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Nhom truong:

THPT Nguyén Van Huyén

THPT Thang 10

THPT Thwong Lam .
CHUYEN DE

SO PHUC

DANG PAI SO VA CAC PHEP TOAN TREN TAP SO PHUC

A. Kién thirc co ban.
1. Khai niém s6 phirc
e S6 phuc (dang dai s6) : z=a+bi
(a, be R, ala phan thyc, b 1a phan 4o, i 1a don vi a0, i2 = —1)
e 71 56 thuc < phan 40 ctia z bang 0 (b = 0)
zlathuidn do < phan thyc cua z bing 0 (a = 0)
S6 0 vira 1a s6 thuc vira 1a sd ao.
e Téap hop $b phuc: (C={Z —a+bhi,a,beR,i’=- }

M b} 7 a:a' 1 1

e Hai so phtrc bang nhau: a+bi=a +b|<:>{b_b. (a,b,a',b'eR)
Chl:l ,', i4k:1. i4k+l:i. i4k+2:_1. i4k+3:_i
2. SO phirc lién hop cua s6 phirc z=a + bi la Z=a - bi

- — == = == (7)) Z -
eZ=7; z+7'=7+7'; 77'=21" [—1j:_—1; zZ=a>+b?
ZZ ZZ
. zléséthuc@ 2=7; zlasdao = z=-7

3. Médun ciia s6 phirc : z = a + bi

o |zl =/a? +b? =77 =|OM|
e |z|>0,vVzeC, lzZl=0<=2=0

z|_ld o l2d-lzl <lz+ 21 <[zl +]z]

o [zz7=lzl.|z =]

4. Cac phép todn trén sb phirc. ]
* Phép cong va phép trir, nhan hai so phic.
Cho hai s0 phttc z=a + bivaz’ =a’ + b’i. Ta dinh nghia:
e z+z'=(a+a)+(b+bi
e z-z'=(a—a)+(b-DbMi
e 7z7'=aa'-bb'+ (ab'-a'b)i
* Phép chia s0 phirc Khic 0.
Cho s0 phitc z=a + bi # 0 (tirc la a®>+b?>>0)
1 —

1 ;.17
a’ +b’ _|z|2

Ta dinh nghia s nghich déo z* ctia s6 phitc z#01a s z71=

a+bi aa'-bb' ab'+a'b.
- = + i
al+bll a|2+b|2 a|2+b|2

e Chia hai s6 phuc:

B. Ki nang co ban.
Tim phan thuc va phan 40 , mo dun, so phirc lién hop ciia s6 phirc
Phuwong phap giai
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Bién dbi s6 phirc vé dang dai sd, ap dung cong thuc tinh.

Thue hién cac phép toan trén tap sé phic

Phirong phap giai

Ap dung céac quy tic cong, trir, nhan, chia hai sé phirc, chu ¥ cac tinh chit giao hoan, két hop d6i
v6i cac phép todn cong va nhan.

C. Bai tap luyén tap.

Bai 1: Tim phan thyc va phin a0 , mé dun, sb phirc lién hop cia sb phirc

a) z=1+2i b) z = (1+2i)+i(3-4i) c) z=(1+i)" —(5-2i)
Giai:
a) z=1+2i

Phén thyc: 1, phan 4o 2, sd phtc lién hop EZl_Zi,médun: |z|:\/§
b) z=(1+2i)+i(3—-4i)=5+5i

Phan thuc: 5, phé‘m 40:5,sb phuec lién hop 7=5-5i , md dun: |Z| = 5\/5
c)z=(1+i) —(5-3i)=-5+4i

Phan thuc: -5, phﬁn 40 : 4, sd phtrc lién hop 2= —5—4i , mo dun: |Z| =

Bai 2: Tim s phirc lién hop ciia: z = (1+i)(3- 2i) +%
+1

Giai:
Taco z:5+i+i 5+ |+E
(3+1)(3-1) 10
- 53 9.
Suy ra s6 phirc lien hop cia z1a: z="2>—_"j
yIasop °p 10 10
Bai 3: Tim phan 4o ctia s phuc z biét z = (\/§+ i) (1—\/§i)

Giai:
—:(1+2J§i)(1—\/§i):5+ﬁi .Suyra, z=5-+/2i

Phén 40 cta sd phtic Z = —\/E

@+neE-i

Bai 4: Tim mé dun cta s phuc z = -
1+2i

Giai: Taco: Z—5+ —1+£|
5 5

1}2:@
5

Vay mo dun cta z bang: |Z| =,[1+ (—

5
3

Bai 5: Cho s phiic z = 7—%i . Tinh c4c sé phirc sau: z;z2%; (2)3; 1+ z + Z2

Giai:
wiz= B Lo B
2 2 2 2
*Tacoz? = \/§—£I =3, 12—£i:1—£
2 2 4 4 2 2 2




_2_[\@ 1.]2 3 1, 3. 1 3
S(z2) =|—+=i | =—+=i1"+—i=—+—I
2 2 4 4 2 2 2
(z)*=(z)% z = (1+£i](ﬁ+li]=£+ii+§i—£=i
2 2 2 2 4 2 4 4
Tacc'):1+z+22=1+£_1i+£_£i:3+\/§_1+\/§i
2 2 2 2 2 2
3
(13

Bai 6: Cho s phtic z thoa man z = Tim mddun cua sd phic Z +iz.

1-1

Giai:

Ta co: (1—\/§i)3 =-8 Do do E=1_—8:—4—4i:> Z=-4+4i

-1
= 7+iz=—4—4i+(-4+4i)i =881 Viy|z+iz|=8V2

* Hai s6 phirc bang nhau:

Bai 7: Tim céc s thuc X,y théa man dang thic:
a)3X+y+5xi=2y -1 +(x-y)i
b)(2x+3y+ 1)+ (—X+2y)i=Bx-2y+2)+ (4x-y-3) .
¢) x(3+5i)+y(1-2i)’ =-35+23i

Giai:
a) Theo gia thiét:
X+y+5xi=2y—-1+(x-y)i
< (Bx+y) + (5x)i = (2y - 1) +(x - y)i

1
x+y=2y-1 |*777
= =
5X=X-Yy y—ﬂ
7
‘o 9
, 2X+3y+1=3x-2y+2 —X+5y=1 11
b) Theo gia thiét ta co: y y = y e 11
—X+2y=4x-y-3 —-5x+3y=-3 4
YZE

¢) Taco (1-2i) = (1-2i)"(1-2i)=(-3-4i)(1-2i)=2i -11.
Suy ra X(3+5i)+y(1-2i)’ =-35+23i < x(3+5i)+ y(2i —11) = -35+ 23
. . (3x-11y=-35 [(x=3
< (3x—11y)+(5x+2y)i =—35+23i <:>{ <:>{
5X+2y =23 y=4
* Tinh i" va ap dung: Cha y:
o iM=1itl=gif2 =1 i =iV ne N'Vayi" e {-1;1;-i;i}, Vne N

*

. . \2 .
o (I+i)?*=2i; (1-i) =-2i
| Bai 8: Tinh: 1% +i2 +i% _ %
Giai:
Taco il +i23 + 20 — 3 = (42641 4 j45+3 4 {45 _ {482 =j_j4+1+1=2
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Bai 9: Tinh s0 phirc sau:  a) z = (1+i) b) z=| —| +|—
B 1-i 1+i

Giai:
a)Tach: (L+i)2=1+2i—1=2i= (L+i)"=(2i) =128 =-128.i

nén z = (1+)S = (1+i)M(L+i) = -128i (1+i) = -128 (-1 + i) = 128 — 128i.
L+i _ (@+i)d+i) _2i _.

b) Ta co:

1-1i 2 2
. -\16 -\8
S vay (BN (12 s iy =2
1+1 1-1 1+1

Bai 10: (Van dung)Tim phan thuc, phan 4o ciia s6 phirc sau:
1T+(1+i0)+(1+ i)2 +(1+ i)3 +..+(1+ i)20

Giai:

P=1+(L4i)+(1+i) +. 4 (1+i)" :—(1+ii) ~1

.\ 21 272 . .\10 . 10 .
(i) = @) | @)= (20)" (2 +i) =-2°(2+)
—2°(1+i)-1

i
Vay phﬁp thuc 1a —2'° va phan a0 la 210 +1
* Tim so phirc dwa vao dang dai so ctia so phirc.
Néu trong hé thtc tim sd phtic z xuat hién 2 hay nhiéu dai luong sau: z,z, |Z| ,... ta sé su dung Dang

=P= =—21°+(21°+1)i

daisdctiazla z=X+Yi véi X,y eR

Bai 11: Tim s phiic z biét 2—(2+3i)z =1-9i

Gidi:

Gia suz=a+ bi (a,b € R) ta co:
z—(2+3i)z =1-09i <:>a+bi—(2+3i)(a—bi):1—9i
—a—-3b=1 {a=2

< -a-3b—(3a-3b)i=1-9i < o
3a-3b=9

b=-1
Vayz=2-1i
.. £ , , ~ . 2(1+2i) . . R . . )
Bai 12(TH) Cho so0 phirc z thoa man: (2+1)z+ o =7+38i (1) . Tim modun cta so phirc
+i

®w=Z+1+Ii

Giai:

(2+i)2+2(1+.2|)=7+8i<:>(2+i)z+3+i:7+8i

+i
o @+iz=a+Tioz=2" 37
2+1

Do do @=3+2i+1+i=4+3i = |0|=+16+9 =5.

Bai 13: (TH)Tinh m6 dun ciia s6 phuc z biét rang: (22 —l)(1+ i) + (E+1)(1—i) =2-2i

Giai: Goiz=a+bi(a,beR)
Taco




(22-1)(1+i)+(z+1)(1-i)=2-2i
& [(2a-1)+2bi [(1+i)+[(a+1)-bi](1-i)=2-2i
< (2a-2b-1)+(2a+2b-1)i+(a-b+1)-(a+b+1)i=2-2i

a

|

a==
3a-3b=2

< (3a-3b)+(a+b-2)i=2-2i< =N 3 :z:l—li
a+b-2=-2 1 3 3

Suy ra mé dun: |Z| =+a’ +b? :g

- oA o 2 e X -
Bai 14: Tim s6 phirc z thda man: |Z| +22.Z+‘Z‘ =8vaz+z=2.

Giai

Goiz=x+iy (x,yeR),tacé z=x—iy;|z| =‘Er =72=x*+Y?
|z|2+22.2+‘5‘2 84X +y) =8 (X*+y)=2 (1)
I1+7=22x=2x=1(2)

Tu (1) va (2) timdugex =1 y =1
Vay cac sO phtrccantimlal+ival-i

Bai 15: Tim s phuc z thoéa man |Z| = /2 va 22 14 s thuan 4o.

Gii:
Goi z=at bi (a,b € R) Taco |z| =va® +b® va z° =a’ —b* + 2abi
a’+b*=2 [a’=1 [a=%1
R ~
a’-b’=0 (b°=1 |b=%1

Vay cac sb phirc can tim 14 1+i; 1-i; -1+i; -1-i

Yéu ciu bai toan thoa man khi va chi khi {

Bai 16: (Véan dung) Trén mat phang toa 4o Oxy, tim tdp hop cac diém biéu dién cac sd phuc z
thoa man diéu kién |2—2|+|z+2/=10.

Huéng dan giai
Goi M (x;y) la diém bicu dién s6 phirc z=X+Yi, X,y eR.
Goi A 1a diém biéu dién s0 phirc 2
Goi B la diém biéu dién s6 phirc -2
Taco: |2+2/+|z—-2|=10 < MB+MA=10.
Tacé AB=4. Suy ra tap hop diém M biéu dién s6 phire z 1a Elip véi 2 tiéu diem 1a A(2;0),
B(—2;0), tiéu cu AB=4=2c, do dai tryc 16n 1a 10 =2a, do dai truc bé 1a

2b=2va’ —c* =225-4 =221,
Vay, tap hop cac diém biéu dién cc s6 phirc z thoéa man diéu kién |2 - 2|+|z+2|=101a Elip c6
2 2

\ X y
huong trinh —+-=—=1.
p g o5

21
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Bai 17: (Van dung)Tim s6 phuc z théa man hai diéu kién: |Z +1—2l| :‘Z+3+ 4I‘ va ——1a mot
Z+1
s6 thuén 4o.
Giai

biat z= x+yi(x,y € R) Theo bairataco
[x+1+(y - 2)i|=|x+3+(4-y)i|
<:>(x+1)2+(y—2)2 :(x+3)2+(y—4)2 & Y=X+5
z-2i x+(y-2)i x*—(y-2)(y-1)+x(2y-3)i

S6 phic W = ——= — =
z+i x+(1-y)i X2 +(y-1)°
X-(y-2)(y-1)=0 [ __12
w 1a mot s a0 khi va chi khi { X2 +(y-1)° >0 = 237
y=X+5 y=7
. 12 23,
Vay 2=—-—+—1i
7 7
Bai 18: (Van dung)Tim séphﬁczbiétE—E’H*@—l:o
Z
Giai:
Goiz=at+bi(a,beR)vaa’+b*=#0tacé
75418 1 pabi S8 L b 5 i3 a biz0
z a-+bi
a’+b*-a-5=0
& (a®+b’-a-5)-(b+3)i=0<
b+/3=0
a’-a-2=0 |a=-Lb=-/3
= =
b=-3 2=a=2b=—-3
Vay Z:—l—i\/ghoéc z7=2+i3
D. Bai tap TNKQ.

Cau 1. (Dé thi chinh thirc THPT QG niim 2017)Cho hai sb phic z, =5-7i va z, = 2+3i. Tim s6
phtic z=12+2,

A z=T7-4i B. z=2+5i C.z=-2+5i D. z=3-10i

Cau 2. ((Pé thi chinh thitc THPT QG niim 2017) Cho s6 phirc z=a+bi,(a,beR) théa min
z+1+43i-|z|i=0.Tinh S=a+3p

A.S=Z B. S=-5 C.S=5 D.S=—Z
3 3

Giai : Pap an B

=-1

a
b+3=+/b*+1,(2)

Vi b>-3 thi (1) twong duong véi: (b+3)2 =b? +1< b =‘?4

Taco: z+1+3i—|z|i=0< a+1+(b+3)i =va’ +bi <:>{

Vay a+3b=-5




Cau 3. (P2 thi chinh thite THPT QG niim 2017) C6 bao nhiéu s phirc z théa man |2 -3i|=5 va

a

1a sb thuan 40 ?
z-4

A.0 B. Vo sd C.1 D.2
Giai: Pap an C

bat z=x+yi,(x,y eR)
|2-3i|=yx*+(y-3)" =5 x’ +y* -6y =16

Z _ X+yi o (x+yi)(x=4-yi)  xXP-4x+y? 4y
2-4 X—4+yi (x—4)* +y? (x=4)>+y> (x=4)°+y*
2 2
léséthuﬁnéonénLﬂ=0©xz—4x+y2=0
-4 (x=4)"+y
[(x=4
{ (loai)
y=0
X*+y?—-6y=16
Tac()hé'{Z y2 ’ < X:E :>Z-E—ﬁi
| XT+y —4x=0 13 13 13
, 2
713

Vay chi ¢6 1 s6 phtic z thoa méan
Cau 4. (Van dung)Trong c4c s6 phirc théa man diu kién |z +3i|=|z+2-i|. Tim s6 phic c6
modun nhé nhat?
A z=1-2i. B.z=—=+=1. gz=——gi. D.z=-1-i.
55 ) 5 5
Huwéng dan giai

Chon C.

Phuwong phap tu ludn

Giasu z=x+Yi(x,y eR)

2

|2+3i|=|z+2-i| = [x+(y+3)i|=|(x+2)+(y-1)i| = X* +(y +3) (x+2)" +(y-1)’
S 6y+9=4x+4-2y+14x-8y-4=0<=x-2y-1=0< x=2y+1

2
7| =y X2 +y? :~/(2y+1)2+y2 =5y’ +4y+1= /5(y+§j +%2§

Suy ra |Z|min =§

1 2.
Viy z=———1.
ay 5 5

khi y=—3:>x:1
5 5

Phwong phap tric nghiém

Giasu z=x+yi (X,yeR)

|z+3i|:|z+2—i|<:>|x+(y+3)i|:|(x+2)+(y—l)i|<:>x2+(y+3)2=

&S 06Yy+9=4Xx+4-2y+1<=4x-8y-4=0<x-2y-1=0

Vay tap hop cac diém biéu dién s6 phirc z théa diéu kién |z +3i| = |2+ 2-i| 1a duong thang
d:x-2y-1=0.

Phuong 4n A: z =1-2i c6 diém bicu dién (1, —2)ed nén loai A.

(x+2)2 +(y—l)2

7
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Phuong an B: z = —%+§i c6 diém biéu dién [—é%) ¢ d nén loai B.

Phuong an C: Z=£—gi :>|Z|=£ c6 diém biéu dién (i;—gjed
5 5 5 5 5

PhuonganD: z=-1-i= |z| =2 ¢6 diém biéu dién (—1;—1) ed

Do d6 phwong an C théa man
Céu 5. (PE MINH HQA QUOC GIA NAM 2017)Cho s6 phitc z e C théa mén |z|=4. Biét tap

hop céc diém bicu dién cho s6 phirc W= (3+4i)z+i 1a duong tron |, ban kinh R. Khi dé.
A.1(0;1),R=2V5. B.1(10),R=20 C. 1(0;1),R=20. D. 1(L-2),R=22.
Hwéng dan giai

bat w=a+bi voi a;b;celR.
a+(b-1)i [a+(b-1)i](3-4i)

w=(3+4i)z+iz=

3+4i 25
_ _da- 3a+4b-4) +(3b—da-3)
,_3a+4b 4+(3b 4a 3)i:|z|=\/( a+ ) +( a—3)
25 25 25
Ma
3a+4b—4)" +(3b-4a-3)’
WG CL RS ) IAC e

25
& (3a+4b—-4)" +(3b—4a-3)" =100
& a’+b?-2b=399 & a’ +(b-1)" = 20°
Vay tap hop céc diém bicu dién cua so phirc w 1a dudng tron 1(0;1),R=20.
Cau 6. Cho s6 phirc z théa man diéu kién : [z-1+2i|=+/5 vd W=z+1+i c6 modun 6n nhat. S
phirc Z c6 modun bang:
A. 245. B. 3.2. C. 6. D. 52.
Huéng din giai:
Goi z=x+Yyi (X, yeR) =z-1+2i=(x-1)+(y+2)i

Taco: |z—1+2il =5 < \/(x—l)z +(y+2)2 =\/§<:>(x—1)2 +(y+2)2 =5

Suy ra tap hop diém M (X;y) bicu dién s6 phirc z thudc dudng tron (C) tam | (1,—2) ban kinh
R=+5:

Dé thay O € (C), N(-1,-1)e(C) Theo dé ta co:

M(x;y)e (C) 1a diém biéu dién cho séphuc z thoa man:

W=Z+1+i=x+yi+1+i=(x+1)+(y+1)i

:>|z+1+i|:\/(x+1)2+(y+1)2 :‘W‘
Suy ra |z+1+i|dat gid tri 16n nhat < MN 16n nhat
Ma M,N €(C) nén MN I6n nhat khi MN 1a dudng kinh dudng tron (C)

& | latrung diém MN = M (3;-3) = 2 =3-3i = |z| =3 +(-3)" =32

Cau 7. Phan thyc va phan 4o cta sb phirc z =1+ 2i

8
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A. 1vaz2. B.2val. C.1lvaz2i. D.1vail.

Cau 8. Cho s6 phirc z =1+ 3i. S6 phirc z% ¢ phan thuc 1a

A. -8. B. 10. C.8+6i. D. -8 + 6i.

Cau 9. Phan thyc ctia s6 phtc z = ? bang
—i

Cau 10.

Cau 11.

Cau 12.

Cau 13.

Cau 14.

Cau 15.

Cau 1e6.

Cau 17.

A ¥ B. 3. c.- B p. -3
- 17 4 17 4
‘ : 1-2i)’
Phan o cta s6 phuc z = u la
(3+i)(2+1)

A -1 B. —_. c.-L. D. L.

- 10 10 10 10
Tim |z| biét z = (1+2i)(1-i)"?

A, 245 . B. 243 C. 52 D. 20.

2 .
Choz= . SO phtrc lién hop cua z la
1+iV3 P o
&£+£i. 8. 1,3 c. 1 93 . 1 3,
2 2 4 4 4 4 2 2
X , l+| 1—i , A A A A \ -
Cho s6 phuc z = = +r . Trong cac két luan sau két luan nao sai?
—i 1+

A zeR. B. z 14 s6 thuan ao.

C. M6 dun cua z bang 1. D. z c6 phan thyc va phan 4o déu bang 0.
Cho s phtrc z = m+ni = 0. S6 phirc 1 ¢6 phan thyc 1a

z
m n m n
A. : B. - : C. : D. - .
m? —n? m? —n? — m’+n’ m? +n?

Cho s6 phirc z, Trong cac ménh dé sau, ménh dé nao sai ?

A. |z|=‘2‘. B. z+z 1a mot s6 thuan do .

C.zz1a mot sb thuc . D. modun sd phuc z 1a mdot s6 thuc duong.
Cho s6 phitc z = x + yi . S6 phitc z° ¢6 phan thuc 1a

A X2 +yl B. x*—y% C. X% D. 2xy.

Cho s6 phirc z théa man (1+ i)2 (2—i)z=8+i+(1+2i)z. Phan thuc va phan 4o cua s

phic z 1an luot 1a:

Cau 18.

Cau 19.

Cau 20.

A. 2;3. B. 2;-3. C. -2;3. D. -2;-3.
£2017
Tinh z:1+I -
2+1
INERTY B. 13 c. 1.3 p. 3 1.
5 5 5 5 5 5 5 5
Trén tap s phuc, tinh IZ%
Ai. B. -i. C. 1. D. -1.
Tong i* +i** +i*? +i**bang:
A i, B. —i. C.1. D. 0.
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$2012 | 52013 | ;2014 |, :2015 , ;2016

Cau 21. Phan thyuc va phan 4o clia s6 phtic z = !2017 i Izow |201g ! —57 |2021 lan luot 1a:
| +1 I +1 +1
A. 0;-1. B. 1,0. C. -L0. D. 0;1.
Cau 22. S phirc z thoa man z+ 2(2 +E) =2-6i c6 phan thyc la
A. 6. B. E C. -1 D. E
5 4

Cau 23. Cho s6 phuc z théa min diéu kién 2z +3(1—i)2 =1-9i. Modun ciia z bang:
A. V13, B. /82. C. 5. D. 13.
Cau 24. Phan thyc cta sb phic (1+i)° (2—i)z=8+i+(1+2i)zla
A. -6. B.-3. C.2. D. -1.

Cau 25. Cho s6 phtrc z =6+ 7i. S6 phirc lién hop cta z ¢6 diém biéu dién la:
A. (6;7). B. (6;-7). C. (-6;7). D. (-6;-7).

BIEU DIEN HINH HQC SO PHUC. TIM TAP HQP PIEM BIEU DIEN SO
PHUC

A. Kién thirc co ban.
Biéu dién hinh hoc: S6 phitc z = a + bi (a, be R) dugc biéu dién boi diém M(a; b) trong mp(Oxy)
(mp phtrc)

AY
b[F =~~~ ¥M(a;b)
|

O a

v X

‘Trong dang nay, ta gap cac bai toan bleu dién hinh hoc cua sb phirc hay con goi 1a tim tap
hop diém biéu didn mot s6 phtre z trong do6 sO phtic z thoa man mot hé thirc nao d6 (thuong 1a hé
thire lién quan dén modun cua sé phic). Khi d6 ta giai bai toan nay nhu sau:

Gia str z = x+yi (x, y € R). Khi d6 s6 phirc z biéu dién trén mit phang phirc boi diém
M(x;y). Str dung dit kién ctia dé bai dé tim mdi lién hé giita x va y tir 46 suy ra tap hop diém M.

B. Ki nang co ban.

Tim diém biéu dién ciia s6 phirc z théa man diéu kién cho truée:

+S6 phic z=a+bi (a,b € R) duoc biéu dién boi M(a; b) trong mit phang toa do Oxy hay con
goi 1a mat phang phue.

+ Truc Ox biéu dién céc s thuc goi 1a truc thyc, truc Oy biéu dién cac sb 4o goi 1a truc a0

+86 phitc z=a + bi (a, b € R) ciing duoc biéu didn bsi vecto u = (a;b), do d6 M(a; b) 1a diém
biéu dién ctia sé phitc z=a + bi (a, b € R) ciing c6 nghia la OM bidu dién sb phuc do.
Ta co: Néu u,v theo thi tw biéu didn cac sd phirc z, 7' thi

U+V biéu dién sb phirc z + Z,

10
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U—V biéu dién sb phuc z - Z',
ku (k eR) biéu dién sd phirc kz,
oM = u]=
C. Bai tap luyén tap.
Bai 1: Tim diém bicu dién cua so phuc z biét:
a)  Diém bicu dién s6 phic z =2-3i c6 toa do la:: (2;-3).

b)  Diém biéu dién s6 phic z =-2i c6 toa dd la: (0;-2)
c)  Chosd phiuc z=6+7i.Sé phuc lién hop ciia z c6 diém biéu dién la: (6;-7).
d) Diém biéu dién cua s6 phic z = L la; (3; E]
2-3i 13 13
e)  Cho sb phirc z = 2016 —2017i . Sb phuc ddi cua z |3 —Z =—-2016+2017i c6 diém biéu dién
la: (~2016; 2017)
f)  Cho sé phucz = 2017 — 2018i . Sé phuc lién hop z = 2017 +2018i c6 diém bidu dién 1a diém
c6 toa do (2017;2018).
(2-3i)(4—i)

g)  Diém biéu dién sb phuc z = :
3+2i

=-1-4i c6toadd 1a (~L—4).

+2016
h) Trong mit phing Oxy, diém biéu dién cua s6 phic z = w2y 1a diém nao?
+2i

B i2018 B i4.504+2 B i2 ~ _1 B 3 s 4 I
T @+2i)? (-3+4i) (-3+4i) (-3+4i) 25 25
=2016

Diém biéu dién cua sé phirc z=——— la diém ( 3.4 j
(1+2i)? 25'25

Bai 2: Cho s6 phirc z = 1+ 3i va s6 phirc 2’ =2 + i. Hay:
a) Biéu dién s6 phuc z va z’ trén mp phuc.
b) Biéu dién so phtic z + z’ va z’ — z trén mp phuec.

Giai: , Ar
a) Biéu dicn s6 phirc z= 1 + 31 la diém M(1;3) N p
Bi€u dién s0 phic z” =2 +1 1a diem M’(2;1) :

b)z+z =3+4i, biéu diNén trén mp phuc bdi P(3;4 L
z’ —z =1-2i, biéu dién trén mp phirc boi Q(1;-2). .

Bai 3: (Van dung)Xac dinh cac s6 phtrc biéu dién boi cac dinh cua mot AT
luc giac deu c6 tam 1a gbc toa d6 O trong mit phing phtrc, biét rang mot dinh
biéu dién s6 i.

Gidi: Goi D la diém bi€u dién s6 1 = A bi€u dién so —i.

V3.1

Yy

D& thiy diém E c6 toa do (COSE sin 6) (75] nén E biéu dién sb phirc

51,

+—=1;
2 2

11
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C d6i xtng v6i E qua Oy nén C biéu dién s phirc _7+Ei ;

F biéu dién sb phirc ;—%i : B biéu dién s phirc —;—%i .

Bai 4: Xac dinh tip hop cac diém trong mp phirc biéu dién cac sé phirc z thoa man ting diéu kién
sau.

a) z2 1a s thuc am b) z2 1a s6 4o
_ 1 )
c)z2 =(z)? d) —— 1a 50 ao0.
Z—i
Giai:

a) z2 1a s6 thuc am < z 1a sb a0. Vay tap hop cac diém biéu dién sb phirc z ndm trén truc ao (Oy),

trir diém O

b) Goiz=a+bi = z2 =a%? —b? + 2abi la s6 40 <> a2 — b2 =0 < b = +a. Vay tip hop cic diém

biéu dién so phirc z nam trén hai duong phan gidc ctia cac goc toa do.

0)z2=(z2)>=(@z+2)z-2) =0
z+z=0 (truic thoic) o .

_ . Vay tap hop céc diém la cac truc toa do.
z-z=0 (truic alo)

1 N Ao s 1N A o s 1N A o
d — lasddo<=z-ilascao<=>x+(y—1)ilasoao
z-i
&Sx=0vay#1.
Vay tap hop cac di€m bi€u dién ndm trén truc Oy (trir diém c6 tung do bang 1).

Bai 5: Gia stt M(2) la diém trén mit phang phuc biéu dién sé phirc z. Tim tap hop cic diém M(z)
thoa man mat trong céc dicu kién sau day:
a) [z-1+i] =2 b) |2+z|=[1-il c)|z —4i|+|z+4i| =10

Giai:

Dit z=x +yi (x, y € R) duoc biéu dién boi diém M(x:y)
a) Xét h¢ thuc: [z-1+i] =2 (1)
batz=x+yi(x,ye R)=>z-1+i=(x-1)+(y + 1i.
Khi d6 (1) & J(x-1)% +(y+1)° =2

& (x-1)% + (y +1)2 = 4.

= Tap hop cac diém M(z) trén mat phang toa d6 biéu dién sé phiic z thoa mén (1) 1a duong tron co
tam tai I(1;-1) va ban kinh R = 2.
b) Xéthé thirc 2+ 2| =|z—i| < |(x+2) +yi| = |-x+(L-y)il
S (x+2)2 +y? =x2 + (1-y)? © 4x+2y +3=0.
Vay tap hop cac diém M la duong thang 4x + 2y + 3 =0.

Nhin xét: Duong thang 4x + 2y + 3 = 0 chinh 1a

duong trung truc cua doan AB.

c) Xét hé thire: |z —4i|+|z+4i[=10

Xét F1, F2 tuong tng biéu dién cac diém 4i va -4i tic 1a F1 (0;4) va F2 =(0;-4). Do d¢:
|2—4i|+|z+4i|=10 < MF1 + MF2 =10

Ta ¢ F1F2 = 8 = Tép hop tat ci cac diém M nam trén (E) ¢6 hai tiéu diém 1a F1 va F2 va ¢6 d6 dai

truc 16n bang 10.
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X2 yZ

Phuong trinh cua (E) 1a: —+-—=1
9 16

Z2+2+3i

zZ—1

Bai 6: Tim tap hop cac diém biéu dién cua so phirc z sao cho U = la mdt so thuan ao.

Giai
bat z= x+yi (x, y € R), khi do:
(x+2)+(y+3)i [(x+2)+(y+3)i][x—-(y-1)i]
x+(y-1)i x2+(y—l)2

(xz+y2+2x+2y—3)+2(2x—y+1)i

x2+(y—1)2

X4y +2x+2y-3=0 [(x+1)"+(y+1)’ =5

i(y-1’s0 {(x; y) = (0:1)
Vay tap hop cac diém biéu dién cua z 1a dudng tron tam I(-1;-1), ban kinh \/g trir diém (0;1)

u 1a sb thuan 4o khi va chi khi {

Bai 7: Trong mit phang Oxy, tim tap hop diém biéu dién cac s6 phiic z thoa man

|z—i|:|(1+i)z|
Giai:
bat z= x+yi (x,y € R)
Ta co:

|z—i|=|(1+i)z|<:>|x+(y—1)i|=|(x—y)+(x+ y)i|
= x2+(y—1)2 :(x—y)2+(x+ y)2
<:>x2+y2+2xy—1:0<:>x2+(y+1)2 =2

Vay tap hop cac diém M biéu dién cac s phirc z 1 dudng tron c6 phuwong trinh X* + ( y +1)2 =2

Bai 8: (Van dung)Trong cac s6 phirc z thoa méan diéu kién |Z -2- 4i| = |Z - 2i| .Tim s6 phirc z c6
modun nho nhat.

Gia sir s6 phtrc z can tim co dang z=x +yi (x,y € R) duoc biéu dién bai diém M(x;y).
Taco|x—2+(y—4)i|=|x+(y=2)i| (1) < J(x=2)2+(y-4) =x* +(y-2)*
& Y =—X+4. Do d6 tap hop cac diém M biéu dién cho cic sb phirc z théa man (1) 1a dudong

thing x +y = 4. Mat khac |z|:\/x2+y2 =X+ X —8x+16 =+/2x> —8x +16

Hay |z]=/2(x~2)" +8> 242

Dodé |z| < x=2=y=2.Viy 7=2+2i

Bai 9: (Van dung) Biét ring s6 phirc z thoéa man U = (Z +3- i)(E+1+ 3i) 12 mot sb thue. Tim gia
tri nho nhit cua |Z|
Giai
bat z=x+yi(x,y e R) taco
u=[(x+3)+(y-1)i|[(x+1)=(y-3)i |=x* + y* +4x -4y +6+2(x——y—4)i
Tacd: UueR<<x—-y-4=0

13
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Tap hop cac diém biéu dién cua z 1a duong thang d: x-y-4=0, M(x:y) 1a diém biéu dién cia z thi mo
dun cua z nho nhat khi va chi khi do dai OM nho nhat < OM L d Tim dugc M(-2;2) suy ra z=-
2+2i.

Bai_10: (Van dung)Tim s6 phic Z c6 md dun 16n nhdt va théa man diéu kién

NE

‘E(1+i)—3+2i‘:$

Giai
Goi z=X+Yi(X,yeR)=Z=x-Yi

V13 39

|7 (@+1) -3+ 2i = X% + y? —x—5y+E:O
Goi M (x;y) 1a diém biéu dién ctia z trong mit phang toa 46 Oxy= M & (C) la dudng tron c6 tdm
\/26

12y va ban kinh R = Y22
2'2 4

Goi d 1a duong thing di qua O val = d : y =5x

Goi M1, M2 1a hai giao diém cua d va (C)= Ml(%;%)véMz(%;%)
. |OM, >0OM,
Ta thay
OM,=0l+R>0M (M € (C))

. N . L x 3 15.
=>s0 phtrc can tim tng vadi diém biéu dien M1 hay z = 2 + TI
D. Bai tap TNKQ.
Cau 1. ( B¢ thi chinh thire THPT QG ndm 2017) Cho s6 phirc z=1-2i . Piém nao dudi day la
diém biéu dién cuia s6 phitc W =iz trén mit phang toa do ?
A. Q% 2) B. N(2;1) C. M(L-2) D. P(-2;1)
Giai: w=iz=i(1-2i)=2+i. Vay diém biéu dién w c6 toa d¢ la: (2;1)
Cau 2. (Van dung)Cho sé phtrc z théa mén diéu kién |Z -3+ 4i| < 2. Trong mit phang Oxy tap

hop diém biéu dién s6 phitc w=2z+1—i 13 hinh tron c6 dién tich A. S =97 . B.
S=12r. C. S=16r. D. S=25r.
Huéng din giai
W=22+1—i:>z:W_ZlJrI
. w—1+i . . . .
|z—3+4||£2<:>‘ —3+4i| <2 |w-1+i-6+8i|<4 < |w-7+9i|<4 (1)

Gia st w=x+yi (x,yeR),khido (1)< (x-7)" +(y+9) <16
Suy ra tap hop diém biéu dién s6 phirc w 1a hinh tron tam | (7;-9), ban kinh r = 4. Vay dién tich

cantimla S =7.4° =167.
Cau 3. Diém biéu dién hinh hoc ctia s6 phiic z = a +ai nam trén duong thang:

A y=X B. y=2x C.y=—x D. y=-2x
Cau 4. Goi Ala diém biéu dién cta sb phirc 5+8i va B la diém biéu dién cta sb phirc -5+ 8i.

Chon ménh dé dlng trong cdc ménh dé sau

A. Hai diém A va B ddi xtng v6i nhau qua truc hoanh.

B. Hai diém A va B d6i xtng voi nhau qua truc tung.

C. Hai diém A va B d6i xtrng v6i nhau qua gbc toa do O.

D. Hai diém A va B dbi xting v6i nhau qua dudng thing y = x.
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Cau 5. Goi Ala diém biéu dién ctia s6 phtic z =2+5iva B la diém biéu dién cta s6 phtic
7' =—2+5i. Tim ménh d¢ dung trong cac ménh dé sau:
A. Hai diém A va B d6i xting v6i nhau qua tryc hoanh
B. Hai diém A va B ddi xing v6i nhau qua tryc tung
C. Hai diém A va B dbi xtng vdi nhau qua goc toa do O
D. Hai diém A va B d6i xtig voi nhau qua dudng thang y = x

R 2 2 gex X 3+4i
Cau 6. Diem M bi€u dién s6 phirc Z =— 5~ cOtoadd la
|

A. M(4;-3) B. M (3;-4) C. M (3;4) D. M (-4;3)
Cau 7. Trong mit phang phirc, goi A, B,C lan luot 14 cac diém biéu dién cua cac sb phuc
z,=-1+3i, z, =1+5i, 2, =4+i. Sb phuc véi diém biéu dién D sao cho tir giac ABCD la

mot hinh binh hanh la:
A 2+3i. B. 2-1i.. C. 2+3i.. D. 3+5i..

Cau 8. Goi 7 va z,1a cac nghi¢ém phitc cua phuong trinh 2°-47+9=0.Goi M,N la cac diém
biéu dién clia z,Va z,trén mat phiang phirc. Khi d6 do dai cia MN a:
A. MN =4.. B. MN =5, C. MN =-2./5. D. MN =24/5.
Cau 9. Goi z;va z,1a cac nghi¢m cua phuong trinh 22-47+9=0.Goi M,N,P lan luot 1a cac
diém biéu dién cua 2,,Z,va s6 phitc k = x+ i trén mit phang phirc. Khi d6 tap hop diém
P trén mat phang phtc dé tam giac MNP vuéng tai P la:
A. duong thang c6 phuong trinh y = X — J5.
B. 1a dudng tron c6 phuong trinh x* —2x+y? —-8=0.
C. 1a dudng tron c6 phuong trinh X* —2X+ y? —8 =0, nhung khong chira M, N.
D. la dudng tron c6 phuong trinh X2 —4x+ y2 —1=0nhung khong chita M, N.

Cau 10. Biét Z—i|=|(1+i)z|, tap hop diém biéu dién s6 phirc z ¢ phuong trinh
A X ++y*+2y+1=0. B. xX*+y*—2y+1=0.
C. X’ +y*+2y-1=0. D. xX’y?-2y-1=0.

Cau 11. Trong mit phing toa ddOxy , tip hop diém biéu dién sb phirc z théa min lz-1= |(1+ i) Z|
la:
A. Pudng tron 6 tam 1(0;—1), ban kinh r =+/2
B. Buong tron ¢6 tim 1(0;1), ban kinh r = J2
C. Puong tron ¢6 tam 1(L;0), ban kinh r =+/2
D. Dudng tron c6 tim |(=10), ban kinh r =+/2
Cau 12. Trong mit phang toa do OXy, tap hop diém biéu dién s6 phirc z thoa man |2 + z| = |i - z|
la: 9
A. Buong thang c6 phuong trinh 4x+2y+3=0
B. Puong thang c6 phuong trinh 4x—2y+3=0
C. Puong thing c6 phuong trinh —4x+2y+3=0
D. Pudng thing c6 phuong trinh 4x+2y-3=0
Cau 13. Goi A, B, C, D lan lugt 1 cic diém biéu dién cho cac s6 phirc z, =7-3i, 2, =8+4i,
z,=1+5i, z, =-2i. Tu giac ABCD la
A. 1a hinh vuéng. B. 1a hinh thoi.
C. la hinh chir nhat. D. Ia hinh binh hanh.

15



Ciu 14. Goi A, B,C lan luot 1a cac diém biéu dién cho cac sb phuc
2, =-1+3i;z, =—3-2i;z, =4 +i. Chon két luan sai:

A. Tam gidc ABC vudng can. B. Tam giac ABC can.
C. Tam giac ABC vudng. D. Tam giac ABC deéu.
Cau 15. Tap hop cac diém M biéu dién cho s6 phirc z thoa min |Z—i|+|z+i| =4 cd dang la
A. X—2+y—2=1. B. X—2+y—2=1.
— 4 3 16 9
X ¥y, Xy
16 9 4 3

Cau 16. Cho thoa man z € C théa méan (2+i)|z|= @+1— 2i . Biét tap hop cac diém biéu dién
cho s6 phitc W =(3-4i)z—1+2i la dudng tron | , ban kinh R . Khi do.
A. 1(-1-2),R=+f5. B. 1(12),R=+5.
C. 1(~12),R=5. D. 1(1;-2),R=5.
Hudng dan giai
Dit z=a+bi va |z7|=c>0, vdi ajb;ce R.

Laico w=(3-4i)z-1+2i < z:%.
—4j
Goi W=Xx+Yivoi X;yeR.
Khi d6 |z|=c= M‘zC@M:ce|x+yi+l—2i|:5c
3-4i [3—4il

o J(x+1) +(y—2) =5c < (x+1)° +(y-2)° = 25¢.
Vay tap hop céc diém bicu dién cua s6 phitc w 1a duong tron 1 (-12).
Khi d6 chi c6 dap an C c6 kha nang dung va theod6 R=5=5c=5=c=1.
Thtr ¢ =1 vao phuong trinh (1) thi thoa man.
Cau 17. Sb phirc z duoc biéu dién trén mit phang toa dd nhu hinh vé:

?

Héi hinh nao biéu dién cho s6 phitc @ = =" N

i
z

16



C. y D. y

]

[0}

Huéng din giai
Goi z=a+bhija,beR.

Tir gia thiét diém biéu dién s6 phic z ndm & géc phan tu thi nhat nén a,b > 0.

Tacéw—l— | _i(axbi) b 42
z a-bi a?+b? a’+b*> a*+b?
b
- <0
a’+b?

Do a,b >0 nén
>0

a’ +b?
hai.Vay chon C.

= diém biéu dién sb phiic @ nam & goc phan tu thi

Cau 18. Trong céc sb phirc z théa |z+3+4i| = 2, goi Z, 1a s6 phirc c6 md dun nhé nhét. Khi d6

A. Khong ton tai s6 phirc z, . B. |z,|=2.
C.lz|=7. D. |z,|=3.

Huwéng din giai.
Céch 1:
bit z=a+bi (a,beR).Khidé |z+3+4i|=2« (a+3)*+(b+4)°=4.

Suy ra biéu dién hinh hoc cua s6 phirc z 1a dudng tron (C) tam | (—3;—-4) vabankinh R =5.

Goi M (z) 1a diém bicu dién s6 phic Z.
Tacé: M (z)e(C).
|z|=OM >0l -R =3.

Vay |z| bé nhat bang 3 khi M (z)=(C)NIM .

Céch 2:
a+3=2cos a=-3+2cos
pat 127 RPN +ecse
b+4=2siny b=—-442sinp

:>|z|:\/a2 +b% = \/(2c0sp—3)% + (2sin — 4)* =[29—12cos o —165in¢ .

:\/29—20[§cosw+%singp] — /29— 20cos(a— ) >/9
= |z,|=3

Cau 19. Tinh S =1009+i + 2i® +3i® +...+2017i*"" .
A. S=2017-1009i. B. 1009 + 2017i. C. 2017 +1009i.

17
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Huéng din giai
Taco
S =1009+i+2i® +3i* +4i* +...+ 2017i*

=1009+(4i* +8i° +...+ 2016i°"° ) + (i +5i° + 9 +...+ 2017i""" ) +
+(2i2 +6i® +10i*° +...+2014i201“)+(3i3 +71 +11M + L+ 2015i2015)

504 504 504

_1009+Z 4n +|Z 4n—3)-> (4n-2) |Z 4n-1)

n=1

=1009 + 509040 + 509545| 508032 —508536i

=2017 +1009i.
Céch khéc:
bat
f (x):1+x+x2 + X34+ X
f'(x) =1+ 2x+3x* +...+2017x**°

xf'(X) = x+2x% +3x° +...+2017x*" (1)
Mat khac:

2017

2018 1

f(x):1+x+x2+x3+....+ X2 =

2018x2%7 (X 1) ( 2018 1)
(x-1)°
2018)(2017 X — 1) ( 2018 1)

(
(x-1)°
2

Thay x=i vao (1) va (2) ta duoc:

x-1

f'(x)=

= xf'(x)=x.

(2)

s ~1009+i 28 ('__1)2_('2018 U 1000, 72018-20181+2 _ 01 oo
(i-1) -2i
Cau 20. Cho sé phtrc z théa man diéu kién |z ~1|=+/2 . Tim gia tri 16n nht cia
=|z+i|+[z-2-1i|.
A. maxT =82. B. maxT =4. C. maxT =442. D. maxT =8.

Hudéng din giai

:|z+i|+|z—2—i|:|(z—1)+(1+i)|+|(z—1)—(1+i)|.
Pit w=z-1.Taco [w=1va T =|w+(1+i)[+|w—(1+i).
Pt w=x+yi.Khido W =2=x+y?.
T :|(x+1)+(y+1)i|+|(x—l)+(y—l)i|

:1.\/(x+1)2 +(y+1)2 +1.\/(x—1)2 +(y—1)2

< 42 ) (0 + (y+2)+ (x-1)7 +(y 1))

= J2(2x¢ +2y* +4) =4
Vay maxT =4.
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PHUONG TRIiNH BAC HAI VOI HE SO THU'C

a

A. Kién thire co ban.
Phuong trinh bic hai véi hé so thue Az +Bz+C=0(*) (A #0).

A=B*-4AC
B+
e A>0:PT c6 hai nghi€ém phan biét Zl,ZZBZ;A\/X
e A=0:PT co6 1 nghiém kép: z, =2 __B
: g v p' 1 2 2A

. . ~B£if|A|
e A <0: PT c6 hai nghi¢m phirc phéan biét z,, = oA
ChG y: Néu zo e C la mét nghiém cia (*) thi Z, ciing la mdt nghiém ciia (¥).
B. Ki nang co ban. )
Biét cach giai phuong trinh béc hai v6i h¢ s6 thuc. ’
Biét gidi phuong trinh qui vé phuong trinh bac hai véi hé so thuc.
C. Bai tap luyén tap.

Bai 1: Tim nghiém phirc ctia cac phuong trinh sau :

Q) iz+2-i=0 b) (2 +3i)z=z-1 )@2-i)z-4=0

d) (iz-1)(z+3i)(z-2+3i)=0 e)z2+4=0.

Giai:

a)z=122_142; z= —-_1.3;
i 1+3i 10 10

C)E:i_:§+£iz>zz§—ii dyz=-1,z=-31,z=2+3i
2-i 5 5 5 5

e) z = +2i

Bai 2: Giai cac phuong trinh sau trén tap s phirc
a)z°-z+1=0 b) x> +2x+5=0 c) z*+22°-3=0

Giai:
a)z’-z+1=0
A=1—4=-3=23i%, cin bic hai ciia A 13 +i/3

1+iv3 _1 ¥3. 1 3.

2 2 27 2 2

Phuong trinh c¢6 nghiém: z, =

b) x> +2x+5=0
A=4-20=-16=16i%; Can bac hai ctia A 1a +4i.
Phuong trinh ¢6 nghiém: X, =-1-2i, X, =-1+2i
c)z*+2z°-3=0 Ppatt=7>%
) t=1 7 =1 z=+1
Phuong trinh trg thanh: t°+2t-3=0< 3<:> 3<:> ]

Vay phuong trinh ¢6 4 nghiém: -1, 1, —i/3, i3
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4

Bai 3: Giai cac phuong trinh bac hai sau:
a) z2+2z2+5=0
a) 7%+ (1-3i)z—2(1 +i) = 0 (tham khdo)

Giai:
a) Xét phuong trinh: z> +2z2+5=0
Ta cO: A = -4 = 4i2 = phuong trinh c6 hai nghiém: z1 = -1 +2i va z2 = -1 - 2i.
b) Taco: A = (1-3i)? +8(1+i) = 2i = (1+i)?
nén 1+i 1a mot cin bac hai cta s6 phirc 2i
Bi—1+1+i _3i-1-1-i

2

= Phuong trinh c6 hai nghiém la: z1 = 2i; 22 -1+

Bai 4: Goi z1 va z2 14 hai nghiém phirc ctua phuong trinh z° + 2z +10 = 0 Tinh gi4 tri biéu thuc
2 2
A=z +z,|

Giai:
Taco 22 +2z+10=0 = (2+1) =9 < (2+1)" = (3i)’
{z =-1+3i
< .
z=-1-3i

7, =-1+3i = |z,|=/(-1)" +3* =10
z,=-1-3i =z,|=+10
viy A=|z| +|z,[ =20

Bai 5: Cho z,, z, la cac nghi¢m phirc ctia phuong trinh 2z° —4z +11=0. Tinh gia tri ciia biéu

2 +[z,[
thie A = L2—2
(Zl+22)
Bai 6: Cho sb phirc z thoa man z° —6z +13=0Tinh Z+L_
Z+i
Giai:
z2=3+2i
22 -62+13=0(z2-3) =4 = (z2-3) =(2i) _
z=3-2i
. L 6 .6 .
Véi 2=3+2itacd |z+—|=|3+2i + - =|4+i| =17
Z+1 3+3i

Véi z=3-2i taco

2+ 0 :‘3—2i+i_‘=1|24—7i|=5
3—-i| 5

Z+1
Bai 7: Tim cac sb thuc b, ¢ dé phuong trinh (voi 4n z) : z2 + bz + ¢ =0 nhan z = 1 + i lam mot
nghiém.
Giai:

Theo H2 trang 195, v6i z =1 + i la nghiém thi:
(1+i)2+b(l+i)+c=0<b+c+(2+Db)i=0
<b+c=0va2+b=0,suyra:b=-2,c=2

47 -3+ T7i

Bai 8: Giai phuong trinh trén tdp hop cac sd phuc: = Z — 2i (tham khao)

Giai Diéukién: z #1i
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Phuong trinh da cho tuong duong véi z° —(4+ 3i)Z +1+7i=0

Phuong trinh c6 biét thire A = (4+3i)° —4(1+7i) =3—4i = (2-i)
Phuong trinh ¢6 hai nghiém la: z=1+2i va z=3+1.
* Phwong trinh quy veé bac hai

a

2

Bai 9: Giai cac phuong trinh: z° — 27 =0

z=1
z=1
Gidi: 22 -27=0<(z-1) (22+3z2+9) =0 {22+32+9=0<:> :_3J_r3\/§i

23
’ 2
Vay phuong trinh da cho c6 3 nghiém.

Bai 10: Giai phuong trinh trén tap hop sb phuc: z* —z° +62° -62-16=0

Giai: )
Nhan biét dugc hai nghiém z=-1 va z=2
Phuong trinh da cho twong duwong véi (Z — 2)(2 +1)(22 + 8) =0

Giai ra ta dugc bon nghiém: z=-1, 2=2; z = +2./2i

| Bai 11: (D3t 4n phy) Giai phuong trinh sau trén tap sb phiic (2% + 2)2 + 4(z2 +7) -12 = 0

Giai:
Dit t = z? + z, khi d6 phuong trinh da cho c6 dang:

Z:—1+\/2—3i
2
2 +4t-12=0 < F:_GQ{ZZH_G:O@ z:_l_—*/?3i
= 22+2-2=0 2
z=1
| Z2=-2

Vay phuong trinh da cho c6 4 nghiém.

Bai 12: Giai phuong trinh: (z° —2)(z +3)(z+2) =10,z C.

Giai:

PT< 2(z+2)(z-1)(z+3) =10 = (2° +22)(z° +22-3) =0

Dit t = z° + 2z . Khi d6 phuong trinh (8) tré thanh:

Pit t = z° + 2z . Khi d6 phuong trinh (8) tré thanh
t*-3t-10=0

= =

Vay phuong trinh ¢ cac nghiém: z =—-1+ J6:z=-1+i

Bai 13:Goi 2,,2,,2,,2,1a bon nghiém ciia phwong trinh z* —z°® —2z° +6z -4 =0 trén tap

Loy A 1 1 1
sO phirc tinh tong: S=—+—+—+—.
1 ZZ 23 Z4

Giai:
PT: 2 -2°-22° +62-4=0 < (z-1)(z+2)(2° -22+2)=0(1)

21



z,=1
N Iy 2 , . n ) . 22:—2
Khong mat tinh tong quat ta goi 4 nghiém cua(l)la 1
z,=1+i
z,=1-1
Thay va biéu thirc ta c6: S=— b =4 =42 gyt L 1 5

2 2 2 2

Z, L I3 I, 4 (1—i)2 (l+i)2 4
D. Bai tap TNKQ.

Cau 1. Trong C, phuong trinh iz+2—i=0 c6 nghiém la:
A z=1-2i. B.z=2+i. C.z=1+2i. D.z=4-3i.
Cau 2. Trong C, phuong trinh (2+3i)z =z-1 c6 nghiém Ia:
A. z:l+ii. B. z:—i+ii. C. z:g+§i. D. z:g—gi.
10 10 — 10 10 5 5 5 5
Cau 3. Cho s6 phirc z thoa man: Z(1+2i) = 7 +4i. Tim mé dun sé phuc o=z +2i.
A. 4. B. V17. C. 24, D.5.
Cau4. Trong C, phuong trinh (2—i)E—4:O c6 nghiém la:
A. z:§—£i B. z:i—ﬁi C. z:z+§i D. Z:Z—Ei
- 5 5 5 5 5 5 5 5
Cau5. Trong C, phuong trinh (iz)(Z-2+3i)=0 c6 nghiém la:
z=0 z=0 z=0 z=0
A. . B. . C. B D. B
z2=2-3i z=5+3i | z=2+3i z=2-5i
Cau 6. Cho s6 phtic thoa man z+(1-2i)Z =2-4i. Tim modun cia W=2" -1
A. 10, B. 10. C.2. D.+2.
Cau 7. Trong C, phuong trinh z° —z+1=0 c6 nghiém la
z:1+£i z:1+£i
A. j_ . B.| 2 j_ .
2:1——3i z:l——gi
L 2 2 2
z:1+§i z:%+§i
C. . D .
L 2 L 2 2
Cau 8. Goi z, va z,la cac nghiémciia phuong trinh z° -2z +5=0. Tinh P=z} +z;
A. -14. B. 14. C. -14i. D. 14i.
Cau 9.Goi z,, z, 1a 2 nghiém phuc ctia phuong trinh z° +2z+5=0. Gi tri ctia A:|zl|2+|zz|2
A. 6. B. 8. C. 10. D. +10

Cau10. Goi z la nghiém phtic ¢6 phan a0 &m cua phuong trinh z°+2z+3=0. Toa d6 diém
M biéu dién sb phac z, la:

A M(=L2). B. M(-L-2). C. M(-1—/2). D. M (-L—/2i).
Cau11. Goi z, Va z,lan luot 1a nghiémciia phuongtrinh: z° -2z2+5=0. Tinh F =|z|+|z,|
A. 245, B. 10. C.3. D. 6.

Cau 12. Nghiém cua phuong trinh z* -z -2=01a
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A 2:-1. B. +/2; +i. C. +1 +iv2. D. 2,+i.

a

Cau 13. Chosé phuc z=3+4i va Z 1asé phuc lién hop cua z . Phuong trinh bac hai nhan z va
Z lam nghiém la
A. 7°-62+25=0. B. z°+6z-25=0.
C. 22—6z+§i:0. D. 2 —62+=0.
2 2
Cau 14. Trong C, Phuong trinh z° +1=0 c6 nghiém la
+i +i +i
A -1, B. —1;1—'ﬁ. C. -1 513 D. —1;2—'@.
2 4 2
Cau15. Trong C, phuong trinh z* —1=0 c6 nghiém la
7=12 z=13 z=%1 z=41
A g B. g C. g D. g
z=412i z=14i Z=4li z=412i
Cau16. Trong C, biét z,,z, la nghiém cua phuong trinh z%>—+/3z+1=0. Khi dé, téng binh
phwong cua hai nghiém c6 gia tri bang:
A. 0. B. 1. C. 3. D. 24/3.
Cau 17. Tim sb phicc z thoa man: ‘z—(2+i)‘:\/1_0 va z.2=25.
A. z=3+4i hoac z=5. B. z=-3+4i hoac z=-5.
C. z=3-4i hoac z=5. D. z=4+5i hoac z=3.
Cau 18. Phuong trinh iz+2—i=0 (véi 4n z) c6 nghiém Ia:
A 1+1i. B. 1+2i. C.1-2i. D. 1-1.
Cau19. Céc cin bac hai ciia s6 phirc 1+4+/3i 1a;
A £3(2-1). B. +(2-iv3). C. #(2+1v3). D. +V3(2+i).
Cau 20. Phuong trinh z+l:\/§ c6 nghiém la:
Z
V2 V2 1 1
A —(1%1). B. ——(1%£1). C. —(1%1). D. ——(1%£1).
A 2) 2 (141 L(1+i) L1
Cau 21. Phuong trinh z* +4 =0 c6 nghiém la:
A. £(1+i) va £(1-1). B. £(1+i) va £(2-1i).
C. £(2+i) va £(1-1). D. £(2+i) va £(2-1i).
Cau 22. Phuong trinh iz+2—i=0 (véi 4n z) c6 nghiém Ia:
A 1+1i. B. 1+2i. C.1-2i. D. 1-1.
Cau 23. Céc cin bac hai ciia s6 phirc 1+4+/3i 1a;
A £3(2-1). B. +(2-iV3). C. +(2+iV3). D. +V3(2+i).
Cau 24. Phuong trinh z+l:\/§ c6 nghiém la:
Z
V2 V2 1 1
A —(1%1). B. ——(1%£1). C. —(1%1). D. ——(1%£1).
A (1) 2 (141 L(1+i) L(1+i)
Cau 25. Phuong trinh z* +4 =0 c¢d nghiém la:
A. +(1+i) va £(1-1). B. +(1+i) va £(2-1).
C. £(2+i) va £(1-1). D. £(2+i) va £(2-1).
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LUYEN TAP - KIEM TRA

a

CAC CAU HOI TRAC NGHIEM- LUYEN TAP
Cau 1: Tim sé phitc z 2 biét ring z = (2—i)*(3— 2i)

18 . 1 325.
A 7'=325-—i B. z'=—"--""i
325 325 18
C. zflzi—ﬁi D. 2*1:325—§i
325 325 18
Cau 2 : Tim sb phic z + 2 biét z = (1+1)*°
A 7+2=2"%] B. z+2=-2"
C. 2+2=2-2"%j D. z+2=-2""i
. 5 1+i)% . —
Cau 3:Cho s0 phuc z = _+( 1025 . Tim s6 phirc 227 + 3z
1+2i 2
A 227 +3z=4+4i. B. 2z'+3z=4-4i.
C. 2z +3z=3+4i. D. 2z +3z=1+i.
Cau 4:Tim phan thyc a va phan ao b ctia cac sd phiic ﬁ
+i
A.a=0vab=32 B. a=32vab=0
C.a=0vab=-32 D.a=-32vab=0
Cau 5:Tim phan thyc a va phan 4o b ctia cac s6 phirc W+(2—i)
+i/3
L 174743 L 17-743
4 4
A. B.
p_ 11943 b 11-9V3
4 4
L _17-1\3 I e E
4 D 4
o 11+93 o ~11+9V3
4 4
Cau 6: Tim phan 4o a ctia sb phirc z, biét z = (V2 +1)2(L—/2i).
Aa=+2 B. a=-2
ga:—ﬁ. D. a=-242
— p— 1 3 , —
Cau 7:Cho s6 phuc z théa man z :alﬂ. Tim médun cia s phuc z +iz
—i
A. [z+iz =2 B. [z+i7|=4v2
C. |E+iz|=8\/§i D. |E+iz|=8\/§

Cau 8:Trong mit phang véi hé truc toa & Oxy, tip hop cac diém biéu dién cac sb phirc thoa man
diéu kién: [z +1-2i| =2 Ia:
A. duong tron tam I(-1; 2) ban kinh R = 2, B. duong tron tam I(-1; -2) ban kinh R = 2.

C. duong tron tam I(1; - 2) ban kinh R = 2. D. duong tron tam I(1; 2) ban kinh R = 2.

24



Céu 9:Trong mat phéng v6i hé truc toa do Oxy, tap hop cac diém biéu dién cac sd phtrc thoa man
didu kién: ‘z - 22‘ =6 la:

a

2 2 2 2
A (E): X 4+Y g B. (E): 2 +Y -1
36 4 6 4
2 2 2 2
c. (E): 2 +¥ -1 D. (E): 2 +Y =
9 4 4 36

Cau 10: Trong mat phang toa d6 Oxy, tap hop diém biéu dién cac sb phuc z théa man diéu kién |z
—(3-4i)=21a
A. duong tron tam I(- 3; - 4), bAn kinhR=2  B. duong tron tam I(3; - 4), bAn kinh R = 4

C. duong tron tam I(3; 4), ban kKinh R = 2 D.duong tron tam 1(3; - 4), ban kKinhR = 2

Cau 11 : Tim s phtic z théa man phwong trinh: z° —2z+]|z [*= 4 + 6i
Az=2+I B.z=2
C.z=2-i D.z=i

|lz+z|=4 @
Cau 12:Tim s6 phirc z thoa min hé phuong trinh —\2
z° (z) ‘:9 (2)
A z=3+i B. z=2i
C. z=2+ihoacz=2-1i, hoicz=-2+1i D. z=2-3i

hodcz=-2-1.

Cau 13:Tim tat ca cac sd phuc z thoa man hai didu kién |z +i-1|= J5 va zz=5
A.z=2-ivaz=1-2i. B.z=3+ivaz=1-i.
C.z=ivaz=-1-2i. D.z=2+ivaz=-1-2i.

Cau 14:Tim tit ca cac sb phirc z thoa mén : |Z—(2+i)| =10 va 2z =25.
A.z=3-4i B.z=3+4ivaz=5
C.z=2+4ivaz=4 D. z=4ivaz=5

Cau 15: Tim s phiic z = x + yi, biét rang hai s6 thuc x, y thoa mén phuong trinh phtic sau:
X(2 - 3i) +y(1 + 2i)3 = (2 -i)?

A z=@—ii B. z=3—7—37
37 37 50
5 1 50 1
I=—-— D. z=——+—
37 37 37 37
Cau 16:Trén tap sb phirc, tim x biét : 5 — 2ix = (3 + 4i) (1 - 3i)
A. x:§—5i B. x:5+§i
2 2
C. x:§+5i D. x:S—Ei
2 2
Cau 17:Trén tap sb phirc, tim x biét: (3 + 4i) x = (1 + 2i) (4 +1i)
A.x:25+Ei B. x:4—2+gi
25 25 25
C. x:§+gi D. x:§+§i
42 25 42 19

Cau 18:Goi z1 va z2 la hai nghiém cua phuong trinh 72 —z+ 5 =0 trén tap s6 phirc. Tinh gia tri
bicu thirc A = |z1)? + |z2|% + |21+ Z2|°.
A.A=99 B. A= 101
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C. A=102 D. A=100

Cau 19:Goi z1, 2 14 hai nghiém phirc (khac s6 thuc) ctia phuong trinh z° + 8 = 0. Tinh gia tri biéu

thec: A= |z, > +|z, | +

12,2, |

A A=SS B A_S
4 4
C. A:i D. A:§
33 4 7
Cau 20: Goi z1 va z2 1a 2 nghiém phtic ctia phuong trinh: z2 + 2z + 10 = 0. Tinh gia tri cua biéu
thire
M= |z1]2+ |22]2
A M=21 B. M=10
C. M=20 D. M=2
LOI GIAI CHI TIET
Cau | bap Loi gidi
$0 an
1 C |Taco
z=(2-1)’(3-2i)=(4-4i+i°)(3-2i) =(3-4i)(3-2i) =9-18i +8i* =1-18i
= z=1+18i.
i 1 1-18i 1 18

= = — — 1
1+18i  (1+18i)(1-18i) 325 325

2 C 7= @+i)* = [(1+ i)z}1005

=72=-2"%=74+2=2-2"%j

= (1+ % + i2)1°°5 — (2i)105 = Q105100 |

— 21005 |

3 A +12010
, 5 N @+

=22 +32=1+i+3(1+i) =4+4i.

] 1 1005 ]

:1+2i 21005 :1_2|+21005 |:(1+|) ] :l_2|+21005
—1-2i+ 21%05 (20)™ =1-2i +%21°°5i1°°4.i Sl 2+ =1
S7=1+ivazto_t 1

1-1i 2

L (1+ 2i+i2)1005

4 B | Taco: (1+i)2=1+2i+i*=2i
Do do:
L+i)° =(@+i)?) =(2i) =2°° = 32i
i [ 1
= T 0 an T an
@+i- 321 32
Vay phan thuc cua sb phirc 1a 32 va phan 4o cua sd phuec 13 0.

5 C Ta co:
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a

B+2)@A-3) . . (9-7)A-iV3) . .

—1+i\/§ +(2-1)= A +(2-1)

:(9—7J§y-0+9J§ﬁ+4Q-4)=17—7J§_11+9J§i
4 4 4

17-73
4

11+9/3

va phan 4o cua so6 phtrc 1a —

Vay phan thyc cta s6 phic 14

Z= (2 +1)2(L=+/2i) = L+ 24/2)) (1 - /2i) =5+ /2i.

Do dé: z=5-+/2i = Phén 4o ctia sb phuc z 1a 2.

(1-+/3i)° 1-3J3i+9i7+3\3i -8 —8(1+i)
_o1-i 1-i 10 -
:>z+iz:—4—4i+i(—4+4i):—8(1+i):>‘z+izf:8\/§

z= 4 li>z=—

Goi Z=X+Vi(x,yeR),taco: z+1-2i=(x+yi)+1-2i=(x+1)+(y—2)i
Do do: |z+l—2i|:2<:>\/(x+1)2+(y—2)2 =2 (X+1)2+(y-2)° =4

Vay tap hop cac diém biéu dién cic s6 phirc z 1a duong tron tim I(-1; 2) béan kinh R
=2.

Goi z=X+Vi(X,yeR), taco:z—2z=(x—yi)—2(x + yi) = —x - 3yi

— X2 2
Do d6: ‘2—22‘ =6 < (-X)*+(3y)’ =6 < x* +9y’ =36<:>£+y7=1
Vay tap hop cac diém biéu dién cac sé phtc z 1a elip c6 phuong trinh chinh tic la:
2 2

XY

—+
36 4

10

Goi z=x+Yi(X,yeR).Tacdz-(3-4i)=x-3+ (y +4)i

Do dé: [z (3-4i) =2 < \/(x=3)2 +(y+4)* =2

S (x=3)2+(y+4)>=4

Vay tap hop cac diém biéu dién cac sb phirc z 1a dudng tron tam 1(3;—4), ban kinh
R=2

11

Goiz=a+Dbi(a,b € R), taco:
7° - 27+ |2 =4+6i < a’ —b* +2abi—2(a—bi) + (a* +b*) = 4 +6i
2a°*-2a=4

o 2a°-2a+2b(a+1)i=4+6i <
2b(a+1) =6

& v &
2b(a+1) =6 |2b(a+1)=6 b=1
Viayz=2+i

12

Goi z=a+bi(x,y € R) thi:

|z+z=4 |2a|=4 a=12
—\2 = . =
2 -(2) ‘:8 | dabil=8 " |b=+2

27



| @ TOANATUFASZ

Do d6 cac sb phitc can tim 1a: 2 +1,2 —i, -2 +iva—2—i.
13 Goiz=a+bi(a,b e R). Taco:
|z+i—1|=\/§ |(@a-1)+(b+1)i|]=5
_ =
7.7 = a“+b°=5
(a 1)° + (b +1)* —5 a’+b*-2a+2b=3 [a-b=1
<
a’ +b*=5 a2+b2:5 a’+b*=5
a=b+1 a=b+1 a=2 |a=-1
& < & v
(b+1)*+b*=5 2b°+2b—-4=0 b=1 |b=-2
Vay c6 hai s6 phirc thoa min dé toanlaz=2+ivaz=-1-2i.
14 batz=a-+bivoia,be Rthiz-2-i=a-2+(b-121)i
Ta co:
|z—(2+i)|=x/ﬁ {(a_z)z+(b—1)2:10 {4a+2b:20
- 902 k2 13212 _
77 =95 a“+b°=25 a“+b° =25
b=10-2a a=3_[a=5
Q{a2—8a+15=0<:>{b=4v{b=0
Vayz=3+4ivaz=5
15 (1) o x(2-3i)+y(L+6i —12-8)=4-4i—-1
< (2x=11y) + (-3x-2y)i=3-4i
50
{Zx—lly:B =37
&
-3x—-2y=-4 __i
Y
Vay sb phuc z can tim la: 2—5—0—i'.
37 37
16 D) < 2ix=5-(3+4i)(1-3i) < 2ix=5-(3-91 + 41 +12)
<:>2ix:5—(15—5i)<:>2ix:—10+5i<:>x:g+5i
17
(2) © B+4i)x=(4+1+81-2) = (B+4i)x=2+9%1 < :2+9| 42+19
3+4i 25 25
18 _ i
Phuong trinh da cho c6 hai nghiém la: lel \2/E|,22=1+\2/_I
- 2 -
212:[1—\/E|J :‘9“@':‘41:50
2 2
- 2 -
22:(1+\/E|] :—9+\/E|:‘222‘:50
2 2
2,+12,=1=7,+17,|=1
= A= |z1]* + |22 + |21+ 22)* = 101
19 Xét phwong trinh: z° + 8 =0

Ta co0:
22+8=0& (z+2)(z2-22+4)=0
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72=-2
= 2
2°-272+4=0
= Hai nghiém phtrc (khac s6 thyc) cua (1) 13 nghiém phuong trinh:
22-22+4=0
=7 :1—\/§i,z2 =1++/3i

= 7,2, = (3143 = 4=~ -1
122
2 2 1 33
Do do:|z, P +|z, [ + =12 4(—/3) +12 43 +2 =22,
) (+5) 4 4

20 C | z,=-1-3i,z,=-1+3i

= 2. +]z,| = (-1)? +(-3)* + (-1)* +(3)* = 20

KIEM TRA 1 TIET: Chuyén deé so phirc

I. MUC TIEU

Kiém tra muc do dat chudn KTKN trong chuong trinh mén Toan 16p 12 sau khi hoc xong
chuong s6 phirc.

1. Kién thirc.

Cung c¢6 dinh nghia s6 phirc. Phan thyc, phan 40, moédun cta sd phtc. S6 phic lién hop.
Céch giai phuong trinh bac hai v6i hé sb thuc trén tap s6 phic. Biéu dién sd phic trong mit phing
toa do.

2. Ki nang.

Tim dugc phan thyc, phan a0, mddun ciia s6 phic. Diém biéu dién cta sb phirc

Thuc hién dugce cac phép cong, trir, nhan, chia ) phure.

Giai dugc phuong trinh bac hai v6i hé s6 thuc trén tap s phic

3. Thai d.

Rén luyén tinh can than, chinh xac. DPoc 1ap khi lam bai kiém tra

II. HINH THU'C PE KIEM TRA

Hinh thirc kiém tra: TNKQ.

Hoc sinh 1am bai trén 16p.

I1I. MA TRAN PE

Chu dé Nhin biét Théng hiéu Van dung Tong
Dang dai so cac phép toan | S6 cau: 4 So cau: 4 So cau: 2 So cau: 10
trén tap sb phirc S6 diem:1,6 | S6 diém:1,6 S6 diém: 0,8 | S6 diém: 4,0
Phuong trinh bac hai véi | S6 cdu. 3 So cau: 3 S6 cdu: 4 8o cau: 10
hé sb thuc S6 diem: 1,2 | So diém: 1,2 S6 diém: 1,2 | So diém: 4,0
Biéu dién hinh hoc ciaso | S6 cdu: 1 S6 cdu: 1 86 cdu: 3 S6 cu: 5
phtic S6 diem:0,4 | So diém: 0,4 S6 diem: 1,2 | So diém: 2,0
, So”: cau: So”: cau: So”: cau: So”: cau:
Tong S6 diém: S6 diém: S6 diém: S6 diém:
IV. CAC CHUAN PANH GIA
Chu dé Cau Chuén danh gia
Dang dai s6 1 | Biét xac dinh phan thuc phan do cua mot s6 phuc
Cac Phep t0an 1= it duoc s phirc lién hop
trén tap so
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phuc 5 | Hiéu va tinh dugc modun ciia sb phtrc
9 | Biét cach tinh téng cua hai s6 phirc
10 | Biét cach nhan hai s phirc
11 | Hiéu va tinh duogc tich cac sd phuc
12 | Hiéu va tinh duoc lity thira mot s6 phirc
13 | Hiéu va thuc hién duoc phép chia sb phic.
14 | Van dung tim dugc s6 phtc thoa man diéu kién cho trudc
Van dung céc phép toan vé sb phirc tim dugc phan 4o cia sd phtic thoa
o man biéu thirc cho trudc.
16 | Biét tinh cin bac hai ctia mot sé am cho trudc .
17 | Biét cong thirc tinh cin bac hai cia mét sd thuc am
18 | Nhan biét dugc cong thirc nghiém ctia phuong trinh bac hai véi A <0.
19 | Hiéu va gidi dugc phuong trinh bac hai voi hé s6 thuc.
20 | Hiéu va giai dugc phuong trinh bac hai voi hé s6 thuc (dang dac biét).
21 | Hiéu va giai duoc phuong trinh chita an & mau.
Phuong trinh Van dung giai duoc phuong trinh bac hai dé tinh tong binh phuong hai
bac hai voihé | 22 .
s6 thuc nghi¢ém
Vian dung giai dugc phuong trinh bac hai dé tinh tong binh phuong modun
2 hai nghiém
Van dung giai duoc phwong trinh bac hai dé tinh duoc modun cia sb phirc
o théa man biéu thic cho trude.
Van dung giai dugc phuong trinh bac hai ; tinh dugc khodng cach gitra hai
% diém biéu dién nghiém cta phwong trinh.
2 | Nhan biét duoc diém biéu dién ctia mot s6 phic.
Hiéu va xac dinh duoc tim va ban kinh dudng tron biéu dién sd phtic cho
‘ trude.
L Van dung va xac dinh duoc phuong trinh duong thiang biéu dién s6 phirc
Bieu dien hinh | 6
hoc cuia s6 cho trudc.
phirc Van dung va xac dinh dugc phuong trinh duong thang biéu dién s6 phirc
! thoa man biéu thic cho trude.
Van dung kién thtrc tong hop vé sb phirc xac dinh duoc diéu kién dé diém
° biéu dién s phirc nam trong dudng tron ¢6 tdm va ban kinh cho trudc.
V. DE KIEM TRA

Cau 1: S6 phirc z =3 - 4i c6 phan thuc bang?

A.3

B.-3

C.-4 D. 4i
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Cau 2: Sb phirc z =2 + 3i duoc biéu dién boi diém M c6 toa do 1a:

A. (2;-3) B. (2;3) C.(2;3i) D.(2;1)

Cau 3: S phuc lién hop cta sd phitc z=a + bi a,b e R 14 s6 phic:
A.z=-a+bi B.z=b-ai C.z =-a-bi D. z =a-bi
Cau 4:

Biét s6 phiic z co tap hop diém biéu dién trén mit phang toa d6 1a duong tron t6 dam trong hinh v&.
i )

__________

Tap hop cac diém biéu dién sb phirc z “11a
A. duong tron tam I(1;2), ban kinh R=2
B. dudng tron tdm 1(2;2), ban kinh R=2
C. duong tron tam I(-3;-2), ban kinh R=2
D. duong tron tam I(2;-2), ban kinh R=2
Cau 5: Cho sb phirc z =3 + 4i, khi d6 |z bang?
A.5 B.-5 C.25 D.3
Cau 6: Diém biéu dién cta cac sb phirc z=3 + bi véi b € R, nam trén duong thang c6 phuong trinh
la:

A.x=3 B.y=3 C.y=x D.y=x+3
Cau 7: Piém biéu dién ctia cic s6 phirc z =a + ai véi a € R, nam trén duong thang c6 phuong trinh
la:

Ay=X B.y=2x C.y=3x D.y=4x
Cau 8: Cho sb phicz=a+bi; a,beR.Dé diém biéu dién cua z ndm trong hinh tron tdm O ban
kinh R=2, diéukiéncliaavab la:

Aa+b=4 B.a’+b?>4 C.a’+b’=4 D.a?+b%<4
Cau 9: Cho sd phttc z=a + bi a,b e R, khi d6 z+ z bang?
A.a B. -2a C.2b D. 2a
Cau 10: Cho s phitcz=a+bi a,b e R, khi d6 z. Z bing?
A. a? B.b% C.a%+Db? D.a%.b?
Cau 11: Thu gon z =i(2 - i)(3 + i) ta dugc:

A.z=2+05i B.z=1+7i C.z=6 D.z=5i
Cau 12: Néu z =2 - 3i thi z° bang:

A. -46 - 9i B. 46 + 9i C.54 - 27i D. 27 + 24i
Cau 13: S6 phitc z = 34_ M ping?

—1
PN A | -
17 17 15 15 5 5 25 25

Cau 14: Cho sb phuc z= %—gi. S6 phire 1 - z + 22 bang:

A. —%+§i.8.2-x/§i C.1 D.0
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Cau 15: Cho s6 phic z=x +yi = 1. (X, y € R). Phan 4o ctia sd — la:
A. _—2;(2 B. _—22}’2 C. X—ZZ D. %
(x—l) +y (X—l) +y (X—l) +y (x—l) +y
Cau 16: Can bac hai cua -5 la:
A. 5 B.—\5 C. +/-5 D.+i/5
Cau 17: Can bac hai cua so thuc a am la:
A. a B. —J/a C. +J-a D.+iva

Cau 18: Cho phuong trinh bac hai ax® +bx+c =0, c6 A =b*—4ac, néu A <0, phuong trinh c6
hai nghiém phtrc xac dinh theo cong thuec:
SEANIA —b+/|Al
a

_—bxJA 5 _DEVA Cx, - D,
2a e a o 2a e
Cau 19: Trong C phuong trinh z2 + 2z + 4 = 0 c6 nghiém la:

A z,=-1+3 B.z,=-1+5 Cz,=-1+iV/3 D.z,=1+i3

Cau 20: Trong C, phuong trinh z? + 4 = 0 c6 nghiém la:

AX,

z=2i z=1+2i z=1+i z=5+2i
A. B. C. D.
z=-2i z=1-2i z=3-2i z=3-5i
Cau 21: Trong C, phuong trinh " =1-1 c6 nghiém la:
z+
Az=2-i B.z=3+2i C.z=5-3i D.z=1+2i
Cau 22: Goi z,,z, 1a hai nghiém phtc ctia phuong trinh: z* —4z+5=0. Khi d6 phan thuc coa
22+, la:
A.6 B.5 C4 D.7
Cau 23: Goi Z,; Z, 14 hai nghiém ctia phuong trinh 2> +2z+4=0.Khido P = |Zl|2 + |Zz|2
béng:
A. 2 B.-7 C.8 D.4

Cau 24: Cho s6 phirc z c6 phan 40 4m va théa man z° —3Z + 5= 0. Modun cta s phirc
wW=27-3++14 bang

A. 13 B. V17 c. V11 D.5
Cau 25: Goi Z,; Z, 14 hai nghiém ctia phuong trinh —2* + 42 —9=0. A,B lan luot la diém biéu
dién Z,,Z,. Do dai AB la:

A /5 B. 245 c. 35 D. 4/5

VL. PAP AN

MG&i cau 04, diém

Cau |1 2 3 4 5 6 7 8 9 10 |11 |12 |13
pA |A |B |[D |[A |A |A |A |[D |D |C |[B |A |A

Cau |14 15 16 17 18 19 20 21 22 23 24 25

bA |D B D D C C A D A D D B
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