop tich phan chong Casio — Nguon Internet 2017]
2
Cho tich phan f COS?’_X+ZCOSX dx=aln2+blIn3+c (a,b,ceZ). Tinh P=a+b+c
5 2+38in X —C0s 2X
A P=-3 B. P=-2 C. P=2 D. P=1

Bai 4-[Téng heop tich phan chdng Casio — Ngudn Internet 2017]

4
Cho tich phan J.zL=aln2+bln5+clnll (a,b,cez) . Tinh gi tri cia biéu thic
1 2X° +5X+3
P=a+b+c
A. P=1 B. P=-3 C.2 D.0
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Bai 5-[Téng hop tich phan chéng Casio — Nguén Internet 2017]

2 2
Cho tich phan J‘%dx:aln2+bln 3+c (ab,cez) . Tinh gid tri cua bieu thirc
L X+ X
P=a+b+c
A. P=3 B. P=-2 C. 4 D. -1
Bai 6-[Tong hep tich phan chong Casio — Nguon Internet 2017]
N
Néu str dung phuong phap doi bién véi 4n phu t =+/x* -1 dua tich phan | = J. dz( thanh tich
2 XNX° -1
NG
phan nao sau day ?
det Bjdt Cfdt Djdt
BRSNS BEREES| 2 (1 +1) IIGERY
B B 3 B

Bai 7-[Tong hop tich phan chdng Casio — Nguén Internet 2017]
Néu su dung phuong phap do6i bien véi an phu t=1+3cosx dua nguyén ham

1= [ 2X+SINX 4 thanh nguyén ham nao sau day ?

\J1+3cosx

—2t* -1 12t -1 2t-1 1,0-2t-1
A, | ——dt B. - | ———dt C. | —dt D. = | ——dt

=% oI I=F el

Bai 8-[Tong hop tich phan chdng Casio — Nguén Internet 2017]
Néu su dung phuong phap do6i bien véi an phu t=1+3cosx dua nguyén ham

sin 2x +sin x
I = J. dx thanh nguyén ham nao sau day ?

J1+3cosx

2t -1 1,.-2t7-1 2t-1 1,-2t-1
A, | ———dt B. - dt C. dt D. = dt

=% I j Jt I Jt

LOI GIAI BAI TAP TU LUYEN

Bai 1-[Téng hop tich phan chéng Casio — Nguén Internet 2017]

n
Cho tich phan Itan2 xdx=a+br (a,beQ) . Tinh gia tri cua biu thic P=a+b
0

A p=> B.p=3 c.p=t D p-
4 4 4 4

GIAI

s

4
Tinh gia tri tich phan Itanzxdx roi luu vao bién A
0
(ster) fuong) (4] (/&) (tan) (et) O] O] (=3 @ (0] @ (B) () xi0¥) @ (4] (] (st e (&)
]

|Ftancozgy AR

0. 2146015366 0. 2146015366

at+bzr=A
Néu dap s6 A dung ta c6 hé phuong trinh ,_5 =a =1.7334... khong phai 1a s6 hitu ti =
a+b=—
Dap sb A sai

foog (5] D (D EI#AxIEMOEOE0NEEE G EE
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& Math¥
W=
1. 73471105
a+bzr=A _
» Tuong tu nhu vay véi dap an B ta c6 hé phuong trinh b 3 = {b .= B la dap sb chinh
a+b=- =
Xac
EEOEEHEEEE
[} Math¥ [} Math &
A= =
1
7 L ‘ 4
Bai 2-[Tong hop tich phan chong Casio — Nguon Internet 2017]
2
Cho tich phan (a,b Q) Il;zx e*dx=ae’+be (a,beQ) . Tinh gia tri cia biéu thic P=a+b
1
A P=-1 B. P=0.5 VC. P=1 D. P=2
GIAL

1-x

XZ

(3 E 03 W 0@ i O] (3 & @ 109 (@ (H 0] @ (0 @ (2] &) (6

e*dx roi luu vao bién A

2
= Tinh gia tri tich phén I

J‘Eﬁ Hd F] Math & |';'||-'|S-:|.|';'| F] Math &
1 5z £ 0R
-0, 976246221 -0, 97e246221

‘ . ae’ +he=A a=-05
= V6i dap so A ta co hé phuong trinh =
a+b=05 b=1

fwong (5) (1)) (i) (x109) (23 (B) i) (x10) B (e @ E D E O E 0O EEE

[P MathW¥ [P Math &

A= =

“E 1

= Dép s6 A chinh xac ] ‘
Bai 3-[Tong hep tich phan chong Casio — Nguon Internet 2017]

2
Cho tich phan I COS?fXJrZCOSX dx=aln2+bIn3+c (a,b,ceZ). Tinh P=a+b+c
5 2+3SIN X—C0S 2X
A. P=-3 B. P=-2 C; P=2 D. P=1
GIAI

N

COS3X + 2C0S X
2 +3sin x—c0s 2x

(=) & g (3] () O O] () (2] [eod () O] ) @ (2] (F) (3] (sin) () ) O (=] (e
21 (ew) ) ) @ (0 @ (B @) 10y @ (2] (E) () el (©)

dx rdi luu vao bién A

2
= Tinh gia tri tich phan _[
0
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F] Math & F] Math &

E cosi3K)+zcos  ANSHA
0O Z+3=inixl—Co=

0. 8305717579 0. E‘EIDE?I?ET"E'

= Vay aln2+bin3+c=A<In (223%° )= (e*) <223 = = . Tim 223" bang chic nang 1ap

bang gi4 tri MODE 7 Vi bién X =c
(i) (x109) (o) (iped) () @ (el (<109 () (e ) B B = @ E @ @ =
BIs

[F| Math
n Frnl
-3
-2
=1

1
|
g

Ta dugc 2°.3° =18 véi X =c=—-2 .Vay 18=2.3°=223" = a=1;b=2
= P=a-+b+c=1+2-2=1 = Dép s chinh x4c |2 D
Bai 4-[Tong hegp tich phén chong Casio — Nguon Internet 2017]

4
Cho tich phan J' =aln2+bIn5+clInll (ab,ceZ) . Tinh gia trj cua biéu thuc

" 2X° +5x+3

P=a+b+c

A. P=1 B. P=-3 C.2 D. 0

GIAI
Tinh gia tri tich phan J‘L_ roi luu vao bién A
2X* +5x+3
..E]@@-H..-@---@@@@@@m.-
Id { e ANS+A
1 ZHZ4E5+5
0. 1278333715 0. 1278333715
Vay aln2+bIn5+cinll = A<n (2 a5 ?11°):|n (eA) o225 —eh =22 90 _gpaggn
22 211

R6rang a=-1b=2;c=-1 =P=a+b+c=1+2-2=1
= Pap sv(i) chinh x&c 1a D ) .
Bai 5-[Tong hop tich phan chong Casio — Nguon Internet 2017]

Ax% 42X +2

Cho tich phan _[ dx=aln2+bIn3+c (ab,cez) . Tinh gid tri cia biéu thuc
1

X2 + X
REASELEEE
A P=3 B. P=—2 C. 4 D. -1
GIAl
¢ dx : ,
Tinh gia trj tich phan [ —————— = rdi luu vao bién A
1 2X° +5X+3

(EE )@ FH 2w D 2@ Mew O] Hiew @ D@® @)
BEGE )

J‘E :H:E +EH+E Math & ﬁnS-}ﬁ Fi| Math &
1 T i
1.980829:253 1. 980329253

A
Vay aln2+bin3+c=A<In (233%°)=In (e*) < 2°.3%e° =" = 2°.3" = 2—0 . Tim 2°.3° bang
chirc ning 1ap bang gi tri MODE 7 véi bién X =c
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fong (7) (=) (i) %109 (=) (i) (@) @ (i) i) (29 (e D BB E @ E O 0 &
BIs

F] Math
Finl

1]

| [P
gl O0.981
F . BEEEEEEET

Ta dugc 223 =2.66(6)=§= 2°3'=a=3b=-1vsi X=c=1.

"

=P =a+b+c=3-1+1=3 = Dép s0 chinh xéc la A
Bai 6-[Tong hep tich phan chong Casio — Nguon Internet 2017]

N
Néu sir dung phuong phép ddi bién véi an phu t =+/x* —1 dua tich phan | = j di( thanh tich
2 XVx° -1
N
phan nao sau day ?
¥ 1 5 1
. I zdt B. J. Zdt C. J' dt D. J- dt
o t +1 a +1 > t(tz-l—l) ] t(t2+1)
# = N i
GlAl
NA
= Tinh gi4 trj tich phan | = J' x _7
2 xx?-1 12
B
EFEICmMIEmMIBENCEHICREO®ORDE
F: Math &
== Hdne—-1
J 5 .
izh
1
Tich phan ndo co gia trj bing = thi d6 1a dap 4n ding. Ta c6 dap 4n B c6 gia tri : | at__m
12 P+l 12

Ng
MECIEHDOmIPRDCENICRE®®DE

1 1
LHEHHH 1

= 1z
= DPap so chinh xac l1a A
Chl y : Gia tri tich phan khong thay d6i theo phép doi bién (dat an phy)
Bai 7-[Tong hep tich phan chdng Casio — Nguén Internet 2017]
Néu st dung phuong phap dbi bién véi an phu t=1+3cosx dua nguyén ham
sin 2X +sin x
=

dx thanh nguyén ham nao sau day ?

J1+3cosx

=1 1.2t -1 —2t-1 1.-2t-1
A | ———dt B. - | ———dt C. dt D. = dt

J N 5! Vi I Jt 5! J

GIAl
Vs . sin 2x+sin x
= Choncéan Ova —. Tinh gia tri tich phan | = | ———
2 o V1+3cos x

(=) () in) (2] frw) ) O] (#) (sin) i) O ) @ (=) (D) () (3] o () O] ) @ (@]
@ B oA x10) @ (2] B

dx

— [y
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_ B Math A
JEEiniEH]+sini.‘E}

0 J1+3C0s(x)
1. 259259259

= Tién hanh ddi bién thi phai d6i can

X=0=>t=1+cos3x=4

X=£:>t=l
2

2t+1
N
B0 EEEHEAErkDEHD @M ED®ME® A= 60

oD

dt

1
= Véi dép s6 D ta co —%j
4

1 1 _E::{_i F:] Math &
af 4T U
|, #EO059259

— Pap s chinh xac 1a D
Chu y : Chon cén thé nao ciing dugc tuy nhién nén chon can x sao cho t dep.
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PHU'O'NG PHAP CASIO - VINACAL

BAI 24. TINH NHANH VI TRi TWONG POI GIT’A PUONG - MAT.

1) KIEN THUC NEN TANG

1. Vi tri twong ddi ciia 2 dwong thiang
*  Cho hai duong thdng d va d' cé hai vecto chi phuwong q va uT.vé c6 hai diém M, M ' thudc hai
duong thang trén.
= d|/d' néu u, = kU va cé khéng cé diém chung

*» d=d'néuu, =ku, vacémdtdiém chung

» d c4td' néuu, khéng songsong U,. va MM [E,E] =0
» d chéod' néu U, khéngsongsong U, va MM [E,E] #0

2. Vi tri twong d6i caa dwong thang va mit phang
* Cho duong thang d va méit phing (P) c6 vecto chi phuwong U, va vecto phap tuyén n,
= d ||(P) néu E 1 E va khoéng c6 diém chung
» d=(P)néu E 1 E va c6 diém chung
= dL(P)néuu,=kn,
3. Lénh Caso
= Lénh dang nhap moi trwong vecto MODE 8
Nhép thdng s6 vecto MODE 81 1
Tinh tich vé hudng clia 2 vecto : vectoA SHIFT 5 7 vectoB
Tinh tich c6 hudng cda hai vecto : vectoA x vectoB
Lénh gia trj tuyét d6i SHIFT HYP
Lénh tinh do I&n mot vecto SHIFT HYP
Lénh do nghiém cla bat phwong trinh MODE 7
= Lénh do nghiém cla phuong trinh SHIFT SOLVE

1) VI DU MINH HQA .

VD1-[Thi thir chuyén Khoa hec tw nhién lan 3 nam 2017]

x+1 y-1 z+1
1 -3

Trong khéng gian véi hé toa @6 Oxyz duong thang d, : va duong thang

X+3 y+2 z7+2
2 7 -
A.Catnhau  B.Songsong C.Chéo nhauD. Vudng goc
GIAI
Ta thay @(2;1; —3) khong ti Ié@(Z; 2;—1) = (dl),(dz)khéng song song hodc trung nhau
> ldy M (=LL-1) thudc d,, 1dy M, (-3;,—2;-2) thuéc d, ta dugc MM, (-2;-3;-1)

d,: . Vi tr tuong déi cua d,,d, 1a

Xét tich hén tap MM, [Q, I} bEng may tinh Casio theo cac buédrc :

=2

hdp thon vecto M a0 cac vecto A, vecto B, vecto C

M d
@E]E]@E]E]E]E]@E]@@E]
BHAEAEEH0E

©
O>

ngs

0E
@2
l[D

E]
(=) woog) (8]
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. Yol @ ; W @
[ -2 -3 ] [ g | Y ]
-1 -5
: YOI @
[ B 2 ]
-1

Tinh MM, [ ug;u,, |
@@m@@@gl@@@
WotA- CVctBR=MCtl)

Ta thdy MM, [E,@] =0 = hai dwong thing (dl),(dz) dong phang nén ching cit nhau
= Dap s6 chinh xac la A

VD2-[Thi thir bao Toan hoc tuoi tré lan 4 nam 2017]

Trong khdng gian vaéi hé toa @ Oxyz , vi tri twong doi cua hai duong thang

X=1+2r X=7+3m
d:qy=-2-3tvad':cy=-2+2m
Z=5+4t z=1-2m
A.Chéo nhau B.Cit nhau C.Song song D.Trung nhau

GIAI
>  Ta c6 haivecto chi phuong E(Z;—3;4) va u—d.(3; 2;-2) khéng ti 1& véi nhau = Khéng song song
hoac trung nhau = Dap an Cva D la sai
»  Chon hai diém M (1; —2;5) thuoc d va M '(7;—2;1) thudc d ' .

Xét tich hdn tap MlMZ[@;@] biing méy tinh Casio theo cac budr :

Nhép thong s6 cac vecto M;M,, U, ,U, vao céc vecto A, vecto B, vecto C
fuone) (&) [I].E]E]E]E]@E]-E]@-E][I]E]@@
B20EEEEEEmERINEEREERE
I:I[ B 0 ] I?:[ g -3 ]
YCTE ~4 4
I:[ E 2 ]
-Z

> Tinh MM, [ug;u, |

(o) @) (5] (3] ) (5] (7] (4 (o) (5] (4) () (er) (5] (B) ) (B

WotAs- CMoEB=YCtl)
-bd
Ta thdy M,M, [g,@] =—64 # 0 = hai duong thang (d),(d ') khong dong phang nén ching
chéo nhau
= Pép s6 chinh xdcla A
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VD3-[Pé minh hoa bd GD-PT lan 2 nim 2017]

Trong khdng gian véi hé toa dd Oxyz cho dudng thang (d): XTH = l3 = Z—_15 va mit phang
(P):3x—3y+2z+6=0. Ménh dé nao duéi day ding ?

A.d cit va khong vudng goc véi (P) B.d L(P)

C. d song song véi(P) D.d nim trong (P)

GIAI
>  Taco U, (l; -3 —l) va n, (3; -3 2) . Nhap hai vecto nay vao may tinh Casio
@@@@B@@B@@@@@@B@@

I:I[ I -3 ] B[ 3 -3 -]

-1 z
»  Xéttich vé hudng Ent, =10 = E khong vuéng gbc vai E =d ,(P) khoéng thé song song hodc
trung nhau = Ddap s ding chi cé thé 1a A hodc B

(o) (rer) (5] (3] (eer) (8] () Gtr) (5] (4] (2
VCTA-YCLE

10

> Laithdy Uy, N, khong song song véinhau = d khéng thé vudng géc véi (P) = Dap 6 B sai
Vay dap an chinh xac [aA
VD4-[Céu 63 Sach bai tap hinh hec nang cao trang 132]

Xx-9 y-1 z=3

Xeét vi tri tuong ddi cua duong thang d : va duong thang

2
(a):x+2y—4z+1=0
A.d cit va khong vudng goc véi (P) B.dL(P)
C. d song song véi(P) D. d nam trong (P)
GIAI

»  Tacd U, (8; 2;3) va n, (1; 2;—4) . Nhap hai vecto nay vao mdy tinh Casio

g (3] (DT (8 FREEEEMEEHDNERAEEHEE

I:I[ : 2 ] B[ I o ]

S -4
»  Xéttich vo hudng u,.n, =0 = U, vudng géc voi E =d ,(P) chi cé thé song song hodc trung
nhau = Dép s6 ding chi cé thé 13 C hodc D

(on) ) (5] (3] (suer) (5] () (r) (5] (8] ()
VCTA-YCLE

0

>  Lay mot diém M bat ki thudc d vi du nhu M (9;1;3) tathdy M ciing thudc (a) =d va (Oc)
c6 diém chung = d thuéc (a)

Vay ddp an chinh xac laD
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VD5-[Thi Hoc sinh giéi tinh Phd The nam 2017]
Tim m dé mat phang (P): 2x—my +3z—6+m=0song song véi mét phang

(Q):(m+3)x—2y+(5m+1)z-10=0

A.m=1 B.m=1 C.m=—% D.Khéng ton tai m
GIAI
»>  Ta co haivecto phap tuyén E(Z;—m,?,)vé E(m+3;—2;5m +1)
. — — 2 —-m 3
pé (P)|I(Q) = n, =k.n, < =—— =k (1)

m+3 -2 5m+1l

> Véim=1tacd k=2 thoa (1)
] ! (P):2x—y+3z-5=0
Thir lai ta thay hai mat phang cé dang
(Q):2x—-2y+6z-10=0

Nhan thay (P) = (Q) — Dap an A sai

» Voim= —3 tacod k= @ khong théaman (1) => m= —3 khong nhan = C va B déu sai
10 21 10
= D4p 4n D la chinh xac
VD6-[Thi thir bao Toan hoc tuoi tré lan 3 nam 2017]
Xx=1+2t
Trong khong gian véi hé truc toa do Oxyz cho dudng thang d i<y =1 va mit phang
z=-2-3t
(P):2x+y+2z-2=0 . Giao diém M cua d va P c0 toad¢:
A.M(3,1,-5) B.M(2;1,-7) C.M(4;3,5)D.M(10;0)
GIAI
>  Dim M thudc d néncédtoadd M (1+ 2t;1;—2—2t).Diém M ciing thudc mat phang (P) nén
toa do diém M phai thda man phuong trinh mat phang (P)
< 2(1+2t)+1+(-2-3t)-2=0
>  Codngviéc trén 1a ta s& nhdm & trong dau, dé giai bai toan ta dung may tinh Casio luén :

ONEHAkONEOHOEEEEEN D EHE

EHeOE
§E1+EHJ+1+E—E—ET
L-R= 0

Ta tim dugc ludn t=1vay Xx=1+2t=3
= Dap an chinh xac IaA
VD7-[Pe minh hea bg GD-PT lan 1 nam 2017]

Trong khong gian véi hé toa d6 Oxyz , cho diém A(1;0;2) va dudng thang d :XT_l = % = ZTH
Viét phuong trinh duong thang A di qua A vudng goc va cat d
A.x—lzizz—Z B_X_1=X=Z_2
1 1 1 1 1 -1
C.x—lzzzz—Z D.x—1=l=2—2
2 2 1 1 -3 1
GIAI

>  Duongthing A cit d tai diém B.Vi B thudc d nén cé toa do B(1+t;t;—1+2t)
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» Tacé:ALd :QLE@Q.@:OQE.@:O
V6i AB(1+t-Lt—0;-1+2t—2)va u, (L12) taco: ABU, =0
<1 (1+t-1)+1(t-0)+2(-1+2t-2)=0
D6 13 viéc nhdm & trong dau hodc viét ra nhap, nhung néu dung may tinh Casio ta s& bam luén :

WX O0E M O] =00 H 0 X A wew) O] (= @ O (# (2]
XOEOE R O] E (2B 6 ) (1] &

Math

Lf [4%—1 1+ Kb

A= 1
[-R= b
Ta duocludn t=1=>B(2;1,1)=u, = AB(1;1;,-1)

= D4p an chinh xac 1aB
VD8-[Cau 74 S&ch bai tap hinh hgoc ning cao 12 nam 2017]
Cho hai diém A(3;1;0), B(-9;4;-9) vamat phang (a):2x—y+z+1=0 . Timtoa dj cia M trén
(a) sao cho [MA—MB| dat gia tri Ion nht.

A.M[l;l;—§) B.M (2;&—2}
2 2
C.M(l;g;—éj D.M(E;E;Bj
2 2 4 4
GIAl

>  Né&u A B,M khong thdng hang sé& thi ba diém trén sé& lap thanh mét tam giac. Theo bat ddng thirc
trong tam giac ta cé |MA— MB| < AB
Né&u ba diém trén thang hang thi ta cé |MA— MB| = AB néu A, B nam khéac phia véi (a) (diédu
nay ding) . Theo yéu cau cla d@é baithi rd rang A,B,M thdng hang hay M 13 giao diém cla
duong thang AB va (a)
X =3-12t
>  Tacd:AB:qy=1+3t = M(3-12t;1+3t;-9t)
z=-0t

Tim t bang may tinh Casio :

RORAEH0REDNEOOBEE EN DO H E (@] bew
DI O @ o (1) &)

Math

AL 12R)-(1+58 0k
A= [, 16bbEEEEE T
L-R= 0

2 2
= Dap an chinh xacla C

Ta du‘ofct=%:> M (1;§;—§j

111) BAl TAP TU LUYEN

Bai 1-[Thi thir b4o Toan heoc tudi tré lan 3 nim 2017]

Trong khong gian véi hé truc toa d6 Oxyz cho dudng thang d : x—1= y-2_ 2;34 va mit phang

2
(a):2x+4y+6z+2017 =0 . Trong cac ménh dé sau, ménh d¢ nao dang ?
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A.d|l(a) B.d cit nhung khong vudng goc véi ()

C.d L(a)D. d nimtrén (a)

Bai 2-[Thi thit THPT Nguyén Pinh Chiéu — Binh Pinh lan 1 nim 2017]
X=1+t X=2+t'

Trong khong gian véi hé toa dd Oxyz cho d:qy=2-t vad':<y=1-t' . Vitri twong ddi cua
1=-2-2t z=1

hai duong thang I : ,

A.Chéo nhau B.Cat nhau C.Song song D.Trung nhau

Bai 3-[Pé minh hga By GD-DPT lan 1 nam 2017]

x-10 y-2 z+2

1 1
Xét mat phang (P):10x+2y+mz+11=0 véi m la tham so thuc . Tim tat ca cac gia tri cia m dé

Trong khong gian vai hé toa d6 Oxyz cho duong thang A c6 phuong trinh :

mét phang (P) vudng goc véi duong thang A

A.m=-2 B.m=2 C.m=-52D.m=52 .
Bai 4-[Thi thit THPT Phan Chu Trinh — Phu Yén lan 1 nim 2017]

X=1+2t

Cho mat phang (P):x—3y+z=0 vaduong thang A:qy=2-t . (P) va A cat nhau tai diém c6
z=-1+t

toa do

A.(L2,-1) B.(0;-13) C.(-13-2) D. (310)

Bai 5-[Thi thit THPT Nguyén Pinh Chiéu — Binh Pinh lan 1 nim 2017]
Trong khdng gian véi hé toa dd Oxyz cho ba diém A(L0;0) , B(0;2;0) , C(0;0;3) va duong

X=—

thang d 1<y =2+t . Cao d giao diém cua d va mat phang (ABC) la:
z=3+t

A.3 B.6 C.9 D. 6

Bai 6-[Thi thit THPT Vinh Chéan — Ph( Tho lan 1 nim 2017]
Trong khéng gian véi hé toa 4o Oxyz cho hai mat phang (P):nx+7y—6z+4=0,
(Q) :3x+my—2z—7 =0 song song v4i nhau. Khi d6 gia tri m,n thoamén la:

A.m:Z,nzl B.m=9,n:ZC.m=§,n=9 D.m=z,n:9
3 3 7 3

LOI GIAI BAI TAP TU LUYEN

Bai 1-[Thi thir b4o Toan hec tudi tré lan 3 nim 2017]

Trong khong gian vai hé truc toa dd Oxyz cho duodng thang d : x—1= y=2_ 2;34 va mit phang

2
(a):2x+4y+62+2017=0 . Trong cac ménh d sau, ménh d& nao dung ?
A.d|(«) B.d catnhung khong vudng géc véi ()
C.d L(a)D. d naimtrén (a)
GIAIﬁ
Nhap vecto chi phuong Uy (1; 2;3) va vecto phap tuyén n, (2; 4; 6) vao may tinh Casio

g )M HERREGEEEAMHERZEEEEE
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Tinh tich vé huéng EE =28#0= Q khong vudng géc E =d va (a) khong thé song song va khdng

thé trung nhau

(on) (swer) (5] (3] swir) (8] () etirr) (5] (4] (2
VLA-YCtE

2

=%:>@||E =d L (a)

SN

. 1
Lai thay tilé —=
i thay ti 1€ >
Vay dép sé chinh xacla C
Bai 2-[Thi thit THPT Nguyén Dinh Chiéu — Binh Dinh lin 1 niim 2017]
X=1+t X=2+t'
Trong khong gian voi hé toa dd Oxyz cho d:<y=2-t vad':<y=1-t' . Vi tri twong d6i cua

1=-2-2t z=1

hai duong thang 14 : ,

A.Chéo nhau B.Cat nhau C.Song song D.Trung nhau
GIAI

Vi Xét hai vecto chi phuong E(l;—l; —2) va u—d.(l;—l;o) khong ti [& v&i nhau = Hai dwong thing d va
d ' khdng thé song song hodc trung nhau => Pap 4n C va D loai
L&y hai diém thudc hai dudng thing 1a M (1,2;-2) va M '(2;1;1) . Nhap ba vecto vao casio

®EODRE0EDNEEE0HE0EE0NEMEE D
NOEENEEDEmERDOEE0E0E

wom
H E C
[ I -1 HF] [ I -1 Y] [ I -1 ]
= -Z o
Xét tich hén tap MM '[Q,Q} =0

o 6 (5) (3) ) () 00 ) () () (O 6 ) () (X0 ) (5) (8) D)
Yeth- (VCEBRVCEL)

I
=d,d"' dong phang (nam trén cing mot mat phang) =d cat d*
= Dap an chinh xac 1a B .
Bai 3-[Pe minh hga B GD-PT lan 1 nam 2017]
x-10 y-2 z+2
11
Xét mit phang (P):10x+2y+mz+11=0 véi m |a tham s6 thuc . Tim tat c4 cac gid tri cia m dé

Trong khong gian vai hé toa d6 Oxyz cho duong thang A c¢6 phuong trinh :

mét phang (P) vudng goc véi duong thang A
A m=-2 B.m=2 C.m=-52D.m=52
GIAI
Ta c6 vecto chi phuong U, (5;1;1) va vecto phap tuyén n, (10; 2; m)
Dé mat phang (P) LA thi E ti 1é vai E (song song hodc trung nhau)
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> —=—=—=m=2
5 1 1

Vay ddp sé chinh xac 1a B
Bai 4-[Thi thit THPT Phan Chu Trinh —Phu Yén lan 1 nim 2017]

Xx=1+2t

Cho mit phing (P):x—3y+z=0 vaduongthang A:{y=2-t . (P) va A cit nhau tai diém c¢
==l

toa do

A.(2,-1) B.(0;-13) C.(-13-2) D. (310)

GIAI
Goigiao diémla M ,vi M thudéc A nén M (l+2t;2—t;—l+t)

Toadd M thda man phuwong trinh mat phang (P) nén ta co thé sir dung may tinh Casio tim ludn ra t

oo D O FHE Eew O EHEOREHEs O BOEHOE
i) 5] (3] (eur) ) (1) (Z)

Math

1 C1+28 -3 02—n0+1
A= 1
L-F= I
=t=1=>M(310)
— Dap s6 chinh xaclaD
Bai 5-[Thi thir THPT Nguyén Pinh Chiéu — Binh Pinh lan 1 nim 2017]
Trong khong gian véi hé toa do Oxyz cho ba diem A(L0;0) , B(0;2;0) , C(0;0;3) va duong
X =t
thang d :{y =2+t . Cao d¢ giao diém cua d va mat phang (ABC) la:
z=3+t
A.3 B.6 C.9 D. 6
GIAI
Mét phéng (ABC) di qua 3 diém thudc 3 truc toa d6 vay s& cé phuong trinh I3 :
1+X+E:1<:> 6x+3y+2z-1=0.
1 2 3
Goi giao diémla M (—t; 2+t;3+t) . S& dung may tinh Casio tim t

()X Ok )0 EX O EH @) ®H (2) A E]) & A 0]
] &) (6] ) foaie) (1) (E
m

Math

B —p )+ 3 (20 )+

A= b

L-F= I
Vay z=3+1t=9
= Dap s6 chinh xacla C
Bai 6-[Thi thit THPT Vinh Chéan — Ph(i Tho lan 1 nim 2017]
Trong khong gian véi hé toa dd Oxyz cho hai mét phang (P):nx+7y-6z+4=0,
(Q):3x+my—2z-7=0 song song v6i nhau. Khi d6 gia tri m,n thoa mén la :

3 7

A.m:Z,nzl B.m=9,n=ZC.m=—,n=9 D.m=—,n=9
3 3 7 3

GIAI
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* DE 2 mit phang song song véi nhau thi 2 vecto chi phuong ctia ching song séng hodc trung nhau

- T n 7 -6
< n, (n;7;,-6) tile voi nQ(3,m,—2)<:>§:E:__3:

7
* Tathuduocti 186 K=3tlrdé suyra n:9;m:§

= Pép s6 chinh xdcla D
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PHU'O'NG PHAP CASIO - VINACAL

BAI 25. TINH NHANH KHOANG CACH TRONG KHONG GIAN.

1) KIEN THUC NEN TANG

1. Khoing cé&ch tir mdt diém dén mat mit phiang
= Chodiém M (XO; Yo Zo) va mat phang (P)Z Ax+ By +Cz + D = 0thi khoang cach tir diém M

. Ax, + By, +Cz, + D
dén mat phang (P) duoc tinh theo cdng thirc d(M;(P)):| o T =% 0 |
JA? +B2+C?
2. Khoang cach tir mgt diem dén mot dwong thang
. . X—X — z-12 .
»  Cho diém M (X,; Yo;Z,) va dudng thing d : v byN = N thi khoang céch tlr diém
a C
o[

M dén duong thang d duoc tinh theo cong thire d (M .d ) = ‘f
u
Trong dé ﬁ(a; b;c) 1a vecto chi phuong clia d va N (Xy;Yy;Zy ) 1a mdt diém thuoc d
3. Khoing céch giira 2 dwong thiang chéo nhau

, X — X = z-1
* Cho hai duwdng thang chéo nhau d : w_ Y= Ym _ M va
a b c
X=X, Y=Yy Z—1Zy
d': M = y b)'/M = M- thi khodng céch giita 2 dudng chéo nhau nay dugc tinh theo cong
a C
i |
thire d (d;d") = ———=—

[osin]

Trong d6 ﬁ(a;b;c) |a vecto chi phwong ctia d va M (XM ' Yu 2 ) I3 mot diém thuoce d

u(a‘b’c') la vecto chi phuong clia d va M '(Xy.; Yyi Zy:) 12 mét diém thuoc d

4. Lénh Caso

= Lénh dang nhap moi trwong vecto MODE 8

= Nhéip théng sé vecto MODE 811

=  Tinh tich vd hudng clia 2 vecto : vectoA SHIFT 5 7 vectoB

= Tinh tich cé huéng cla hai vecto : vectoA x vectoB
Lénh gia trj tuyét d6i SHIFT HYP
Lénh tinh do I&n mot vecto SHIFT HYP
Lénh do nghiém cla bat phwong trinh MODE 7
Lénh do nghiém cta phuong trinh SHIFT SOLVE

1) VI DU MINH HOA ‘
VD1-[Pe minh hoa Bo GD-DT lan 1 nam 2017]
Trong khdng gian véi hé toa dd Oxyz cho mat phang (P):3x+4y+2z+4=0 vadiém A(L-2;3) .

Tinh khoang cach tir diém A dén mat phang (P)

A.o|=§ B.ol:i c.d=iD.d:§
9 29 J29 3
GIAI

>  Tanh& cong thirc tinh khoang cach tir diém M dé&n mat phang (P)Z
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| A, + By, +Cz, + D|
d(M;(P))=
M) e

>  Apdungcho diém A(l; —2;3) va (P) :3X+4y+22+4=0 ta sl dung may tinh d€ bam luén :

BenwEXOFEOXOEA0EEXEHE®W
BERPEHEHRDEE
[Zrazsze
EJZ5
Z0

= Dap s6 chinh xacla C
VD2-[Thi Hoc sinh giéi tinh Phd The nam 2017]
Tim m dé khoang céch tir A(%2;3) dén mat phang (P): x+3y+4z+m=0 bing 26

A.m=7 B.m=18 C.m=20 7 D.m=-45
GIAI
1.1+3.2+4.4+m
>  Thiét lap phvong trinh khoang cach : d (A;(P)) = | Mkl | = \/%
1 +22 43

- [1.1+3.2+4.4+m| 36 -0
V12 +22 432
(viéc nay ta chilam & trong dau)
>  DEtinh khodng cach trén bang Casio dau tién ta nhap vé trai clia phuong trinh vao roi st dung chirc
nang SHIFT SOLVE.

feoog) (1] (55 () fye) (1] (X) (1) (1) (3] (X) (2] () (4) (X (3] () (i) ) @ ()
HHBEEEEE®® Sk (26 6 ) (1 E

Math
J1Z+5E 448
A= I
L-F= I
Ta thu dugc két qud m=7

—> Dap s6 chinh xacla A
VD3-[Thi thir S GD-DT tinh Ha Tinh nam 2017]

Trong khong gian véi hé toa dd Oxyz , cho duong thang d :% = yT+l = isz va miat phang
(P):x+2y—2z+3=0. M ladiém c6 hoanh do am thuoc d sao cho khoang cach tr M dén (P)
bang 2. Toa do diém M 14 :
A-M(-2;31)B.M (-15,-7) C.M(-2,-5,-8) D.M (-1,-3;,-5)
GIAI
»  Tabiétdiém M thudc (d) nén cé toa do M (1+t;—1+ 2t;—2+3t)
x=t
(biét dwoc didu nay sau khi chuyén d vé dang thamsé d :qy=-1+2t
z2=-2+3t

t+2(-1+2t)-2(-2+3t)+3
»  Thiét |ap phuwong trinh khodng cach : d (I\/I ;(P)) =2& ‘ i ( i ) ( _: )+ ‘ =2
17 +2°+(-2)

Nght dwoc téi day thi ta cé thé sir dung Casio dé tinh roi. Ta bAm ngan gon nhu sau
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A e () O] FH @D [IE D H RO ERO0EHR B E]
) ) ) H B @ B (= 2 @A g (B (B &)

Math
e

= i
= -1
0

T ke ™ e 1 kel 0"

[-R=
Khidét=—1=x=-1y=-3
= Pdp s6 chinh xacla D
VD4-[Pé minh heoa B$ GD-PT nim 2017]
Trong khong gian véi hé toa dd Oxyz , cho mat cau (S) c6 tam 1(2;1;1;) va mét phing
(P):2x+y+2z+2=0. Biét mat phang (P) cit mat cau (S) theo giao tuyén la mot dudng tron
ban kinh bang 1 . Viét phuong trinh mét cau (S).
A.(x+2)2 +(y+1)2 +(z +1)2 =8
B.(x+2)2 +(y+1)2 +(z +1)2 =10
C.(x=2)" +(y-1) +(z-1)° =8
D.(x—2)2 +(y—1)2 +(z—1)2 =10
GIAI
> M3t cau (X—a)2 +(y—b)2 +(Z—C)2 =R? sg co tam | (&;b;c) . vimat cau (S) c6 tam
1 (2;1;1) nén né chi cé thé 1a dap an C ho3c D
>  Tahiéu: Mit phang (P) cit mat cau (S) theo mdt giao tuyén |a dwdng tron ban kinh r =1 s&

thda man tinh chat R> =h? +r? véi h 13 khodng cach tir tdm | t&i mit phing.

Tinh tdm R? bing Casio.
AEEIwMRAXRQFHOXOBR XM EH R ® M (2] ()
FIZEDBRCCOIBEDDE

Math

[I2x2+1x1+2x1+fé
2241 E 428
— R?=10

—> Dap s6 chinh xaclaD
VD5-[Thi thir chuyén Khoa hec tw nhién lan 3 nam 2017]

Trong khong gian vai hé toa d6 Oxyz , cho dudng thang d : i O W

. Tinh khoang cach

2 -2
tir diem M (-2;1;-1) t6i d
A2 B.ﬂ c.ﬁ D.&
3 2 3 g
GIAI

>  Nhéc lai: Duong thang d cé vecto chi phuong q(l; 2;—2) va di qua diém N (1; 2;—2) c6 khoang

cachtir M dén d tinh theo cong thirc : d(M;d)zT
u

»  DEtinh khoang céch trén bang Casio dau tién ta nhap haivecto MN, U, vao mdy tinh.
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B NHONEHOEHER00EH0EEHEAEHEME

-.@@mg@@@B@@ .
o 3 1 Do | 2 ]
-1 -z
52

> Tinh d(M;d)=2.357022604 = ==

(o) ) fye) ) (5 (3) () () (3] (4 O () ) fyd (i) (3 (4] D) B
B Vot ieictE

2. 307022604

= Dap s6 chinh xaclaD
VD6-[Thi thir b4o Toan hec tudi tré lan 3 nim 2017]
X=2+t
Trong khong gian vai hé truc toa d6 Oxyz cho duong thang d :{y =1+mt va mat cau
7=-2t
(S):x*+y*+2°—2x+6y—4z+13=0 . C6 bao nhiéu gia tri nguyén ciia m dé d cét (S) tai hai
diém phan biét?
A5 B.3 C.2D.1
GIAI
>  Matcau (S):(x—l)2 +(y+3)2 +(z—2)2 =1 c6tam 1(1;-3;2) bankinh R=1
Puong thang d diqua M (Z;ZL' 0) va cé vecto chi phuong 6(1; m;—2)
Ta hiéu : Duong thang d cat mét cau (S) tai 2 diém phan biét néu khoang cach tir tam | (cla

mat cau (S)) dén duong thang d nhoé hon ban kinh R (clia mét cau (S))

‘W;G‘ J(8-2m) +0? +(4-2mY’
M) J(B-2m) 0 (4-2m)
‘U‘ \/12 +m? +(—2)2
J(8=2m) +0? +(4-2mY’
\/12 +m? +(—2)2
>  DE giai bai todn ta dung may tinh Casio v&i tinh ndng MODE 7 do nghiém cuta bat phuong trinh :

og) (7] (5 =) (A (8] (=) (2] (e ) O] (23 (1) (I (4] (=) (aew) O] O (2 @
@B BHEEEEDNEERE0NDE0E

= <1

= -1<0

F L " FIIH:I
il "l
I 7] B o o | 52 276

Ta dé dang tim dwoc tap nghiém clia m 13 {—3; —4,-5; —6;—7}
= Ddp an chinh xacla A

VD7-[Thi thir b4o Toan hec tudi tré lan 3 nim 2017]
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X=2+t
Trong khong gian vai hé truc toa d6 Oxyz cho duong thang d :{y =1+mt va mat cau
z=-2t
(S):x*+y?+2°—2x+6y—4z+13=0 . C6 bao nhiéu gia tri nguyén cia m dé d cét (S) tai hai
diém phan biét?
A5 B.3 C.2D.1
GIAI
> Matcau (S):(x-1)"+(y+3)° +(z-2)° =1cotam 1(1-3;2) bankinh R =1
Puong thang d diqua M (2;1; 0) va cd vecto chi phuong l](l; m;—2)
Ta hiéu : Buong thang d cat mat cau (S) tai 2 diém phan biét néu khoang cach tir tdm | (cla
mat cau (S)) dén duong thang d nhoé hon ban kinh R (cia mét cau (S))
[™:d] J(8=2m) +0? +(4-2mY’
—<ls =
‘U‘ \/12 +m? +(-2)
J(8=2m) +0? +(4-2mY’
\/12 +m? +(—2)2
>  DEé gidi bai toan ta dung may tinh Casio v&i tinh ndng MODE 7 do nghiém cla bat phuong trinh :

i DEECESEE00EEOEE0NE @
EmIPEECCEDNEEEEEDNUEDE

= <1

= -1<0

= o] Mat
i FH r F X
S| o doe I
I gl - |’ | 057 EA

Ta dé dang tim dwoc tap nghiém cla m 1a {—3; —4;-5; —6;—7}
—> Ddp an chinh xac laA
VD8-[Cau 68 Sach bai tap hinh hoc nang cao 12]
Cho duong thang d di qua diém M (0;0;1), c6 vecto chi phuong u(11;3) va mat phing (e) c6
phuong trinh 2x+y—z+5=0 . Tinh khoang céch giira d va («)
2 4 3 6

A- B.- C.—- D.—
5 3 2 5

GIAI
Tathay: GE =1.2+1.1+ 3.(—1) =0 = d chi cé thé song song hodc trung véi (a)

Khi d6 khoang cach gitta d va (@) Ia khoang cach tir bat ki 1 diém M thudc d dén (o)

Tabam:
PAERIFOEIHECEDIEEIDHDBE
| O+0-1+51
AZE 412422 d
S

=> D4p an chinh xac l1aB
VD9-[Cau 92 Sach bai tap hinh hec nang cao 12]
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X=3+t
Trong khong gian Oxyz cho duong thang A:{y=-1+2t . Goi A" la giao tuyén cua 2 mit phang
z=4
:(P):x—3y+z=0 va (Q):x+y-z+4=0 . Tinh khoang cach giira A,A"
2 g’ 2 b 16
J15 J21 J21 15
GIAI
>  DPuongthang A' cé vecto chi phuong u'= [nT,; E} = (2; 2; 4)
g (3) NN EEHBIEM0EW EROOEOEEA
(=) v (e (5] (3] (X (0] (B (4] (B
WETE

A — a ul

Z
Va A' diquadiém M '(0;2;6)

A

Puong thang A cé vecto chi phwong 6(1; 2;0) va diqua diém M (3; -1 4)
>  Tahiéu : khoang cach gitta hai dwong thang chi ton tai khi ching song song hodc chéo nhau
Ki€m tra sy dong phang clia 2 duong thang trén bang tich hdn tap MM [l], J}

Nhap ba vecto MM ', G, u' vao may tinh Casio

g 8] HEEEGEEEAEmEAMNHNEAE0E

MEEDDEREEE
I:'[ -3 ma-ﬂ B[ | me‘]
Z III
I:[ 2 mE_I]
d

Xét tich hén tap MM '[G,J‘} =-40#0 = A,A' chéonhau

»  Tinh d6 dai hai dudng thang chéo nhau = A, A" ta cé cdng thirc :

MM [ *] 20
d= -—[Eijr— — 4.3640.. = o

(o) @)yl (=) (4] (0) O (=) ) e () (5] (4) () (ter) (8] (B3] D) (B
fhs(-4001Abs Ve

4. 364357305

= Ddp an chinh xacla C
VD9-[Cau 25 Sach bai tap hinh hec nang cao 12]
X-2 y+1 z+3 . ., x-1 y-1 z+1
= = vad': = =
2 2 1 2

Cho hai dudng thang d :

. Khoang céch gitra hai
duong thang d,d" 1a:
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A.42 B.M c.2 D.2/3
GIAl
>  Duongthang d cé vecto chi phwong U = (1; 2 2)vé di qua diém M (2;—1; —3)
Puong thang d 'di qua diém M '(1;1;—1)

Dé thay hai duwong thang d, d ' song song vdi nhau nén khodng cach tir d ' dén d chinh 13 khoang
cach tir diém M ' (thudéc d ') dén d .
Goi khoang cach cantim la h tacé

]

- mw4f--mmam@@@@@--

RHOHEREREE N 6 e wm (5] (3] X b (5 (@) 0] () 6
by (1) (3] (4) D) &)

Bt Vot ielictE
1.8685618053

= Ddp an chinh xacla B
VD10-[Cau 26 Sach bai tap hinh hoc nang cao 12]

X=2+t X=2-2t'
Cho hai duong thang d:{y=1-t vad':{y=3 . Mat phang cach déu hai duong thang d va
2=2t z=t'
d' c¢6 phuong trinh :
A . x+5y+2z+12=0 B.x+5y-2z+12=0
C.x-5y+2z-12=0 D.x+5y+2z-12=0
GIAl

>  DPuongthiang d cé vecto chi phuong u= (1; -1 2) va di qua diém M (2;1; O)
Puong thang d' ¢ vecto chi phuong u'= (—2;0;1) va di qua diém M '(2;3; 0)
D& thay hai dudng thing d,d ' cheo nhau nén mt phang (P) cach deu hai duong thing trén khi
mat phang dé di qua trung diém MM ' va song song vé&i ca 2 duwong thang dé. .

>  Mat phang (P) song song vai ca 2 dudng thang nén nhan vecto chi phuong cla 2 duwdng thang 1a
cap vecto chi phuong.

=n, =[U;u"]=(-1-5;-2)

e BN HONEEOHERAEHmEAMNEHRE0E0)
=) v @) (8] (3) (X () (5] (&) (B

VCTE

" 5 -al

-1
(P) lai di qua trung diém | (2; 2;0) cla MM ' nén (P) 'X+5y+2z-12=0
= Pap an chinh xac 1a D
Bai 1-[Pé minh hoa B GD-PT lan 1 niim 2017] ‘
Trong khong gian véi h¢ truc toa do Oxyz , phuong trinh nao dudi day 1a phuong trinh cua mat cau
co tam 1(1;2;-1) va tiép xtic véi mat phang (P):x—2y—-2z-8=0 ?
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A. (x+1)2+(y+2)2+(z—1)2 =3 B. (x—1)2+(y—2)2+(z+1)2 =3
C. (x+1)2+(y+2)2+(z—1)2 =9D. (x—1)2+(y—2)2+(z+1)2 =9
Bai 2-[Thi thir b4o Toan hec tudi tré lan 5 nim 2017]

X=1+t
Tim diém M trén duong thing d ;1 y=1-t sao cho AM =+/6 véi A(0;2,-2):
z=2t
1,10 110 -1,3,-4
A. ( ) B. ( ) C. ( ) D.Khéng c6 M thoa
(25-1) | (-13-4) (2,1-1)

Bai 3-[Thi thir THPT Phan Chu Trinh — Pha Yén lin 1 nim 2017]

Cho (P):2x—y+z-m=0 va A(LL3) . Tim m dé d(A;(P))=+/6

A.{m=—2 B{m=3 C{mz—ZD_[mz—S
m=4 m=-9 m =10 m=12

Bai 4-[Pé minh hoa B GD-PT lin 2 nim 2017]

Trong khéng gian véi hé toa do Oxyz cho hai diem A(-2;3;1) va B(5;-6;-2). Buong thang AB

cat mat phang (Oxz) tai diem M . Tinh ti s6 %

aAMA_1 o MA_ L o, MA_
MB 2 MB MB 3 MB
Bai 5-[Cau 67 Sach bai tap hinh hec nang cao lop 12]

Tinh khoang cach tir diém M (2;3;—1) dén duong thang d 1a giao tuyén cta hai mét phang

3

(a):x+y—-2z-1=0va (a'):x+3y+2z+2=0 .

A /ﬁ B 205 c 205 D 215
24 15 J15 J24

Bai 6-[Cau 9 S&ch bai tap hinh hoc nang cao lép 12]
Cho A(LL3), B(-13;2), C(-12;3) . Khoang cach tir goc toa dd O dén mit phang (ABC) la:
A3 B.3 C.? D. %
Bai 7-[Cau 69b Sach bai tap hinh hgc nang cao lop 12]

x-1 y+3 z-4 va

Tinh khoang céch giira cap duong thang d : d
ing cAch giita cp duong thing 5 5
A. E B.—lz7 C. ,@ D. —386
4 4 3 3
Bai 8-[Cau 69c¢ Sach bai tap hinh hec nang cao lép 12]
X=2-t
Tinh khoang céch giira cap duong thang d : x=1_ y;Z = 2;3 vad'Jy=—1+t
7=
A7 gz v Ve
7 3 13 11

LO1 GIAI BAl TAP TU LUYEN
Bai 1-[Pe minh hga B¢ GD-PT lan 1 nam 2017]
Trong khéng gian vai hé truc toa d6 Oxyz , phuong trinh nao duédi day la phuong trinh ciia mat cau

co tam 1(1;2;-1) va tiép xtic véi mat phang (P):x—2y—-2z-8=0 ?
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A (x+1)2+(y+2)2+(z—1)2 =3 B. (x—1)2+(y—2)2+(z+1)2:
C. (x+1)2+(y+2)2+(z—1)2 =9D. (x—l)2+(y—2)2+(z+1)2 =
GIAI
Mt cau tiép xdc véi mét phang (P) khi d (I;(P)) =R
glnlraslolEbEliCHbEEbEEbEE
l1-d+Z2-51
J1Z 472428

£
d(1;(P))=3=R*=9=Dip s6 chi c6 thé la C hogc D
Ma ta lai c6 tAm mat caula | (1;2;—1) :>(S):(X—1)2 +(y—2)2 +(Z+1)2 =9
Vay dap s6 chinh xac la D
Bai 2-[Thi thir b4o Toan hec tudi tré lan 5 nim 2017]

X=1+t
Tim diém M trén duong thang d:{y =1-t sao cho AM =+/6 véi A(0;2;-2):
2=2t
;1,0 11,0 -1,3,-4
A. (L ) B. ( x ) C. ( ) D.Khéng c6 M thoa
(25-1) |(-13-4) (23-1)

GIAI
Goi diém M thudc d cétoa ddtheo t Ia M (1+t;1-t;2t)
Taco AM :\/EQ‘W‘:\/EQ‘W‘Z—G:O
S dung may tinh Casio tim t
MHOHEFIDEHOOOEBH OO SN O =2 0] H A 2] ke
IIIIC]IIIIEJEJJMIJ!HZ]E]ﬁﬂﬂﬂﬂ[][][j

Math Ex

C1+%-0IZ 40 1%tk ( 1+%=01Z 40 1=HoCb
3= 0 = £
[ —p= 0 L-R= n

Ta tim dworc hai gia tricta t
Voit=0=>M(LL0) , v6i t=—2=M(-13;-4)
= Dép an chinh xac 1a B

Bai 3-[Thi thir THPT Phan Chu Trinh — Phdi Yén lAn 1 nim 2017]
Cho (P):2x—y+z—m=0 va A(LL3) . Tim m dé d(A;(P))=+6

m=-2 = —_ -
A. g|M=3 c|M="%p|m=73

m=4 m=-9 m =10 m=12

GIAI

21-1+3-m|

22 417 4717
D6 13 khi ta nhdm, néu vira nhadm vira dién ludn vao may tinh thi lam nhu sau (dé tiét kiém thai gian)
B & b (2 F 0 HE) F @ 0 @ (a) (2) (3 (B [0 @ 3B 0 &

Mat
| Z—1+35-#1

JZE 1241 E

Thiét 1ap phuwong trinh khoang cach d (A; ( F’)) =6 = =6
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Tim nghiém ta str dung chtrc ning CALC xem gia tri ndo ctia m lam vé trai = J6 thila dung
) (51 (2] (=
c
|2—1+3-¥

JZEH1ZHE I

= Chi c¢6 A hoac C la dung

Math &

o @E
o} Math &
| 2—14+5—#]|
JZEH1ZHE .

Gia tri m=4 khong théa man vay dap an A sai = DPép an chinh x4ac 1a C
Bai 4-[Pé minh hoa B GD-PT lin 2 nim 2017]
Trong khong gian véi hé toa do Oxyz cho hai diém A(-2;3;1) va B(5;-6;-2). Duong thang AB

cat mat phang (Oxz) tai diém M . Tinh ti s %

) g ik D p. VA _4
MB 3 MB

GIAI

AR G WA
MB 2 MB

Mét phang (OXZ) c6 phuong trinh y =0

. . .~ MA ) R s > . x w3 n e s R .
Dé tinh ti s W ta str dung cong thirc ti s6 khoang cach (da gap & chuyén dé hinh hoc khéng gian )

MA _ d(A;(Oxz))
MB d(B;(Oxz))
Ta c6 thé dung may tinh Casio tinh ngay ti s6 nay

o DB O HEHOOEMOEBEHEHDE

Math A&
| O+5+0 |
| O+—5&4+0 | 1

Z
Ta hiéu ca hai mau s8 cla hai phép tinh khoang cach déu nhu nhau nén ta triét tiéu ludbn ma khéng can cho
vao phép tinh cta Casio
—> Déap s6 chinh xac la A
Bai 5-[Cau 67 Sach bai tap hinh hgc néng cao lop 12]
Tinh khoang cach tir diém M (2;3;-1) dén duong thang d la giao tuyén cua hai mat phing

Taco:

bat ké hai diém A, B cuing phia hay khac phia so véi (Oxz)

(a):x+y-2z-1=0va (a'):x+3y+2z+2=0 .

A 22 . ,[2% c.2> p. 222
24 15 J15 J24
GIAI
d 13 giao tuyén clia hai mit phang (a) va (a ') nén cung thudc 2 mit phang ndy = vecto chi phuong u
clia duong thang d vudng géc véi ca 2 vecto phdp tuyén clia 2 mit phang trén.
=u=[n;n,|=(8-42)
org (8) D D D E M EEH @ E e (8] (2) 1) (0] E B & (@) & @ (s
(5] (8] (X] fsurr) (5] (4] (]
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e S T )
Z
Goi diém N (X; y;O) thudc duong thang d = N (g;—g;Oj
[N ] 205

=3.8265...=,[—
N z
E][I]@E]@E]@E]E]@E]@E]@@@E]E]@@

(826 E = (@) E (2 =) o b fyd G (5] (3] (X) e (5] (4] O (=) (sner
bya () (5] (4) DI (&)

AbsVCtR=VCtE <k
3. 8265593635

— Dap s6 chinh xacla B
Bai 6-[Cau 9 Sach bai tap hinh hec nang cao lop 12]
Cho A(LL3), B(-13;2) , C(~12;3) . Khoang cach tir goc toa do O dén mit phang (ABC) la:

A3 B.3 c.? D.g

Khodng cach tir diém M dén duongthang d 1a: h=

c

GIAI
Vecto phap tuyén ctia (ABC) la n=| AB; AC |=(12;2)

@@B@@@@B@@@@B@@@@@@
(on) @) (5] (3] (X) r) (5] (4] (B

YCTE

A a a]

1
= (ABC):1(x-1)+2(y-1)+2(z2-3)=0 < x+2y+32-9=0
b Ak s s .. |o+0+0-9
Khodng cach tir O dén matphang (ABC) 13 h="———==
( ) V12422 422

—> Dap s6 chinh xacla B
Bai 7-[Céu 69b Sach bai tap hinh hgc néng cao lép 12]
x-1 y+3 2—4\/{3l LX+2 y-1 z+1

Tinh khoang céch gitra cip duong thang d : = d = =
ang céch giira cap dusng thang —== —=—= =
A. E B.—:I'Z7 C. ﬁ D. —386
4 4 3 3
GIAI

Puong thing d diqua diém M (1; -3, 4) va cé vecto chi phuong (2;1; —2)
Puong thing d ' di qua diém M '(—2;1;—1) va cé vecto chi phuong (—4; —2;4)
Dé thay 2 dudng thang trén song song véi nhau => Khoang cach can tim 1a khoang cach tr M ' dén d

:‘[M|EA;G]‘ 6.5489... - Y386
u ?

g 3D HEEAWEEHEEWERAMNEENEEHEE
(on) (stiFT) (ryp) (shiFT) (5] (3] (X (stFT) (5] (4] OJ (=) [stFr) (ryp) (shiFT) (5] (4] OJ (=)

Trang 235 Tai liéu lwvu hanh néi bo



TOM TAT KY THUAT SU’ DUNG CASIO - VINACAL HO TROQ GIAI BE THI MON TOAN 2017.

Ahs Vet Aot b
6. 549960901

=> Dap s6 chinh xac la D
Bai 7-[Céau 69b Sach bai tap hinh hec nang cao lop 12]

x-1 y+3 z-4 LX+2 y-1 741

Tinh khoang céch giita cip duong thang d : vad
ing céch giiia cip dudng thing = SRty
A. g B.—:LZ7 C. ﬁ D. —386
4 4 3 3
GIAI

* Puong thang d diqua diém M (1; -3, 4) va cé vecto chi phuong (2;1; —2)
Puong thang d ' di qua diém M '(—2;1;—1) va cd vecto chi phuong (—4; —2;4)

Dé thay 2 duong thang trén song song véi nhau = Khoang cach can tim |1a khoang cacht¢ M ' dén d

[M™:] 3%

- --65480.= Y2
u ?

oo (3) () (1) (=2 B) (B (4) (B (5 (5] (Z] wong) (8] (2] (1] (2
(on] 4] (v () (5 (3] (X (e (3] (4) ) (D (5]

AbsVCtR=VCTE -~k
b. 5459603901

= Dap s6 chinh xac la D
Bai 8-[Cau 69c Sach bai tap hinh hgc néng cao lép 12]

=
=
—
=
<
=]
[7)
=
=
—

x=2-t
vad':iy=-1+t
=

x-1 y-2 z-3
2 3

Tinh khoang céch gitra cap duong thang d :

13 Sl
GIAI

» puong thing d di qua diém M (1;2;3) va c6 vecto chi phuong 5(1;2;3)

A.¥ B.g C V26 D V24

Puong thang d ' di qua diém M '(2;—1; 0) va cé vecto chi phuong J’(—l;l;l)
D& thay 2 dudng thang trén chéo nhau => Khoang cach can tim 1a =

oo (8) (1) (1) (1) (B (51 (3] (B (=) (3] (=) (wone] (8]
BEMHEOEOE O] E) O () fy 6
(X e (5] (8] O] O (=) e () (1) (8] (4] (X] (suer) (8 (5] O (B

AbscVeth- CYotB«k
0. 3922322703

= Dap s6 chinh xacla C

]
—
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PHU'O'NG PHAP CASIO - VINACAL

BAI 26. TIM HINH CHIEU VUONG GOC TRONG KHONG GIAN.

1) KIEN THUC NEN TANG o ]
1. Hinh chiéu vudng géc caa mgt diem den mot mat phang
= Chodiém M (XO; Yo Zo) va mat phang (P)Z AX+ By +Cz + D = 0thi hinh chiéu vuéng géc H

cha M trén mat phfang(P) la giao diém cla dudng thang A va mat phang (P)
= A laduongthang qua M va vudng goc vdi (P) (A nhan E lam Q )
2. Hinh chiéu vuéng g6c cia mét diém dén mét dwong thing
. 5 X—X — Z—1Z .
» Chodiém M (X;;Yy;Z,) va dudmng thing d : v byN = N thi hinh chiéu vudng géc
a C
cia M lén duong thing d 1a diém H thude d sao cho MH Lu, < MH.u, =0
3. Hinh chiéu vudng géc ciia mét dwong thang dén mét mit phang
* Cho duong thang d va mit phing (P) . Hinh chiéu vuéng géc clia dudong thang d d&n méat phang

(P) la giao diém clia mit phang (a) va méit phang (P)

) la m3t phang dichra d va vudng géc véi (P)

(a
" (a) nhan E va n—P la cdp vecto chi phuong
(Oc) chira moi diém nam trong dudng thang d
4. Lénh Caso
= Lénh dang nhap mdi trvong vecto MODE 8
* Nhép théng sé vecto MODE 81 1
= Tinh tich v hudng cla 2 vecto : vectoA SHIFT 5 7 vectoB
= Tinh tich c6 huwdng cla hai vecto : vectoA x vectoB
= Lénh gid tri tuyét d6i SHIFT HYP
= Lénh tinh d6 |&n m&t vecto SHIFT HYP
= Lénh do nghiém cla bat phuong trinh MODE 7
= Lénh do nghiém cla phuong trinh SHIFT SOLVE

I1) Vi DU MINH HQA

VD1-[Thi thitr S GD-DT tinh Ha Tinh 14n 1 nim 2017]
Cho mit phang (a):3x—2y+z+6=0 vadiém A(2;-10) . Hinh chiéu vudng géc cua A Ién mt

phang () c6 toa do
A.(2-23) B.(LL-2) C.(10;3)D. (-L1-1)

GIAI
»  Goi H I3 hinh chiéu vuéng géc cla A lén (a) => Pudng thang AH song song védi vecto phap
X=2+3t
tuyén n, (3;-21)cta (o) = (AH):{y=-1-2t
z=t

= Toa d0 diém A(2+3t;—1—2t;1+t)

(Phan nay ta dé dang nham dwoc ma khdng can nhap)
>  Détim t ta chican thiét 1ap diéu kién A thuoc (a) 1 xong
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BORAHAEMOIEEMEAEOE @ M ) 0] &) fw )

B 6 & o 0 S
§c2+3x3—ﬁ?—13§ET
L-F= 0

>t=-1=H(-L1-1)
=> Dép s6 chinh xaclaD
VD2-[Thi Hec sinh giéi tinh Phu The nam 2017]
Tim toa d6 cua diém M ' ddi xtng véi diém M (3;3;3) qua mat phing (P):x+y+z-1=0

333 3 3 3
3 3 3 333

GIAl
>  Tuong ty vi du 1 ta nhdm dugc toa dé hinh chi€u vuéng géc H clia M 1én (P) 13
M (3+t;3+t;3+t)
>  Tinh t bang Casio.

BB D) HE)H e 0] H GE) & e 0) 5 [0 6 o (3

Math

atatItatati-]
A= -2.bbbbEEEE?
L-R= 0

Ta thu du0ct:—§:> H lll
3 333
> Vi A' d6ixirngvéi M qua H nén H 1a trung diém ctia MM ' . Theo quy tic trung diém ta suy ra
dwoc M —Z;—Z;—Z .
3 3 3
= Dép s6 chinh xacla C
VD3-[Thi thir THPT Quang Xwong — Thanh Héa lan 1 nam 2017]
x-3 y+1 z-1

Trong khong gian véi hé toa dd Oxyz , cho dudng thang d : : va diém
M (1,2;-3) . Toa do hinh chiéu vudng gdc cia diém M 1én dudng thang d 1a:
A.H(32,-1)B.H(L—-2-1) C.H(-L-2-1)D.H (32;1)
GIAI
>  Goi H 14 hinh chiéu vudng géc ciia M 1én duwong thang d .
X=3+t
Puong thang d cé phuong trinh thamsé < Yy =-1+t = Toado H (3+ 2t;-1+1t;1+ 2’[)
z=1+2t
MH Ld = MH.u, =0 véi u, (2,1,2)
> Sirdung mdy tinh Casio bdm :
QUOAHAEEOEOOBHOEOBRE =R 0O EH

RIOMH®H E M) ] E = E) 0] 6 g (1 &
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o} Math
ALA+2A-1 0+ (-1+5F
A= -1
L-R= I
Khido t=—1=H(1-2;-1)
=> Dép s6 chinh xac 1a B
VD4-[Thi thir chuyén Khoa hec tw nhién lan 2 nim 2017]

Trong khong gian véi hé toa 46 Oxyz , cho dudng thang d : X_ll = yIZ = Z;rl va diém A(2,-11)

.Goi | 1a hinh chiéu vudng goc cia A 18n d. Viét phuong trinh mit cau (C) c6 tam | va di qua
A

A X +(y- 3) +(z- 1)
B.x*+(y- 3) +(z— )
C.(x— 1) +(y- ) (z+1)2

D.(x-1)° +(y—2)° +(z+1)° =1

0

2
5

GIAI
> Diém | cétoadd | (1-t;2+t;-1+t)
>  Thiét |1ap diéu kién vudng géc < ﬁq =0

HOOOEHEOEROBEOREHEEEHO I ®E
BOEME R W0 E [ 0] Eb o (10 &

Math

10152+ 245
= 0
L-R= 0
=t=0=1(12-1)
> Ve 1(L2-1) va A(Z-L1) taco: R = 1A2=[1A] =14

ood (8) R HMNEHMEHEE O EE O E o 6 fe

m@@ﬁg@m@
ANs<
14

—> Dap s6 chinh xaclaD
VD5-[Thi thir chuyén Khoa hec tw nhién lan 1 nam 2017]

Cho duong thang d : x-1_y+l_x-2

. Hinh chiéu vudng goc cia d 1én mat phiang (Oxy) la:

1
Xx=0 X=1+2t X=-1+2t X=-1+2t
Acy=-1-t B.qy=-1+t C.qy=1+t D.qy=-1+t
z=0 z=0 z=0 z=0

GIAI
>  Tahiéu: Hinh chi€u vudng géc d ' cla d 1én mat phang (Oxy) la giao tuyé&n clia mit phang (a)
chira d vuéng géc véi (Oxy) va mat phang (Oxy)

> Mt phang (a) chra d va vuéng goc voi (Oxy) nén nhén vecto chi phuong 5(2;1;1) cla duong
thang d va vecto phép tuyén @(0; 0;1) la cdp vecto chi phuong
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=1, =[ Ui | =(-2:0)

g BN AEMNEONEEEAHOEMNEMNE W
e (5] (3] (X) () (5] (4) (2]

o -2 0l

Hon nita (a) di qua diém cé to:dé (1;—1;2) nén cé phuong trinh :
(a):1(x-1)-2(y+1)+0(z-2)=0 < (a):x—-2y-3=0
(a):x—2y—-3=0
(Oxy):z=0

»  Phuongtrinh ctia d' cé dang { . Chuyén sang dang tham sé ta c6 :

Uy =[ Noyin, = (-2-1,0

)
g 8] DN EEHEE0EmmEAMNMO0E0O0EME
(on) @) (5) (3] (X () (5] (4] (B
Flnﬁ - !

CTE

=1 ol

-Z
C6 3 dap an thda man vecto chi phuong cd toa do (—2;—1; 0) I3B,C,D
Tuy nhién chi cé dap an B chira diém M (1; -1 0) va diém nay ciing thuéc d'
= Dap s6 chinh xac la B
VD6-[Céu 61 Sach bai tap hinh hec néng cao 12]

x_z+a
2
Viét phurong trinh hinh chiéu vuéng goc cia duong thang d :{y=-2t trén
z=-2t

(a):x+2y-2z2-2=0

L3 3
AX5_ "2 2 x5 Y75 1z
— 2 1 4 2 1
3 3
x-5 Y5 7 _x+5 Y75 g
4 2 1 4 2 1

GIAI
> Lap phuong trinh mat phdng (,B) chira d va vuéng gbc voi (Ot)

n, =[ugin, |=(848)

g 8] EEEHEAEEHEEKERANOEREE
(213 @ @) (5] (3) (X) e (3] (4) (B

A — 4 gl

&
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(,B) di qua diém (%;O;Oj nén c6 phuong trinh 8(X—%j+8y+82=0 & 2X+2y+22-7=0

2X+2y+22—-7=0
> Tacéod':
X+2y—-22-2=0
Tinh E =[nj;@} = (—8;6;2) = ﬁ(—4; 3;2) cling 1a vecto chi phvong cta d'
Y‘"§
Puong thang d ' lai di qua diém (5;—%;0) nén cé phuong trinh : X—_45= 5 2 =§

= Dd&p 4n chinh xac la A

BAI TAP TU LUYEN

Bai 1-[Thi thit THPT Pham Vin Pong lan 1 nim 2017]
Hinh chiéu vudng goc ctia A(-2;4;3)1én mat phang (P):2x—3y+6z+19=0 c6 toa dd Ia:

20 37 3 2 37 31 . )
A. (3-12) B. (——;—;—jc. (_E;E;EJ D. Két qua khac
Bai 2-[Thi Hoc sinh giéi tinh Ninh Binh nim 2017]
Trong khong gian véi hé toa do Oxy cho mit phang (P):x+y-z-4=0 vadiém M (L-2;-2)
.Tim toa do diém N ddi xtng véi diém M qua mét phang (P)
A.N(3,4,8)B.N(3,0,-4) C.N(3;0;8) D.N(3;,4,-4)
Bai 3-[Thi thir chuyén Khoa hec tw nhién lan 1 nim 2017]
Cho A(5;13),B(-5,1;-1),C(1-3;0),D(3;,-6;2). Toa do ciia diém A' ddi xtng v6i A qua mat
phing (BCD) la:
A.(-L7:5) B.(L7:5)  C.(L-7;-5)D.(L-7;5)
Bai 4-[Thi thir chuyén Khoa hec tw nhién lan 2 nim 2017]

X+l y z+2

Trong khong gian véi hé toa dd Oxyz cho dudng thang d ey W mat phang
(P):—x+y+2z+3=0 . Viét phuong trinh hinh chiéu vudng géc ciia d trén mét phang (P) .
A.x—2:y—1:z+1 B.x+2:y+1:z—1

1 1 -3 3 1 1

x-2 y-1 z+1 D Xx+2 y+1 z-1
3 1 1 1 1 -3
Bai 5-[Céu 75 Sach bai tap hinh hgc néng cao lép 12]
Cho ba diém A(-13;2),B(4;0;-3), C(5-1L4) . Tim toa do hinh chiéu H cua A 1én duong
thang BC
17 17 17 17 17 17 17 17 17 17 17 17

Bai 6-[Cau 76 Sach bai tap hinh hgc néng cao lop 12]

Tim toa do diém ddi xtng ciia M (—3;1;-1) qua duong thang d 1a giao tuyén cua hai mat phang
(a):4x-3y—-13=0va (B):y—-2z+5=0
A.(-2,-5,-3)B.(2,-5;3) C.(5-7;-3) D. (5;,-7;3)

Bai 7-[C&u 22 Sach bai tap hinh hgc néng cao lop 12]

C
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Cho duong thang d : > =1 T 1 . Hinh chiéu vudng géc cua d trén mat phang toa do

(Oxy) la:
x=0 X=1+2t X=—1+2t x=-1+2t
A y=-1-t B.iy=-1+t C.iy=1+t D.qy=-1+t
z=0 z=0 z=0 z=0

LOI GIAI BAI TAP TU LUYEN

Bai 1-[Thi thir THPT Pham Vin Pong lan 1 nim 2017]
Hinh chiéu vudng goc cua A(-2;4;3)18n mat phang (P):2x—3y+6z+19=0 c6 toadd la:

A. (3-12) B. (—E;ﬁ;éjc. (_Z 3r. ﬁjD Két qua khac
7T 77 55 5
GIAI
X=-2+2t
Puong thang A chira A vavudng goc véi (P) c6 phuong trinh : <y =4-3t
z=3+6t

Piém H 1a hinh chiéu vuong goc cua A 1én (P) nén co toa do H (—2+ 2t;4—3t;3+6t)

Tinh t bang Casio

- QOEAEHAEMDOEEMABEEEYOIDHEAE]
IIEjlllllllllC]leﬂlﬂﬂmj[j

Math

D -2+2% 130 4- 35k
A= -0.428571428
L-R= I

Chuyén t vé dang phan thtc
(s (e () (Z)
=
ANs+A

Math &

Vayt:—gz H(—@;gﬁj

Vay dap sb chinh xac 1a B
Bai 2-[Thi Hoc sinh gié6i tinh Ninh Binh nam 2017]
Trong khong gian véi hé toa @ Oxy cho mat phang (P):x+y—-z-4=0 vadiém M (1-2;-2)

=]t

.Tim toa do diém N doi xang véi diém M qua mét phang (P)
A.N(3,4,8)B.N(3,0,-4) C.N(3;0;8) D.N(34,-4)

GIAI
Xx=1+t
Phuwong trinh A:<y=-2+t = Toa d6 hinh chiéu H (1+t;—2+t;—2—t)
7=-2-t

Tim t bang Casio ta dugc t =1
& e O (= 2 3 wew O] (= (A = @) =) bew) B B (=) (49 () Ca) (7
B
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Math

S G
A= 1
L-R= I
Vi t=1=H(2,-1-3) = N(3,0;,-4)
= Dép an chinh xac 1a B
Bai 3-[Thi thir chuyén Khoa hec tw nhién lan 1 nim 2017]
Cho A(5;13),B(-5,1-1),C(1-3,0),D(3;,-6;2) . Toa d ciia diém A’ d6i xing véi A qua mat
phang (BCD) la:
A.(-L7;5) B.(1,7;5) C.(L-7,-5)D.(L-7;5)

Tinh vecto chi phwong cua (BCD

.u=[BC
E]E]E]E]E]@E]E]@E]E]E]@E]E]E]E]
B EX

2 (1]
%E]E]@E]E]@E]E]@@E]E]E]@SHIFT stiFT) (5] (4]
e -0 -1

-5
(BCD)qua B(-5;1;,—1) =(BCD):-5(x+5)—10(y-1)-10(z+1)=0
& X+2y+22+5=0
Goi H 13 hinh chiéucda A lén (BCD) = H (5+t;1+2t;3+2t) . Tinh t

frooe) (1] (5] () () OJ () (2) (D ) (B (2) () ) ) () (2] (A (3 () (2] () O]
DI E® E) el @) &

Math

S+ 2( 1+21)+20 30
= -2
[-R= i

=t=-2=H(3-3-1) = A'(L-7,-5)
= Pap an chinh xac 1a C .
Bai 4-[Thi thir chuyén Khoa hoc tw nhién lan 2 nam 2017]
X+l y z+2

Trong khong gian véi hé toa d6 Oxyz cho duong thang d : = va mit phang
(P):=x+y+2z+3=0 . Viét phuong trinh hinh chiéu vudng géc cua d trén mat phang (P) .
A.x—2=y—l=z+l B.x+2=y+1=z—1
1 1 -3 3 1 1
C.x—2:y—1:z+1 D x+2:y+1:z—1
3 1 1 1 1 -3
GIAI

Lap méat phang (a) chira d va vubéng gbc voi (P) = E = [@, E] = (1; —7;4)

g (8] DN RERAEEEWERAHEOHEOE R E o
BB X (6] E

T - ul

1
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(a):(x+1)-7y+4(z2+2)=0<>x—-Ty+4z+9=0

X=7y+4z+9=0

Puong thang d cé phwong trinh tdng quét { . D& 5o sanh két qua ta phai chuyén

—X+y+2z+3=0
phuong trinh dudng thang d vé dang chinh téc
Tacod: u, = [Eﬁ] =(-18,-6;,—6) = 6(3;1;1) ciing la vecto chi phuong cua d
(8NN EEDEEAEmEZNEHMNEMNERE ™
(5 (3] B@E
VTR

" -5 -l

-15

Hon nita diém M (2;1; —1) cling thuéc d = Phuong trinh chinh tic d : X=2 = y-1 _Z +1

1 1

= Dap so6 chinh xacla C
Bai 5-[C&u 75 Sach bai tap hinh hoc néng cao l6p 12]
Cho ba diém A(-13;2),B(4;0;-3), C(5—14) . Tim toa do hinh chiéu H cua A 1én dudng

thang BC
17 17 17 17 17 17 17 17 17 17 17 17
GIAI
Puong thang BC nhan vecto BC (1; —1;7) |3 vecto chi phwong va di qua diém B(4; 0;—3)
X=4+t
=BC:{y=-t
z=-3+7t

Goi H 14 hinh chiéu vuong goc cia A 1én BC=H (4+t;—t;—3+7t)

M3t khac AH | BC = AH.BC =0.
ooy (D ([ @B e D) EE=0O00E0EeM =200 FE@AE
@E]@@E]

(4+¥-—1)=(=K-31
W= [.5294117647
[ —R= 0

Chuyén t vé dang phan s6

Math &
ANS+A
2
17
17 17 17 17

= Dap s6 chinh xac la A
Bai 6-[Cau 76 Sach bai tap hinh hec nang cao lép 12]
Tim toa d¢ diém doi xing ciia M (-3;1;,—-1) qua duong thang d 1a giao tuyén cua hai mat phang
(a):4x—-3y-13=0va (B):y-2z+5=0
A.(-2,-5,-3)B.(2,-5;3) C.(5-7;-3) D. (5-7;3)
GIAI
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N ~ > v 2 ~ . \ » , 4X_3y_13:0
* d 13 giao tuyén clia 2 mit phang (a);(ﬂ) nén c6 phuong trinh tong quat :
y—2z+5=0

= Vecto chi phuong cia d 13 Uy = [@; @} =(6;8;4) = nhan 6(3; 4;2) Ia vecto chi phuong

g ] EEEGEE0EWEEAHNDENEEHRE W
) (8] (3) (X) () (5] (4] (B

A — B ul

=]
X=4+3t
Puong thang d c6 vecto di qua diém N (4;1; 3) nén c6 phuong trinh tham sb { y =1+ 4t
z2=3+2t

= Piém H 13 hinh chi€u vudng géc cia M |én dudng thang d nén cé toa do M (4+3t;1+ 4t: 3+ 2t)
Mit khéc MH Ld = MH.U=0

foog (B[O @HBEMEEE0EHEOMEH A E D)= 0]
DRFFEEAHREDEE0 0 6 D E

Math

L A+3A——31+4 01+
A= -1
L-F= I
=>t=-1=H(3-31)
M ' déixtng M qua d vay H 1a trung diém MM '= M '(5;-7;3)
= Dép s6 chinh xaclaD
Bai 7-[Céu 22 Sach bai tap hinh hgc néng cao lop 12]

X=1_ Y+l 222 ok chiéy vudng goc cua d trén mat phang toa do

Cho duong thang d :

1
(Oxy) la:
x=0 X =1+ 2t x=-1+2t [X=-1+2t
Ajy=-1-t Biy=-1+t C.iy=1+t D.qy=-1+t
z=0 z=0 z=0 z=0

GIAI
* Dung mat phang (a) chira duong thang d va vudng géc véi (Oxy) = E = [E, ny} = (1; -2; O)

g (8] D AIEMEOHEK(EEOHOEOE0)E o @Hm (E

OXEEOE
T -z ol

1
Mét phang (a) chira diém N (1; -1 2) nén cé phuong trinh 13 :

(a):(x-1)-2(y+1)+0(z-2)=0<x—2y-3=0

» Puong thang d' 13 hinh chiéu vudng géc clia duong thang d 18n mét phang (Oxy) = d ' 13 giao tuyén

ca (a) va (Oxy):d';{::(z)y—3=o
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Tinh uy =|n,;ng, |=(~2-1;,0) = nhan u(2;1,0) I vecto chi phuong

g 8] HEEEAE0EWE (@) (2 0])0)E 0 E 0 E o 6@

(5] (3] (X] (stF) (5] (4] (Z)
iTE
AN

i -1 ol
-Z

X=1+2t

Lai c6 d' qua diém c6 toa do (1;—1;0) =d":qy=-1+t

z=0

= Pép sd chinh xacla B
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PHU'O'NG PHAP CASIO - VINACAL

BAI 27. TINH NHANH THE TiCH CHOP, DIEN TiCH TAM GIAC.

1) KIEN THUC NEN TANG
1. Ung dung tich ¢6 hwéng tinh dién tich tam giac

11— ——
* Chotam gidc ABC c6 dién tich tam gidc ABC tinh theo cong thirc S = E‘[AB; AC]

e, [m5c]
*  Ungdung tinh chidu cao AH cutatam giac ABC : AH = —28C —

B

2. Ung dung tich ¢6 hwéng tinh thé tich hinh chop
* Thé tich hinh chép ABCD dugc tinh theo cong thirc Vg = %‘E [A—C, ﬁ]‘
Woen ‘AB[AC;AD]‘

= ng dung tinh chiéu cao AH cla hinh chép ABCD : AH = T
Seco ‘[BC; BD]

3. Lénh Caso
= Lénh dang nhap moi trwong vecto MODE 8
Nhap thdng s6 vecto MODE 81 1
Tinh tich vé hudng clia 2 vecto : vectoA SHIFT 5 7 vectoB
Tinh tich c6 hudng cla hai vecto : vectoA x vectoB
Lénh gia trj tuyét d6i SHIFT HYP
Lénh tinh d0 I&n mot vecto SHIFT HYP
Lénh do nghiém cta bat phuong trinh MODE 7
Lénh do nghiém cla phuong trinh SHIFT SOLVE

I1) Vi DU MINH HOQA

VD1-[Cau 41 dé minh hoa vao PHQG HNnim 2016]
Cho 4 diém A(L0;1) , B(22,2) , C(52;1) , (4;3,-2) . Tinh thé tich t&: dien ABCD
A.6 B.12 C.4D.2

GIAI
> Nhap théng sé ba vecto E,E,E vao may tinh Casio

g (83) D (N 21 EH [ E) (2) (= (0] E 2 (=) (3] (=) ovg (8] (2] (3] (5]
HOEAEH0EM0NEHAOERKEEEMNEEEER I
E]E]@E]\g]@ e
I:I[ I 2 ] B[ u 2 I ]

WLTE 1 H
I:[ 3 3 Y]

-3

, , (| I —
> Ap dung cong thirc tinh thé tich V,5.p = E‘AB[AC; AD] —4

(on) (suer) (ye) (snir) (8] (3] (eer) (8] (@) (3 (ewr) (5 (8] (X ) (8] (81 O ) () (€]
B
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AhsiVetA- (YotExe

|
= Dap s6 chinh xacla C .
VD2-[Thi thir chuyén Khoa heoc tw nhién lan 1 nam 2017]
Cho A(21-1), B(3;0;1), C(2;-13) . Diém D ndm trén truc Oy va thé tich te dién ABCD bang
5.Toadocua D la:

- (0-7:0) (0:7:0)
A.(0;-7;0) B. (0:80) C.(0:80) D (0;-8;0)
GIAI

> Taco:V —=[AD[ AB;AC | =5 < AD[ AB:AC |-+30
»  Tinh [ﬁ, R} bang Casio ta dwoc [E, E] = (0; —4: —2)

g BN HHNEEOHEAEmEEMNMOMEEHEREA)
= o &) (5] (3] (X) (et (5) (4) B

A
" oy -zl
I:I —_—
>  Diém D ndmtrén Oy nén cé toadd D(0;y;0) = AD(-2;y-11)
Né&u E[E;A_c'} ~130

oo DO X OEHROOEEMAEDEOUIERXOE

BOEEDE

0 -21-40%-1)-25
= i
L-R= 0

Tathuduwoc y=—7= D(O; —7;0)
Néu ﬁ[ﬁ-ﬁ]:-so

@ @ @ e ([H) [ e (1) (E)

Math

00 -2)-4(5-1)-2¢
A= 0
L-R= I
Tathuduwoc y=8= D(O;8;O)
= Dap s6 chinh xacla B ) .
VD3-[Thi thit THPT Lwong The Vinh — Ha Ngi lan 1 nam 2017]
Trong khdng gian vai hé toa do Oxyz cho A(1;2;0), B(3;-11), C(LL1). Tinhdiéntich S cua
tam giac ABC

A.S=+3B.S=2 C.S—ED is -1

GIAI
>  Nhap 2 vecto AB, AC vao may tinh Casio

@@@@B@@@@@@@@Eﬂﬂ@@
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]
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[ g -3 1] [ ] -1 ]

>  Dién tich tam giac ABC duoc tinh theo cong thirc: S 5. = %‘[E, A—C] =1.732..=3

(o) ) fye) 1) (5 (3) (%) () (B) (A) D) I 1 &
fbs (Yot ielict B2

1. 722050505

=> Dép s6 chinh xac la A
VDA4-[Thi thit THPT Vinh Chén — Phu Tho lan 1 nim 2017]
Cho hai diém A(l 2; 0 4 1 1 bo dai duong cao OH cuatam gidc OAB la :

A.L D. %
J19 \/ \/ 11

GIAI
>  Tinh dién tich tam gidc ABC theo cong thirc S,z = %‘[ﬁ, @]‘

g )N HERAE00EmEEBHEAEHEMNE W
() fye) (1) (3) (31 (X)) () A ) (H (2 &

fhs Vet aCtR) <2
3.674234614

Vi gia tri dién tich nay 1& nén ta lvu vao bién A cho dé nhin

(stF7) (Red) ()
ANS+H

3.674234614
25

) 1
»  Goi h lachiéucao hatir O dénday AB ta cé congthirc Sy, = Eh.AB < h=—

VCTE

>  Tinh d6 daicanh AB = ‘ﬁ‘

g (8) ) B1E F 0 E [ E o &) byl () (5) B ) &
BhsCYCta)

3.31662474

Gid tri nay 18 ta lai lvu vao bién B

(sFT) (ReL) £2+9
Ans+B

YCTE

3.31662479
2A

= h=——=22156...=
B

(2] (i) (©) () () o) (E]
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2. 215646838

—> Dap s6 chinh xac laD ) .
VD5-[Thi thir bdo Toan hoc tuoi tré lan 4 nam 2017]
Trong khong gian véi hé toa do Oxyz cho tar dién ABCD co

A(2;3,1),B(4;1-2),C(6;3;7), D(-5;,—4;8) . B dai duong cao ke tir D cua tir dién 1a :

A.11B. E C. £D i
7 5 3 Q
GIAI
, o s gia u , l—=r-—=-——= 154
>  Tatinh duwoc thé tich ca t& dién ABCD theo cong thire V = E‘AB[AC AD] =—

3

g 8] HRAEEREEEHEE W (E)2 0@ E 0] 6
S (8] B] (1) H (@ E EH @ E @ =) o) () fye) (s (5 (3] (sur) (5
DO E @ XEDEENNEEE

AbscVeth- CYotB«k
Bl.53333533

»  Goi h 1akhodng céchtir D =V =%h.8ABC =h= v _ 14 :

SABC SABC

»  Tinh S, theo cong thirc S,z :%‘[E,E] =14

() fye) () (5) B) X @) (5] (@ ) B (2 B
Hhs (Yt ECtR) <2

14

Khidé h = 154 =11
14

= Dép s6 chinh xacla A .
VD6-[Thi thit THPT Nguyén Pinh Chiéu — Binh Pinh lan 1 nim 2017]

Trong khong gian véi hé toa dd Oxyz cho A(15;0), B(3;3;6) va d: XTH :y—_llzg . Piém M
thuoc d dé tam giac MAB c6 dién tich nho nhét c6 toa d6 1a
A.M(-L10) B.M(3,-L14) C.M(-3;2,-2)D.M (%0;2)
GIAI
> Dién tich tam gidc ABM duwoc tinh theo cdngthirc S = %‘[E,m] 2SS = ‘[E,m]
> Véi M(-L1L0) tacs 25 =29.3938...
g (83 D RAIEEHREEEEEwEROEHRAEEM@E
(0] (=] (o) (stF) foye) (st (5] (3] (X] (stF) (B (4] O] (E
WETE

AbsCVetR=VELE)
29, 529357691

> V6i M(3-14) taco 25 =29.3938...
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ko) (8] (2) (1) 21 B =2 (6] B (4) (B (o) (5w fye) (i) (8] (3] (X) str) (5] (4]
DE

Ahs Vet AYCER )
29, 39387691

> V6 M (—3;2;—2) tacé 2S5 =32.8633...

oog (3] 2 B @ EEH B E = @ E @ 6 by 6 (5] (3] (X) (e
BlEANE

Ahs Yoty CtE)
92, 86335345

> V6 M(L0;2) taco 2S =28.1424...

oo} (8] (2) (1) (0) (B (2 (8] B (2] (=) (@] (suer) (ys) () (5 (3] (XD (stF) fye) (4)
(D 0D () (5) [3) D) B

A (Wt CEE)
28.14249456

So sdnh 4 d4p s& = Dap an chinh xacla C

BAI TAP TU LUYEN

Bai 1-[Cau 1 trang 141 Sach bai tap hinh hoc nang cao lép 12]

Cho A(2;-16) , B(-3;-1-4), C(5-10), D(L2;1) . Theé tich tt dien ABCD bang :

A. 30 B. 40C. 50D.60 .

Bai 2-[Thi thir chuyén Khoa hoc tw nhién lan 1 nam 2017]

Cho bon diem A(a;-16) , B(-3;-1-4) , C(5;-10) , D(1;2;,1) vathé tich cua te dien ABCD
bang 30. Giatricua a Ia:

A.1B.2 C.2hoac32 D.32

Bai 3-[Thi thir THPT Phan Chu Trinh — Ph(i Yén lan 1 nim 2017]

Viét phuong trinh mét phang (P) di qua M (1;2;4) va cét cac tia Ox,0y,Oz lan luot tai A, B,C
sa0 cho Vs =36
AlidiZor BX YL Zoy ¢ XiY.Z_1D Papankhic
3 6 12 4 2 4 6‘ 3 12
Bai 4-[Thi thit THPT Nho Quan — Ninh Binh lan 1 nim 2017]

Trong khong gian véi hé toa do Oxyz cho A(0;10) , B(2;2;2) , C(~2;3;1) va dudng thang
x-1 y+2 z-3

PR . Tim diém M thudc d sao cho thé tich tir dién MABC bang 3

al_3..31)( 159 11 g(_3..3.1)( 15911
2" 4'2)' 274" 2 5" 4'2)' 27472

c[d-2l)(m el b (3..3.1)(15.9.11

2" 4'2)\ 2742 \5" 4'2)( 2742

Bai 5-[Cau 4 trang 141 Sach bai tap hinh hec néng cao lop 12]

Cho A(0;0;2) , B(3;0;5) , C(11;,0), D(4;1;2) . Po dai duong cao cua t dién ABCD ha tir dinh
D xubng mat phang (ABC) la:

d:
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LOI GIAI BAI TAP TU LUYEN

Bai 1-[Céau 1 trang 141 Sach bai tap hinh hec nang cao lop 12]
Cho A(2-16) , B(-3,-L-4), C(5-10), D(121) . Thé tich t dién ABCDbéng :
A. 30 B. 40C. 50D.60

GIAI
Thé tich tir diéen ABCD duwoc tinh theo cong thire V —%‘AB[E ﬁ]‘:so
boog ] D EHEEOEEHMOE M (E2AEBE0E = (E
Eiog (8] B (1= EEE ) (5 (=) N s by (e (5] (3] () (8] (7) (O
m@@-m@@--@@@
ﬁhSE'-.-'I:tFl l:'-.-'I:tEl}ib
a0

Vay dap s chinh xac 1a A )
Bai 2-[Thi thir chuyén Khoa hoc tw nhién lan 1 nam 2017]
Cho bon diém A(a;-16) , B(-3;—-1-4) , C(5,-10) , D(12;1) vathé tich cua tt dign ABCD
bang 30. Giatricua a la:
A.1B.2 C.2hoac32 D.32 i
GIALI
Vi diém A chira tham s& nén ta wu tién vecto BA tinh sau cling. Cong thirc tinh thé tich ABCD ta sip

xép nhusau:V = %‘ﬁ[ﬁ,ﬁ]
Tinh | BC; BD |=(~12;-24;24)

--%.@@@@@@@@@@@@E}@

E

-2y aul

-1z
Tac6 V= [BA[ BC;BD | =30 <> BA[ BC; B | - £180

Vi ETA[E;@] -180 = ﬁ[s_c';ﬁ]—lso =0=a=2

oo DEHHD A OEHEBMNERGE X 0 ®H 2@ I E)®HE]
DIE M @) ) ki (1 &

Math

125+ -2+ 2

A= o

L-R= 1
Véi ﬁ[%-@] - 180 = B—A[%-@} +180=0 =>a=32
@OO®® - .M@ 1 (ac) (4] (=

—-1208+3]- E-'-‘#EHEP

A= e

L-R= 1
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= DPap an chinh xac 1a C .

Bai 3-[Thi thit THPT Phan Chu Trinh —Phu Yén lan 1 niam 2017]

Viét phuong trinh mat phang (P) di qua M (1,2;4) va cét cac tia Ox,0y,Oz lan luot tai A, B,C
sa0 cho Vgpe =36

X VA
A.—+X+—=1 BX Y, Z 4 C.§+X+i=1D.Dépénkhéc
3 6 12 4 2 4 6 3 12
GIAI
Trong cac dap 4n chi cé mat phang & dap an A di qua diém M (1;2;4) cho nén ta chi di kiém tra tinh
dung sai ctia dap an A
y

. 5 5 X
Theo tinh chat clia phuwong trinh doan chan thi mat phang (P) : §+E

luwot tai 3 diém A(3;0;0),B(0;6;0),C(0;0;12) . Hon nita 4 diém O, A, B,C Iap thanh mét tit dién
vuéng dinh O

+ é =1 cét cac tia Ox,0y,0z Ian

Theo tinh chét cta ti dién vudng thi Vyge = %|OA||OB| loc|= %.3.6.12 =36 (dung)

= Dép an chinh xac la A .

Bai 4-[Thi thit THPT Nho Quan — Ninh Binh lan 1 nim 2017]

Trong khong gian véi hé toa dd Oxyz cho A(0;10) , B(2;2;2) , C(—2;3;1) va dudng thang
x-1 y+2 z-3

TR . Tim diém M thudc d sao cho thé tich ti dién MABC bing 3

2 42 2 4 2 5 42 2 4 2
2 42 4 2 5 4 2 2 4 2
GIAI

Piém M thudc d nén céd toadd M (l+2t;—2—t;3+ Zt)

d:

Thé tich t& dién MABC duoc tinh theo cong thirc V :%‘W[E;A—c]

--BE@@B@@@--@@B@@@@E@.E
(5 B X &M (8] (@) (=)
" WTE-ua 6]
-
TacéV:%‘m[—B,A_C ‘=3@m[ﬁ;A—C}=ﬂS
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Taduo’ct=—§:>|\/| _§;_§;£
4 2 22

Vi AM | AB;AC |=-18 <> AM | AB; AC |+18=0
R0 rang chi co dap sd A chira diém M trén = A 1a dap s chinh xac
Bai 5-[C4u 4 trang 141 Sach bai tap hinh hoc nang cao lép 12]
Cho A(0;0;2) , B(3;0;5) , C(11;,0), D(4;12) . Bo dai duong cao cua ti dién ABCD ha tir dinh
D xuéng mat phang (ABC) la:
1
A11B.—=—C.1 D.11
Vi1
GIAI
0.5

Tinh thé tich t& dién ABCD theo cong thirc V = —‘AB

C; AD
EELIDENENEEERNDENEEREmE
BONEOENE0ENEMBEEREEE D0 E X
GEEMMEGE

AbsCYCEA- CVoEB=k
0.5

. . 1
Goi h 1a chiu cao can tim . Khi d6 V5o = gh.SABC <h=

3S

Tinh di¢n tich tam giac ABC theo cong thuc S,;. = %‘[E A—C]
(o) (4] [yl (i) (5 (3) (X) () (3 (4) ) (5 (2) (&) ) ) (©)
AhSCMCLECEE =2 Anssh

4.974937186 4.974937186
Vay h= Si\:c ~0.3015... = ﬁ ‘= Dip sé chinh xac 1 B
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PHU'O'NG PHAP CASIO - VINACAL

BAI 28. TINH NHANH GOC GIT’A VECTO, PUONG VA MAT.

1) KIEN THUC NEN TANG
1. GAc giira hai vecto

= Cho hai vecto D(X y;Z) va \7(X y';z'), géc giita hai vecto U,V duoc tinh theo cong thirc :

XX+ y.y'+z2.z'
‘ Hv‘ \/x +y 41 \/x'2+y +2%
= Goc gitta hai vecto thudc khoang [00,180°]

COS(U V)

2. G6c giira hai dwong thang

=  Cho hai duong thdng d va d' cé hai vecto chi phuwongU, va Uy .Goc a gilta hai dwong thang

e

d,d" duoc tinh theo cong thirc : COSar = ‘cos(ud;ud.) = r L (tich v6 huéng chia tich d6 dai
]

)
= Goc gilra hai dwong thang thudc khoang [00;900]
3. G6c giira hai mit phiang
=  Cho hai mt phang (P) va (Q) c6 hai vecto phap tuyén n, va Ny . Goc a gitra hai mat phang

oy n
(P),(Q)duoc tinh theo cong thic : COSa=‘COS(n n )‘ ‘_ —
Ne |-Ng

*  Goc gitta hai dwong thang thudc khoang [00;900]
4. Goc giira mt dwong thang va mot mit phang
* Cho duong thdng d cé vecto chi phwong U va mat phang (P) c6 vecto phap tuyén n . Géc a

gitta dwong thang d va mat phang (Q) duwoc tinh theo cdng thirc SiNa = ‘COS(G; ﬁ)‘

= Goc gilta mOt dwong thang va mdt mat phang thudc khodng [00;900]

5. Lénh Caso
= Lénh dang nhap moi trwong vecto MODE 8
=  Nhéip théng sé vecto MODE 811
= Tinh tich vé hudng clia 2 vecto : vectoA SHIFT 5 7 vectoB
= Tinh tich cé huéng cla hai vecto : vectoA x vectoB
= Lénh gid trj tuyét d6i SHIFT HYP
= Lénh tinh d6 I&n mot vecto SHIFT HYP
= Lénh do nghiém cla bat phuong trinh MODE 7
= Lénh do nghiém cla phuong trinh SHIFT SOLVE

1) Vi DU MINH HQA . ‘
VD1-[Thi thir bao Toan hoc tuoi tré lan 4 nam 2017]
Trong khdng gian véi hé toa dd Oxyz cho ba diém A(-2;1;0), B(-3;0;4), C(0;7;3) . Khi d6
cos(ﬁ;ﬁ) bang :
A 144118 B _ 14 \/79 \/798
" 354 ' 3\/11 57

Trang 253 Tai liéu Iwu hanh noi bo




TOM TAT KY THUAT SU’ DUNG CASIO - VINACAL HO TRO GIAI BE THI MON TOAN 2017

GIAl
> Nhép hai vecto E,% vao may tinh Casio

g BN HEOHEEHNEEEWERAMHEBEEHEE

EH] @ YOTE " YOTE

[ -1 -1 -] [ 3 7 I

4 -1
> Tinh cos(AB BC) AB% 04296 —__ A
‘AB BC‘ 34118

> (o) G (5] (3] (e (5 (7] (suen) (5] (8] () (4D (stor) (oye) () (5 (3] 0] (XX) (str)
bye () (5] (4) D] ) B
VCTE

VoLA-VotB+CAbs Ok
-0, 4296014534

= Pdp s chinh xacla B
VD2-[Cau 37 de minh hoa vao PHQG HNnam 2016]
L . . X 1 z-1 1 X+1 -
Gac gitra hai duwong thang d : —= yra_ Y A 3
1 -1 2 2 1 1
A.45° B.90° C.60°D. 30°
GIALI
> DEé baiyéu ciu tinh gdc theo don vi d6 nén ta chuy&n may tinh vé ché do do B
Puong thang d c¢é vecto chi phuong U (1; -1 2) , duong thang d ' cé vecto chi phuwong U '(2;1;1)

u ‘

>  Goi a lagécgitta hai duong thang d;d ' thi cosa = ‘COS(G;J')‘ =

o
EEOINEENEDEEEEIDEnE

D E
(oN) st (ryp) (shiFT) (B) (3] (6 (B (7)) (siFg) (B) (@) (O] () (A ) (ryd) (v (5] (B)
-[zlm-mm@@--@

AhsVetA-VetEa =k
0.5

» Tacod cosa=0.5=a=60°

Ap dung cdng thirc tinh thé tich Vg = %‘ﬁ [E, ﬁ] =4

E]E]
cos1CARS)

Gl
= Dép s6 chinh xacla C
VD3-[Thi thir bao Toan hoc tuoi tré lan 5 nam 2017]
Tim m dé goc giira hai vecto u(Llog,5;10g,,2) , v(3;logs 3;4) Ia goc nhon
m>1

A.1>m>£B. 1 C.0<m<lD.m>1
2 O<m<§ 2
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GIAI
- A uv
> Goi goc gilta 2 vecto U,V la a thi COS = ==
[
P& géc @ nhon thi COSa <0 <> UV <0 <>1.3+log,5.10g,3+4.log, 2<0<«<>log,,2+1<0
(1)

>  DEégidi bat phuong trinh (1) ta st dung chirc ndng MODE 7 véi thiét 1ap Start —2 End 2 Step 0.5
woog) (7] (ee) (e OJ > 2> H I EEEHOOEEOMEE
OHEGEE

Tathay f (0.25) =0.5>0= bép an Csai

c)

Frnl

I-I-i;'iﬂ':l-: .
5 0.5 1]
Bl O.M51-1.409

Tathay f(1.25)=4.1062 >0 => Dap s6 B va D sai

C) Math
Al | Edfios
;| -'H':l!" Y. 1062
g l.51d.1095

= Pdap sd chinh xacla A
VD4-[Cau 42a trang 125 Sach bai tap nang cao hinh hec 12]

Tim a dé hai mat phang (P):x—%y—z+5:0 va (Q):xsina+ycosa +zsin® . +2 =0vudng

goc va6i nhau
A.15° B.75° C.90° D.Ci A, B, C déu diing
GIAl

. . — 1 . ,
»  Maét phang (P) c6 vecto phap tuyén n, (1;—?—1) , mat phang (Q) cé vecto phap tuyén

N, (sina;cos a;sin® )

D& hai mat phéng trén vudng goc véi nhau <> géc gitta N, va Ny bing 90° < Np.Ng = 0
- 1 - 3 o - 1 - 3

< SiN«a —ZCOSa—SIn a=0.bat P=sin OC—ZCOSa—SIn a

> Vidé bai d3 cho san dap an nén ta st dung phwong phap thir dap an bang chirc ndng CALC cla may
tinh Casio
Véi a =15° = P =0= Dép an A ding
(sin) (i) ) O) (=) (&) (0 @ (4] & [eeg) (i) O] B (=] (sin) (o) ) O (=9 (3)
HEE r! Math A
o

sin(HI-Scosix)-r
I

V&i a =75° = P =0= Dép 4n B ding

Lo @D EE
= Math &

sin(HI-Scosix)-r
I

= Dap s6 chinh xaclaD
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VD5-[Thi hec sinh giéi tinh Phi Tho nam 2017]

biém H (2;-1-2) la hinh chiéu vudng goc cua goc toa do O 18n mét phang (P) .Tim sé do goc
gitta mat phang (P) va mat phiang (Q):x—y—6=0

A.30°B.45° C.60°D.90°
GIAI
>  Mét phang (P) vuéng géc véi OH nén nhan W(Z;—l; —2) la vecto phap tuyén
=(P):2(x-2)-1(y+1)-2(z2+2)=0<=2x-y-2z-9=0
M3t phang (Q) c6 vecto phdp tuyén la %(1; —1;0)

>  Goi a lagéc gilra hai mat phang (P) va (Q) = C0Sa = —————

oo (3] R2EEHOEEHREEmwEEMOMEEOE
(0] (=) (o] (stFT) (ryp) (stiFT) (5] (3] (shiFT) (5] (7] (sniF) (5] (4] O (=) (A (stiFT) (yp) (sHiFT)
C]E]Iﬂ!!ﬁﬁlﬂﬂﬁﬂl[][]lﬂlﬂ[]

AhsVetA-VetEa =k

0.70710e7512
A

Vay cosa =0.7071...= — = o = 45’

2
E]Eﬂlﬂﬂﬂ@!ﬂ[]
cos1CARS)

45
= Dap s6 chinh xac la B

VD6-[Cau 47 trang 126 Sach bai tap hinh hec nang cao 12]
Mit phang (Q)nao sau day di qua hai diém A(3;0;0) va B(0;0;1) dong thai tao véi mét phang
(Oxy) mot géc 1a 60°
Xx—/26y+32-3=0 g X +5y+32-3=0
| Xx—5y+32-3=0 | x+/26y+32-3=0
c _x—5y+32—3:0D X++/26y +32-3=0

| x+5y+32-3=0 | x—/26y+37-3=0

GIAI

A.

¢ Cach Casio
DE thuc hién cach nay ta s& 1am cac phép thir. Ta thay tat cd cac mat phdng xuat hién trong dap an
déu diqua 2 diém A, B . Vay ta chi can tinh géc gitta mat phang xuat hién trong dap an va mit

phing (Oxy) la xong.
> Véimistphing (Q): x—x/%y+3z —3=0 c6 vecto phap tuyén @ = (1; —@;3) , mat phang
(Oxy) c6 vecto phdap tuyén n= (0; 0;1)
No;

Q
ol

=

Goi a 1a géc gilra 2 mit phang trén = COSar = =0.5= a =60°

>
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S L W PR ¥ W F N N St R g A LA I R LA AN FATSA Y FIY SR AL AR TR LI 4 IF NS LIRLEL FANF RSP LN _J o

g (8] D E B M 2 (0] E B = i (8] (2) () (0] F) (0
E 0] =) o e fyd e (5] (3] (e (5) (2 e (5] (4) O (2 (4 () e
) (5] (3) O (%) (s#r) () () (5) (4] D) D) (B

A Yota- WotE I+
0.5

—=> Dap an chic chan phai chira mit phing (Q): X—«/%y+32 -3=0.
> Tiép tuc thr véi mat phang X -5y +3z—3 =0 néu thda thi dap an A ding néu khong thi dap an D
dung
Cach ty luan
>  Goi mat phang (Q) c6dang Ax+By+Cz+D=0

7
0.0

(Q) qua A= 3A+D=0, (Q) qua B=C+D=0.cChon D=1:>C=—1;A=—%

Khi dé (Q) : —%X+ By —z+1=0 va cé vecto phap tuyén @(—%; B;—lj

>  Goéc 0 0 ‘%ﬁ‘ 1 ‘n ‘
gilra hai mat phang trén 13 60° = c0s60° = ‘ H ‘ E ‘n_H ‘
—1.0+ B.O—l.J.‘ . . .
= 23 —E=0<:>—1O—E=
\/(—éj +B? +14/0% + 07 +1? B2+6
BZ+E:2<:>BZ+E:4<:>BZZ§©B:7_L@
9 9 3

—> DPdp an chinh xacla C
VD7-[Céu 71 trang 134 Sach bai tap hinh hoc nang cao lép 12]
X+3 y+1 z-3

Tinh géc giita dudong thang A: va mit phang (P):x+2y-z+5=0

1
A.30° B.45° C.60° D.90°
GIAI
>  Puongthdng A cé vecto chi phuong 6(2;1;1) va mat phang (P) c6 vecto phap tuyén ﬁ(l; 2; —1)
. i
Goi f la goc gitra gitra 2 vecto U,n . Tacd |cos(ﬂ)| W
uf.|n

(o) Gt (v} () (B) (3] () (B] (2] () (B] (40 OJ () (A (ser) (rye) (sta)
0] X (e by (v (5] (A3 O O (=)

VCTE

AbsCYCER-YotBI+k
0.5

>  Goi a lagéc gitta dwong thang A va mét phang (P) =sina = |COSﬁ| =05

= a =30°

(s0F1) (sin) (ans) O3] (Z)
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VITE

S1nTCARS)
40

BAI TAP TU LUYEN

= Ddp an chinhxacla A

Bai 1-[Cau 21 trang 119 Séach bai tap hinh hec nang cao lop 12]
Cho bén diém A(L10), B(0;21) , C(L0;2) , D(L11) . Tinh gbc giira 2 dudng thang AB va
CD :
A. 30° B. 60°C. 90°D.120°
Bai 2-[Cau 8 trang 142 Sach bai tap hinh hoc nang cao 12]
Cho u(L1-2) va v(L0;m) . Tim m dé goc giira hai vecto u,v 1a 45°

m=2-6
A.

m=2+6
Bai 3-[Cau 14 trang 143 Sach bai tap hinh hoc nang cao 12]
Cho hai m3t phing (P):m’x—y+(m’—2)z+2=0 va 2x+m?y—2z+1=0 vudng goc véi nhau :
Alm=2  BJm=1  C.m|=v2D.|m=+3
Bai 4-[Cau 94 trang 140 S&ch bai tap hinh hgp nang cao 12] 7 7
Cho hinh lap phuong ABCD.A'B'C'D’ canh bang a . X¢t hai diém la trung diém B'C" . Tinh
cosin gac gitra hai dwong thang AP va BC'
A.i B.i C.ﬁ D. Q

B 2 2

Bai 5-[Cau 47a trang 126 Sach bai tap hinh hoc nang cao 12]
Viét phuong trinh mét phang (P) chua truc Oz va tao véi mat phang (Q): 2x+ y—+/5z =0 mot

B.m=2-v6 C.m=2+6 D. Khong c6 m thoa mén

gbc 60°
X+3y=0 -3y=0 -3x+y=0 -3x+y=0
N -1 R C. ¢ D. y
X—3y=0 -3x+y=0 X+3y=0 3x+y=0

Bai 6-[Céau 19 trang 145 Sach bai tap hinh hoc nang cao lép 12]

Cho (P):3x+4y+5z+8=0 va duong thang d la giao tuyén cuia hai mét phang
(a):x=2y+1=0, (B):x—2z-3=0 . Goi ¢ la gdc giita dudng thang d va mat phang (P) .
Khi do :

A.p=30" B.p=45" C.p=60" D.¢p=90°

LOI GIAI BAI TAP TU LUYEN

Bai 1-[C&u 21trang 119Sach bai tap hinh hgc néng cao lop 12]
Cho bon diém A(L10), B(0;21) , C(10;2) , D(311) . Tinh géc giira 2 dudng thang AB va
CD:
A. 30° B. 60°C. 90°D.120° ‘7
GIAI

Puong thang AB nhan vecto ﬁ(—l;l;l) la vecto chi phuong , duwdng thang CD nhan (ﬁ(O;l; —l) E

vecto chi phuong
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Goi a la goc giita hai duong thang AB,CD va dugc tinh theo cong thirc :
‘AB CD‘

cosa = ‘cos(AB CD)‘ W

Nhap cac vecto ﬁ, CD vao may tinh Casio

REEOIEDE0E00EED0NUEHNEEEDE

A [ -1 | ] ; [ 0 | ]
"
Tinhcosa‘cos(ﬁ;ﬁ)‘%O:aQOo

(on) (suF) fyg) (i) (5] (3 (i) (8] (7] (sve) (5 (@) (O] () () (v fyg) () (5 (3] O) (X)
(517 () (i) (5] (4 ) O (B
YCTE

AbsCVeth-VetB =k

I
Vay dap s chinh xac 1a C
Bai 2-[Cau 8 trang 142 Sach bai tap hinh hoc nang cao 12]
Cho u(L1-2) va v(L0;m) . Tim m dé goc giia hai vecto u,v Ia 45°

=2-+/6
" \/_B.m=2—\/§ C.m=2++/6 D.Khdngcé m théa man
m=2+\/6
GIAl
Tacocos(ﬁ \7) uy 1-2m
TR
1-2m 1 1-2m 1

D& gbc gitra 2 vecto trén 13 45° thi ————
J6AIm? = 2 Jomi-1 V2

Dé kiém tra gid tri M thoéa man ta sir dung may tlnh Casio v&i chirc nang CALC
Véi m=2-/6
foog (1] (B) (1] (=) (2) () O] © (va) (6] & (X (va) () O] (=3 () (1] & & (=) (B
1OEEEER@ENE
1-Zx

JEwdmE *"_ ]

= m=2-+/6 théa = Dap sb dung chi c6 thé 1a A hoic B
Tiép tuc kiém tra véi m=2++/6
mzm-@-mg
1-2%
JEdmE +1 *"_
-1.414213R62

—2+./6 khong thoa = Piép s6 chinh xac 14 B
Bai 3-[Cau 14 trang 143 Sach bai tap hinh hoc nang cao 12]
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Cho hai m3t phang (P):m’x—y+(m’—2)z+2=0 va 2x+m?y—2z+1=0 vudng gc véi nhau :
Alm=2  B.m|=1  C.Jm|=+2D.|m|=
GIAI
» M3t phang (P) c6 vecto phép tuyén ﬁ(mz;—l; m? —2) , mat phang (Q) c6 vecto phép tuyén
F‘(Z; mz;—Z)
* D& hai mat phang trén vuéng goc nhau thi nin'<nn'=0
em’.2-m*+(m’-2).(-2) =0 4-m’ =0 m=1+2
= Dap an chinh xac 1a A
Bai 4-[Céau 94 trang 140 Sach bai tap hinh hqp nang cao 12] 7 9
Cho hinh Iap phuong ABCD.A'B'C'D" canh bing a . Xét hai diém 12 trung diém B'C" . Tinh
cosin goc gitra hai dwong thang AP va BC'
Al g2 c V3 5 V2
N 2 2
GIAI
* Ta chon hé truc toa dd Oxyz cé goc la dinh A , tia OX chita AB ,tia Oy chira AD , tia Oz chira AA".
Chon a=1 khidé: A(0;0;0) , B(0;1,0), D(0;1,0) , A'(0;0;1), B'(30;1) , C'(LL1)

= P(l;%;lj, ﬁ(l;%;l] . BC'(0;1,2)

» Goc gitta 2 dwong thang AP,BC' Ia « thi cOSqx = ————-
‘AP‘ |BC® \

N
2

g B D HDHNEOOONEEHNEWEEAHNOEAE

(stF) fyg) (stFT) (B (3] (5P (B) (7] (suF) (5] (4 O] () (A (sur) [y (stF) (5] (3] O (X (surr
@@j@

AbsCVethA-VetBa <k
0.7071067a1:

=D 1a dap s6 chinh xac
Bai 5-[CAu 47a trang 126 S&ch bai tap hinh hgc néng cao 12]
Viét phuong trinh mat phing (P) chia truc Oz va tao voi mit phing (Q): 2x+y —+/5z =0 mot

goc 60°
X+3y=0 —-3y=0 -3X+y=0 -3x+y=0
ALY g | C. y D. !
x—3y=0 -3x+y=0 X+3y=0 3x+y=0
GIAI

¢ Cach Casio
>  Vé&imat phang (P) :X+3y =0 c6 vecto phap tuyén n, =(1;3) , mit phing (Q) c6 vecto phap

tuyén E{ = (2;1; —\/g

S~~———
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]
S L W PR ¥ W F N N St R g A LA I R LA AN FATSA Y FIY SR AL AR TR LI 4 IF NS LIRLEL FANF RSP LN _J o

AhsiVetA- YotE) <k
0.5

—> Dap an chac chan phai chira mit phing x+3y =0.
> Tiép tuc thir véi mat phang X —3y =0 néu thda thi ddp 4n A ding néu khéng thi dap an C ding
% Cach ty luan
>  Goi mat phang (P) cédang Ax+By+Cz+D =0. (P) chira truc Oz thi (P) chira 2 diém
thudc truc Oz . Goi hai diém dé6 Ia A(O;O;O) va B(O; 0;1)
(P) qua A= D=0, (P) qua B=C+D=0=C=D=0Chon A=1
Khi d6 (P) : X+ By =0 va cé vecto phap tuyén I‘T(l B'O)

e

>  Goc gitta hai mat phing trén 1a 60° = c0s60° = — —l & j’ = —l:O
el ]2 ol | 2

12+81+0(-5) 1 ped 1
o N =
VEr B0 [+ (B) TV 2

B=3

& 2|B+2|=\10vVB*+1 < 4(B*+4B+4)=10(B* +1) < 6B’ ~16B—6=0 < a1

3

= Ddp an chinh xacla C
Bai 6-[Céau 19 trang 145 Sach bai tap hinh hoc nang cao lop 12]
Cho (P):3x+4y+5z+8=0 va duong thang d la giao tuyén ciia hai mét phang
(@):x=2y+1=0, (B):x—2z-3=0 . Goi ¢ la gdc giita duong thang d va mat phing (P) .
Khi do :
A.p=30° B.p=45" C.p=60" D.p=90°
GIAI
d 13 giao tuyén clia hai mit phang (a),(ﬂ) nén nhan d vuéng géc véi hai vecto phap tuyén cla hai mat
phang nay
— Vecto chi phuong U, = [E, @] =(4:4,4)

g (BN HMNEEHRE00EERMNUENEEHRE ™
) (8 (3) (X) ) (5] (4] (E

A — a a]

o

Uy |

Goi y la goc gilta ud,n tacé |COS;/| :O.8660...:73

lug
oo (8) (1) (1) (4) (B (2 (E) (2) (E] wong) (8) (2) (1] (3] (E

(4] (=
swer) (5 (3] (swr) (8] (@) (wer) (5] (4] O] () (A (5w fwe) (s7) (5] (3) SHiFT) fhyp) (SHIFT
E][:].lll[j

fbsCYoth- WotR I+
0. 8660254035
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Taco Sin¢=|COSy|=§:>(p=6OO

(s1F1) (sin] (ans) OO (=)

YCTE

Sin1CANS)
&0

.= Dép s6 chinh xac la C
Chinh x&c la B
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S L W PR ¥ W F N N St R g A LA I R LA AN FATSA Y FIY SR AL AR TR LI 4 IF NS LIRLEL FANF RSP LN _J o

PHU'O'NG PHAP CASIO - VINACAL

BAI 29. TINH NHANH CAC PHEP TOAN CO’ BAN SO PHU'C.

1) KIEN THUC NEN TANG
1. Céc khéi niém thwong gap
*  Pon vj 3o 1a mot dai lwong duoc ki hidu i va cé tinh chat i° =—1
= S8 phirc 1a mot biéu thirc c6 dang a+bi trong d6 a,b 13 cac s6 thuc . Trong dé a duwoc goi la

phan thycva b duoc goi la s6 4o
* S8 phirc lién hop cla s6 phirc Z=a+Dbi 13 s6 phirc z=a—hi

, s e . . 4 1 1
= 56 phirc nghich dao ctia s6 phirc Z=a+bi 1a s6 phirc z l-Z= -
z a+hbi

= Médul clia s8 phirc z =a-+bi duoc ki higu la |z| va c6 d6 lon |z] =va® +b°
2. Lénh Caso

= DPExly s6 phirc ta sir dung |énh tinh sé phirc MODE 2
= Lénh tinh M&dun cla sé phirc |a SHIFT HYP

= Lénh tinh s6 phirc lién hop Z 1a SHIFT 22
= Lénh tinh Acgument cla sé phirc 1a SHIFT 2 1

11) VI DU MINH HOA ] .

VD1-[Peé minh hga THPT Quoc Gia lan 1 nam 2017]

Cho hai s6 phtic z, =1+i va z, = 2—3i .Tinh Mddun cua sb phic z, +2,

Alz +17,| =13 B.|lz, +2,|] =5 C.lz+1z,|=1 D.|z,+2,|=5
GIAl

>  Pang nhap lénh s6 phirc (2]

CMPLY [F: Math

(Khi ndo may tinh hién thi chtrtCMPLX thi bat dau tinh toan s6 phirc duorc)
>  DE&tinh Mddun cla sé phirc ta nhap biéu thirc vao may tinh rdi s&t dung |énh SHIFT HYP

1 @ & () (2) (& (3] 6 (E) 64 fye) (g (E)

CMFLY [P Math &

1+i+2-3i

CMPLY [P Math &

| s |

Vay |z, +2,| = V13 = Dép 56 chinh xéc 13 A
VD2-[Thi thir b4o Toan hoc tudi tré lan 3 nim 2017]
S6 phuc lign hop véi s6 phac z = (1+i)° —3(1+2i)° la:
A.-9-10i B.9+10i C.9-10i D.-9+10i

GIAI
> S dung mady tinh Casio tinh z

MOEMIOPERMOBEEE )X E
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CMPLY Math &

(1+i)=- Eli1+213E
9-10i

—=z=9-10i
>  SGphuclién hopclia z=a+bi 1a z=a—bi :
Vay 2=9+10i = DapanBlachinhxic
VD3-[Thi thiw trung tam Diéu Hien — Can tho 1an 1 nam 2017]
Cho sé phuc z=a+bi . S6 phic z* ¢ phanao la:
A. a’b? B.2a’b? C.2ab D.ab
GIAI
> Vidé baicho & dang téng quat nén ta ti€n hanh “ca biét héa” bai toan bang cach chon gia tri cho
a,b (luvuy nén chon céc gid tri 1é dé tranh xay ra trudng hop dac biét).
Chon a=125vab=21tacé z=1.25+2.1i
» Sl dung may tinh Casio tinh z?

DOOAEEHRAOOMNOEE
(1.25+2.1i0%

1139 71,

"Goo T3l

s awm oo 21
Vay phan do la I

»  Xem dap sé nao co gia trila é thi ddp an dé chinh xac. Ta co :
CMPLY Mat? &
2], P2, |
1

d
A 21 . N e
Vay 2ab = n = DPap an C la chinh xac

VD4-[Thi thir b4o Toan hoc tudi tré lan 4 nim 2017]
Dé s6 phirc z=a+(a-1)i (a las thuc) co |z|=1 thi :

1 3 a=0
Aa=— B.a=— C. D.a=+1
2 2 a=1

GIAI
>  Déx{rly bai nay ta sir dung phép th, tuy nhién ta chon @ sao cho khéo |éo nhat dé phép thir tim
dap s6 nhanh nhat. Ta chon a=1 trwdc, néu a =1 dang thi dap an dang chi cé thé 1a C hodc D,
néu a=1saithi Cva D déu sai.
»  Véi a=1Sk dung mdy tinh Casio tinh z

HEHOODEOD] 6 E 6 e b &

CMFLY Math &

1+01-131

CMPLY [P Math &

| s |
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Vay |z|=1= Dap an dting chi c6 thé I3 C hoic D
»  Thirvéi a=0 S dung may tinh Casio tinh z :

(0] &3 (A (0] (=) (1 O] B (] (4 fyg) (g (Z)

CMPLE . Fi] Math &
O+i0-1)1
-1
CHMPLE [F:] Math &
| & |
1

Vay |z| =1=> ép an chinh xéc la €
VD5-[Thi thit THPT Pham Vin Pong — Pac Nong lan 1 nim 2017]
S6 phttc z =1+ (L+1)+(1+i)" +...+(1+i)” 6 gid tri bang :
A. 2% B.—2°+(2°+1)i  C.2°+(2°+1)i D. 2" +2%j
GIAI
>  Né&uta nhap ca biéu thurc 1+(1+i)+(1+ i)2 +...+(1+ i)20 vao mdy tinh Casio thi vin duorc,
nhwng mat nhiéu thao tac tay. Dé rit ngdn cong doan nay ta tién hanh rit gon biéu thirc
Ta thay céc s hang trong cling biéu thirc déu cé chung mot quy luat “s6 hang sau bang sé hang
truwdc nhan véi dai lvgng 1+1 “ vay day |13 cap s6 nhan vdi cong bdi 1+1
1-q" , 1-(1-i)"
1 =1 -
1-1 1—(1—|)

:>1+(1+i)+(1+i)2+...+(1+i)20 =U

o 1-(1+i)T o
> V&i Z=———2— Sir dung may tinh Casio tinh z
1-(1+i)
FIE0DEEIEEIDCINE0DEEIE
1-r1+i1<l
1-01+11)
-1024+10251

Ta thdy z =—1024+1025i = 2% + (210 +1)i

= D4p an chinh xac 1aB
VD6-[Thi thir chuyén KHTN lan 1 nim 2017]

. X L 1 .
Néu s6 phuc z thoa méan |z| =1 thi phan thyc ciia - bang :
—7

A.% B_1 C.2 D.Mat gia tri khéc

2
GIALI
>  D3tsé phic Z=a+Dbi thi Médun cta sé phirc z 13 |Z| =+ya’+b’ =1

»  Chon a=0.5=+0.5*+b? =1 . S& dung chirc ning dd nghiém SHIFT SOLVE d& tim b

feong) (3 (va) (0] (] (5 (3 () () (3] (=3 & (=) (1] (er) ) (0] (=] (8] (E

0522 -1
= 0. Be60254038

Luu gid tri nay vao b
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(5] B G2
Ans+B
0. 8660254058

, . 1
»  Tr& lai ché do CMPLX dé tinh gia tri 13 :
z

g (2) (3) (0 @ (1) F 19 () (I (8 () (el ) @9 O] ()

1-0(0.5+E11]
1 +0. BE602540354

A 2 \ l 7 s ’ s Y
Vay phan thyccla z la — = Ddap an chinh xacla A

VD7-[Thi thir nhém toan Poan Tri Diing l14n 3 nim 2017]
Tim s6 phuc z biétring : (1+i)z -2z =-5+11i
A.z=5-71 B.z=2+3i C.z=1+3i D.z=2-4i
GIAI
> V6i z=5-7i thiss phiclién hop 2 =5+7i . Néu dap an A dung thi phuong trinh :
(1+i)(5—7i)—2(5+7i)=—5+lli(1)
> Slrdung mdy tinh Casio nhap vé tréi cda (1)

MDHOOEBEHDMDNEEMEHEDE D) E

(1+i105-74)-2(5k
9-16i

Vi 2—161 #-5+11i nén dap 4n A sai
> Twong ty nhw vay véi ddp an B

MOHOORBEREAOOERORBEHEE O E

(14§ )02+31)-2( 2k
“E+11j

Dé thay vé trai (1) = v& phai (1) = -5+11i
= Dap s6 chinh xacla B
VD8-[Pe minh hea cia by GD-PT lan 2 nam 2017]
Cho s6 phitc z=a+bi théamén (1+i)z+2z=3+2i . Tinh P=a+b

A.P:E B.P=1 C.P=-1 D.P:—1
2 7 2
GIAI
>  Phuongtrinh < (1+1i)z+22-3-2i =0 (1). Khi nhap 8 phic lién hop ta nhan lénh
) (2] (2)
. CMPLE Fi] Math &
Condarl

> Slrdung mdy tinh Casio nhap vé tréi cda (1)

MO H e O] ) B (26 (2] 2 @H )= B = 21
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CMPLY Math

ﬂEnnJgEH) J-Zil

> X 13 s6 phtrc nén cé dang X =a+Dbi .Nhap X =1000+100i (cé thé thay a;b 1a s khac)

slnjofululealulolEwE
at
C1+i Ja+200nJac st
Sa97+8981
, . . 2897 =3.1000-100-3=3a-b-3
Vay V& tréi cla (1) bang 2897 +898i . Taco :
898=1000-100—-2=a-b-2
C 3a-b-3=0 1 -3
Mat khac dang mudn vé trai =0 = Sa=—b=—
a-b-2=0 2 2
Vay a+b=-1
= Pép sd chinh xacla B
D9-S6 phiic z = 5+3_|\/§ c6 mot Acgument 1a
1-2i3
AL B~ c.z D.8%
6 4 2 i 3
GIAI

>  Thugon z vé dangtdigian = z=-1+ \/_i

BEHRNEREROHERZEEGEE

CMPLY Math &

E4+5idD
1-2i43
14031
»  Tim Acgument cla Z vGilénh SHIFT 2 1

) (2) (D F 0 E (=) B S B 0] E

CMPLY Math &

aral-1+{31)

z

=
. . . 2 e b o s 2T
Vay Z céd 1 Acgumentla — . Tuy nhién khi so sanh két qua ta lai khong thay co gia tri nao la ? .

Khi d6 ta nh& dén tinh chat “Néu géc @ 1a mdt Acgument thi géc o+ 277 cling 1a mot Acgument”
87

27
—> Dap s6 chinh xac la D vi 7+27r— 3

1) BAI TAP TU LUYEN

Bai 1-[Thi thir chuyén Lam Son — Thanh Héa lan 2 nim 2017]
Cho hai s6 phuc z, =1+i,z, =2+3i . Tim s6 phiac w=(z,)" .2,
Aw=6+4i B.w=6-4i C.w=—-6-4i D.w=-6+4i
Bai 2-[Thi thit THPT Phan Chu Trinh — Phu Yén lan 1 nim 2017]
Cho sé phuc z=a+bi . S6 phiac 2™ ¢6 phan thyc Ia :

a -b
A.a+b B. :
a’ +b? a’+b’
Bai 3-[Thi thir nhém toan Poan Tri Diing lan 1 nim 2017]

Tim modun cta b phac z=2- \/_I[ +\/_|)

D.a-b
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A. @ B. @ C.@ D. Dap an khac

Bai 4-[Thi thir chuyén Khoa hec tw nhién lan 3 nim 2017]

Cho s6 phic z =(1+i)° +(L+i)’+...+(21+i)™ . Phin thyc cua s phic z 1a:

A 24 B.-2"+2 C.—2"-2 D. 2"

Bai 5-[Thi thir chuyén Khoa hoc tw nhién lan 3 nam 2017]

Cho s6 phuc z=2-3i . Phin 4o ciia s6 phuc w=(1+i)z—(2-i)z 1a:

A-9  B.-9 G5 D. —5i

Bai 6-[Dé thi Pai hoc —Cao dang khoi A nam 2009]

Cho sé phic z=a-+bi thoa man diéu kién (2-3i)z+(4+i)z —(1+3i)2 .TimP=2a+bA.3
B.-1 C1 . D. bép an khac

Bai 7-[Thi thir chuyén Lam Son — Thanh Hoa lan 2]

Cho s6 phic z=a+bi thoa man diéu kien (2-3i)z+(4+i)z=—(1+3i)" . TimP=2a+bA.3
B.-1 Cl1 D. Dap an khac

Bai 1-[Thi thir chuyén Lam Son — Thanh Héa lan 2 nim 2017]

Cho hai s phtic z, =1+i,z, =2+3i . Tim s6 phic w=(z,)" z,

Aw=6+4i B.w=6-4i C.w=-6-4i ~D.w=-6+4i
GIAI

S&r dung may tinh Casio v&i chirc ndng MODE 2 (CMPLX)

MOBUEXOREHEMOE

(141025004301
“E+di

Vay w=—-6+4i ta chon D la dap an chinh xac
Bai 2-[Thi thit THPT Phan Chu Trinh — Phu Yén l4n 1 nim 2017]
Cho sé phuc z=a-+bi . S6 phic z™* ¢6 phan thyc I :
a -b
A.a+b B.alz+bz C. b D.a-b
GIAI
Vi d@ bai mang tinh chat téng quat nén ta phai ca biét hoa, ta chon a=1;b =1.25.

1
Véi 27t == sk dung may tinh Casio

SlalSlullulalaias
1
1+1.251 16 =0.
a1arl

Ta thay phan thuc sé phtuc z7 1a: % day 1a 1 gia tri dwong. Vi ta chon b>a>0 nén ta thdy ngay
dap s6 C va D sai.

Thir dap s6 Acé a+b=1+1.25= % * 2—61 vay dap sd A ciing sai = Dap an chinh xac 1a B

Bai 3-[Thi thir nhém toin Poan Tri Diing 1an 1 nim 2017]

Tim modun cua sd phac z=2- \/_I( +\/_|j
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A Y03 5 LS c, 2108 D. Dép 4n khic
2 2 2
GIAI

Tinh sé phirc z=2— \/_I( +\/_Ij
@B.@@@...@@@..@@@]-@

CHRLY | Math
2-13il 147 i
A -
|
Vay z = 5—§i
Dung lénh SHIFT HYP tinh M&dun cla s6 phirc z ta duoc
m.ga.q@®@®@@
at
|55
= 103
z
Vay |Z| = % = Dap s6 chinh xac la A

Bai 4-[Thi thir chuyén Khoa hec tw nhién lan 3 nim 2017]
Cho s6 phic z=(1+i)° +(L+i)’ +...+(L+i)™ . Phan thuc cua s6 phirc z 1a:

A 24 B.-2"+2 c.-2"-2 D. 24
GIAI
D&y so trén la mot cap s6 nhan véi U, = (1+i)2 ,50 56 hangla 21 va cong boila 1+1 . Thugon z ta duoc

I T P B B )
: Z_Ul'ﬁ_(l_'_l) m

St dung may tinh Casio tinh z
2@@@@@@@@@@@@

CPLY B Ma.th%
ez l=0141)
R s -1
-2050-20481
Vay z =-2050-2048i
— Ph3n 30 s6 phirc z 13—2050 = -2 —2 = Dép s6 chinh xac 1a €
Bai 5-[Thi thir chuyén Khoa hoc tw nhién lan 3 niam 2017]
Cho s6 phitc z=2-3i . Phan 40 cua s6 phic w=(1+i)z—(2-i)z la:
A. -9 B.-9 C.-5 D. -5i
GIAI
D&y s6 trén la mot cdp s6 nhan voi U, = (1+i)2 , 50 s6 hang 13 21 va cong bdila 1+i . Thugon z ta duoc
—q" 1-(1+i)*
. 7-u, 120 =(1+i)2.(—_)
1-q 1-(1+i)
St dung may tinh Casio tinh z

OOEMIDPXXEOEHOOHNOFHGOODNEHODE
B ) E
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(14§ )2 ip iy,
- 2050-2045i

Vay z =-2050— 2048
=> Phan 4o s6 phirc z 1a —2048 = 2t => Dép 56 chinh xac 1a A
Bai 6-[Pé thi Pai hoc —Cao diang khoi A nim 2009]
Cho s6 phic z=a+bi thoa man diéu kién (2—3i)z+(4+i)z=—(1+3i)° . TimP=2a+bA.3
B.-1 C.1 7 D. bap an khac
GIAI
Phuong trinh <> (2—3i)z+(4+i)z+(1+3i) =0
Nhap V€ trai vao may tinh Casio va CALC véi X =1000+100i
[MEIEEE D EE O EFH @ O 22 EE O #H OO
IlE][:HIIIIJEIE]EJ[ZMZJIIE]E][ZH[]E]

CMPL Math A&
EE—313H+E4+1)EDF
E392-21941
. 6392 =6.1000+4.100—-8=6a+4b-8
Vay ve trai =6392—2194i véi
2194 =2.1000+2.100-6=2a+2b-6
. 6a+4b-8=0
PEvétrai =0 thi s a=-2b=5
{Za +2b-6=0

Vidy z=-2+5i = P=2a+b=1=-Dap s6 chinh xdcla C
Bai 7-[Thi thir chuyén Lam Son — Thanh Héa lan 2]

Cho s6 phic z=a+bi thoa man diéu kién (2-3i)z+(4+i)z=—(1+3i)" . TimP=2a+bA.3
B.-1 Cl1 ’ D. Bép an khac
GIAI
Phuong trinh <> (2—3i)z+(4+i)z+(1+3i) =0
Nhap V& trai vao may tinh Casio va CALC véi X =1000+100i
(O (2] (F(E) e OJ (e OJ (3 (3 (4] () B O (sneg (2] (2] few) ) ) (B (D (4]
HE) &0 e (1 (0] [0 [0 #H 0 @ 0@ E

CHMFLY Math &

EE—31)H+E4+1JEDP
B392-21941

. 6392 =6.1000+4.100-8=6a+4b -8
Vay veé trai =6392—2194i véi

2194 =2.1000+2.100-6=2a+2b—-6
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PHU'O'NG PHAP CASIO - VINACAL

BAI 30. BIEU DIEN HINH HOC CUA SO PHU'C.

1) KIEN THUC NEN TANG
1. Céc khéi niém thwong gap
» Heé truc thuc ao gdm cé 2 truc vudng goc véi nhau : Truc nam ngang |3 truc thuec, truc ding doc 13
truc 3o

» S8 phyc Zz=a+Dbi khibiéu dién trén hé truc thyc 3o 13 diém M (a;b)

=  M6dun cta s6 phirc Z=a+hi 1a do I&n cta vecto OM
2. Lénh Caso

= DPExly s6 phirc ta sir dung |&nh tinh s6 phirc MODE 2

= Lénh gidi phwong trinh bac hai MODE 5 3

= Lénh giai phuong trinh bdc ba MODE 5 4

I1) Vi DU MINH HOA

VD1-[C4u 31 Pé minh hoa THPT Quéc Gia lan 1 nim 2017] ¥
Cho sé phuc z théaman (1+i)z =3—-i . Héi diém biéu dién so
phtic z 1a diém nao trong cac diém M,N,P,Q e ;
Adiém P B.diémQ  C.diém M D.diém N | ‘

GIAI | §

_3-1
1+1

S&r dung may tinh Casio trong méi trudrng CMPLX dé tim z

ong) (2] (B) (3] =5 B @ () () 6 (B

CMPLE ] Math A
S—=1

141

> Colapz

1-2i
=7 =1-2i va diém biéu dién z trong hé truc thuc 3o c6 toa do (1; —2) . Diém c6 thyc duong va
40 4m s& nam & gbc phan tu thir IV
=> Diém phaitim [a Q va dap an chinh xac1a B
VD2-[Thi thir trung tm Diéu Hién — Cén tho 1an 1 niim 2017]
biém biéu dién s6 phiic z=7+bi v6i b e R, nam trén duwong thang c6 phuong trinh 1a :
A x=7 B.y=x C.y=x+7 D.y=7
GIAI
>  Diém biéu dién s6 phitc Z=7+Dbi 1a diém M cé toa do M (7;b)
Ta biét diém M thuoc dudng thing d néu toa do diém M thdoa man phuong trinh dudng thing
d
» ThirddpanAtacd Xx=7<1x+0.y—7=0 .Thé toa dd diém M vao ta duoc:
1.7+0b—-7=0 (dang)
Vay diém M thudc duong thang x =7 = DPap an A la chinh xac
VD3-[Thi thit Group Nhoém toan — Facebook 1an 5 niam 2017]
Cac diém M, N, P lan luot la diém biéu dién cho cac s6 phuc
4i . . .
L= =(1-i)(1+2i);z, =-1+2i
I_
A. Tam gidc vubng  B.Tam giéc céan C.Tam gi4c vubng can  D.Tam giac déu
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GIAl
»  Rutgon z; bdng Casio
B @M@ =0 E
T MRy E Math
i
i—-1

2-21
Taduoc 2, =2—-2i vay diém M (2;—2)
>  RuUtgon Z, bang Casio

ONEHNOOHEREOE

CMPLY [P Math &

Cl-1001+2i)

a+i
Ta duoc z, =3+1 vay diém N (3;1)
Tuong ty z, =—1+2i va diém P(—l; 2)
>  DE phat hién tinh chat clia tam gidc MNP ta nén biéu dién 3 diém M, N, P trén hé truc toa do

[ e

(4]
e

M

—d
Dé thay tam giac MNP vudng cn tai P = dap an C chinh xac
VDA4-[Thi thir bAo Toan hoc Tudi tré lan 4 nam 2017]
Trong mat phang Oxy , goi cac diém M, N lan luot 1a diém biéu dién s6 phuc z, =1-i,z, =3+2i .
Goi G latrong tam tam giac OMN , véi O 1a goc toa d6. Hoi G 1a diém biéu dién caa sb phic
nao sau day.

A.5—i B.4+i C.ﬂ+1i D.2+1i
3 3 2

GIAI
>  Diém M biéu dién s6 phirc z, =1—i = toadd M (1; —1)
Diém N biéu dién s6 phirc Z, =3+2i = toadd N (3;2)
Goc toa do O(O;O)
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> ToadédiémG(XM+XN+XO'yM+yN+yOJ=(£'1j

3 ’ 3 3'3

. ek 4 1.
Vvay G 13 diém biéu dién cla s6 phirc §+ §I =>Cla dap an chinh xac

VD5-[Thi thirt THPT Ham Réng — Thanh Héa lan 1 nim 2017] 7
Trong mat phang toa d6 Oxy, goi M la diém biéu dién s6 phac z=3—4i, diém M ' la diém biéu

dian sé phic z'=1—;z " Tinh di¢n tich AOMM "

25 25 15 15
A.Syomm =— B.S,omm == C.Syomm =— D.Syomm =
4 2 4
GIAI
>  Diém M biéu dién s8 phic z, =3—4i = toa dd M (3;,—4)
Diém M ' biéu dién s6 phirc Z'—l—lz = toadd N Z 1
2 2" 2
FOEIRCIOROEEDEENE
at

4200344

k)=l

_1.
21
Goc toa do O(O;O)

>  Détinhdién tich tam gidc OMM ' ta (rng dung tich cé huéng cla 2 vecto trong khdng gian. Ta thém
cao d6 0 cho toa d6 mbi diém O, M, M ' 1a xong

W(3;—4;0) OM G —% Oj :%‘[O—MOW]
Tinh [ OM;0M ]
g (3] EIEEHAEO0ExNEHNRAMDEHREEE
1 (= @) (=) (0] (Z) [ad (st (5 (3] (st (5] (7] (swF1) (B) (4] (2)
Vet YotB
12.5

25

Vay ‘[O—M;O—M']‘ 125-2 2

1
= Som- =5 ~|[om;om] -
=> A la dap an chinh xac
VD6-[P2 thi minh hoa b GD-PT I3n 2 nim 2017]
Ki hiéu z, la nghiém phtic c6 phan do dwong cta phuong trinh 42> —16z+17 =0 . Trén mat phang
toa do, diém nao dudi day 1a diém biéu dién s6 phic w =iz,

i) sul el onl

> S dung I&nh gidi phuong trinh bac hai MODE 5 3 dé gidi phuong trinh 422 —162+17 =0

-@@@E}E]Mg]@@@.@@@
A=

Trang 273 Tai liéu Iwu hanh noi bo



TOM TAT KY THUAT SU’ DUNG CASIO - VINACAL HO TROQ GIAI BE THI MON TOAN 2017.

[F: Math Wik

_.EEi.
Vay phuong trinh 422 =162 +17 =0 ¢6 hai nghiém z = 2+%i vaz= Z—Ei

. - . 1. _, .
> D€ z, c6 phan ao duong :ZZZ_EI .Tinh W=z

koo (2] (D 2] (B B D@ 2] &g O] &Y &)

i CHPLY @ Math &
[2+zi]i
i -
=+
. . 1 .. g e Ly e . 1
Vay phuong trinh w = _E+ 21 = Diém biéu dién s6 phirc W la M _E; 2

=> B la dap an chinh xac

1) BAl TAP TU LUYEN

Bai 1-[Thi thir chuyén Khoa hec tw nhién lan 2 nim 2017]

Cho s phirc z=2+i . Hly x4c dinh diém biéu dién hinh hoc ctia s6 phic w=(1-i)z
ADiém M B.Diém N

C.biém P D. biém Q

2
-9 02

Y
|
o 9
I
]
1
¢
2

Bai 2-[Thi thir facebook nhém toan lan 5 nim 2017]

Cho s6 phirc z théaman (2—i)z=4z+5 . Héi diém bieu dién cua z 1a diém nao trong céc diém
M,N,P,Q & hinh bén .

Abiém N B.Diém P

C.biém M D. biem Q

M N
@-----= ————r— ®
| |

e e S .
| |

DR | - °
Q P

Bai 3-[Thi thir b4o Toan hoc tudi tré lan 4 nim 2017]
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Trén mit phang toa do cac diém A, B,C lan luot 1a diém biéu dién cua sb phic 4 ,

——+—1
5 5

(1-i)(1+2i), —2i° Khi d6 tam gidc ABC

A.Vudng tai C B.Vuéng tai A C.Vudng can tai BD. Tam gidc déu

Bai 4-Cac diem A,B,C, A', B',C' trong mat phang phuc theo tha tu biéu dién cac so :
1-i,2+3i,3+i va

3i,3—2i,3+2i ¢6 G,G" lan luot 12 trong tam tam giac ABC va A'B'C'. Khang dinh nao sau ddy
diang

A.G tring G B. Vecto GG'=(1,-1)

C.GA=3GA’ D. Tt giac GAG'B lap thanh mot hinh binh hanh

LOI GIAI BAI TAP TU LUYEN

Bai 1-[Thi thir chuyén Khoa hoc tw nhién 1an 2 nim 2017]

Cho s6 phitc z=2+i . Hay x4c dinh diém biéu dién hinh hoc ctia s6 phic w=(1-i)z
ADiém M B.Diém N

C.biém P D. biém Q

|
]
L]
| &
T b

2
-9 02

|

|
&
@

1
*——@

L J
|
)
o -9

21

GIAI
Tinh s6 phitc W= (1—i)z bing méy tinh Casio

MONEE AR HEOE

CHFLY [Fi Math &

C1-i)02+i)
a-i

Vay toa dg cua diém thoa man sb phtic w la (3; —1). bay la toa do diém Q

—> Dap s6 chinh xaclaD .

Bai 2-[Thi thir facebook nhdm toan lan 5 nam 2017]

Cho s6 phirc z théa man (2—i)z=4z+5 . Héi diém bicu dién cua z 1a diém nao trong cac diém
M,N,P,Q & hinh bén .

Abiém N B.Diém P

C.biém M D. biem Q
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M N

e e T ®

[ I
A —eo————

| |

I“——— e _#

Q P

GIAI
- Colap(2-i)2-4z =5 —(2+1)2=5c 2=
2+1
* Tim s6 phttc z = ——
2+1
IIE]EJ(:H:]IIE]ED
CMPLY Math &
=5
Z+1

-2+
Viy toa do ctia diém thoa man sé phirc z 1a (—2;1) . Pay 1a toa d diém M

=> Dap s6 chinh xacla C
Bai 3-[Thi thir bao Toan hoc tuoi tré lan 4 nam 2017]

Trén mit phang toa d6 cac diém A, B,C lan luot 1a diém biéu dién cua sé phuc 24 ,
——+—l
5 5
(1—i)(1+2i), ~2i® Khi d6 tam gidc ABC

A.Vubng tai C B.Vuong tai A C.\Vudng can tai B D. Tam giac déu
GIAI

duwoc —2—4i1 vay toa do diém A(—Z;—4)

-@G)E].@@@@.-@@@@@@

CMPLY Math &

z d- .
__+_
- " -2-4i
Rut gon (1—')(l+ 2i)du‘o’c 3+1i vay toa do diém B(3;1)

ODNEMOODHEDIE

CHMFLY Math &

(1-i301+21 0

a+i
» RUtgon —2i° = —2i.i% = 2i vay toa d6 diém C (O; 2)
= P& phat hién tinh chat ctia tam gidc ABC ta chi can biéu dién trén hé truc toa do la thay ngay
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A

D@ thay tam giac ABC__Vuéng tai C

= Pép sd chiph xacla A 7 o ’

Bai 4-Cac diem A,B,C, A', B',C' trong mat phang phtc theo th ty biéu dién cac so :
1-i,2+3i,3+i va

3i,3-2i,3+2i ¢6 G,G' lan luot 12 trong thm tam giac ABC va A'B'C'. Khang dinh nio sau day
ding

A.G tring G' B. Vecto GG ' = (1,-1)
C.GA=3GA’ D. Tt giac GAG'B lap thanh mot hinh binh hanh
GIAI

* Tacé toa dd cac dinh A(L;—1), B(2;3), C(3;1) = Toa dé trong tam G(2;1)
X +Xg + X _9
yA+yB Ya+t¥s+Ye 4
* Tacé toa dd cac dinh A'(0;3), B'(3;-2), C'(3;2) = Toa dé trong tam G(2;1)
X + Xg + Xe _9
_YatYetYe +yB Yo _q
RO

rang G= G = Pap sb chinh xé4c 1a A

Trang 277 Tai liéu Iwu hanh noi bo



TOM TAT KY THUAT SU’ DUNG CASIO - VINACAL HO TROQ GIAI BE THI MON TOAN 2017.

PHU'O'NG PHAP CASIO - VINACAL

BAI 31. QUY TiCH PIEM BIEU DIEN CUA SO PHUC.

1) KIEN THUC NEN TANG
1. Meo giai nhanh
*  Baitoan quy tich luén di Ién tir dinh nghia. Ta luén d3t Z = X+ Yi , biéu dién s6 phirc theo yéu cau
dé bai, tlr dé khir i va thu vé mot hé thirc méi:
*  N&u hé thirc c6 dang Ax+ By +C =0 thi tap hop diém Ia dudng thang

= Néuhé thirc c6 dang (x—a)” +(y—b)’ = R? thi tap hop diém Ia duomng tron tam | (a;b) ban
kinh R
X2 y2
= N&u hé thirc cé dang _2+F =1 thi tap hop diém cé dang mét Elip
a

2 2
. X .
= NE&u hé thirc cé dang —2—§ =1 thi tap hop diém la mdt Hyperbol
a

* NEuhéthltccddang y= Ax? +Bx+C thitap hop diém |3 mét Parabol
2. Phuong phap Caso

= Tim diém dai dién thudc quy tich cho & dap an roi thé nguoc vao dé bai, néu thda man thi la dung
1) Vi DU MINH HOA
VD1-[Thi thir chuyén Khoa hoc tw nhién lan 3 niim 2017]

Tap hop cac diém biéu dién sb phic z thoa man |z—2—i|=‘§+2i‘
A dx—-2y+1=0 B.4x-2y-1=0 C.4x+2y-1=0D.4x-6y-1=0
GIAI

% Cach Casio
>  Goisdphirc z cédang Z=a+bi . Tahiéu: diém M biéu dién s phirc z thi M c6 toa do
M (a;b) .
Giad sir ddp 4n A dung thi M thudc dudng thang 4x—2y +1=0 thi 4a—2b+1=0

Chon a=1thi b:22>2=1+2.5i .S6 phirc z théa man |Z—2—i|=‘z+2i‘ thi
|2 -2-i|-|z+2i|=

>  Sirdung may tinh Casio dé kiém tra

) fye) (1) () (2] () (B) g (=) (2) (&) Evg) O (=) (v} fy) (1) (=) (2] (4 (B
B (H (2) B¢ (=)

CHMFLY Math &

| 1+2,5i-2- i| | 1k

15 -5
Z

Ta thay ra mot két qua khac 0 vay |Z —2—i|—‘£+ Zi‘ =0 13 sai va dap 4n A sai
»  Tuongty véidap sé Bchon a=1thib=15va z=1+1.5i

() fye) (1) () () () (B g (=) (2) (&) ) O (=) (svrn) (v (D) ) (D (I (B)

@] - %L:’F@ E] Math A
|1+1.5i- —1|—|1F

0
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Ta thay két qua ra 0 vay |Z —2—i|—‘£+ Zi‘ =0 13 dung va dap an chinh xac 1a B
% Cach meo
> Dt Zz=X+Yi (taludn dilén tlr dinh nghia) .

»  Thévao |z—2—i|:‘2+2i‘ ta duoc
|(x—2)+(y—1)i|=‘x2+(—y+2)i‘

o J(x=2) +(y-1) =¥ +(-y+2)’
o (x=2) +(y-1) =x® +(-y+2)’
S X —AX+ A+ Yy -2y +1=xX>+y* 4y +4
& 4x-2y-1=0
Vay tap hop cac diém biéu dién s6 phirc z 1a duwong thang 4x—2y—-1=0
= dap 4n B la chinh xac
«* Binh luan
»  Trong dang toan nay ta nén vu tién dung meo vi tinh nhanh gon cia né
> Nhac lai mét [an nita, lubn d3t z = X+ Yi roi bién déi theo dé bai
VD2-[Thi thir s¢ GD-PT Ha Tinh lan 1 niim 2017]
Cho s6 phirc z théa man |2+ 2| =[1—i| . Chon phét bicu ding
A.Tap hop diém biéu dién s6 phuc z 1a mot duong thang
B.Tap hop diém bi€u dien so phuc z 1a mot duong Parabol
C.Tap hop diém bieu dien so phic z 1a mot duong tron
D.Tép hop di€m biéu dien so phuc z la mét duong Elip
GIAI

+» Cach meo
> Datz=X+yi.

>  Thévao |2+ Z|=|1—i| ta duoc
|X+2+ yi| =[1-i|

N \/(x+2)2 +y? = \/12 +(—1)2
<:>(x+2)2 +y? =(\/§)2

Vay tap hop céc diém biéu dién s6 phic 2 1a dudng tron tam 1(~2;0) bén kinh R =+/2
Vay dap an C la chinh xac

VD3-[Pe thi minh hea cia by GD-PT lan 1 nam 2017]

Cho céc sb phuc z thoa méan |z|=4 . Biét rang tap hop céc diem biéu dién cac s6 phic

w=(3+4i)z+i la mt duong tron. Tinh ban kinh r cta duong tron do.
Ar=4 B.r=5 C.r=20D.r=22
GIAI
¢ Cach Casio
>  Déxay duwng 1 duwdng tron ta can 3 diém biéu dién cia W, vi Z s& sinhra W nén dau tién ta sé
chon 3 gid tri dai dién cla z théa mian |Z| =4
»  Chon z=4+0i (théa man |Z|=4 ). Tinh W, =(3+4i)(4+0i)+i
OEHMAMMOBIX[E)HEE

CHMFLY [F| Math &

C3+di Jxd+i
12+171
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Ta c6 diém biéu dién cua z, 1a M (12;17)
»  Chon z=4i (théamin |Z|:4 ). Tinh W, :(3+4i)(4i)+i

[AE)H @) &g O] X) (4] B () B¢ E)

CHMFLY [F| Math &

(3+dd Jxdi+i
-1e+145i

Ta c6 diém biéu dién cla z, 1a N (—16;13)
»  Chon z=-4i (thdamin |Z| =4).Tinh W, =(3+4i)(—4i)+i

MEHMA®@EM O[O EHGE D HEYE

(T4 (=404
16-11i

Ta c6 diém biéu dién cla z, 13 P(16; —11)
Vay ta cé 3 diém M, N, P thudc duong tron bidu dién s6 phtrc W

> Dudng tron nay sé c6 dang téng quat x>+ y> +ax+by+c=0 . DP&tim a,b,c ta si dung may
tinh Casio vé&i chirc nang MODE 5 3

> w3 R2MNEAE0NHENEEHIREEMDEE M)

EENEENEENEEENEPEIEEED
F0EE0EENEEEE
= =
IF] Math .ll:l -E
A=
-399

Vay phuong trinh duong tron cé dang X° +y* —2y—399=0 < x* + (y—l)2 =20°

Ban kinh duong tron tap hop diém bidu dién s6 phirc W 13 20 => Dap an chinh xac 1a €
% Cach meo
>  Deé baiyéu cau tim tap hop cac diém biéu dién s6 phirc W vay ta dat W=X+Vi .

w—i  X+(y-1)i

> Thévao W=(3+4i)Z+i<:>Z= . Ti€p tuc rat gon ta duoc

3+4i  3+4i
_[X+(Y—1)i](3—4i)_3x+4y—4+(—4x+3y—3)i
 (3+4i)(3-4i) 25
2 2
|Z|:4©|Z|2:16©(MJ J{M) _16
25 25

25%% + 25y* + 2550y
< > =
25

< X +y? -2y =399
o X +(y—1)2 =20°
Vay tap hop cac diém biéu dién s& phirc W 13 dwong tron ban kinh r =20

—> ddp an Cla chinh xac
+« Binh luan

16
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> Chirc ndng MODE 5 2 dé tim phuong trinh dwdng tron dwoc gidi thich nhu sau :
Pudng tron ¢ dang X° +y° +ax+by+c=0
V&i M thudc dudng tron thi 12a+17b+c¢ =—-12% —172
V&i N thudc dudng tron thi —16a+13b+c =-16° -13°
V&i P thudc dudng tron thi 16a—11b+c¢ = -16° —11
12a+17b+c=-122 172

Vay ta 1ap duoc hé phuong trinh 3 4n bac nhat < —16a+13b+c¢ =—-16% —13?
16a-11b+c=-16°-11°

Va ta sir dung chirc nang giadi hé phuong trinh 3 4n bac nhat MODE 5 2 dé x{r ly
> Haicach déu hay va c6 wu diém riéng, tw ludn s& tiét kiém thoi gian mot chidt nhwng viéc tinh todn
rat gon dé nham |an, con casio cé vé bam mdy nhiéu hon nhwng tuyét déi khong sai.

VD4-[Thi thir chuyén Khoa hoc tw nhién lan 3 nim 2017]

o R 2 X, x , ) = h Lo Z2-1 & \ \ NA e
Tap hop cac diém biéu dién cac so phic z thoa méan phan thuc cia —— bang 0 1a duong tron tam

z—i
| ban kinh R (trir di mot diém)
2" 2 2 2'2 NA
ca[il) Rt poft i) Rt
2'2 2 2" 2 2
GIAI
+*» Cach meo
>  DPitz=X+yi.
- i X=1+Vyi)| x— i
> Thé'véoz—?' ta duoc X—14yl ( y I: )]
Z—i x+(y-1)i [x+(y-1)i }[x 1)i |
X x4y -y +xyi—(x-1)(y-)i
x2+(y—1)2
z-1 1Y 1Y 1
D& phan thyc cla —— bang 0 thi X2—X+y2—y:0c> X—=| +ly—-=| ==
Z—i 2 2 2

e 11 1
Vay tap hop diém can tim la dudng tron tdm | (E,Ej ban kinh R :ﬁ => dap an B la chinh xac

1) BAI TAP TU LUYEN

Bai 1-[Thi thir chuyén Khoa hec tw nhién lan 2 nim 2017]

Cho céc s6 phirc z thoa man =|z—1+2i| . Tap hop cac diém biéu dién s phtc z trén mat
phang toa do 1a mot duong thing. Viét phuong trinh duong thang do.

A.4x+6y—-3=0 B.4x-6y—-3=0 C.4x+6y+3=0 D.4x-6y+3=0

Bai 2-[Thi thit THPT Triéu Son — Thanh Héa lan 1 nim 2017]

Tap hop cac diém M biéu dién sb phuc z : |Z| = ‘E—3+4i‘ la phuong trinh c6 dang

A.6x+8y—-25=0 B.3x+4y-3=0 C.xX*+y=25
D.(x-3)"+(y—4)" =25

Bai 3-[Thi thirt THPT Nguyén Pinh Chiéu — Binh Pinh lan 1 nim 2017]

Cho cac s6 phiic z théa mén |z|=2 . Biét rang tap hop cac diém biéu din cac sb phuc

W=3-2i+(2—i)z la mot duong tron. Tinh ban kinh r cua duong tron do.

A.r=20 B.r=+/20 C.r=+7 D.r=7
Bai 4-[Thi thit THPT Ham Réng — Thanh Héa lan 1 nim 2017]
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Trong mat phang Oxy , tim tap hop diém bicu dién s6 phic z thoa mén |z -1 =|(1+i)z|
A.Tap hop céc diém biéu dién s phuc z 13 duong tron tam 1(2;-1), ban kinh R=+/2

A.Tap hop cac diém biéu didn sé phac z 13 duong tron tim 1(1;,0), ban kinh R=+/3

A.Tap hop cac diém biéu dién s6 phac z 1 duong tron tim 1(0;-1), ban kinh R=+/3

A.Tap hop cac diém biéu dién s phuc z 13 duong tron tam 1(0;-1), ban kinh R=+/2

Bai 5-[Thi thit THPT Quang Xwong I — Thanh Héa lan 1 nam 2017]

Tap hop diém biéu dién s6 phic z theaman |z" =22 1a:

A.Ca mit phang B.Duong thang C.Mot diém  D.Hai duong thang

Bai 6-Tap hop diém bicu dién s6 phic z thoa man 2|z -1 = ‘z —z+ Zi‘ 1a mot Parabol c6 dang:

2 X2

A.y:3x2—6x+28.y:%—x Cy="—4 D.y=x2+2x+%

LOI GIAI BAI TAP TU LUYEN

Bai 1-[Thi thir chuyén Khoa hoc tw nhién lan 2 nim 2017]

Cho cac s6 phirc z théa man |z+1—i|=|z—1+2i| . Tap hop cac diém biéu dién sb phic z trén mat
phang toa d6 1a mot duong thang. Viét phuong trinh duong thang do.
A.4x+6y—-3=0 B.4x-6y—-3=0 C.4x+6y+3=0 D.4x-6y+3=0

GIAI

%+ Cach 1: Casio
Gia sir d4p an A ding, diém biéu dién s6 phirc Z = X+ Yi thudc dwdng thang 4x+6y—-3=0

Chon x =1 thi yz—% va s6 phtic z=1—%i .

Xét hidu |2+1—i|—|z—1+2i|. N&u higu trén =0 thi dép 4n A ding. D& lam viéc nay ta st dung may tinh
Casio
EAhD DEED®EOEHDEHB®SEHem D EHEO®
e =0 H (2 EHE
l.“._h'IPL:': _IB h'lath..l.
| 1-gi41-]-| =
-11+4193
&

Hiéu trén khac 0 vay dap an A sai

1 g 1.
Thir v&i ddp én B. Chon X =1 thi y = 5 va s phirc X :1+€| . Xét hiéu :

AOEHED®BEeRHOEM®HH@NMOEBEHEO®
e =0 H (2 E

CMPLE P Math &
| 1+£i+1-i |- | 1+
I

Vay higu |z +1-i|—|z—1+2i|=0 < |z +1—i|=|z -1+ 2i| = Dap 4n chinh x4c 1a B

¢ Cach 2: Tw luan
Vi d@ bai yéu cau tim tap hgp diém biéu dién s& phirc Z nénta dit z = X+ i

Theo d@ bai |z +1-i|=|z =1+ 2i| |[x+1+(y-1)i| = |[x—1+(y +2)i|
<:>(x+1)2 +(y—1)2 :(x—l)2 +(y+2)2

S X+ 2X+1+ Y =2y +1=x>—2x+1+y* +4y+4

< 4x—-6y—-3=0 . Vaydéap an chinh xac 1a B
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Bai 2-[Thi thit THPT Triéu Son — Thanh Héa lan 1 nim 2017]
Tap hop cac diém M biéu dién s6 phic z : |z =|z -3+ 4i| 1a phwong trinh c6 dang
A.6x+8y—-25=0 B.3x+4y-3=0 C.xX*+y=25
D.(x-3)"+(y—4) =25
GIAI
* P3tsé phirc Z=X+Vi .
Taco: || :‘E—3+ 4i‘ < |x+yi| =[x —-3+(4-y)i| = x* +y? =(x-3)" +(4-y)
SX+Y =x"—6X+9+y* -8y +16 < 6x+8y—25=0
Vay tap hop cac diém M biéu dién sb phirc z 1a dudng thing 6x+8y —25=0
= Pap an chinh xac 1a A
Bai 3-[Thi thit THPT Nguy&n Pinh Chiéu — Binh Dinh l4n 1 nim 2017]
Cho céc sb phic z théa méan |z|=2 . Biét rang tap hop cac diem biéu dién cac s6 phic
W=3-2i+(2-i)z lamot duong tron. Tinh ban kinh r cua dudng tron do.
Ar=20 B.r =+/20 C.r=v7 D.r=7
GIAI
¢ Cach 1: Casio
* Chon sd phirc Z=2 théa min |Z| =2 vay W, =3-2i +(2—i).2 =7—4i.Ta c6 diém biéu dién cla W, la
M (7;-4)
* Chon sd phirc Z=-2 théa man |Z| =2 vay W, =3-2i +(2—i).(—2) =-1+0i .Ta cé diém biéu dién s6
phic w, 13 N(-1;0)
* Chon s6 phitc Z=2i théa min |Z| =2 vy W, =3-2i +(2—i).(2i) =5+2i . Ta cé diém biéu dién so
phic w; 1a P(5;2)

BIEAME AR EE DX 26 E

CMFLY [F| Math &

s Ry DV |
B+

» S dung may tinh tim phuong trinh dwong tron di qua 3 diém M, N, P
g (82 @D EEH@WEOEHDEHEHAEEEOE0E0]
@B@@E@@@@E@B@B@@@

MathW¥ F] MathWk

Y= Y=
-b 4

[F: Math &

-7
Vay phuong trinh dudng tron can tim 1a X2+y2—6X+4y—7:O<::>(X—3)2+(y+2)2 :(«/%)2 s&

c6 ban kinh 1 r =20
= Daép an chinh xac 1a B
« Cach 2: Ty lugn
= Vi dé bai yéu cau tim tap hop diém biéu dién s phirc W nén ta dt W= X+ Yi
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o wmed
2—1i
_x=3+(y+2)i _ [ x=3+(y+2)i](2+i)

" Theo d&bai W=3-2i+(2-i)z=z=

= 2-i (2-1)(2+i)
- 2x—y—8+(x+2y+1)
3
2 2
. Tacé|z|:2:{¥) {%vﬂj _a

<:>(2x—y—8)2 +(x+2y+1)2 =100
<> 5x% +5y? —30x+ 20y + 65 =100
SX 4y —6X+4y =T

& (x-3f +(y+2) =(V20)

Bai 4-[Thi thie THPT Ham Réng — Thanh Hoéa lan 1 niim 2017]

Trong mét phing Oxy , tim tap hop diém biéu dién s6 phic z théa man |z—1=|(1+i)z|

A.Tap hop céc diém biéu dién s phuc z 13 duong tron tam 1(2;-1), ban kinh R=+/2

A.Tap hop cac diém biéu didn sé phac z 1 duong tron tim 1(1,0), ban kinh R =+/3

A.Tap hop cac diém biéu dién s6 phac z 1 duong tron tim 1(0;-1), ban kinh R=+/3

A.Tap hop céc diém biéu dién s phuc z 13 duong tron tam 1(0;-1), ban kinh R=+/2
GIAI

* Ditsd phitc Z=X+VYi .

" Tacd: |z—1 =|(1+i)z] < |x+yi—1 = |(x+yi)(1+i)] =[x =1+ yi| =[x =y +(x+ )|

< (x=1)° +y?* =(x—y) +(x+y)
S XE=2X+1+ Y = X2 =2xy + Y2+ X2+ 2xy + V2
S X +y +2x-1=0
& (x+1)2 +y° :(\/5)2
Vay tap hop cac diém M biéu dién s6 phic z 1a duong tron tam | (-10), ban kinh R = J2
— Pap 4n chinh x4c 1 D ‘
Bai 5-[Thi thit THPT Quéang Xwong I — Thanh Héa lan 1 nim 2017]
Tap hop diém biéu dién s phuc z thoamén |z|” =2 1a:
A.Ca mit phang B.Puong thang C.Mot diem  D.Hai duong thang
* Ditsé phitc Z=X+Vi . .
= Tacd |z|2 =2" o|x+ yi|2 =(x+ yi)2 & X4y =X+ 2xyi +(yi)2
2 . . y=0
2y’ —2xyi=0< y(y—X|)<:{ _
y—ix=0
Vay tap hop cac diém M biéu dién sb phirc z 14 hai dudng thing y=0 va y—ix=0
= Pap an chinh xacla D
Bai 6-Tap hop diém biéu dién sé phic z thoa man 2|z-1 = ‘z —z+ Zi‘ la mot Parabol c6 dang:

2 XZ

A.y=3x2—6x+ZB.y=X?—x Cy="-4 D.y=x2+2x+§
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* Ditsd phitc Z=X+VYi .

= N&u dap s6 A ding thi ding véi moi Z = X+ Yi thdaman y =3x" —6X+2.
Chon mét cdp (X;y) batki théa y =3x* —6x+2vidy A(0;2)=z=2i
Xét higu 2|z -1~|z-z+2i

(2] (e (el (2) 6) (=) () O (=) () ) (2] B8 (=) () (=5 (21 B9 O] (1) (2) ) (5

212i-1 |-|2i-(-2b
Y

Vay 2[2-1-|z-2+2i[=-6+25 0
:>2|z—]4¢‘z—§+2i‘ — Pap sb A sai
= Tuong ty vai dap sé B chon Zzl—%i . Xét hiéu2|Z—1|—‘Z—E+2i‘

R0 EE® RSB SN 0 EE @R ®
HOMEHEM®REZI®OHREdE

EMPLH F| h_'lath I
2|1-E-1]-|1-%-¢
0

Vay 2[z-1-|z-7+2i[=0 = 2|z-1|=|z-7+2i| = Dap sb B chinh x4c
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PHU'O'NG PHAP CASIO - VINACAL

BAI 32. CU’C TRI CUA SO PHU'C.

1) KIEN THUC NEN TANG
1. Bat dang thire thwong gap
= B4t dang thirc Bunhiacopxki :Cho cac s6 thuc a,b, X, ¥ ta ludn cé

(ax+by)’ <(a’+b*)(x*+y*) . Ddu =xay ra @%:%

= Bét déing thirc Vecto : Cho 2 vecto U(X;Y) va V(X' y') ta ludn c6 ‘GH\?‘ z‘u +v‘

<:>\/x2+y2 +\/x'2+ y*? 2\/(x—x')2+(y—y')2
D3u=xayra <:>i|21|<0
Xy
2. Phwong phap meo sir dung sir tiép xdc

* Dang 1: Cho s6 phitc Z c6 tap hop cac diém biéu dién s6 phirc z 1a dudng tron (C) bén kinh R.
V&i méi diém M thudc dwong tron (C) thi cling thudc duong tron (C ) tam gdc toa dd ban kinh
OM =/a2+b? .
+)Dé |Z| I&n nhat thi OM 1&n nhat dat duoc khi duwdng tron (C ) tiép xuc trong véi dwdng tron
(C) va OM =0l +R
+)Dé |z| nhé nhét thi OM nhé nhét dat duoc khi dudng tron (C') tiép xtic ngoai véi dudng tron
(C) va OM =0I —R

L J

* Dang2: Cho s6 phtrc z cé tap hop cac diém biéu dién s6 phirc z 13 dudng thang (d) . V&i mbi
diém M thudc (d) thi cling thudc duwong tron (C ')
+)Dé |Z| nhé nhat thi OM nhé nhat khi d6 OM vudng géc vdi (d) va OM =d (O;(d ))
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R

= Dang 3: Cho s6 phirc z c6 tap hop cac diém biéu dién s phirc z 13 Elip cé dinh thudc truc 16n
A(a;O) va dinh thudc truc nho B(O; b) . V&i mdi diém M thudc (d) thi cling thudc dudng tron
(€)
+)DE |z| 16n nhat thi OM I6n nhat khi dé M truing véi dinh thudc truc 16n va
max|z|=OM =O0A
+)Dé |Z| nhé nhat thi OM nhé nhat khidé M trung véi dinh thudc truc nhé va
max|z|=OM =0B

2 2
. . x x . X
= Dang4:Chosd phlrc Z c6 tap hop cac diém biéu dién sé phirc z 1a Hyperbol (H ) : —z—y—z =1cé
a
hai dinh thudc truc thuc A'(—a; 0), A(a;O) thi s6 phirc Z c6 mddun nhé nhat néu diém biéu dién

s6 phirc z nay trung vdi cac dinh trén. (médun I&n nhat khéng ton tai)

11) Vi DU MINH HOA
VD1-[Thi thit THPT Vinh Chan — Phu The lan 1 niam 2017]
Trong cac s6 phuc z théa man diéu kién |z—2—4i|=|z—-2i| . Tim s6 phic z c6 mdédun nho nhat.
A.z=-1+iB.z=-2+2iC. z=2+2i D.z=3+2i
GIAI
%+ Cach Casio
»  Trong cac s6 phirc & dép an, ta sé tién hanh xap x&p cac s6 phirc theo thr tw modun ting dan :

[-1+i| <|-2+2i| = |2+ 2i| < |3+ 2i
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>  Tiép theo sé tién hanh thi&r nghiém tirng s phirc theo tht ty médun tang dan, s6 phirc nao thoa
man hé thirc digu kién |z —2—4i| =|z - 2i| d3u tién thi I3 dung
V6i z=—1+i Xéthiéu: |(—1+i)—2—4i|—|(-1+i)-2i

) fye) (3 (=) (D (B 86 O (& (2) (& (@) 6 & (=) e fwd) () (0 () B
B REed =

CHMFLY [F| Math &

| (=1+10-2-4il-|F
a2

Ra mot gid tri khdc 0 vdy Z =—1+1 khdéng thda man hé thirc. = D4ap 4n A sai
>  Tuongty nhuwvay véi Z=2+2i

) (el (2) () (2) ) (=) (2] (=) (&) g O (=) (o) () (2] (1) (2) ) (=) (=)
B &

CHMFLY [F| Math &

| 2424 -2-47 |- | 2+
1

Vay s phirc Z=2+21 théda man hé thirc = Ddap s6 C |13 dap s6 chinh xac
Cach meo

Goi s6 phttc Z cédang Z=a+bi . z théa man |Z—2—4i|:|2—2i|

< [a-2+(b-4)i|=|a+(b-2)i
<:>(a—2)2+(b—4)2:a2+(b—2)2

< a’-4a+4+b*>-8b+16=a*+b*—4b+4

<4a+4b=16

<a+b-4=0

Trong cac dap an chi cé dap 4n C thda m3n a+b—4=0 = Dép an chinh xacla C
+* Cach tv lugn

Goi s6 phirc z cédang Zz=a+bi . z théa man |Z—2—4i|:|2—2i|
< la—2+(b-4)i|=|a+(b-2)i|
(:)(a—2)2+(b—4)2:a2+(b—2)2

< a’-4a+4+b*-8b+16=a°+b*—4b+4

<4a+4b=16

sa+b=4
Theo bat dang thirc Bunhiacopxki :

16=(a+bh) <(1+1*)(a’+b*)=|z[ =a’+b* >8

7
0.0

=7|>2v2
a_p

Ddu=xdyra<=><1 1 << a=bh=2=z=2+2i
a+b=4

VD2-[Thi thir chuyén Khoa hoc tw nhién lan 2 nim 2017]
V6i céc s6 phic z thoa mén |(1+i)z+1-7i| = 2 . Tim gid tri I6n nhit cua |z|
A.max|z|=4 B.max|z|=3 C.max|z|=7D.max|z|=6
GIAI
+» Cach meo
»  Gois6 phttc Z cédang Z=a+bi . z théa man |(1+i)z+1—7i| =\/§
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<|(a+bi)(1+i)+1-7i| =2
ola-b+1+(a+b-7)i|=+2
<:>(a—b+l)2+(a+b—7)2 =2
& 2a®+2b® +50-12a—-16b =2
< a’+b*-6a-80+25=1
< (a-3)"+(b-4)" =1
Vay quy tich diém biéu dién s6 phirc z 1a dudng tron tam | (3;4) ban kinh R=1 . Ta goi day 13
dudng tron (C)
> V&imodidiém M biéu dién sé phirc Zz=a+bi thi M ciing thudc dudng tron tam O(O;O) ban
kinh va? +b? . Ta goi day |a dudng tron (C) , Médun cla z ciing 1a ban kinh dwdng tron (C)
>  Débankinh (C') I6n nhét thi O,1,M thing hang (nhu hinh) va (C') tiép xtc trong véi (C)
Khido OM =0l +R=5+1=6
= Dap s6 chinh xaclaD
« Cach tv lugn
»  Goisd phtrc z c6dang Z=a+Dbi . z théa man ‘(l+i)z+1—7i‘:\/§
< |(a+bi)(1+i)+1-7i|=+2
<la-b+1+(a+b-7)i|=+2
< (a-b+1) +(a+b-7) =2
< 2a’+2b*+50-12a—16b=2
s a’+b*-6a-8b+25=1
=(a-3)" +(b-4)" =1
> Taco|zf =a’+b*=6a+8-24=6(a-3)+8(b—4)+26
Theo bat ddng thirc Bunhiacopxki ta c6 : 6(a—3)+8(b—4) < |6(a—3)+8(b—4)|

< \/(62 +8)| (a-3)" +(b-4)" | =10
Vay |7 <36 =|2|<6
= dap an D la chinh xac
+* Binh luan
> Viéc sir dung bat dang thirc dé danh gia |Z| 13 rat khé khan, doi hdi hoc sinh phai ndm rat vitng bat

ddng thirc Bunhiacopxki va cac bién dang ctia né
>  Trong tinh hudng cla bai todn nay, khi so sanh 2 céch giai ta thdy dung meo tiép xtc td ra don gian
dé hiéu va tiét kiém thoi gian hon.
VD3-[Thi thir b4o Toan hoc tudi tré lan 5 nim 2017]
Cho s6 phirc z théa man |z—4|+|z+4|=10, gia tri I6n nhét va gid tri nho nhat cua |z
A.l0va4 B.5va4 C.4va3D.5va3
GIAI

lan luot 13 ;

+* Cach meo
»  Gois6 phttc z c6dang Z=a+bi . z théa man |Z—4|+|Z+4|:10

< |a—4+bi|+|a+4+bi|=10

<:>\/(a—4)2+b2 +\/(a+4)2+b2 =10
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o \J(a+4) +b? =10—/(a—4)’ +b’

< a?+8a+16+b? =100+a ~8a+16+b* —20,/(a—4)" +b?

& 20/(a-4)" +b? =100-16a

<5(a—4)" +b?> =25-4a
<:>25(a2—8a+16+b2)=625—200a+16a2
< 9a% +25b? = 225

a> b’

&S —+—=1
25 9

Vay quy tich diém biéu dién s6 phirc z 1a dudng Elip dinh thudc ddy 1én 13 A(5;0) , dinh thudc
day nhé 1a B(0;3)

>  V&imdidiém M biéu dién s6 phirc Z=a+Dbi thi M cling thudc duwdng tron tam O(O;O) ban
kinh va? +b? . Ta goi day Ia dudng tron (C) , Médun cla z ciing 12 ban kinh dwdng tron (C)

>  Débankinh (C') I6n nhatthi M tring véi dinh thuéc tryclénva M = A(5;0) =OM =5
= max|z|=5

>  Débankinh (C') Iénnhatthi M trung véi dinh thudc truc nhé va M = B(0;3) =OM =3

= min|z|=3

= Ddp s6 chinh xaclaD

Cach tw luagn

>  Gois6phirc Z cddang Z=a+bi . z théa man |Z—4|+|Z+4|:1O

X3

%

< |a—4+bi|+|a+4+bi|=10

<:>\/(a—4)2 +b? +\/(a+4)2 +b? =10

o \J(a+4)’ +b +J(-a+4)’ +(-b)’ =10

Theo bat dang thirc vecto ta c6 :

10=J(a+4) +b? +\[(-a+4) +(-b)’ = [(a+4)~(-a+4)] +[b—(-b)
10> +/4a +4b*

<10>2|7|=|7|<5

>  Tacd < \/(a—4)2 +b? +\/(a+4)2 +b%* =10
Theo bat dang thirc Bunhiacopxki ta 6 :

100:(\/(a—4)2 +b? +\/(a+4)2 +b? )2 <(r +12)|:(a—4)2 +b?+(a+4)’ +b2}

<100< 2(2a2 +2b? +32)

< 2a? +2b* +32>50
s at+b?>9
Vay |z|2 >9c|7<3

= 3<|z| <5=d4p 4n D la chinh x4c
VD4-Trong céc s6 phirc z théa man |z—2|—|z+2|=2 , tim s phic z c¢6 modun nho nhat.
A.z=1-3i B.z=-1++3iC. z=1 D. z=/3+i
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+» Cach meo
»  Goisdphitc z coddang Z=X+Yi . z théa man |Z—2|—|Z+2|:

S x—2+yi|-|x+2+yi|=2

<:>\/ X—2 2+y2 —\/(x+2)2+y2 =2
<:>\/(><7y—2+\/7
c>(x— = \/7+y+ x+2

= -1-2x= x+2 (1 2x>0©x<—%j

S1+4X+4X2 = X2 +4x+4+
2

ex-d 1
3

2
Vay tap hop diém biéu dién s& phirc z 1a Hypebol (H ) - X? —y? =1 c6 2 dinh thuéc thyc 1a

A'(-10),B(10)

>  S&phitc z=X+Yi c6 diém biéu dién M (X;y) va cé médunla OM = JaZ+b? . pé OM dat gia
tri nhd nhat thi M trung vdi hai dinh cda (H )
M=A=M(L0)=z=1

= Pap an chinh xac 1a C

I1) BAI TAP TU LUYEN

Bai 1-Cho céc s6 phirc z théa man |2z — 2+ 2i| =1. Mddun z nhé nhét ¢6 thé dat duoc 1a bao nhiéu

_1+22ﬁ B.1+§ﬁ C.\2+1 D.A2-1

Bai 2-Trong cac s6 phuc z théa mén |z —3i|+‘i§+3‘ =10 . Hai sb phtc z, va z, c6 mddun nhod

A.

nhat. Hoi tich z,z, 1a bao nhiéu

A.25 B.-25 C.16 D.-16
Bai 3-Trong cac s phuc z théa man |iz—3/=|z—2-i| . Tinh gia tri nho nhat cua |z] .
Al B. L c.l p.L

2 J2 5 J5

LOI GIAI BAI TAP TU LUYEN

Bai 1-Cho céc s6 phiic z théa man |2z — 2+ 2i| =1. Mddun z nhé nhét c¢6 thé dat duoc 1a bao nhiéu

A -1 +22\/§

B.1+§ﬁ C.\2+1 D.A2-1

GIAI
+» Cach meo
Goi s8 phirc Z =X+ Yi théa man |22—2+2i|=1<:>|2X—2+2yi+2i|:l

o (2x=2)" +(2y+2)° =1

Trang 289 Tai liéu Iwu hanh noi bo



TOM TAT KY THUAT SU’ DUNG CASIO - VINACAL HO TROQ GIAI BE THI MON TOAN 2017.

Vay tap hop cac diém bicu dién s6 phic z 1a duong tron (C) c6 tam | (L —1) ban kinh R = >
* V&i mdidiém M (X;y) biéu dién s6 phirc z =X+ Yi s& thudc duomg tron tam O ban kinh
R'=|z|=4/x* +y? .Vivay dé R =|z| nhé nhét thi duang tron (C') phai tiép xic ngoai véi dutmg
(€
Khi d6 diém M sg Ia tiép diém ctia duong tron (C) va (C') va [7/=OM =0l -R =

EAOOHOONEFHOEOHOOMESEHEO®RE

“1+242
2

J01-00+0-1-0148
-14+24%
Z

— Pap s chinh xac 1a A
Bai 2-Trong cac sb phiic z théa mén |z —3i|+‘iz +3‘ =10 . Hai s6 phtic z, va z, c6 modun nhé

nhat. Hoi tich z,z, 1a bao nhiéu
A.25 B.—-25 C.16 D.-16
GIAI
+ Cach meo

* Goi s6 phirc Z =X+ Yi théa man |z—3i|+‘i§+3‘:10
@‘x+(y—3)i‘+|y+3+xi|=10
<:>\/x2+(y—3)2+\/(y+3)2+x2 =10
@W=10— x2+(y-3)°
<:>(y+3)2+x2:100—20\/m+x2+(y—3)2
& 20X +(y-3)° =100-12y

& 25x° +16Yy° =400

2 2
X Y
16 25
. . Xy
Vay tap hop cac diém biéu dién so phirc z 1a dudng Elip (E): AT 1¢6 2 dinh thudc truc nhé

la A(—4;O),A'(4;0)
* V&i mbi diém M (X; y) biéu dién s& phirc Z =X+ Yi s& thudc duong tron tdm O ban kinh
R'=|Z| =\/X2 +y? .Vielip (E) va duwdng tron (C) c6 cung tdm O nén dé€ OM nho nhatthi M 13

dinh thudc truc nhé

>M=A'=2z2=-4 M=A=>17=4
Tong hop 7,2, =(-4).4=-16

= Piép s6 chinh xéac 1a D
s Mé rong
* NEu dé bai hditich 2,2, vdi |Zl|,|22| c6 gia tri I&n nhat thi hai diém M biéu dién hai s6 phurc trén 13 hai

dinh thudc truc 16n B(O; —5), B'(0;5)
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=>M=B'=z=-5,M=A=17z =5

Tong hop 2,2, =5i.(-5i) = -25i° = 25

Bai 3-Trong céc s6 phic z théa man |iz—3/=|z—2-i| . Tinh gia tri nho nhat cua |z|.
1 1 1 1
= B.— C.= D.—
2 J2 5 J5

GIAI
+» Cach meo

Goi s6 phitc Z=X+Yi théaman [iz—3/=|z-2I|

|-y =3+xi|=|x=2+(y-1)il

<:>(—y—3)2+x2:(x—2)2+(y—1)2

S YAy +9+ X =X —AX+4+y -2y +1

& X+2y+1=0

& 20,/x% +(y-3)* =100-12y
Vay tap hop cac diém biéu dién s6 phirc z 1a duong thrfmg(d ) X+2y+1=0
V&i mi diém M (X;y) biéu dién s6 phirc z =X+ Vi thi [z]=OM >OH véi H 12 hinh chiéu vuéng géc

cta O lén duong thang (d) va OH 13 khodng cach tir diém O 1én duong thang (d)

) 1.0+2.0+1 1
Tinh OH =d(0;(d))=—F———=—F
(0:(9)) NPT G
1
Viy 2|2 —=
by l>
= Piép s6 chinh xéac la D
2 2 H 3 2 2. .- 3: . 2
X+ Yi+ 1 .|:|x -y +1.+2xy||: X® — Xy +x+x2y|+2y|—y|+2xy
x+y|| ‘ X+ yi ‘ X“+Yy
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PHU'O'NG PHAP CASIO - VINACAL

BAI 33. PHUONG TRINH SO PHUC.

1) KIEN THUC NEN TANG

1. Chuyén sé phiic vé dang lweng giac

* Dang lwgng giac cta sd phirc : Cho s6 phitc z cédang Z= r(c05¢+isin (p) thi ta ludn cé :
2" =r"(cosng+isinng)

* Lénh chuyén s phtrc Z=a+Dbi vé dang lvong gidc : Lénh SHIFT 2 3
Budc 1: Nhap s6 phirc Z=a+bi vao man hinh réi dung 1énh SHIFT 2 3 (Vidu z =1+ \/gi )

) U@@ﬂ?@]@ B8
1+f5d Hrse
2iim

Budc 2: Tir bang két qua ta doc hiéu r=2 va ¢ :%
I1) Vi DU MINH HOA .
VD1-[Thi thir chuyén Khoa heoc tw nhién lan 1 nam 2017]
Goi z;,2, la hai nghiém phtc ciia phuong trinh z°—z+1=0 . Gid tri cua |z|+|z,| bing :
A.0 B.1 C.2 D.4

GIAI
+» Cach Casio

»  Tinh nghiém cta phuong trinh bac hai 2> —z+1=0 bng chirc ndng MODE 5 3

@@m@eﬂla@@m@@ [F] MathWai
W= hE=
1,45 - 1 5.
A Tz 1
J3 1 3.

1 . . ) A
»  Vaytaduoc hainghiém z, = E+7I va Z, = E_7I . Tinh tong M&dun cua hai s6 phirc trén ta

lai dung chirc nang SHIFT HYP

fwong (2] (se1) fyd) (B) ) @ (2] & (H (B) (=) (3] @ [2) & g & (F) (0] e
BoAeEHEREAE®RZ®ME

CMPLE F] Math A

1 £-| 1_4F
|2+ z 1| +|5—FF
i

= |Zl| +|22| =2 ta thay B 1a dap an chinh xéc
VD2-[Thi thir chuyén Khoa hoc tw nhién lan 2 nim 2017]
Goi z,,2, la hai nghiém phtic caa phuong trinh z° +2z+2 =0 . Tinh gia tri cia biéu thuc
P — Zl2016 + Z§016 o
A 21009 B 0 C 22017 D 21008
GIAI
% CachCasiol
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»  Tinh nghiém cta phuong trinh bac hai z° + 22+ 2 =0 béng chitc ning MODE 5 3

-@@E]E]@ME]@@@ o
W= hE=
-1+i -1-i

»  Tathuduoc hainghiém z, =—1+1i va z, =—1-i . V&i cac cum ddc biét —1+i , —1—1 ta co diéu
dac biét sau: (—1+ i)4 =-4, (—1—i)4 =—4

X2 OEDEEDB@DE
(-1+i)

-4
Véy p— 22016 25016 ( 1+|)2016 +(_1_|)2016 [( l+|) }504 +|:(—1—i)4j|
_ (_ 4)504 ( _4)504 _ 4504 n 4504 _ 21008 21008 2. 21008 21009

P Z2016 + Z2016 21009

Cach Casio 2

504

ta thay A 1a d4p 4n chinh xac

X3

%

> Ngoai cach st dung tinh chat dac biét cia cum (—1i i)4 ta co thé xir ly —1+1i bang cach dua vé
dang luong gidc bang |énh SHIFT 2 3
Véiz, =—1+i=r(cosp+ising)

B edE[2)[5) =
—1+imrid
{Zi2n

3
Ta nhan duoc r:\/§ va goc (pz%Z

=7, = \/5(00337”+ isin 37) =20 = (V2) (cos 2016.37”+ isin 2016.%”)

»  Tinh 005(2016.37”j+i.sin(2016 377[)

os) (2] (0] (1] (6] (X) (&) (3] (1) (xi0) ® (&)
--@mmG)@@@

CHMFLY Math &

cns[2n15x +ixgh
1

® [# @6 (X sin) (2] (@) (3] (6)

Zl2016 _ ( \/E )2016 _ 01008
> Tu‘dng tw 22016 21008 =T= 21009
VD3-[Pé minh hea b GD-PT lin 1 nim 2017]
Ki hiéu z,,2,,z, va z, 1a bén nghiém phirc caa phuong trinh z* —z? ~12=0 . Tinh tong :
T =[z|+[z,]+|z, +[z,]
AT =4 BT=23C.T=4+2/3 D.T=2+2/3
GIAI
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+«+ Cach Casio
>  Détinh nghiém cla phuwong trinh ta dung chirc ndng MODE 5. Tuy nhién may tinh chi tinh dwoc
phuong trinh bac 2 va 3 nén dé tinh duoc phuong trinh bac 4 trung phuong z* —2z2 —12 =0 thita
coi 2> =t khi d6 phwong trinh tré thanh t> —t—12=0

g (D ERHERHNEEDNREEE

MathW¥ MathWk

A= hz=
4 -3

> Vi zP=4=71=%2
> V6i 22 = -3 taco thé duwavé 2% =3i% <> 2 = +/3i véi i2 = —1 . Hoic ta cb thé tiép tuc st dung
chirc ndng MODE 5 cho phuong trinh z° =-3 < 2 +3=0

o HRHEQNEEEE

Math¥ F MathWk

A1= A=
1ai -3

TOm lai ta s& c6 4 nghiém z = +1,z = +/3i
> Tinh T ta lai st dung chirc ndng tinh médun SHIFT HYP

frong) (2] ster) (y) (2] @ () (s0r1) fyd) (=) (2] & () ) gl (va) (3] & B & (F)

EREOEDOmE
|21+1-21+Fil+e
203

— DPép an chinh xac 1a C
VD4-[Thi thir nhém toin Poan Tri Diing 14n 3 nim 2017]
Giai phuong trinh sau trén tap sb phuc : z° +(i+1) z° +(i+1)z+i=0
A.z=-i B. Z:—1+£ C. —l—ﬁi D.Ca A, B, C déu dung
2 2 2 2
GIAI
¢ Cach Casio
>  DEé kiém tra nghiém cla 1 phuong trinh ta st dung chirc ndng CALC

) O] (9 (3] & (1) ([ v (1) () O few) O (=3 () (A fvg (1) (1] O (e

0] (# & () (=) Bvg) (B
CHPLY F] Math CMPLY Math &
hi H3+E1+13HE+E1+]F
-i 1
Vay Z =—i 13 nghiém

>  Tiéptuckiémtra z= _E+7i néu gia tri nay la nghiém thi cd d4p 4n A va B déu dung cé nghia la

dap &n D chinh xac. Néu gia tri nay khéng 1a nghiém thi chi cé ddp an A dung duy nhat.

OEHOOEAMNEHUOWEREMNEHRZMNME
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]
S L W PR ¥ W F N N St R g A LA I R LA AN FATSA Y FIY SR AL AR TR LI 4 IF NS LIRLEL FANF RSP LN _J o

CMPLY Math &

}i3+(1+133{2+(1+]b
I

. 1,43, ‘
Vay 7= —EJF?' tiép tuc la nghiém c6 nghia la dap an A va B déu ding
= DPap an chinh xac la D
Cach ty luan
>  DEé gidi phuong trinh sé phirc xuat hién s6 i trong dé ta khdng thé st dung chirc nding MODE 5
duwgc ma phai tién hanh nhém nhéan t&r chung
Phuong trinh < 2% + 72 +z+(z2 +z+1)i =0

7
0.0

z=-i
<:>(z+i)(zz+z+1)=0<:> ,
z°+z2+1=0
»  Phuongtrinh 2>+ 2z +1=0 khong chtta s i nén ta c6 thé st dung may tinh Casio véi chirc ning
gidi phuong trinh MODE 5

-@@@@@@@@@
Mathw B Math¥ik
M= hz=
U (L 45,
£ Z E
Tém lai phuwong trinh cé 3 nghiém Z=—i;Z=—%+§i;Z——%—§i

=D la dap an chinh xac
VD5-[Thi thir bao Toan hoc tuoi tré lan 3 nam 2017]
Trong céc phuong trinh dui ddy, phuong trinh nao c6 hai nghiém z, =1++/3;z, =1-+/3

A.22+i\32+1=0B.22+22+4=0C.2*-22+4=0D.z? -2z -4=0
GIAI
>  Ta hiéu phuong trinh bac hai ax? +bx+c¢ =0 néu cé hai nghiém thi s& tuan theo dinh ly Vi-et (ké
ca trén tap s6 thuc hay tap s6 phic)
2,+2,= b
a
2,2, :E

> Tinh z,+2,=2

iog (2) D B (= B O B D EHE B ®E E

CMPLY Math &

1+4'_1+1—4'_1
o

Tinh 2,2, =4
ODPIEDCENUDNEFED®EIES

(1+03i) (1-{31)
4
R& rang chi ¢ phuong trinh 2> —2z+4=0 c6 —g=2 va §=4

= Pap s chinh xac 1a C
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VD6-[Thi thir chuyén Khoa heoc tw nhién lan 1 nim 2017]
Phuong trinh z° +iz+1=0 cd bao nhiéu nghiém trong tap sb phuc :
A.2 B.1C.0D.V6 sb
GIAI
»  Taphan biét : Trén tap s6 thuc phwong trinh béac hai ax® +bx+¢ =0 s& c6 hai nghiém phan biét
néu A >0, cé hai nghiém kép néu A =0, vé nghiém néu A <0 . Tuy nhién trén tap s6 phirc
phuong trinh bac hai ax? +bx+c¢ =0 c6 1 nghiém duy nhat néu A =0, c6 hai nghiém phan biét
B {A >0
néu
A<O0
»  Vaytachicantinh A 13 xong. Véi phuong trinh 22 +iz+1=0 thi A=i?>—4=-5 13 mét dai
lwgng <0 vay phuong trinh trén ¢ 2 nghiém phén biét
— Pap s chinh xac 1a A
(1-i)° (VB+i)

10
1-145)
A -1+i B.1 C.3-2i D. 2%
GIALI
> Dé xtr ly s& phirc bac cao ( ) ta sir dua s6 phirc vé dang lvong gidc va s dung céng thirc Moa-
10
Z

VD7-Phan thyc cua sé phuc z 1a bao nhiéu biét z =

5
Z;

10
23

vo . Va dé dé nhinta dit z =

» Tinhz=1-i= I’(COS(p+iSin go).Dé tinh r va @ ta lai s&t dung chirc ndng SHIF 2 3

DB &g ) (2)(3) =)
1-1 ki

{2i-%

N _ T - . /A 10 _ 10 i .. i
Vay zl_\/i(cosTHsmT) z; _(\/5) (coslo. 1 +1isin10. 2 )
Tinh c0s10.—~ +isin10.—~

4 4

g (1] (0] (X) (B) (=) () (x10) @ (@) & O] () @) (sin) (1] (0] (X (=) (=] (oue)
MI®@B®DIE

CMPLY Math &
cos| IDHT] +isire

-1
Vay 2 =(2 )10 i=2%

> Tuongty Z = 25(0085.%+i8in 5%} =2° £—£+%i]

7’ =2% cole._z—”+isin10._2—7zj:210 —l—ﬁi
3 3 2 2

25i25[—ﬁ+1iJ
10 5 ’ 2 2
Tong hop Z = 4% _

Z;O 210 _l_ﬁi
2 2
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S L W PR ¥ W F N N St R g A LA I R LA AN FATSA Y FIY SR AL AR TR LI 4 IF NS LIRLEL FANF RSP LN _J o

BAxECXAXEEMEHEERERB®E®HE O]
@AM IOUeMEHE0N®RER®EHE M E)

C)E]g%g?l! o a
o[ )

Vdy z =1=> Dép s6 chinh xacla B

111) BAl TAP TU LUYEN

Bai 1-[Thi thir chuyén Lam Son — Thanh Hoéa lan 2 nim 2017]

Cho phuong trinh z? —2z+17 =0 c0 hai nghiém phuc z, va z, . Giatri cua |z,|+|z,| 1a:
A.2\17 B.24/13 C.2\10 D.2:15

Bai 2-[Pé thi toan Pai hoc — Cao dang khdi A nim 2009]

Goi z,,z, la hai nghiém ctia phuong trinh z* +2z+10=0 . Tinh gid tri biéu thtc A=|zl|2 +|22|2
A.2410 B.20 C.5\2 D.10/3

Bai 3-[Thi thir Group Nhém toan lan 5 nim 2017]

Ki hiéu z,,2,,z, 1a nghiém ciia phuong trinh z°+27=0 . Tinh tong T =|z,|+|z,|+|z|
AT =0 B.T =33 C.T=9 D.T=3

Bai 4-[Thi thit THPT B&o LAm — Lam Pong lan 1 nim 2017]

Goi z,,2,,2,,2, 1abén nghiém phic cia phuong trinh 2z* —3z° -2 =0 . Tinh tong sau :
T =[z,|+[z,]+|z,| +[z,]

A5 B.5J2 C.3\2 D2

Bai 5-[Thi thir THPT Bao Lam — Lam Pong lan 1 nim 2017]

Xét phuong trinh z* =1 trén tap s6 phtc . Tap nghiém cua phuong trinh 14 :

As={1} BS{ 1t ‘/_} {1_%+£} D.S:{—%+£}

Bai 6-Biét z la nghiém cua phuong trinh z 11 Tinh gia tri biéu thuc P = 2% +
z

2009
Z

AP=1 B.P=0C.P= _.fi D.P= Z{
2 4

LOI GIAI BAI TAP TU' LUYEN
Bai 1-[Thi thir chuyén Lam Son — Thanh Ho6a lan 2 nam 2017]
Cho phuong trinh z* —2z+17 =0 ¢6 hai nghiém phuc z, va z, . Gid tri cua |z|+|z,| la:

A. 217 B.2/13 C.210 D.2/15

GIAI

¢ Cach Casio
Tim hai nghiém cta phuwong trinh 22 -2z +17 =0

IIIEJEJ[Z]E]EQ&;HZ]C]IIE]E] .
h1= hE=
1+4i 1-4i

Tinh tdng hai médun bang Iénh SHIFT HYP

feong) (2] (surr) (ye) (1] () (2] Q) O (F) () ) (1) (=) (4) B6) (B
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CHPLY Math &

[1+4i|+]1- 41|
217

Vay |z,|+|z,| = 2417 = Dap s6 chinh x&c 14 A
Bai 2-[P& thi toan Pai hoc — Cao ding khoi A nim 2009]
Goi 2,2, 1a hai nghiém cita phuong trinh z? +2z+10=0 . Tinh gi4 tri biéu thic A=|z,|* +|z,[
A. 2410 B.20 C.5v2 D.10/3
GIAI
¢ Cach Casio
Tim hai nghiém cta phuong trinh z° +2z+10=0

-@@-E}@M@E}@E}@ o
h1= hE=
-1+31 -1-3i

Tinh tng binh phuong hai médun bang |énh SHIFT HYP

biood) (2) (a7 () (=) (1) () (3] ) @ (23 () (i) () B (D HI B1 B & (23 &

|—1+31|E+|—1—31b
20

Vay A=|z|" +|z,]" =20 = Dap s6 chinh x4c 12 B

A
Bai 3-[Thi thir Group Nhom toan lan 5 nim 2017]
Ki hiéu z,,2,,z, 1a nghiém ciia phuong trinh z°+27=0 . Tinh tong T =|z,|+|z,|+|z|
A.T=0 B.T=3/3 C.T=9 D.T=3
GIAI
+* Cach Casio
Tinh nghiém ca phuong trinh z° +27 =0 bing chirc ning MODE 5 4

o (@A HELNEUERDDEE

Math¥ MathWik ] Math A
A= hz= AS=
35,3405 . 5 545 .
-3 =T7= 1 =z =z 1
A 3 3J3. 3 3J3_
VA B=d g = ot =
Tinh téng modun T =|z,|+|z,| +|z,|
BA0E0E0O0E3E =) fioog) (1] fwong) (2] (suirm) (oyd) (=) (3]

B EEE8E
® (# 6r) g (B B @ 21 (B (E) B) (=) B) @ (2) ® By & (F) () b (E)
B®oReEHERMEE®RI® Y E

CMPLY ] Math .l.I
-1+ | 24255 | +p

Vay T =9 = Dap s6 chinh xac 1a C
Bai 4-[Thi thiw THPT Bao La&m — Lam Pong lan 1 nam 2017]
Goi z,,2,,2,,2, 1a bdn nghiém phic cia phuong trinh 2z* —3z° —~2=0 . Tinh tong sau :

i
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T :|21|+|Zz|+|23|+|z4|
A5 B.52 C.3\2 D.\/2
GIAI
+* Cach Casio
» Pit t =22 . Tim nghiém cla phwong trinh 2t* —3t—2=0

-@@@@E]MM@@E]@@@ .
M= hz=
1
2 3
t=2 72=2
Vay 1=, 1
t=—— 7-=—=
2 2

s VG 22 =2 7=+2
. -1 i i
Véi 22:—:>22:—:>z:i—
2 2

= Tinh téng médun T _|zl|+|22|+|23|+|z4|

fwoog (2] (sHrT) fye) (va) (2) & & [ &) fye) (=) (va) (2) & & () &) [y () Bvg
-EI@@@-E B ® =2 E

CMPLY Math .l

|21+ 1-Z ] +| &

Z2 1
2
Vay T =32 = DapséchinhxaclaC
Bai 5-[Thi thit THPT Bao Lam — Lam DPong lan 1 nam 2017]
Xét phuong trinh z° =1 trén tap sé phac . Tap nghiém ciia phuong trinh 13

AS={1l B.S= { — */_}CS {1—%+£.} D.S:{—%i?i}

GIAI

++ Cach Casio
* Giai phwong trinh bac ba z® —1=0 véi chirc niing MODE 54

o (@A HELNEUEEUEE
Mathw MathW B Math &
}:1_ ::';:E_ ::'i3=
1, 45 . 145
1 E+ z 1 = = 1
* Phuong trinh c6 3 nghiém X1:1,X2:—1+£i,x3:_1_£i
2 2 2 2

= Pap s chinh xac 1a C

Bai 6-Biét z la nghiém cua phuong trinh z +%—1 Tinh gia tri biéu thic P = 22 + —22%09
AP=1 B,P:oc,P:_g D,ng

GIAI
¢+ Cach Casio
. 1
» Quy ddng phuong trinh Z+ = =0 ta dwoc phwong trinh bac hai 22—z +1=0 . Tinh nghiém phuong trinh
z
nay véi chirc nang MODE 5 3
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fwoog) (5] (3) (1] E] H0E0EE
MathW B MathWik
M= hz=
1,45, 1_45 .
=z 1 7 =
* Ta thu duoc hai nghiém z nhung hai nghiém nay cé vai trd nhw nhau nén chi can |ay mét nghiém z dai
dién la duoc

1 3. e T .. T
Vi Z:§_§I ta chuyén vé dang lugng giac = Zzl(COSEHS'HEJ

BU@R®HE R RE®E® @ (2] E)E

CMPLY Math &

1, 45
L+ ersd .
1£5m
Vay = 2% =1 (cos 2009.% +isin 2009.%} = (cos 2009.%+ isin 2009.%j

2009

Tinh 277~ valuwuva bién A
(on) (eog (2] (0] (0] (2] (X) (&) () (x10) @ (3] & O] (F) v (sin) (2] (0] (0] (8] (X) (B
mmoxcn% @®ﬁth@m.%m B Math &

cos( 20092 | +igis ANSHH
0.5-0. 9660254038  0.5-0. 366025403

TéngkétP=A+%=1
EN@JENE IO T@IE

CMPLY Math &
+—
A+

— Pap s6 chinh xac 1a A
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