UNG DUNG PAO HAM KHAO SAT
TINH BIEN THIEN VA VE PO THI HAM SO

A. KIEN THUC CO BAN
1. Dinh nghia: Cho ham ) y = f (X) xac dinh trén K, véi K 1a mot khoang, nira khoang hoac mot
doan.
e Hamsd y=f (x) ddng bién (ting) trén K néu ¥x,, X, € K, X, < X,= T (x)< ().

e Hamsd y=f (x) nghich bién (giam) trén K néu Vx,, x, € K, X, <x,= f (x)> f(%,)-

2. Diéu kién can dé ham sé don di¢u: Gia st ham s y = f () c6 dao ham trén khoang K .
e Néu ham s6 dong bién trén khoang K thi f '(x) 20, Vx e K.
e Néu ham s6 nghich bién trén khoang K thi  f '(x) <0, vVxeK.

3. Diéu kign dii @é ham s6 don digu: Gia st ham sd y = f (x) c6 dao ham trén khoang K .
e Néu f'(x) >0, ¥x € K thi ham s6 dong bién trén khoang K .
e Néu f '(x) <0, ¥x € K thi ham s6 nghich bién trén khoang K .
e Néu f'(x) =0, ¥x € K thi ham s6 khong déi trén khoang K .
Chay.
¢ Néu K 1a mot doan hodc nira khoang thi phai bo sung gia thiét “ Him s y=f(x) lién tuc trén
doan hoic nira khoang d6”. Chang han: Néu ham s6 y = f (x) lién tuc trén doan [a;b]vé c6 dao
ham f'(x) >0, ¥x € K trén khoang (a;b)thi ham s6 dong bién trén doan [a;b].
¢ Néu f'(x)=0,vxeK (hodc f'(x)<0,vxeK)va f'(x)=0 chi tai mot s6 diém hitu han cua
K thi ham s6 dong bién trén khoang K ( hodc nghich bién trén khoang K ).
B. KY NANG CO BAN
1. Ldp bing xét ddu ciia mét biéu thirc P(X)
Buwée 1. Tim nghiém cia biéu thie  P(X) , hodc gié tri ctia X 1am biéu thirc P(X) khong xéc dinh.
Buwéc 2. Sap xép cac gia tri cta X tim duoc theo thir tu tir nho dén 16n.
Buwéc 3. Sir dung méy tinh tim dau ctia P(X) trén timg khodng ciia bang xét dau.
2. Xét tinh don diéu ciia ham so6 y =1 (X) trén tip xdc dinh
Buwdéc 1. Tim tap xac dinhD.
Buwdc 2. Tinh dao ham y' = f'(X).
Buwdc 3. Tim nghiém ctia  f'(X) hodc nhirng gia tri x lam cho f'(x) khdng x&c dinh.
Buwéc 4. Lap bang bién thién.
Buée 5. Két luan.
3. Tim diéu ki¢n ciia tham s6 m dé ham sé y =T (X) dong bién, nghich bién trén khodng (a; b)
cho trudc.
Choham s y="f(x, m) co tap xac dinh D, khoang (a;b) = D :
+ Ham sb nghich bién trén (a;b) < y'<0,Vx € (a;b)
» Ham sb dong bién trén (a;b) < y'>0,Vx e (a;b)
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Cha y: Riéng ham sé da thirc thi :
= Ham sb nghich bién trén (a;b) < y'<0,Vx e (a:b)
= Ham sb dong bién trén (a;b) < y'>0,Vx e (a;b)

* Nhic lai mot sd kién thire lién quan:

Cho tam thtrc g(x) = ax*+ bx + ¢ (a = 0)
[a >0 (a <0

b 0, VX € R <
a)g(x)ZO,VXe[R{@{LASO ) 9(x) >0, ¥x € 1A>0
[a<0 d)g(x) <0, ¥x € R [a<0
c)g(x)sO,VXe[R{@ﬁASO ) 9(x) < € CﬁA<O

Chu y: Néu gap bai toan tim m dé ham sb dong bién (hodc nghich bién) trén khoang (a:b)

v Bude I: Pua bt phuong trinh - £/(X) >0 (hodc f'(x) <0), Vxe(a;b) védang g(x)>h(m)
(hoac g(x)< h(m)), ¥x € (a;b) .

v Bude 2: Lap bang bién thién ctia hamsd g(x) trén (a;b) .

v’ Buwéc 3: Tl bang bién thién va cac diéu kién thich hop ta suy ra cac gia tri can tim ctia tham
sO m.

4. Su dung tinh don diéu cira ham so dé gidi phwong trinh, hé phwong trinh va bat phwongtrinh:

Dua phuong trinh, hodc bat phuong trinh vé dang f(x)=mhoac f(x)>g(m), lap bang bién thién
cua f (x) , dua vao BBT suy ra két luan.

C. BAITAP TRAC NGHIEM

Céau 1.

Céau 2.

Cau 3.

Cau 4.

Chohamsd Y= x+1 . Khing dinh nao sao déy 1a khang dinh ding?
1-x

A. Ham sb nghich bién trén khoang (—o0;1)u (L;+00).

B. Ham s6 dong bién trén khoang (—o0;1)u (L;+).

C. Ham s6 nghich bién trén cac khoang (—0;1),(1; +00).

D. Ham s6 dong bién trén cac khoang (—o0;1), (1;+0).

Cho ham s6 y = —x®+ 3x* — 3x + 2 . Khang dinh nao sau day la khang dinhdung?

A. Ham s luon nghich bién trén R.
B. Ham s6 nghich bién trén cac khoang (—oo;l), (l; +oo).

C. Ham s6 dong bién trén khoang (—oo;l) va nghich bién trén khoang (1; +oo).
D. Ham s6 luén dong bién trén R.

Cho ham s6 y = — x* + 4x* +10 va cac khoang sau:

D: (—oo;—x/E); (||)I(—\/E; O); (: (O«/Z_)

Hoi ham s dong bién trén cac khoang nao?

A. Chi (1). B. (1) va (I1). C. (1) va (I). D. (1) va (111).
Chohamséy = -1 Khang dinh nao sau ddy 1 khang dinh dtng?

—4 +2X
A. Ham s6 nghich bién trén R.
B. Ham s0 nghich bién trén tung khoang xac dinh.
C. Ham s6 dong bién trén cac khoang (-0;2),(2;+).
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Caub.

Cau 6.

Cau7.

Cau 8.

Céau 9.

Céu 10.

Cau 11.

Céu 12.

D. Ham sé nghich bién trén cac khoang (—oo;—2), (=2;+%).

Hoi ham s ndo sau ddy nghich bién trén R?

A h(x)=x*—4x* +4. B. g(x) = x> + 3x* +10x +1.
C.f(x) :__4)?+ix3—x. D. k(x) = x* +10x — cos® x.
5 3
) X2 —3x+5 )
Héi hamso Y = a1l nghich bién trén cac khoang nao ?
X +
A. (—0; -4) , (2;+o). B. (—4; 2).
C. (-o0; —1), (-1;+). D. (-4;-1)va (-1,2).
3
X 2

Hoi ham s y = 3 3Xx +5x—2 nghich bién trén khoang nao?

A. (5; +0) B. (2;3) C. (—»;1) D. (1,5)
Hoi ham s6 y = EXS — 3x" + 3x* — 2 dong bién trén khoang nao?
5)

A. (~0; 0),(L;3). B. (1;3). C.R. D. (—0:1) .
Cho ham s6 y = ax®+ bx’+ cx + d . Héi ham s6 dong bién trén R khinao?

[a=b=0,c>0 [a=b=0,c>0
A. . B.

{a> Ob - [a> Ob -

[a=b=0,¢c>0 [a=b=c=0
C. . D.

a< Ob - [a< 0b -

Cho ham s6 y = x3 + 3x* — 9x +15 . Khéng dinh nao sau ddy 1a khang dinh sai?
A. Ham s6 nghich bién trén khoang (-3;1).

B. Ham s dong bién trén R .
C. Ham s0 dong bién trén (-9; -5).

D. Ham s6 ddng bién trén khoang (5; +o).

Cho ham s6 y=+/3x*—x® . Khang dinh nao sau day la khang dinh sai?
A. Ham s6 dong bién trén khoang (0; 2).

B. Ham sb déng bién trén cac khoang (—oo;O);(2;3) .

C. Ham s6 nghich bién trén cac khoang (—oo;O);(Z;B) )

D. Ham sb nghich bién trén khoang (2;3).

Choham sé Y= X sin’x, x €[0;7 ]. Hoi ham s6 dong bién trén céc khoang nao?
2
A. ro?%wVa(%:ﬁm. B. f[%[;l%ﬂ_
L)\ ) L )
cloi5\al 15451 o.[ 1547 \val(%:ﬂ\l-
N U B
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Céau 13.

Céau 14.

Céau 15.

Céau 16.

Cau 17.

Céau 18.

Chuyén dé 1.1 Ung dung dao ham dé’khdo sit va vé d6 thi ciia ham 6

Cho ham s y = x + cos’x . Khang dinh nao sau day la khiang dinh dang?

A. Ham so dong blen trén ’R ( =z \
B. Ham sb dong bién trén | = + K7, 400 |va nghich bién trén khoang | —0; = +Krx |
4
C. Ham so nghich bién trén | ., K7, +00 |va dong bién trén khoang |—oo;— +kz |.
4 4
\ ) \ )
D. Ham s6 ludn nghich bién trén R .
Cho cac hém s6 sau:
X— 1
:y=2 Loy +3X+4; (mn:y=__ () 1y =X+ 4
3 X +1
(V) :y=x3+4x —sinx; (V):y=x'+x*+2.

C6 bao nhiéu ham sé dong bién trén nhimng khoang ma né xac dinh?
A. 2. B. 4. C.3. D. 5.

Cho cac ham s6 sau:
(1) 1y =—x>+3x" = 3x+1; (1) :y =sinx—2x;

2
(M) :y=—x*+2; (V) : y_j
X
Hoi ham s6 ndo nghich bién trén R?
A. (1), (11). B. (1), (1) va (I11).
C. (1), (1) va (IV). D. (11, (111).

Xét cac ménh dé sau:
(1). Ham s6 y = —(x —1)® nghich bién trén R .

(I1). Him s6 y =In(x —1)— Ll d6ng bién trén tap xac dinh cta no.

R J X X .
(). Ham s6 'y =~ dongbién trén R.
VX“+1

Hoi ¢6 bao nhiéu ménh dé dung?
A. 3. B. 2. C. 1. D. 0.
Choham s6 y =k + 1 (x — 2) . Khang dinh nao sau dy 1a khing dinh sai?

A. Ham s6 nghich bién trén khoang (L_l; 1_\}
2

B. Ham s6 nghich bién trén khoang (—o0; —1).

C. Ham s6 dong bién trén cac khoang (—oo; —1)va (1_; +oo\
o , (A, 2 ) : (1..)
D. Ham s6 nghich bién trén khoang ' —1;" " vadong bién trén khoang = = ;+o0 .
— I
L 2) \2 )

Choham s y=x+3+ 242 -x. Khiang dinh nao sau day l1a khang dinh dung?
A. Ham sb nghich bién trén khoang (—o0;—2)va dong bién trén khoang (-2;2).
B. Ham s6 dong bién trén khoang (—o0; —2)va nghich bién trén khoang (-2;2).
C. Ham sb dong bién trén khoang (—o0;1) va nghich bién trén khoang (1; 2) .
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Céau 19.

Cau 20.

Céu 21.

Céu 22.

Céau 23.

Cau 24.

Cau 25.

Cau 26.

D. Ham s6 nghich bién trén khoang (—o0;1) va dong bién trén khoang (1;2) .

, T T 2 . N A N 2 .
Cho ham so y = cos 2x + sin 2x.tanx, [z ; z) . Khéang dinh nao sau day la khang dinh

e\ 70,

dang?
A. Ham sb giam trén |(—E ;g\r
2 2
| gy
B. Ham so tang trén |—— - i
2 2
o qkA ()7[ 7
C. Ham s6 khéng doi trén |—— T f
2 2
AN
D. Ham s6 giam trén  — ;0
I 2 )

_X—m+2

Tim tit ca cac gié tri thuc clia tham s6 m sao cho hamsé Yy = giam trén cac khoang

X+1
ma nod xac dinh ?
A. m>3. B. m>1. C. m<1. D.m<1.

Tim tat ca cac gia tri thuc ctia tham sé m sao cho ham s6 sau luén nghich bién trén R ?

1
y=—§x3—mx2 +(@2m-3)x-m+2

A -3<m<l. B. m<1. C.-3<mx<l. D.m<-3;m21.
, ) ) X°— (M +1)x + 2m -1
Tim tat ca cac gia tri thyc ctia tham s6 m sao cho ham so y = tang trén
X—m

tung khoang xac dinh cua né?
A. m>1. B. m<1. C. m<2. D.m=>1.
Tim tat ca cac gia tri thuc ctia tham s6 m sao chohamsé  y=f (x) =x+ m cosx luon dong

bién trén R?

1
A. |m|<1. B. m> ﬁ C. m|>1. D. m<_.
2 2
Tim tit ca cac gia tri thuc cta tham sé m sao cho ham s y=(m-3)x—(2m +1) cos x lubn
nghich bién tegn R? (m>3
A -4<m<. B.m>2. C. : D.m<2,
3 <tm =1

Tim tit ca cac gié tri thuc ctia tham s6 m sao cho ham sb sau luén dong bién trén R ?

y=2x3-3(m+2) x*+6(m+1)x - 3m+5
A. m=0. B. m=-1. C. m=2. D.m=1.

X )

Tim gia tri nho nhét ctia tham sé m sao cho hamsé Y = 3 +MX —mx — m ludn dong bién trén

R ?
A. m=-5, B. m=0. C. m=-1. D.m=-6.
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Céau 27.

Cau 28.

Cau 29.

Cau 30.

Céau 31.

Cau 32.

Cau 33.

Céu 34.

Céau 35.

Cau 36.

m+3)x—-2
y—m+3)

Tim s6 nguyén m nho nhat sao cho ham sd ludn nghich bién trén cac khoang
X+m
xac dinh cua nd?
A m=-1. B. m=-2. C. m=0. D. Khéng cdé m.
\ L., L, , Z \ Z mx +4 ., n ,
Tim tat ca cac gia tri thyc cua tham s6 m sao cho ham so = giam trén khoang
X+m
(—oo;l)?
A -2<m<2. B.-2<m<-1. C.-2<m<-1. D.-2<m<2.
Tim tat ca cac gid tri thuc ciia tham s6 m sao chohamsé  y = x*— 6x°+ mx +1 dong bién trén

khoang (0; +o0)?
A. m<0. B.m<12. C. m=>0. D.m>12.

Tim tat ca cac gia tri thyc cua tham s6 m sao choham s6  y = x*— 2(m —1)x*+ m — 2 ddng bién
trén khoang (1;3) ?

A.m e[-5;2). B.m e(-x;2]. C. me(2,+x). D. me(—w;-5)
N 4 . . /4 7 1 3 1 2
Tim tat ca céc gia tri thuc ctia tham s6 m sao cho ham so6 y :gx - me +2mx—3m+4
nghich bién trén mot doan ¢ d6 dai ding bang 3?
A m=-1m=9. B. m=-1. C. m=9. Dm=1m=-9.
, £ \ £ tanx—-2 ., KA \
Tim tat ca cac gia tri thuc cua tham s6 m sao choham s6 y = anxom dong bien trén khoang
an x—m

|(O; ED ?

4
\
Al<m<2. B.m<0l<m<2. C. m2x2. D.m<0.

mx° )
Tim tit ca cac gi4 tri thuc ctia tham s6 m sao cho ham sé y=f(x)= +7mx +l4x—-m+2
3

giam trén nira khoang [1; +0) ?
A. ?j—oo;—:mzﬁ. B. fioo;—14—|. C. I_—2;—14—|. D. |_—14;+oo\.

\ 15J \ 15 |J ﬂ 15 |J ﬂ 15 /
Tat ca cac gia tri thu:c(cfla thaﬁn s m sao cho ham s y=—x* +(2m—-3)x* +m nghich bién
trén khoang (1;2) la | oo P E trong &6 phan s6™  t4i gian va q >0 . Hoi tdng p + q 132

N |

A.5. B. 9. C.7. D. 3.

X2 —2MX+m+2
X—m

Hoi ¢6 bao nhiéu gia tri nguyén ctia tham s6 m sao cho ham s y =

bién trén timg khoang xéac dinh ciia n6?

A. Hai. B. Bbn. C. V6 sb. D. Khéng co.

Hoi c6 bao nhiéu gid tri nguyén duong cta tham s6 m sao cho ham s

= 2% + (1-m)Xx+1+m
X—m

ddng bién trén khoang (1; +0) ?
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Cau 37.

Céau 38.

Céau 39.

Cau 40.

Cau 41.

Céau 42.

Céau 43.

Céau 44.

Cau 45.

A. 3. B. 1. C. 2 D. 0.

Tim tit ca cac gia tri thuc cua tham s6 avda B sao cho ham sb

f(x) =d 1(sina+cosa)x2 3 x sinacosa ludn giam trén R?
y=1X)=—+_ —_ —Jp-2 iam trén R7
3 2 2
T T .
A +kr<a<s +kr,keZvaf>2.
12 4
B.£+kﬂ£a£5—ﬂ+k7r,keZvé B>2.
12 12
C.a<”+kr, keZvap>2.
4
D.a>Z ik keZvaB>2.
12

Tim mdi lién hé giita cac tham s a va b sao cho hamsé  y = f(x) = 2x+asin x+bcosx luon

tang trén R?

1+

Alilog B.a+2b=2/3. C.a’+b*<4. D.a+2b>VZ

a b 3
Tim tit ca cac gid tri thuc ctia tham sb m sao cho phuong trinh x*— 3x*— 9x — m = 0 ¢6 ding 1
nghiém?
A. -27<m<5. B. m < -5 hoac m> 27 .
C. m<-27 hoac m>5. D.-5<m<27.
Tim tat ca cac gia tri thyc ciia tham s6 m sao cho phuong trinh 2 VX+1=X+m co6 nghiém
thure?
A m=>2. B. m<2. C. m=3. D.m<3.
Tim tat ca cac gia tri thuc ciia tham sé m sao cho phuong trinh +/x*—4x +5 =m + 4x — x*¢6

diung 2 nghiém duong?
A.1<m<3. B.-3<m<+5. C.-/5<m<3. D.-3<m<3.

Tim tat ca cac gia tri thuc ctia tham s6 m sao cho moi nghiém cuia bt phuong trinh:
x*— 3x + 2 < 0 ciing 1a nghiém cua bat phuong trinh mx+ (m+ 1) x + m+1>07?

A. m<-1. B.mg—i. C. mZ—E. D.m>-1.

7 7

Tim tit ci cac gia tri thyc coa tham s6 m _ sao. cho phuong trinh:
log? x + \/luglerr— 2m —1 = 0 ¢6 it nhét mot nghiém trén doan| 1;3312

3 3 L ]
A -1<m<3. B.0<m<2. C.0<m<3. D.-1<m<2.

Tim tat ca cac gia tri thuc ctia tham s6 m sao cho phuong trinh VX 4+ mx + 2 =2x+1 c6 hai

nghiém thuc?
A.mZ—Z. B. mzi. C. ng. D.VmeR.
2 2 2

Tim tat ca cac gid tri thuc ctua tham sé m sao cho phuong trinh 3+/x -1+ my/x+1 = 24x*~1 ¢6
hai nghiém thuc?
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Cau 46.

Cau 47.

Cau 48.

Cau 49.

Cau 50.

Cau 51.

Cau 52.

Cau 53.

A.ESm<l. B.—lsmsi. C.—2<m££. D.O§m<£
3 4 3 3
Tim tit ca cac gid trj thuc cta tham sb m sao cho bat phuong trinh
\/_(_I;I;Z)_(.).(S;X)> m+2x> —5x—3 nghiém dang véimoi | 1 |
X —_;3 ?
2]
A. m>1. B. m>0. C. m<1. D.m<O0.
Tim tit ca cac gid trj thuc cta tham sb m sao cho bat phuong trinh
3(M+ x+ V3-x)-2\(1+X)(3-X) = m nghiém ding véi moi X €[ 18] ?
A. m<6. B. m>6. C.m>62-4. D.m<62-4.

Tim tit ca cac gid tri thyc cia tham s6 m sao cho bat phuong trinh

V3 4+x +/6 — x—18+3x—x* <m?—m +1 nghiém dang VX €[-3, 6] ?
A. m>-1. B.-1<m<Q0.
C.0sm<g2. D.m<-1hoaicm=>2.

Tim tit ca cac gia tri thuc cua tham s m sao cho bat phuong trinh

m4*+(m -1).2*? + m -1 > 0 nghiém ding vx € R ?

A. m<3. B. m>1. C.-1<m<4. D.m>0.
Tim tat ca cac gia tri thyc ciia tham s6 m sao cho bt phuong trinh: —X’+3mx —2 < _F
nghiém ging Vx>1 ?
A.m<§. B.mzz. C.m23. D. 1 m< 3.
_ _ _ - _
3 3 2 3 2
Tim gi4 tri 16n nhat ctia tham s m sao cho bét phuong trinh 2005 X 4 3 X> m 305X ¢
nghiém?
A . m=4. B.m=38. C.m=12. D.m=16.

BAt phuongtrinh +/2x*+ 3x*+ 6x +16 — /4 —x > 2\/3 ¢6 tap nghiém 1 [a;b]. Hoi tong a + b
c6 gié tri 1a bao nhiéu?
A -2. B. 4. C.5. D. 3.

Bt phuongtrinh /X2 — 2x + 3 /X2 — 6X +11 > /3 =X —X—1 ¢6 tap nghiém (a;b]. Hoihiéu
b —a co gia tri 1a bao nhiéu?
A. 1l B. 2. C.3. D. -1.
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D. PAP AN VA HUONG DAN GIAI BAI TAP TRAC NGHIEM

| - DAP AN
11234 |5|6|7|8|9|10(11(12|13|14|15|16|17|18|19|20
D blB|C|DIDIB|]A|B|B|A|A|C|A|A|B|C
2122|2324 (25|26|27|28|29|30|31|32|33|34|35|36|37|38|39]40
A AlA|lA|lC|DIC|D/B|]A|B|B|lC|C|D|B|C|C|B
41142 |43 |44 |45 |46 |47 |48 |49 |50 |51 |52|53
B|C/ B|C|D/ DI D|ID|IB|A|A|C]A
I1 -HUONG DAN GIAI
Caul. ChonD.
2
TXD: D:R\{l}.Taco y =W>O, vx#1
Ham s6 dong bién trén cac khoang (—o0;1) va (1; +o0)
Cau 2. ChonA.
TXD: D=R.Taco ¥ =-3x+6x—3=-3(x-1)’<0, vxe R
Cau 3. ChonD.
[x=0
TXD: p=R. Y =—4x+8x=4x(2-x*). Gidi y'=0<|
Lx:i{
Trén cac khoang (—oo; N ) va (O; d_) y'>0nén ham sb dong bién.
Cau4. ChonB.
10
(-4 +2x)
Cau5. ChonC.
Taco: f'(x)=—4x*+4x>-1=—(2x*-1)><0,vx e R .
Cau6. ChonD.
x>+ 2x —8 =2
TXD: D=R\{-1}. y'=————.Giai y'=0= x2 _g= X
{-1}.y (X+1) y +2x-8=0=[ _
y ' khong xac dinh khi x = —1 . Bang bién thién:
—o0 —4 -1 2 +00
' + 0 - - 0 +
-11 +00 +00
—00 —00 1
Ham s6 nghich bién trén cac khoang (—4; —1) va (—1; 2)
Cau7. ChonD.
, [x =1
TXD:D=R.y'=x —-6x+5=0<|
REE
Chuyén dé 1.1 Ung dung dao ham dé’khdo sit va vé d6 thi ciia ham 6 9|THBTN



Cau 8.

Cau 9.

Céu 10.

Céau 11.

Céu 12.

Cau 13.

Cau 14.

Chuyén dé 1.1 Ung dung dao ham dé’khdo sit va vé d6 thi ciia ham 6

Trén khoang (1;5), y'<0 nén ham sb nghich bién
Chon B.
TXD:D=R. y'=3"-12+ 12x*=3x*(x -2’20, Vx e R

Chon A.

, [a=b=0,c>0
y'=3ax +2bx+c>0,vxeR < |,

a>0b —3ac<0
Chon B.

TXD:D=R .Do ¥'=3X"+6x—9=3(x-1)(x+3) nan ham sb khong dong bién trén R.

Chon B.

6xX — 3x°
HSXD:3x?~x* >0 <> x<3suyraD = (-x;3] . y'=ﬁ, VX € (~;3).
X*— X
x=0 o _|x=0
Giai y'=0 :{ .y "khong xac dinh khi )
Bang bién thién:
X | —o0 0 2 3
y |

y+“°\o/'2\o

Ham s6 nghich bién (—o0; 0) va (2;3) . Ham s6 dong bién (0; 2)

Chon A.

rX " kz
TXB:D:[R'y'=%+sin2x.Giéli y'=0<:>sin2x=—%c>|| 7_7"12 (keZ)
X= +krx
112
7_7Z' \ M ) ~ A ‘A
ViX e [O;ﬂ]nén co2giatri X=_Va X= théa man dicu kién.
12 12
Béng bién thién:
n 11n
X 0 — - T
12 12
y' Ll + 0 - 0 + |
Ham s6 dong bién |(0; 7_\| va (M ;7r|\

Chon A.

TXD: D=R; y'=1-sin2x>0 VxR suy ra ham s luon dong bién trén R
Chon C.

(): y':x2—2x+3:(x—1)2+2>0, vxeR.
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Céau 15.

Céau 16.

Cau 17.

Céau 18.

Cau 19.

Chuyén dé 1.1 Ung dung dao ham dé’khdo sit va vé d6 thi ciia ham 6

(n): y’=(x—_1\ 2 ——>0,vx=z-1  (Il): y’:(\/X2+4):

X +)  (x+1)°
(IV): y'=3x% +4—cosx>0,vxe R
Chon A.

!

(D:y'=(—x*+3x* =3x+1)'=-3x* +6x-3=-3(x-1)°<0, Vxe R ;

(II)'y':(sinx—2x)':cosx—2<0 vxeR;

(i y=—(¥+2) = i sowe (2,

(V) y-:(x_—Z\ (X—_Z \:_;<0,VX¢1
kl—x,{:|\ ) (1-x)°

Chon A.

)y = (-(x-1)° ) =-3x-1)?<0, vx e R
UR% =|( In(x 1) —):)(Jﬁi> 0,vx>1

\ ) (x-1)

Woreat (e BN et
(I y'= - J_

X2 +1 X2 +1

Chon B.
2x -1 i _
 _ khi x> 1; y’=0<:>x=i
“2x+1 khi x<-1

N

X | —oo -1

X
X+ 4

(V): Y =4+ 2x = 2x(2x° +1)

+00

ol Nl -

!

y + I -~

y / \

Chon C.

TXD: D=(~0;2]. Tac ¥’

:—V@ , VX e(~o0; 2) .
V2 -x

Giai Y =0=>+/2-x=1=x=1; y'khong xac dinh khi x=2

Bang bién thién:

2

Chon C.

y_/G\S
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Xét trén khoang (— E; z) ,
e
\ ) o
Tacé: Y= COS 2X +Sin 2X. tan x = °°° 2X.COS X + sin 2x.s|nx:1:>y,:0

COS X
Ham sb khong déi trén |(— z. ﬁ\ .
22
\ )
Cau 20. ChonD

. , m-1
Tap xac dinh: D=R\{-1}.Taco ¥ =

(x+ 1)2

Dé ham sb giam trén cac khoang ma nd xac dinh <y’ <0, Vx=-l<m<1
Cau 21. Chon A

Tap xac dinh: D=R . Taco y' =—x*— 2mx + 2m — 3 . D& ham s nghich bién trén R thi
[ay<0 [-1<0 (hn)

y'<0,VXxe R <4 o9, & -3<m<1
|A"<0 m +2m-3<0

Cau 22. Chon B.
X2 —2mx +m? —m+1
(x —m)?

Dé ham s06 tang trén tung khoang xéac dinh cua n6

Tap x4c dinh: D=R\{m}.Taco y'=

1>0(hn
( ( )<:>m£1
(m-1<0

oy 20, VxeDe X -2mx+m’—m+1>0,vxeD

Céu 23. Chon A.
Téap x4c dinh: D=R . Tacé Y =1-msinx.
Ham s6 ddngbiéntréen R <y '>0,Vx e R ©msinx<1, vVxe R
Truonghop 1: m=0tac6 0 <1, Vx € R . Vay ham sb luén dong bién trén R
. 1 1
Truong hgp 2: m>0tacosinx<_,vVxe R _>1<m<l
m m
1

Tménghqp3:m<0tacésinXZJ;VXe ReI<-lem>-1

m m
Vaymk1

Céau 24. Chon A.
Tap xac dinh: D=R . Tacé: Y '=m—3+(2m +1) sin x
Ham s6 nghich biéntrén R <y '<0,Vx e R < (2m+1)sinx<3-m, Vx e R

1 ) 7 . o
Truong hop 1: m=-—tac60<_,Vx e R . Vay ham s0 ludn nghich bién trén R .
’ 2

2
Etacésinxz 3_m,‘v’Xe[R<:> 3-m <-1
2

2m+1 2m+1
&o3-m>2-2m-1<m>-4

Truong hop 2: m< —

1
Truong hop 3: m > _E ta co:

Chuyén dé 1.1 Ung dung dao ham dé’khdo sit va vé d6 thi ciia ham 6 12| THBTN



Cau 25.

Cau 26.

Cau 27.

Céau 28.

Cau 29.

. -m 3—-m
Sinx< VxeR < >1<3-m22m+lems 2. Vay F4;21

2m+1 2m+1 3 mEL— 3 |J
Chon A.

, [x=1
Tinh nhanh, tacé f'(X)=0< 6x° —6(m +2)x+6 (m +1) :O‘F
X=m+1

Phuong trinh f '(X) = 0 ¢6 nghiém kép khi m = 0, suy ra ham s6 luén dong bién trén R .
Truong hop m# 0, phuong trinh f'(X) =0 c¢6 hai nghiém phan biét (khong thoa yéu cau bai
toan).

Chon C.

Tap xéc dinh: D=R . Tacd V' =%+ 2mx — ™15 0m)

Ham so dong bientrén R < y'>0,vVxeR < & -1<m<0
Lm2+m£0

Vay gia tri nho nhét ciia m dé ham sb d@)ng biéntréen R 1a m=-1
Chon D.

2
(s , M +3m+2
Tép xac dinh: D=R\{-m}.Taco ¥'= ————
(x+m)
Yéucdudébiiey <0, VxeDem’ +3m+2<0<-2<m<-1

Vay khong c6 sb nguyén m nio thude khoang (-2; 1) .

Chon C
m>—4 .
Tép xac dinh D=R\{-m}.Taco ¥ =—- D¢ ham so giam trén khoang (—o0;1)
(x+m)
(m—4<0
&Y' <0, Vx e (—0;1) <3 o-2<m<-1
1<-m
Chon D.
Céch 1:Tap xac dinh: D= R . Taco ¥ = 3% —12x+m
e Truong hop 1:
P (30 (hn)
Ham s6 dong bientrén R <y’ >0, Vx e R < em>12
36-3m<0

e Trudng hop 2: Ham sb dong bién trén (0;+0) <y =0 co6 hai nghiém Xy, X, thoa
X1 <X, <0 (¥)
v Truong hgp 2.1: y' =0 c6 nghiém x=0 suyra m=0.Nghiém conlaicia y'=0Ila
X =4 (khong thoa (*))
v Truong hop 2.2: y' =0 ¢6 hai nghiém Xx;, X, théa

A'>0 36-3m>0

x1<x2<0<:>iS<0 <44 <0(vl) = khdngcom .Vay m=>12
P>0 m.o

3
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Cau 30.

Céau 31.

Cau 32.

Cau 33.

Cach 2:Ham sé dong bién trén (0; +0) < m 2 12x — 3= g(x), VX € (0; +0) .

Lap bang bién thién cua g(x) trén (0; +o0).

x| 0 2 +00
g! + 0 _
12
J / \
0 A0
Chon B.

Tap x4c dinh D =R . Taco ¥' =4 —4(m-1)x.
Ham sb dong bién trén (1;3) <y ' >0, Vx € (1;:3) < g(x) =x*+1>m, Vx € (1;3).
Lap bang bién thién cua g(x) trén (1;3) .

X1 3
g 0
10
g /
2

Dua vao bang bién thién, két luan: m <ming(x) ©m<2.

Chon A.

Tap xac dinh: D= R . Taco ¥ =X —mx+2m

Ta khong xét truong hgp y' <0, Vx e Rvia=1>0

Ham s6 nghich bién trén mot doan c6 d6 dai a3 <y’ =0 c6 2 nghiém X, X, thoa

A>0< m?-8m>0 (m>8hay m<0 [m=-1

X|— Xp| =3 = Q[ B
b=l (x-%) =9 < S?—4P =9 Tn% —8m=9 m=9

Chon B. ()

+) Diéu kién tanx = m. Diéu kién can dé ham sb d@)ng bién trén 0;1r lam g(O;l)

| a)

[2—m

+)y'= :
cos’ x(tan x — m)?
£ 1 ( E\
+) Ta thay: >0vxe 0;7 ;m e(O;l)
coszx(tanx—m)z\ ( ,%>|04)
+) Bé hs dong bién trén O;E = y e |"M+2>0 ©m<0hoac1<m<2

4' 4b Ime(;1) [m<Om=1

Chon B.
Tap x4c dinh D = R , yéu cau ctia bai toan dwa dén giai bat phuwong trinh

mx? +14mx+14 <0,¥x >1, tvong duong v6i g(X) = ———=m (1)

X*+14x
N N . 14
D& dang c6 dugc g(x) 1a ham tang ¥x €[1; +0) , suy ramin g(x) = g(1) ="
xl 15
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Céau 34.

Céau 35.

Céau 36.

Céau 37.

Cau 38.

Két luan: (1) < min g(x) > m < — 14 >m

x>1 15
Chon C.
Tap xac dinh D= R . Taco ¥ =—4X° +2(2m - 3)x.

Ham sb nghich bién trén (1;2) <y <0, Vx € (1;2) ©@m< X+ 3 =g(x), Vx € (1; 2) .
2

Lap bang bién thién cua g(X) trén (L;2). g'(X) =2x=0<x=0
Bang bién thién

. 5 .
Dua Va0 bang bién thién, két luan: M <min g(x) @mSE-Vay p+q=5+2=7.

Chon C.
X —2mx+2m*-m-2  g(x)

Tap xac dinh D=R\{m}!.Tacé y' = = .
p { } y (X_m)Z (X—m)

Ham s6 ddong bién trén timg khoang xac dinh khi va cﬁn k1<1i %(X) >0,vxeD.

Pidu kién tuong duong [ A =-m*+m+2<0<
g (% [m 59
Két luan: Co v s6 gia tri nguyén ciia m thoa yéu cau bai toan.
Chon D.
2% —4mx+m?—2m-1 _ 9(X)

Tap xac dinh D=R\{m}.Tacd y' =

g 1
2g(1) = 2(m” — 6m +1) > 0
Diéu kién tuong duong 12 { g & m<3-2/2~0,2.
—=mx<1
2
Do d6 khong c6 gia tri nguyén duong cta m thoa yéu cau bai toan.
Chon B.

Piéu kién xac dinh: 8> 2

Yéu cau cua bai toan dua deén giai bat phuong trinh _<sin 2o <1
2

, z o7 X
Kétluan: = +kr<a<™ +krkez vap=>2.
12 12

Chon C.
Tap xacdinhD=R . Taco: y' =2+ acosx — b sin x

Ap dung bat ding thirc Schwartz ta c6 2—+/a® + b? <y’ < 2++/a” + b?
Yéu cau cta bai toan dua dén giai bat phuong trinh

Chuyén dé 1.1 Ung dung dao ham dé’khdo sit va vé d6 thi ciia ham 6

(x —m)’ S (x-mp’
Ham s6 ddng bién trén (1;+o0) khi va chi khi g(x) >0,vx>1va m<1 (1)
VIiA' =2(m+1)°>0, Vmnén (1) < g(x) = 0 c6 hai nghiém théa x <x < 1
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Cau 39.

Cau 40.

Cau 41.

y>0,Vxe2-va?+bh? >0 a?+b’<4.

Chon C.
(1)< m=x-3x*—9x = f(x) . Bang bién thiéncua f(X) tran R

X | —o0 -1 3 +00

yV

+ 0 — 0 +
5 +00
—0 =27

Tur d6 suy ra pt ¢6 dung 1 nghiém khi m <—27 hodac m >5

Chon B.

Pitt=/x+1,t>0. Phuong trinh thanh; 2t=t? -1+ m < m=—t>+ 2t + 1
Xétham sb f (t) = —t?+ 2t +1,t > 0; f'(t) = -2t + 2

Bang bién thién cua f (t ) :

t 0 1 +00
fr(t)

+ 0 -
2
1 00
Twr d6 suy ra phuong trinh c6 nghiém khi m<2 .

Chon B

Patt= f(x) =X —4x+5.Taco f’(x):%.f’(x)=0<:>x=2
X°—4x+5

Xét x>0 ta c6 bang bién thién
X 0 2 ~+00
f'(x) 0

- +
£(x) 5\ 1 / +00

Khi d6 phuong trinh d cho tré thanhm=t? +t-5<t2+t—5-m=0 (1).

Néu phuong trinh (1) ¢6 nghiém ty, t, thi t; + t,= 1. (1) c6 nhiéu nhét 1 nghiém t > 1.

Vay phuong trinh da cho c6 dung 2 nghiém duong khi va chi khi phuong trinh (1) ¢6 ding 1

nghiém ¢ e(l,\/S_). pat 9(t) =t 24t—5.Taditimmdé phuong trinh

nghiem t(1:6). Tacs /() =2t+1>0,vte (106).

Béng bién thién:

t 1 J5
g (t) +
N
g (t) - —
-3

Tir bang bién thién suy ra —3 <m < J5 lacac gi trj can tim.

Chuyén dé 1.1 Ung dung dao ham dé’khdo sit va vé d6 thi ciia ham 6

g(t)=m co dung 1
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Cau 42. ChonC.
Bét phuong trinh X*-3x+2<0< 1<x<2.

. 2
Bat phuong trinh mx® +(M+1)x+m+1>0 S MX +X+1)2x-2=m2

X+ x+1
s 2 _x _2 . , X° + 4x +1
Xéthamsod f(x) = voi1<x<2.C6 f'(X)=_ . >0,vxe[1;2]
X +X+1 (x+x+1)

p ., 4
Yéucaubaitoan o m>maxf(x) om>-
[1:2] 7

Cau 43. Chon B.
bitt= y/log2x +1 . Piéu kién: t > 1.

Phuong trinh thanh: €+t —2m —2 =0 (*) . Khi x e[l;af?’] =t e[l 2]

P+t-2 ,
Mo fit)= =m . Bang bién thién :
t 1 2
f'(t) +

f(t) /
0

Tir bang bién thiéntac6: 0 <m <2
Cau44. ChonC

. 1
bicu kién: X2 _E

Phuong trinh X+ mxX +2 = 2x +1 < 3x° + 4x —1=mx (*)

3+ 4x -1
Vix =0 khonglanghitmnén (*) om=
X
3x° +4x-1 3x° +1 1
Xét f(x)=——.Taco f'(x)= >0Vx>——;x#0
X X2 2
Bang bién thién
X 1
92 0 +00
f'(x) + +
+oo +00
2 —o0

. . 9
Tur bang bién thién ta c6 d€ phuong trinh c6 hai nghiém thi m>_.
2

Cau 45. ChonD.
Piéu kién: X >1

/ _ 4/ 2_ _ X —
Pt<:;>3x_1+m:2X—1 3 X_1+m:24_
VX +1 ,4/(X+1)2 Vx+1 X+1
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X_

t= véi x>1taco 0<t<1.Thayvao phuong trinh ta dugc m=2t—3t*> =f (t)

X +1
Taco: f'(t)=2 - 6ttaco: f’(t)=0©t=§
Béng bién thién:
t 0 1
f'(t) +

wlFkr|lo|lw|kF
|

£(t) 0/ \_1

Tur bang bién thién ta c6 dé phuong trinh c6 hai nghiém khi 0 <m <E
3

Cau 46. ChonD.

batt= _ A
T S 2003 x) ﬂ te| ‘%H
H J
L J
Thay vao bat phuong trinh ta duoc f (t) = P+t >m
Bang bién thién

t |0 3
4
f'(t) +
49 + 142
£(t) s
0

Tir bang bién thién ta c6 : m < 0
Cau 47. ChonD.
Pit t=v1+ X +4/3 X =t*=4+2J(1+X)(B -X) < 2/(1+x)(3-x) =t*— 4

Voix e[ -1;3] =>t €[2; 28] . Thay vao bét phuong trinh ta dugc: m < —t*+ 3t + 4

. , 3
Xéthamsd f(t)=—t+3t+4;f't)=—2t+3; | (t)=0<:>t:5<2

t 2 22
f'(t) n

o T
62 -4

T bang bién thién ta c6 m < 6~/2 — 4 théa dé bai
Cau 48. Chon D.

Pit t=3+x+/6-x>0=t2=(/3 +x+\/6—x)2 =9+2J(B+x)(6-x)
=9<t?=9+2JB+ X6 -X) <9+(3+Xx)+(6-x)=18
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= V18+3x—x2 =/(3+X)(6 — X) =%(t2 ~9):te[33v2]

xet TO=-224t+2 t()1-t<0vte[3302]= max f(t)=f(3)=3
2 2 [3:3v2]
ycbt<:>[man]f(t)=3£m2—m+1<:>m2—m—220<:>m£—1hoacm22
3;34/2

Cau49. ChonB
Piatt=2*>0thim4*+(m-1).2**+m-1>0, ding Vx € R
omt?+4m-Dt+(m-1)>0,Vt>0<m(t?+4t+1) > 4t +1, vt >0

ogt) =t o mviso.
t2+ 4t +1

Ta c6 g'(t)=(;4t2——2t)2<o nén g(t) nghich bién trén [O; +o0)
t°+4t+1

ycht ©maxg(t)=g@0)=1<m
t>0

Cau 50. Chon A.
Bpt o 3mx<x’—142vx>1e3max2—L42_f(x),vx>1.

X3 X4 X
A ’ 4 —2 ~
Taco f(x)=2x+%—%22 ZX(XA&-,)_%: N >0suyra f(x) tang.
Yebt = f(x)>3myx>1leminf(x)=f(1)=2>3me2>m
x>1 3

Cau51. ChonA.

1)e (E) +3(Ej >m.Patt=cos’x,0<t<1
3 9

@ wothann(2) +d L 2m o) pgy TO=(2}+3 LY.
3) W B CIRN
Ta c6 (1) c6 nghiém < (2) ¢6 nghiém t €[0;1] & m<Max f (t) @ m<4
te[0;1]

Cau52. ChonC
Pidu kign: —2 <x<4.Xét f(x) = V2x°+3x°+ 6x +16 — /4 —x_trén doan [-2; 4],

- 3(x2 +X +1) 1
O = e atr oxat6 | 2d-x
Do d6 ham s6 dong bién trén[-2; 4], bpte f(x) > (1) =28 < x> 1.
So v6i diéu kién, tap nghiém cta bptla S=[1;4]=a+b=5.

>0,vxe(-2;4).

Cau 53. Chon A.

Pidu kién: 1< x < 3; bpt < J(x=1)"+2 +/x-1>/(3=x)" +2 ++/3 —x

Xét f(t)=vt+2 +t véit>0.Co f'(t) = >0, Vt>0.

t 1

_+_
nNE+2 24
Do d6 ham sb dong bién trén [0; +0) . (1) & f(x-1)>f(B-x) = x-1>3 < x>2
So véi diéu kién, bpt co6 tip nghiém 1a S = (2;3]
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Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién v vé db thi ham so’

A. KIEN THU'C CO BAN
1. Pinh nghia: Cho ham s6 y = f (x) xac dinh va lién tuc trén khoang (a;b) (c6 thé a la —o ; b 12
+o0 ) vadiém x, € (&;b) .
> Néu ton tai sd h>0 saocho f(x)< f(X,) véi moi X €(X,—h;Xp+h) va X=X, thi ta n6i ham
sd f(x) dat cwe dai tai X, .
» Néu ton taisd h>0 saocho f(x)> f(x) véimoi X (X,—h; X+ h) v x = X, thi ta n6i ham
sd f(x) dat cwe tiéu tai x,.
2. Piéu kién dii dé ham so6 cé cwe tri: Gia sirham s6 y=f(x) lién tuc trén K = (x,— h; X,+ h) va c6
dao ham trén K hodc trén K\ {x,} ,vdéih>0.
> Néu f '(x)>0 trénkhoang (X,—h; X)) va f'(x) <O trén (xo;%,+h) thix, lamot diém cuc
dai ctia ham s6 f (x) .
» Néu f'(x)<0 trénkhoang (X,—h;X,)va f'(x)>0 trén (x,;%+h) thi x,1a mot diém cuc
tiéu ctia hamsd f (X) .

Minh hoa bing bing bién thién

X X, —h X, X+ h X X, —h Xo Xo+h
f'(x) + - f'(x) - +
ch
f(x) f(x)
/ \ \ . /
Chay.

¢ Néuhamsdy="f(x) datcuc dai (cuc tiéu) tai x, thix, dugc goila diém cwe dai (diém
cwe tiéu) cua ham sd;  f(x,) duoc goi la gia tri cwe dai (gia tri cwe tiéu) ciia ham sd, ki
hidula g (fep), con diém M(x,; f (X)) duoc goi la diém cwe dai (diém cwe tiéu) cua dd
thi ham sé.

¢ Cac diém cuc dai va cuc tiéu duoc goi chung 13 diém cwre tri. Gid tri cuc dai (gia tri cuc
tiéu) con goi 1 cwre dai (cwre tiéu) va duoc goi chung 14 cwre tri cia ham sb.

B. KY NANG CO BAN

1. Quy tac tim cwec tri cia ham so

> Quy tic 1

Buorc 1. Tim tap xac dinh cia ham s0.

Buéc 2. Tinh f'(x) . Tim c4c diém tai d6 f'(x)bang 0 hodic f'(x) khong xéc dinh.
Buwéc 3. Lap bang bién thién.

Buwoc 4. Tu bang bién thién suy ra cac diém cuec tri.

» Quy tic 2:

Buorc 1. Tim tap xac dinh cia ham $0.
Budre 2. Tinh f'(x) . Giai phuong trinh f'(x)vakyhiéux, (i=1,2,3,...) 1a cac nghiém cua no.
Budc 3. Tinh £/ (x) va f'(x) .
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Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién v vé db thi ham so’

Budc 4. Dua vao dau cua f' (X )suy ra tinh chat cuc tri ciia diém x; .
2. Ky niing gidi nhanh cdc bai todn cye trj ham sé bicba y = ax’+bx’+ cx +d (a = 0)
Tacoy =3ax’+ 2bx +c¢
> D06 thi ham s c6 hai diém cuc tri khi phwong trinh y' = 0 ¢6 hai nghiém phan biét
(2¢ 2b%) bc
g oa 9 0a

& b 3ac > 0 . Khi d6 duong thang qua hai diém cyc trj do1a : y = |

> Bam may tinh tim ra dudng thang di qua hai diém cuc tri:

(X

ax+ bx*+ cx +d —(3ax2+2bx+c)@+g—J—>Al+B:>y Ax+B
a

Hoac st dung cong thue 'y % .

> Khoang cach giita hai diém cuc tri ciia @ thi ham s bac ba Ia:

3 b?— 3ac
AB = /ﬂ véi e=
a 9a

3. Ky nang gidi nhanh cdc bai todn cwc tri ham trung phuong.
Cho ham s0: y = ax*+ bx*+ ¢ (a=0) ¢6 do thi la(C).
[ x=0
y':4ax3+2bx;y’:0<:>| b
T 2a

(C)CO ba diém cuc tri y' =0 ¢6 3 nghiém phan biét < —

2a da |

) , b* b
Do dai cac doan thang: AB=AC = - , BC=2,|— .
' anhang \16a® 2a \ 7=

Céc két qua can ghi nhé:
> AABC vudngcan < BC*=AB’*+AC°

26 (b b)) b b b (b ) b
= — —t =0 11=0 1=0
S el a1 2 T oatga 30 T eat
> AABC déu < BC 2= AB?

20 b* b b* 3b b(b ) b

Ta 16w 2a 162 20 ) T 2atea ol L Tga o0

— b*+8a a 8a

Khi d6 ba diém cyec trj la: A (0; ) ,Ef(— -2 - A C(/ 2_55 A\ voi A =Db’—4ac

» BAC =« ,taco: cosa = Stan =—

b®-8a 2 b’
b? / b
S =— [——
> OanBC 4|a| 2a

> Ban kinh dudng tron ngoai tiép AABC 1aR =

b® — 8a
8|a|b
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Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién v vé db thi ham so’

b’ b
il d

\/ b D 4ja)+ 2ba’ - 2ab°
S s
16a Za(Z_AZa AN

> Phuong trinh duong tron ngoai tiép AABC Ia: X+ Y-

> Bén kinh dudng tron ndi tiép AABC 14 r =

4. Ky nang gidi nhanh cdc bai toan cwc tri ham phan thirc.
Cong thue tinh nhanh dao ham
a b

(ax+b) _ c d‘ _ ad—-bc

>
l\cx+d/J (cx+d)*  (cx+d)?

!
(ax?+bx+c)  amx®+ 2anx + E)n —cm

> L—mx——i——n—J= ——mx)
a b

' X2+2 ! C;
(ax*+bx+c) la b a ¢
> 1 1 1 2 2 2 2 2 2
2 a 2 2
Lazx +bx+c2) (azx +b2x+cz)

X+

ax’+bx+c _ 2ax+b

Phuong trinh dudng thang qua 2 diém cuc tri cua d6 thi ham s y= ——— lay =
mxX+n m

C. KY NANG SU DUNG MAY TiNH
Vi du I: Tim dudng thang di qua hai diém cuc trj ciia do thi ham sé: y = x>+ 3x*— x + 2

Bam may tinh: MODE 2 (x 1)
X 43 -x+2-(3¢+6x-1) T+ 7 8 8 7
—— y=——X+—

—|—
3 3 3 3 3 3
Vi du 2: Tim dudng thang di qua hai diém cuc tri ( néu c6 ) ctia @6 thi ham sé:

y=X= 3+ m’x+m

Bim may tinh: MODE 2
%% —3%% 4+ m2X 4+ m — (3X2 Bx4m? )( X 1) x-i.m-at000 1003000 n 1999994 i

Ls ;J 3 3

1003000 1999994  1000000+3000 2000000—-6. m*+3m 2m’-6
. i —

Ta co: + = + i= +IX
3 3 3 3 3 3
2 2
Vay duong thang cantim: y = 2m -6 X+ m”+3m
3 3
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Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién v vé db thi ham so’

D. BAITAP TRAC NGHIEM

Céu 1.

Cau 2.

Cau 3.

Cau 4.

Caub.

Cau 6.

Céau7.

Chohamsd y=f(x) c6 dd thi nhu hinh v&

F s

¥y

- M

D6 thi hamsé y=f(x) c6 may diém cuc tri?
A. 2 B. 1 C.0. D. 3.
Choham s y=f(x) co bang bién thién:
X | —o0 2 4 +00
y’ + 0 — 0 +

y w/'o‘\_z/'

+00

Khang dinh nao sau day la ding?
A. Ham s dat cuc dai tai x=2. B. Ham s dat cuc dai tai x=3.
C. Ham s6 dat cuc dai tai x=4 . D. Ham sé dat cuc dai tai x=-2.

Cho ham sb y = x*— 3x*+ 2 . Khang dinh nao sau day la dung?
A. Ham sb dat cuc dai tai x =2 va dat cuc tiéu tai x=0.

B. Ham s6 dat cuc tiéu tai x =2 va dat cuc dai x=0.

C. Ham sb dat cuc dai tai x =—2 va cuc tiéutai x=0.

D. Ham s6 dat cuc dai tai x =0 va cuc tiéutai x=-2 .

Cho ham sb y = x*— 2x* + 3 . Khang dinh nao sau day la dung?
A. Ham s c6 ba diém cuc tri. B. Ham s6 chi c6 dang 2 diém cuc tri.
C. Ham sd khong c6 cuc tri. D. Ham s chi c¢6 ding mét diém cuc tri.

Biét d6 thi ham s6 y = x®— 3x +1 ¢6 hai diém cuc tri A, B . Khi d6 phuong trinh duong

thang AB la:
Ay=x-2. B.y=2x-1.
C.y=-2x+1. Dy=-—x+2.
. q , X+ 3x+3
Goi M, n lan luot 1a gia tri cyc dai, gia tri cuc ti€u cia ham s0 y = 12 Khi do6 gia tri
X +
ctia biéu thire M 2— 2n bang:
A. 8. B.7. C.9. D. 6.

Cho ham sb y = x*+17x% — 24x + 8 . Két luan nao sau ddy 1a dang?
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Chuyén deé 1. LTng dung dao ham dé’ xét tinh bién thién va vé do thi ham s6’

Céau 8.

Céau 9.

Cau 10.

Céau 11.

Céu 12.

Céau 13.

Cau 14.

Cau 15.

Céau 16.

Cau 17.

A x =1 _ BX C.x =-3. D.x =-12.
ci cfl 5 ch ch
Cho ham s6 y = 3x* - 6x? +1 . Két luan nao sau day 1a dung?
A. yCN:_Z' B. Yer = 1. C. yCN:_l' D. yCNZZ'
Trong cac ham s6 sau, ham sd ndo dat cuc dai tai x = 3_?
2
A_y:l_x4—X3+X2_3X_ B yzﬂl_xz+3x_2
2
2 x-1
C. y=+/4x"-12x - 8. D.y=——.
X+2

Trong cac ham sb sau, ham s ndo chi ¢ cuc dai ma khong co cuc tiéu?
A.y=-10x"-5x°+7. B.y=—-17+2X*+ x +5.

X—2 X+ X +1

Cy=—-— D.y=———

y X +1 y x-1

, 3X*+13x +19 v , ‘ ,
Choham so y= i3 Duong thang di qua hai diém cuc tri cua d6 thi ham so6 co
_l_

phuong trinh la:
A. 5x-2y+13=0. B.y=3x+13.
C. y=6x+13. D. 2x+4y-1=0.

Cho ham s6 y=+/X"—2x . Khang dinh nao sau ddy la dung
A. Ham s6 c6 hai diém cuec tri.
C. Ham sb dat cuc dai x=1 .

B. Ham s dat cuc tiéu tai x = 1.
D. Ham s khong ¢o cuc tri.

Cho ham sb y = x"— x*. Khang dinh nao sau ddy la dung
A. Ham sb c6 ding 1 diém cuec tri. B. Ham sb c6 ding 3 diém cuc trj .

C. Ham s6 c6 ding hai diém cuc tri. D. Ham s6 c6 ding 4 diém cuc tri.

Chohamsd y=f(x) c6daoham f'(x)=(x+1)(x—2)*(x—3)*(x+5)* . Hoi ham s
y =f (X) c6 miy diém cuc tri?
A. 2. B. 3.

C. 4. D. 5.

1
Choham sé y = (X*—2x)® . Khing dinh nao sau day la dung?
B. Ham s6 dat cuc daitai x=1.
D. Ham sb ¢ ding 2 diém cuc trj.

A. Ham sd dat cuc tiéu tai x=1.

C. Ham sd khong co diém cuec tri.

Choham sb y =—x*+ 3x’+ 6x . Ham s6 dat cyc tri tai hai diém x,, X,. Khi d6 gia tri cua
+ R /. 2 21.%

biéu thirc S = X°+ X" bang:

A. -10. B. -8.

C. 10. D. 8.

Choham so y=f(X) ¢6 dao ham trén R . Khing dinh nao sau ddy la dang?
A.  Néu dao ham d6i ddu khi x chay qua X, thi ham sé dat cuc tiéu tai X, .
B. Néu f '(X,) =0 thi ham s6 dat cuc tri tai Xo -

C. Néu ham sb dat cyc tri tai X, thi dao ham d6i d4u khi x chay qua X,.
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Chuyén deé 1. LTng dung dao ham dé’ xét tinh bién thién va vé do thi ham s6’

Céau 18.

Céau 19.

Cau 20.

Céau 21.

Céau 22.

D. Néu f'(x,) =f"' (x,) =0 thi ham s khong dat cuc tri tai X, .

Chohamsé y=f(x) xac dinh trén [a, b] vad X,thudc doan [a, b] . Khing dinh nao sau day la
khang dinh dung?

A. Hamsd y=f(x) datcyc tritaix, thi f'(x,)<0 hodc f'(x,)>0.

B. Hamsd y="f(x) datcyc tritai x,thi f'(x,)=0.

C. Hamsd y=1(x) dat cuc tri tai X,thi n6 khong c6 dao ham tai X,.

D. Néu ham sb dat cyc trj tai X, thi ham s6 khong c6 dao ham tai x,hodc f'(x,)=0.

Cho ham sé y = f (x) . Khang dinh nao sau day ladung?
A. Néuhamsd y=f(x) c6 gia tri cuc daila M, gia tri cuc tiéulamthi M >m.
B. Néuhamsd y=f(x) khong cd cuc tri thi phuong trinh f'(x,) =0 v6 nghiém.
C. Hamsbé y=f(x) c6 dung hai diém cyc tri thi ham s d6 1a ham béc ba.
D. Hamsé y=ax'+bx’+c véia=0 ludn co cuc tri.
Ham s bac ba c6 thé c6 bao nhiéu diém cuc tri?
A. 0 hodc 1 hoac 2. B. 1 hoac 2. C. 0 hoac 2. D. 0 hoac 1.
Cho ham s6 y =f (x) = [x*— 2x— 4| ¢6 dd thi nhu hinh vé:

2 4 6
Hamsé y=f(x) co mdy cuc tri?
A. 4. B. 1. C. 3. D. 2.
Chohamsé y=f(x) .Hamsd y=f'(X) c6 do thi nhu hinh vé:

-1

Khang dinh ndo sau day la khang dinh dang?
A. Do thihamsé y=f(x) cit truc hoanh tai ba diém phan biét.
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Chuyén deé 1. Uhg dung dao ham dé’ xét tinh bién thién va vé do thi ham s6’

B. P6 thi hamsé y=f(x) c6 hai diém cuc tri.
C. Dothihamsd y=f(x) co badiém cuc tri.

D. D6 thi ham s6 y=f () c6 mot diém c6 mot diém cyc tri.

Cau23. Chohamsd y=f(x) .Hamsb y=f'(x) co6 do thi nhu hinh v&:

-1

Khang dinh nao sau ddy la khiang dinh ding?

A. Hamsd y=f(x) datcucdaitai x=1.

B. P thi hamsé y=f(x) c¢6 mot diém cuc tiéu.
C. Hamsb y=f(x) dong bién trén (-0;1).

D. D6 thi ham s6 y=f (x) ¢6 hai diém cuc tri.

Cau 24. Chohamsd y=|x*—3x—2]| c6 do thi nhu hinh vé:

/]

-2 ~1 0 1 2 3

Khang dinh nao sau dy la khiang dinh dtng?

A. D6 thi ham s6 y = f(X) chi c6 diém cuc tiéu va khong co diém cuc dai.

B. Po thi hamsd y = f(X) c6 mot diém cuc tiéu va mot diém cuc dai.
C. P thi ham sb y= f(x) c6 bon diém cuc tri.

D. DPothihamsd y=f(x) co6 motdiém cuc dai va hai diém cuc tiéu.

Cau 25. Ham s6 nao sau day c6 dung hai diém cuc tri?
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Chuyén de 1. LTng dung dao ham dé’xét tinh bién thién va vé do thj ham s¢’

A.y:x+i. B.y=x>+3x*+7x - 2.
x+1
4 2 2
C.y=-X-2x"+3. D.y=x-——
X+1
Cau 26. Ham s6 nao sau day khong c6 cuc tri?
A y:2x+i. B,y:x3+3x2_ C.y:_x4+2X2+3_ D. y:ﬂ.
X +1 X—2

Cau 27. Trong cé4c khing dinh sau day, khang dinh ndo la khang dinh sai?
A. Do thi hamsb y=ax’ +bx* +cx+d, (a=0) ludn co cyc tri.

B. D6 thi ham s6 y = ax*+ bx?+ ¢, (a # 0) ludn c6 it nhat mot diém cuctri.

C. Himsé Y= ax+b , (@d — bc # 0) ludn khong c6 cuc tri.

cx+d
D. D6 thi ham sb y = ax®+ bx’+ cx + d, (a # 0) c6 nhiéu nhét hai diém cuctri.

Cau 28. Piém cyc tiéu ctia ham sd y = —x*+ 3x + 4 [&:

A x=-1. B.x=1. C.x=-3. D.x=3.
Cau 29. Ham s6 nao sau day dat cuc dai tai x =17

A. y=x"—5x"+5x-13. B.y=x"—4x + 3.

1
C. y=X=+. D. y=2Jx-x.
X
Cau 30. Ham s6 nao sau day c6 cuc tri?
2x -1
A.y=x+1. B.y=x'+3X+2. C.y=3x+4. D.y= :
3X+ 2

Cau 31. Do thi ham sdy = x*— 3x’+ 5 ¢6 bao nhiéu diém cuyc tiéu?

A. 1l B. 0. C. 2 D. 3.
Cau 32. Tim tt ca cac gia tri ctia tham sé m dé ham sb y=x>—mx’ +(2m-3)x—3 dat cuc dai tai

x=1.

A m=3. B. m>3. C. m<3. D. m<3.
Cau 33. D4 thi ham s y =2 1 26 bao nhicu diém cuc tri?

4x +7

A. 3. B. 1. C. 2 D. 0.

Cau 34. Db thi ham sdy = x*— 2x*+ X + 3 ¢6 toa d6 diém cyc tiéu la:
(1.85)
A. (3;1). B. (-1; -1). C.|=:=|. D. (1;3).
(3D) (1:-) 357 (19

Cau 35. Hamsby=x"'+2(m - 2)x*+ m?—2m + 3 ¢6 ding 1 diém cuc tri thi gi4 tri caa m I&;

A m2>2. B. m<2. C. m>2. D. m=2.

1

Cau 36. Cho ham s Y= -3 X°+ 4%~ 5x —17 . Goi hoanh d 2 diém cyec trj ctia d0 thi ham s0 13y .

Khi d6, tich s& x,x,cé gia trj 1a:
A. 5. B. -5. C.-4. D. 4.
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Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién v vé db thi ham so’

Céau 37.

Céau 38.

Cau 39.

Cau 40.

Céau 41.

Céau 42.

Cau 43.

Céau 44.

Cau 45.

Cau 46.

Céau 47.

Cau 48.

Cau 49.

Cho ham sb y = 3x* — 4x* + 2 . Khang dinh nao sau day ladlng:
A. Ham s khong c6 cuc tri.
B. Ham sb dat cuc tiéu taix =1.
C. Ham sd dat cuc daitai x=1.
D. Ham sb dat cuc tiéu tai x=0.
/4 7[ . ’ -7 . 9
Ham s6 y =asin2x+bcos3x—2x (0 <x < 27) dat cuc trj tai X :? x = 7. Khi do, gia tri cia
biéu thirc P =a+3b—3ab la:
A. 3. B. 1. C. 1 D. -3.
Ham sé y = —4x°— 6x*— 3x + 2 ¢6 may diém cuc tri?
C. 1 B. 2. C. 0. D. 3.

Ham s6 y = x*— 3x*+ mx — 2 dat cyc tiéu tai x =2 khi?
A. m>0. B. m=0. C. m=0. D. m<QO.

Db thi ham sd y = x*— 6x% + 9x —1 ¢6 toa do diém cuc daila:
A. (3;0). B. (1;3). C. (L;4). D. (3;1).

Cho ham sé y = (m-1)x® —3x* — (M +1)x+3m? —m+2. Dé ham s6 c6 cuc dai, cuc tiéu thi:
A m=1. B m=l C m>1 D. mtayy.

Khang dinh nao la ding trong cac khang dinh sau:

A. Hamsé y = ax’+bx*+ ¢ c6 thé co 2 diém cuc tri.

B. Ham s6 béc 3 ¢6 thé ¢ 3 cuec tri.

C. Hamsé y=ax*+bx*+ ¢ ludn c6 cuc tri.

D. Ham phan thtrc khong thé c6 cuc tri.

Gid tri cyc tiéu cia ham s y=x'—2x*+5 la:
A. 5. B. 4. C.0. D. 1.

P& thi himsé y=-33k+2 ¢6 bao nhiéu diém cuc dai?
A. 2. B. 0. C.1. D. 3.

Cho ham s6 y = —3x*+ 4x> — 2017 . Khing dinh nao sau day ladung?

A. Ham s6 ¢6 1 diém cuc dai va khong c6 diém cuc tiéu.

B. Ham s khong c6 cuc tri.

C. Ham s6 c6 1 diém cuc dai va 2 diém cuc tiéu .

D. Ham s6 ¢6 2 diém cuc dai va | diém cuc tiéu.

Ham sb nao sau ddy khong c6 cuc tri?

A y=x+3x. B.y=x"-x. C.y=x*-3x+2. D.y=x%

Cho ham s6 y = x*— 6x*+ 4x — 7 . Goi hoanh d6 2 diém cuyc tri ciia d6 thi ham s6 13 x,, X, . Khi
do, gia tri ciia tong X, + X, la:

A. 6. B. 4. C. 6. D. 4.

Hiéu sb giira gia tri cuc dai va gia tri cuc tiéu ctia ham s6 y = x* - 3x°+ 4 1&:

D. -4. B. -2. C. 2. A 4.
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Chuyén deé 1. LTng dung dao ham dé’ xét tinh bién thién va vé do thi ham s6’

Cau 50. Néu dd thi ham s6 y=ax’+ bx*+cx+d c6 2 diém cuec tri 1a gbc toa do va diém  A(-1;-1) thi

ham s6 c6 phuong trinh 1a:

A y=2x-3x%. B. y=-2x"-3%.

C. y=x+3x" +3x. D. y=x*-3x-1.
Cau 51. Ham sb nao dudi day co6 cuc tri?

A y=x"+1. B.y=x+x"+2x-1.

X+1
C.y=2x-1. D.y= .
y y 2x -1

Cau 52. Diéukién dé hamsé y=ax'+bx*+c¢ (a=0) co 3 diém cuec tri la:

A ab<0. B. ab>0. C. b=0. D. c=0.

1

Cau53. Cho ham sé Y =_X —2mx’+ (4m —1)x — 3. Ménh d nao sau day ding?
3

\ A , . . A . 1
A. Ham s0 ¢6 cuc dai, cuc tifu khim < _,
2

B. V&i moi m, ham s6 ludn c6 cuctri.

&, . .2 ) 1
C. Ham s0 ¢6 cuc dai, cuc ticu khim# _,
2

D. Ham soO ¢o cuc dai, cuc tiéu khi m > 1.

Cau54. Hamsoy=—x"+4x*+ 3 cO gia tri cuc dai la:

A. 2. B. 3. C. 0. D. 7.
Cau 55. Trong cac ham s dudi ddy, ham s6 nao c6 ding 2 cuc tri?
Ay =x"+3+2. B.y=x"—5x+7.
2x° -1
C.y= D.y=2017x°+ 2016x".

3X
Cau 56. Diém cuec tri cua dd thi ham sb y = V1+4x —x* ¢6 toa do la:
A. (L2). B. (0;1). C. (2;3). D.(3;4).
Cau 57. Biét dd thi ham sd y=x—2xX"+ax+b co diém cuc tri 1a A(L;3). Khi d6 giatri cia4a—b la:
Al B. 2. C.3. D. 4.
Cau 58. Cho hamsd y=x-3x"-2.Goi a, b 1an luot 1a gia tri cuc dai va gia tri cuc tiéu ctia ham sb
d6. Gia trj cua 2a’+ b 1a:
A. -8. B. -2. C. 2. D. 4.
Cau 59. Choham sd y=x"—5x"+3 dat cuc tri tai X, X,, X5. Khi d0, gia tri cuatich x, X, X, la:
A 0. B. 5. C. L D. 3.
Cau 60. Ham sby = x*— 3x +1 dat cuc dai tai diém:
A x=2. B. x=1. C. x=0. D. x=-1.
Cau 61. Tim gia tri cuc dai Y, cla ham s6 y=—x*+2x*-5
A. —4. B. -5. C. -2. D. -6.
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Chuyén deé 1. LTng dung dao ham dé’ xét tinh bién thién va vé do thi ham s6’

1 A 2 .
Cau62. Hamsé Y =_X —2x*+ 4x —1 c6 bao nhiéu diém cuc trj ?
3

A. 1l B. 0. C.2. D. 3.
Cau 63. Cho ham sb y= x*— 3x’+ 2 . Khang dinh nao sau day ding
A. Ham sb ¢6 cuc dai, cuc tiéu . B. Ham s6 khong ¢o cuc tri.
C. Ham s6 ¢6 cuc dai , khong cé cuc tiéu. D. Ham s ¢6 cuc tiéu khong c6 cuc dai.

Cau 64. Chohamsd y=f(x) c6 bang bién thién nhu sau

X -0 X X X, +00
y -+ 0o - +
y

Khi d6 ham sb da cho co :

A. Mot diém cuc dai, mot diém cuc tiéu.
B. Mot diém cuc dai , hai diém cuc tiéu.

C. 1 diém cyc dai, khong co diém cuec ticu.
D. 2 diém cuc dai, 1 diém cuc tiéu.

Cau 65. Tim tat ca cac gid trj thyc cua m dé hamsd y =mx*— (m+ 1) x*+ 2m -1 ¢6 3 diém cuc trj ?

[m<-1
: B. m<-1. C.-1<m<0. D.m>-1.
Lm>0
Cau 66. Tim tat ca cc gid trj thyc cua m dé hamsd  y=x*— 2x*+ (m + 3) x 1 khong c6 cuc tri?
A.mz-?. B.m>—E. C.mZ—E. D.ms-?.
3 3 3 3

. . \ . 1., ) .
Cau 67. Tim tat ca cac gia tri thuc ctia tham s6 m dé ham so y= EX — mX*+ (m + 1) x —1 dat cuc dai

taix=-2"7?
A. 1. B. Khong tdntai m. C. 2. D.3.
Cau 68. Chohamsd y=f(x) lien tuc trén R ¢ bang bién thién .
X | —o0 1 3 400
yl _ 0 + O J—
+o0 1
- 3 —0
Trong cic khang dinh sau, khang dinh nao 13 ding?
A. Ham sb nghich bién trénkhoang (1;3). B. Ham sb dat cuc tiéu tai x=3.
. . 1 .
C. Ham s0 co gia tri cuc ti€u la _g- D. Ham s0 khong ¢6 cuc tri.

: L . . . m s 2 A s )
Cau 69. Tim tat ca cac gia tri thyc ciia tham so m d€ hamso Y = EX +2X°+ mX +1 ¢6 2 diém cyc tri

thda man X, < Xcr-
A. m<2. B.-2<m<0. C.-2<mx<?2. D.O<m<?2.
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Chuyén deé 1. LTng dung dao ham dé’ xét tinh bién thién va vé do thi ham s6’

Cau 70.

Céu 71.

Cau 72.

Céau 73.

Céau 74.

Cau 75.

Cau 76.

Cau 77.

Céau 78.

. A, o s s, . , £ 21 X — 3 2 ;
Tim tat ca cac gia tri thuc cta tham s6 m dé ham so: Y—EX +Mmx +(m+6)x+m cO cuc

dai va cuc ti€u .

A 2<m<3. g M<2 c |m=2 D.-2<m<3.
[m>3 [m >3
Tim tit cac gia tri thuc ctia tham sé m dé ham sby = (m+2) x*+3x* + mx—6c6 2 cuc trj ?
A. me(-3;1)\{-2}. B.m e(-3;1).
C. me(—o;-3)u(L+x0). D.me[-3:1].

/ , 9 / 1 3 2 3
Tim tat cac gid tri thuc ctia tham s6 m dé ham so yzgx +(M+3)X" +4(M+3)x+m*—m ga¢

cuc tri tai X;, X, thoa man —1 < x, < X,.

7 [m<-3
A. — <m<-2. B. -3<m«<1l. C. .

D. - ! <m<-3.
2 Lm >1 2
S AL 2 e , £ X1 A 1 2_ 2 2
Tim tat ca cac gia tri thyc cia tham so0 mdé hamso Y= EX +(M—m+2)x"+ (3m +1)X dat
cu:c”;}lég ?i X=-2. [m=-3
A. . .

B. m=3. C. m=1. D.
Lmzl [m:—l

~ s ./ . ” A R S A 1 1 . .
Tim cac gid tri cua tham so m dé ham s6:  y= gmx3 —(M-1)x*+3(m-2)x+ 5 dat cuc tri tai

Xy, X, thoa man X, + 2x,= 1.

[ 2
m=
A 1- /6 <m<1+ /6. B.l 7.
WA WA |
[m=2
\/—\
D.m=2.

C.m E|[1—l/2§;1+_26_J\{0}.

Tim cac gia trj cua tham s m dé %ﬁm s6 y=mx*+(m (—)l) x?+m chi c6 ding mot cuc tri.
m < m <
A.0<m<1.. B. . C. D.0O<m<1.

|Lm21 Lmzl

Tim céc gié tri cia tham s6 m dé ham s6 y = mx* +(m2 —4dm+ 3)X2 +2m—1 c6 ba diém cuc tri.

A.m e (-x;0). B. me(0;1)u(3;+x).
C. me(—=;0)u(1;3). D.m e (1;3).
Tim céc gia tri ciia tham s6 m dé dothi ham s6:  y=x'—2m’xX*+1 c¢6 ba diém cyc tri 1 ba

dinh cua mgt tam giac vudng can.

A. m=-1. B. m=0. C. m=1. D. m=+1.

Tim céc gia tri ciia tham s m dé do thi ham s6: y = x* — 2(m+1)x* +m? c6 ba diém cuc tri 1a
ba dinh cua mdt tam giac vubng can.
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Chuyén deé 1. LTng dung dao ham dé’ xét tinh bién thién va vé do thi ham s6’

Cau 79.

Cau 80.

Cau 81.

Cau 82.

Cau 83.

Céau 84.

CAu 85.

CAau 86.

Céau 87.

~ A . |_m =0
A.Khongton taim. B. m=0. C. . D.m=-1.
[m =-1

Tim cac gi4 tri ciia tham s6 m dé do thi ham s6:  y =x*—2mx*+ 2m + m* ¢4 ba diém cuc tri 1a
ba dinh ctia mot tam giéc déu.

m=0

A.Khéng ton taim. B, | ) C.m=33. D. m=++/3.
[m =33

Khoéng cach giira 2 diém cuec trj ciia @6 thi hamsé y=x*—3x la:

A. 45, B. 2. C.2+5 . D. 4

Chohamsd Y= l_x4 —2x% + 3 ¢6 dd thi 1a (C) . Dién tich tam giac co cac dinh 1a cac diém cuc
4
trj ctia do thi (C) Ia:
A. m=8. B. m=16. C.m=32. D.m=4.
N J4 . e, z F P z _1 3 2 2 1 3 c6 .
Tim tat ca cac gia tri cia tham s6 m d€ hamso Y = gx — MX” + (2m —1)x — 3 ¢6 cye tri.
A. m=1. B. Vvim . C. m<1l D.m2>1.

Tim tat ca cac gia tri thuc cta tham s6 m dé ham séy = mx* +(m2 —9)x2 +10 ¢6 3 diém cuc

tri.
[0<m<3 D|’0<m<3
_ < . .
A.|Lm<_3 : B. m<-3. C.0<m<3. m<-3
. L . , . 4 2. 3 .
Tim tat ca cac gia tri thuc cua tham s6 m dé ham so y=(m+1)x*—mx +E chi ¢6 cuc tiéu

ma khong c6 cuc dai.
A m<-1. B.-1<m<0. C m>1. D.-1<m<0.

Tim tAt ca céc gia tri thyc cua tham s6 m dé ham sb y = x> — 3mx*+ (M — 1)x + 2 ¢6 cuc dai, cuc
tiéu va cac diém cuc tri cua do thi ham sb c6 hoanh do duong.
A.0<m<1. B.m>1. C. m2>0. D. m>1.

Tim tt ca cac gid tri thuc ctia tham sb m dé d6 thi ciia ham sé y = — x*+ 3mx +1 ¢6 2 diém cuc
trj A, B sao cho tam giac OAB vuong tai O ( véi O 1a gbc toa do ).

Am=>. B.m=—"_. C m-1 D m=1.
2

2 2

Tim tit ca cac gid tri ctia tham s6 m dé d6 thi ham s6  y=x3—3(m + 1)x; Jﬂ 12mx - 3m + 4 (C) c6

hai diém cuc tri 1a A va B sao cho hai diém nay cing v6i diém C ‘ﬂ; - lap thanh tam giéc
2
\ )
nhan géc toa d§ O lam trong tam.
1 1
Am=_. B.m=-2. C. m=2. D.m=-_.
2 2
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Chuyén deé 1. LTng dung dao ham dé’ xét tinh bién thién va vé do thi ham s6’

Cau 88.

Cau 89.

Céau 90.

Céau 91.

Céau 92.

Cau 93.

Céu 94.

Céau 95.

Cau 96.

R Y T T ) ,(X)\~‘/\_23 222 2 .
Tim tat ca cac gia tri thyc cua tham s6 m dé do thi ham s6 Y—EX -mx°—2(3m° -1 X+§ co

hai diém cuc tri c6 hoanh d¢ x,, x,sao cho XXo+2 (Xa+Xx2) =1.
2 2

A m=0. Bm=—-_. C m=_. Dm=-
3 3

1

E.

Goi X;, X;1a hai diém cyc trj cia ham s6 y = x*—3mx? +3(m? ~1)x—m®+m . Tim tét cé céc
gia tri ctia tham s6 thuc m dé : X% # X2 5 X X5 7

A. m=£+2. B. m=%2. C. m=0. D.m=+1.

Choham s6 y= (m —1) x* —3mx%+5 . Tim tat ca cac gia tri cua tham s6 thue m dé ham sé ¢6
cuc dai ma khong co6 cuc tiéu

A. me(—0;0]u[L+0). B.m €[0;1].

C.m e(O;l). D. me(—oo;O)u(1;+oo).

Cho ham s y =x* —2(1— mz)x2 +m+1 . Tim tat ca cc gié tri caa tham sb thuc m dé ham sb

c6 cuc dai, cuc ti€u va cac dieém cuyc tri cua do thi ham s6 1ap thanh tam gidc c6 dién tich 16n
nhat .

1
A m=-_. B m=_. C. m=0. D. m=1.
2 2

Tim céc gia tri ctia tham sé m dé o thi ham s6 y=2x°+ 3(m - 3) x® +11- 3m c6 hai diém cuc
tri. Pong thoi hai diém cyc tri d6 va diémC (0; —1) thang hang .
A m=4 B. m=1. C.m=-3. D. m=2.

Tim tat ca cac gia tri ctia tham s6 thuc m dé duong théng qua 2 diém cuc trj cua dd thi ham sé:
y=x"—3mx+2 cat duong tron tim 1(1;1) ban kinh bing 1 tai 2 diém A, B ma dién tich tam
gi4c 1AB 16n nhét .

A. mzlif. B. mzliﬁ.
2 2

C. mzlif. D. mzliﬁ.
2 2

Tim tt ca cac gid tri thuc cua tham sé m dé dd thi ham sb y=2x° —3(m +1) X% +6mx cO hai
diém cyc tri A, B sao cho duong thang AB vudng goc v6i duong thing: y=Xx+2.

m=-3 m=-2 m=0 m=0
A. ] . B. | . C. ! . D. ) ,
Lmzz {mzs Lmzz Lm:—B
Chohamsd y=x>-6x*+3(m+2) x—m—6. Tim tat ca cac gia trj thuc cia m dé ham s6 ¢6
diém 2 cyc tri va gia tri 2 cyc tri cung du .

A.__23<m<2. B.__15<m<2. C.__21<m<2. D.__17<m<2.

4 4 4 4

Cho ham s6 y = 2x*— 9x® +12x + m . Gia sir @ thi ham s ¢6 hai diém cuec trj 13 A, B ddng thoi
A, B cung véi gbc toa dd O khong thang hang. Khi d6 chu vi AOAB nho nhat bang bao nhiéu ?
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Chuyén deé 1. LTng dung dao ham dé’ xét tinh bién thién va vé do thi ham s6’

Cau 97.

Cau 98.

Céau 99.

Céau 100.

Céau 101.

Céau 102.

Céau 103.

Céau 104.

A 10-+2. B. 10 ++/2. C. /20 -+/10. D. V3+42.

Cho ham s6 y=x"'-2mx’+ m -1 . Tim tat ca cac gia tri ciia tham s6 thuc m dé dd thi hamsd

¢ ba diém cuc tri tao thanh 1 tam giac nhan géc toa d§ O lam truc tam .
A. m=4. B. m=2. C. m=3. D.m=1.

Tinh theo m khoang cach gitra diém cuc dai va diém cuc tiéu ( néu cO) cua dd thi ham

£ 1
sO:y==x—mx*—x+m+1.

B.4

3
A é\/(m2+1)(4m4+5m2+9). 5\/ (2m?+1)(4m* +8m? +13). C.

g \/(m2+1)(4m4+8m2+13). D. \/(4m2 +4)(4m* +8m? +10).

Tim cé4c gia tri cta tham som dé do thi ham sé:  y =2x®+3(m-1)x* +6m(1-2m)x c6 diém

cuc dai va diém cuc tiéu nam trén duong thang co phlfon%- triH]h: y=—4x(d P :
A.me{l}. B.me{O;l}. C.me D.me

0; ;1. -~
2 2
Tim céc gié tri ctia tham s m dé do thi ham s6:  y =X+ mx*+ 7x + 3 c6 duong thang di qua

diém cuc dai va diém cyc tiéu vuong goc véi duong thang co phuong trinh : y = 3x (d).

m=0
A.m=+ /E B{ ) C. m=2. D. m=i,/ﬂ-
2 m=1 2

Tim céc gid tri cta tham s6 m dé d6 thi ham s6: = —x*+3x* +3(m’ ~1)x—3m* -1 ¢4 diém

cuc dai va diém cuc tiéu cung voi géc toa do tao thanh tam gidc vudng tai O.
[m=- (6.~

J6° C.|m:_2. D. m=+1.
2

A m=1. B.
{mzil

Tim céc gia tri ctia tham s6 m dé do thi ham s6:  y=x*—3xX*—mx + 2 ¢6 diém cyc dai va diém

cuc tiéu cach déu duong thang c6 phuong trinh: y =x -1 (d).

[m=0 9
A .m=0. B-| 9. C. m=2. D m=—_.
2
Tim cac gia tri ctia tham s6 m dé do thi ham sé: y=x'—2mx’+ m-1 c6 ba diém cyc trj .
Pdng thoi ba diém cuc tri d6 1a ba dinh cia mot tam gidc co ban kinh dudng tron ngoai tiép
bang 1.
m=1 m=1
A [ B [ C. m=% -1 g
. _ . : _ . =T - D m=1
[ i )
2 L 2
Tim céc gia tri ciia tham s6 m dé @6 thi ham so: y=x'-2m’x’+m*+1 coba diém cuec tri .

DPdng thoi ba diém cuc tri d6 cung véi gbe O tao thanh 1 tir gidc ndi tiép.
A.m=+1, B. m=1. C. Khongton taim. D.m=-1.
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Chuyén deé 1. LTng dung dao ham dé’ xét tinh bién thién va vé do thi ham s6’

Céau 105.

Céau 106.

Céu 107.

Céau 108.

Céau 109.

Céau 110.

Cau 111.

Céu 112.

Céu 113.

Tim céc gia tri ciia tham s m dé do thi ham s6:  y=x*—8m?x’+1 ¢6 ba diém cuc tri . Dong
thoi ba diém cuc tri d6 1a ba dinh cua mot tam giac c6 dién tich bé“mg 64.
A.Khongtdn taim. B.m=32. C.m=-%2. D.m=+32.

Tim cac gia tri cua tham s6 m dé do thi ham sb: y=x"- 2mx’+ m ¢6 ba diém cuec tri . Déng
thoi ba diém cuec tri d6 13 ba dinh ctia mot tam giac c6 ban kinh dudng tron ni tiép 16m hon 1.
A m<-1 B. m>2.

C. me(—0;-1)u(2;+x). D. Khong ton tai m.

Tim céc gia tri ciia tham s6 m dé do thi ham s: y =x*— (3m-1)x*+2m +1 c6 ba diém cuc trj.
Pong thoi ba diém cuec tri d6 cung voi diém D (7;3) noi tiép dugc mot dudng tron.

A m=3. B. m=1.
C.m=-1. D. Khdng ton tai m.

Tim céc gia tri ciia tham s6 m dé do thi ham sb: y=-x'+ 2mx®— 4m +1 ¢6 ba diém cuc trj .

DPong thoi ba diém cyc tri (?0 cfnig v6i gbe toa do tao thanh 1 hinh thoi.

m=
: |2 _ _
A. Khong tén tai m. j " C.m=-1 D.m=1
242
M=

Tim tat ca céc gia tri thyc cua tham s6 m dé ham s6 y=—x+3x*+ 3(m2 —1)X -3m?-1 ¢o
cuc dai, cuc tiéu va cac diém cuc trj ctia dd thi ham sb cach déu géc toadd O.

1 1
A m=+_. B m=_. C.m=-1. D.m=+1.

2 2
Tim tat ca cac gia tri thuc cta tham s m dé d thi ham sb y =x*=3mx’+ 3m® c6 hai diém
cuc tri A va B sao cho tam giac OAB c6 dién tich bang 48.
A m=2 hoaicm=0.B.m=2. C.m=-2 D.m=+2.

Choham s y=x*-2(m+1)x*+m (C) . Tim tit ca cc gia trj thyc cia tham s6 m dé do thi
ham s6 (C) ¢6 ba diém cyc tri A, B, C sao cho OA = BC ; trong d6 O 1a gdc toa do, A 1a
diém cyc tri thudc truc tung, B va C 1a hai diém cuyc tri con lai.

Am=2+28. Bm=2+2¢ ~ Cm=2-2¢  D.m=+L

Tim tit ca cac gia tri thuc cia tham sé m dé d6 thi ham s6 y= x3— 3mx?+ 4m>c6 cac diém

cuc dai va cuc tiéu ddi ximg nhau qua dudng thang (d ) 1y =x.

V2 B. m=—Y*

A m=—. N .

e 2
C.m=0hoécm=7- D. m:i%_

Tim tit ca cac gia tri thuc ciia tham sé m @& ham s6  y = x*— 3mx’+ 3(M*—1)x — m*+ m ¢b cuc
tri déng thoi khoang cach tur diém cuc dai caa do thi ham sb dén géc toa do O béng J2 1an
khoang céch tir diém cuc tiéu ctia dd thi ham s6 dén géc toa dd O.

A.m=-3-2J2 hodc m=-1. B. m = -3+ 2+/2 hodc m =—1.
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Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién v vé db thi ham so’

C.m=-3+22hoic m=-3-2/2. D.m=-3+2-¥.

Cau 114. Tim tAt ca c4c gid tri thuc cua tham sb m dé dd thi hams6  y =x'—2m°x*+1 (C) c6 ba diém
cuc tri la ba dinh ciia mdt tam gidc vudng can.
A m=4=l1. B. m=1hoacm=0.
C. m=-1hoac m=0. D.m=-1.

Cau 115. Tim tat ca cac gia tri thuc cua tham sé m dé dd thi ham s6 y = mx*— 3mx?+ 3m — 3 ¢6 hai diém
cuc tri A, B sao cho 2AB*— (OA?+ OB?) = 20 ( Trong d6 O 1a gbc toa do).
A. m=-1. B.m=1.

C. m=-1hoac mz—i. D. m=1h02_“1cm=—z.

11 11

Cau 116. Cho ham s6 y =x*—3x*(C) .Tim tit ca cac gia tri thuc tham sé m dé duong thang di qua 2

. . , . 4
diém cuc tri ctia d6 thi (C) tao v4i duong thaing A:X+my+3=0 mdt goc o biet COSa= E

< 2 5 2
A.m=2 hodicm=—_ B.m=-2 hoic m=—__

1 11
2

C.m=2 hoacm=—- D.m=2.
11

Cau 117. Tim tt ca cac gia tri thuc cta tham sb m dé d6 thi ham s y=x*-4 (m-1) x2+2m-1¢63

diém cuec tri tao thanh 3 dinh ctia mot tam giac déu.
3 3
A m=0. B. m=1. C.m:1+£. D.mzl—ﬁ.
2 2
Cau 118. Tim tt ca cac gia trj thuc ctia tham s6 m dé diém M (2m®; m) tao v6i hai diém cuc dai, cuc tiéu
ctia d6 thi ham s y=2x*—3@2m+1)x* +6m(m+1)x+1 (C) mot tam giac c6 dién tich nho
nhéat.
A m=2. B. m=0. C. m=1 D.m=-1.
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Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién v vé db thi ham so’

E. PAP AN VA HUONG DAN GIAIl BAI TAP TRAC NGHIEM

| - PAP AN 1.2
516|789 |10|11|12(13|14|15|16 (1718|1920
BIA|C|D|C|A|C|D|C|D|D|C

2112212324 |25|26|27|28|29|30|31|32|33|34|35|36|37|38|39|40
cC B|/DIA|IDIAJ(A|D|B|C|B|D|B|]A|A|B|C|C]|C

41 |42 |43 |44 |45 |46 | 47 |48 | 49 |50 | 51|52 |53 |54 | 55 |56 | 57 | 58 | 59 | 60
B, ¢c/B|c|byb)bbB|]A|]A|]C/ DI B|/AJ]A|C|A|D

6162 |63|64|65|66|67|68|69|70|71|72|73|74|75|76|77|78|79 |80
BIA|IA|JA|C|A|C|D/ B|]A|D|B|B|C|C|D|B|C|C

8182|8384 |85(86|87|88|89[90|91|92|93|94|95|96 |97 98|99 |100
A|lA|A|B|/D|D|D|C|B|B|C|A|B|C|D|B|D|C|A|A

101|102 | 103 | 104 | 105 | 106 | 107 | 108 | 109 | 110 | 111 | 112| 113 | 114| 115|116 | 117 | 118
DIA|\B|A/D/ B|A|B|A|D|C|D|C|A|/D/ A|C|B

Il —-HUONG DAN GIAI

>
o8]

Cau 1. Chon A.
Cau 2. Chon A.
Céau 3. Chon B.

[x=0
y'=3_6x=0c
[x =2
Lap bang bién thién ta duge ham sd dat cuc daitai x =2 va dat cuc tiéu tai x =0
Cau4. ChonA.
[x =0

x=1
| x=-1
y(0)=3; y(1)=Yy(-1)=2 nén ham sd c6 hai cyc tri.
Cau5. ChonC.

y'=4C-4x=0<

[x=1

| x=-1
= A(1;-1),B(-1;3) = Phuong trinh AB:y=-2x+1
Phuwong phap tric nghi¢m:
B4m may tinh:
Buée 1 : BAm Mode 2 (CMPLX)

Buée 2 : X —3X +1—(3x2 _3)(2)

2
y'=3x -3=0&

Bude 3 : CALC x =i
Két qua : 1- 2i = phuong trinh AB: y = 1-2x
Cau 6. Chon B.

XX+ 4x + 3
V= (X + 2)?
X+ 4x +3 . [x=-3
'—0o— =0
y (x+2) | x=-1
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Chuyén deé 1. LTng dung dao ham dé’ xét tinh bién thién va vé do thi ham s6’

Cau7.

Céau 8.

Céau 9.

Céu 10.

Céau 11.

Ham s6 dat cuc dai tai x=-3va Yep=—3
Ham s6 dat cuc tiéu tai Xx=-1va Yy=1
=M?*-2n=7

Phwong phap tric nghiém:

Bim may tinh:

(X*+3x +3
d(%}

Bude 1: (100+2)" —>1004003 =1000° + 4000 + 3 = X + 4% +3

dx

x=1000
. X+ 4Ax+3
Y= (X+2)°
[x=-1>A

Buére 2: Giai phuong trinh bac hai : X' +4x+3 &
Lx =-3->B

Budce 3: Nhap vao may tinh M
X+ 2
Caclx=A—>C
Cacl x=B—>D
Buéc 4: TinhC*-2D =7
Chon D.
[x=-12

2
-
3

Lap bang bién thién ta thdy ham sb dat cuc daitai x =—12 .
Chon B.

y':3x2+34x—24:0<:>|

[X:O
y'=12x-12x=0< | x=-1
{x:l
Ham s6 dat cuc dai tai x=0va Yoo=1.

Chon B.

Hamsdy= /X" +3x—2 cOy'= ] _§X+3 vay ' d6i dau tir "+ " sang "— " khi x chay
20—X"+3x-2

3 r
qua > nén ham so6 dat cuc dai tai X :E :

y' 3):0 3
\2) :
thi ham so dat cuc dai tai — .
y'(37<0 2
\2)

Dung casio kiém tra:

Chon A.

Hamsé y=-10x'-5x*+7c¢c6 y'=-40x*-10x=0<=x=0va y"(0)=-10<0 nén ham sb
dat cuc daitai x=0.

Chon C.
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Chuyén dé 1. LTng dung dao ham dé’xét tinh bién thién va vé do thi ham sé’

Céau 12.

Cau 13.

Cau 14.

Céau 15.

Cau 16.

Cau 17.

N
3% +18X + 20 | x:¥

y'= =0 ol = Phuong trinh duong thang di qua hai diém cyc trj
(x+3) 921
R
ctia d6 thi ham sd 12 y = 6x +13.
Phuwong phap tric nghié¢m:
f(x) f'(x)
9(x) (%)

Vay phuong trinh duong thang di qua hai diém cyec trj ctia do thi ham sé 1a

Tai diém cuec tri ctia d6 thi ham s6 phan thurc , ta co:

(3x2 +13x +19)’

y= ' <Yy =06x+13
(x+3)

Chon D.
TXD: D = (—o0; 0] U [2; +0) .
y':X—_]':0<:>x=1(I)_

VX = 2x
y ' khong doi dau trén cac khoang xac dinh nén ham s6 khong co cuc tri.
Chon C.

[x=0
y'=7x° -5x* =X4(7X2—5)=0<:>| :

|X:i\/§

| 7

o R A . 5 s S A s . « R .
y ' chi d6i dau khi x chay qua i\/; nén ham so c6 hai diém cuc tri.

Chon A.

f'(x) ddi dau khi X chay qua —1 va 3 nén ham sb c¢6 2 diém cuec tri.
Chon C.

TXD D = (—o0; 0) U (2; +00)

1 _2
y':§(><2—2><) 3(2x - 2)

y ' khong do6i dau trén cac khoang xac dinh nén ham so khong co cuec tri.

Chon D.
D=R
y'=-3x"+6x+6

Phuong trinh y'=0 ludn c6 hai nghiém phanbiét X, x,va y'ddi ddu khi X chay qua  x,, X,
nén ham sé dat cuc tri tai X, X, .

2
S=x*+x"=(X +x ) —2xx =8
1 2 1 2 1 2

Phwong phap tric nghiém:

, [x =1+ J3—A
Budrc 1: Giai phuong trinh bac hai : —3X*+ 6X + 6 < |
|x=1-v3 5B

Buwdce 2: Tinh A+ B*=8

Chon C.
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Cau 18. Chen D.
Cau 19. Chen D!
Cau 20. Chon C.

Cau 21.
Cau 22.
Cau 23.
Cau 24.

Cau 25.

Céu 26.

Cau 27.
Céau 28.

Céau 29.

Cau 30.

Ham s bac ba: y = ax®+ bx?+ cx + d, (a # 0) c6 TXD: D= R

y'=3ax’+2bx +c

A'=b*-3ac

Néu A'<0thi y ' khong ddi ddu trén R nén ham sb khong c6 cuc tri.

Néu A'> 0 thi phuongtrinh y'=0 ludn c6 hai nghiém phan biét x,, x,va y'd6i dau khi x

chay qua x,,X, nénham sb dat cyc tri tai x,, X, .

Ham s y:x+L cOTXD: D=R\ {-1}
X+1
1 [ x=0
2 =0<:>|
(x+l)

y ' d6i ddu khi X chay qua —2 va 0 nén ham sb da cho c6 hai diém cuc tri.

y'=1-

| x=-2

Ham 6 y =21 6 TXB: D= R\ {2}
X-2
3

T (x-2)?

<0,V¥x e D nén ham s6 khong co cuc tri

y

TXbD=R
[x=1

|_| x=-1
y ' d6i ddu tir "— " sang "+ " khi x chay qua —1 nén ham sé dat cuc tiéu tai x=—1 .

Ham s6 y:Zﬁ—xcéTXD D =[0; +©)

j y'(1)=0 ,
1 nén ham so dat cuc dai tai x=1.

V' W=-5<0

+ A. Ham s6 triung phwong luén luén ¢6 cuc tri.
+B.y=x+1

2
y'=-3 +3=0«<

Tach: y'=3%=y'>0VxeR.

Do d6, ham s6 ludn dong bién trén &. Ham s6 nay khong c6 cuc tri.

+ Pbi voi phuong an C va D, ddy 1a ham sb bac nhit va phan thirc hitu ti bac nhat/bac nhat. Pay
1a 2 ham s6 luén don diéu trén ting khoang xac dinh cua ching, do d6 2 ham sé nay khong co
cuc tri.
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Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién va vé do thi ham s6'

Céau 31.

Cau 32.

Cau 33.

Céau 34.

Céu 35.

Cau 36.

Cau 37.

Cau 38.

Cau 39.

Cau 40.

+ Day la ham ) trung phuong c6 ab =-3 <0 nén ham $6 nay c6 3 diém cuc tri. Mat khac, ¢o
a=1> 0nén ham sd c6 2 diém cuc tiéu va 1 diém cuc dai.

(y'(1)=3.12-2m.1+2m-3=0

+ Pé ham sb dat cuc dai x =1 thi{ &Sm>3

ly"(1)=6.1-2m <0
+ Ham phan thtc hitu ti bic nhat/ bic nhat luén don diéu trén cac khoang xac dinh cua chung,
do d6 ham nay khong co cuc tri.

+Taco y'=3x—4x+1.

[x=1
y':0<:>3x2—4x+1:0<:>| 1
X=—
3

Ham sb dat cuc tiéu tai x=1= Yor=3

+ Ham tring phuong c6 1 diém cyc trikhi ab>0<=m-2>0<m>2.

+Tacoy'=—x+8x—5.
X,, X, 1a hai nghiém cta phuong trinh: y'=0 < —x*+8x-5=0.
Khi do, theo dinh 1y Viet, ta c6: X;X,=5
+Tacoy'=12x"-12x"= 12x* (x -1) .
« ) [x=0

ety =0 12x(x-1)=0<

y (x-1) L| c=1

Lap bang bién thién, ta théy ham sb dat cuc tiéu tai x=1.

TXb:D=R
+Tacd:y'=2acos2x—3bsin3x—2.

r 7T .
Ham so dat cuc tri tai X= >’ X=7 nén ta c6 hé phuong trinh:

fyﬂ (a=1
4 '(2_)=—2a+3b—2=0<:><|

ly'(7)=2a-2=0 b=3
Do d6, gia tri cta biéu thirc P =a + 3b — 3ab = 1.

+ Pay la ham s6 bac 3 c6 b*— 3ac = 6°— 3.3.4 =0 . Do d6, ham sd ludn don diéu trén R .
Ham s nay khong ¢ cuc tri.

22| THBTN
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Cau 41.

Céau 42.

Cau 43.

Cau 44.

Cau 45.

Cau 46.

Cau 47.

Cau 48.

y'=3x-6x+m

y"=6x—-06

Ham sb dat cuc tiéu tai x =2 khi:
Jy'(Z):3.22—6.2+m:0
ly"(2)=6.2-6>0

&m=0

Chon B.
y'=3x’-12x+9.

2 [x=1
y'=0< 3x -12x+9=0<|

| x=3
Ham s6 dat cuc dai tai x =1 = VYop=3.
Chon B.
, 7 (b?~3ac>0 [9+3(M-1)(m+1)>0
+ Ham s0 ¢6 cuc dai, cuc tiéu khi ] = osmzl
La;to m-1=«0

Chon C.

+ A . Ham sd tring phuong ludn c6 cuc tri do dao ham ctia né 1a mot da thirc bac 3
ludén c6 nghiém thyc. Nén dap an nay ding.

+ B. Ham sb bac 3 ¢6 toi da 2 cuc tri. Nén dap an nay sai.

+ C. Ham s6 trung phuong chi c¢6 thé c6 1 hodc 3 diém cuc tri. Nén dap an nay sai.
+ D. Pap an nay sai.

Chon B.

y'=4x— 4x = 4x(X*-1)

, [x=0
y'=0=4(X -1)=0 < |
[ x=%1
Ham sb dat cuc tiéu tai x =+1 va Yor =4.

Chon C.

2 . . .
+Taco: y'= -~ D¢ dang nhan thay x =0 ladiém tdi han cua ham so, va y'doi dau khi di

K
qua x=0.Nén x=0 1a cuc tri cia ham sd. Hon nira, ta c6 ham s dong bién trén (—oo; 0) va
nghich bién trén (0; +0) . Dodé, x =0 1a cuc dai ctia ham sd.
Chon D.
+ Pay 14 ham s6 tring phuong ¢6 ab =—3.4 <0 nén ham s6 nay c6 3 diém cyc tri. Hon nita,
ham s6 ¢6 a = -3 < 0 nén ham s6 ¢6 2 diém cuc dai va 1 diém cuc tiéu.
Chon D.
+A.COy'=3x">0Vx € R. Do d6, ham sb nay luén ddng bién trén R . Hay n6i cach khac,
ham s nay khong ¢ cuc tri.
+ B. Pay 1a ham s6 bac 3 c6 b*—3ac=3>0. Do do, ham sb nay c6 2 cuc tri.
+ C. Ham s6 trung phuong ludn c6 cuc tri.
+ D. Pay la ham s6 bac 3 co b’—3ac=9> 0. Do d6, ham sb nay c6 2 cyec tri.
Chon D.
y'=3x"-12x + 4.
y'=0&3x-12x+4=0.

X1, X, la hai nghiém cua phuong trinh y'=0.
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Cau 49.

Cau 50.

Céau 51.

Cau 52.

Cau 53.

Cau 54.

Cau 55.

Khi do, theo dinh 1y Viet, ta c6: X;+Xx,=4.

Chon A.
y'=3x"-6x=3x(x-2)

[ x=0
y':0<:>3x(x—2)=0©|_| o
Yoo —Yer =Y(0) —y(2)=4.
Chon B.

y'=3ax’+2bx + ¢
+ D0 thi ham s6 ¢ diém cyec tri 1a géc toa do, ta co:
y'(0)=0
&c=d=0
y(0)=0
+ D4 thi ham s6 c6 diém cuc tri 1a A(-1; —1) , ta c6:
y'(-1)=0 {3a—2b =0 {a =2
& &
ly(-1)=-1 b-a=-1 b=-3
Vay ham s6 1a: y = —2x3— 3%%.
Chon A.
+ A. Ham s trung phuong ludn ¢6 cyc tri.
+ B. Day la ham s6 bac 3 ¢6 b*—3ac=-5<0. Do d6, ham s6 nay khong cd cuc tri.
+ C. Ham s6 bac nhat don diéu trén R . Do d6, ham s6 nay cling khong c6 cuc tri.
+D. Ham s phan thure hitu ty bac nhét/bac nhat ludn don diéu trén cac khoang xéc dinh cua
no.
Do d6, ham s nay khong co cuc tri.
Chon A.

C s . . , b N n 4.
+ Nhu ta d biét, diéu kién dé ham s tring phuong ¢6 3 diém cyc tri 1 —2_> 0. O day laico,
a

a # 0 nén diéu kién tro thanh ab < 0.
Chon C.
Ham s6 bac 3 ¢6 cuc dai, cuc tiéu thi b’°— 3ac > 0 < 4m’— (4m —1) > 0
& (2m-1)°>0<m ;tl_.
2
Chon D.

y'=—4x>+ 8x = —4x(X’ - 2)

, [ x=0
y'=0c -4x(x —2)=0<|

[ x=4/2
Ham sb dat cuc dai tai x = 2 =Yp=7.
Chon B.
+ A. Pay 1a ham s6 bac 3 ¢6 b*— 3ac =25 >0 . Do d6, ham s ¢6 2 cuc tri.

+B. Hamsé y = x*+3x*+ 2 ¢6 1 cyc tri.
2x*+1 ’ ‘ ’
3z 0Vx € R\ {0}. Do d6, ham s0 nay dong bién trén ting khoang xac dinh

+C.Co y'=

ctia n6. Ham s6 nay khong c6 cuc tri.
+D.C6 y'=2017.6x°+ 2016.4x°. Xét y'=0<x=0.Do d6 ham sé nay co ding 1 cuc tri.
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Cau 56.

Cau 57.

Cau 58.

Céau 59.

Cau 60.

Céau 61.

Cau 62.

Cau 63.

Cau 64.
Cau 65.

Taco y'=

Tacoy'=3x-4x+a

2 -2

V1+4x —x* '

y'=0ex=1=y1)=2

D6 thi ham s ¢ diém cuc tri 1a A(1;3) , ta c6:

y'(l)=-1+a=0 a=1

=
ly)=-1+a+b=3 [b=3
Khi d6 taco,4a—b=1.

y'=3x*-6x
[ x=0
I=O
y C>L'x:Z

Taco:a=y(0)=-2b=y(2)=-6=2a’+h=2.

+ Ham s6 trang phuong ludn dat cyc tri tai X =0 . Dodo: X, X,X;=0.

[Phwong phap tu luin]
) [x=1
'= —o=0 <
y'=3x"-3=0 ||_ <1

Lap bang bién thién = Ham sd dat cuc dai tai x = -1

[Phwong phap tu luin]
) [ x=0
= — = =
y 4 +4x=0 <| 41

Lap bang bién thién . Suyra: y.,=—4

[Phwong phap ty luin]
y'=x° —4x+4:(x—2)2 >0,VxeR

Ham s6 khong c6 cuc tri

[Phwong phap tw luin]

y'=3x"-6x=0 QL .Véyhélmsécé2cuctri.

X=2

[Phuwong phap tw lugn]: y'=4mx’—~2 (m +1)x=0

[x=0

o 2x(2mx2 —m—l): 0
[2mx2=m+1

Ham s6 ¢6 3 diém cyc tri <> m (m+1) > 0

[m<-1

<:>Lm>0
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Cau 66.

Céau 67.

Cau 68.
Cau 69.

Céau 70.

Céu 71.

Céu 72.

[Phwong phap tric nghiém] : D6 thi ham s6 y =ax*+ bx*+ ¢ ¢6 3 cuyc tri khi va chi khi a va

b trai ddu , tirc 1a : ab < 0
Suyra:m(m+1)>0 -
<:[m>0

Chon C.
[Phwong phap tu luin]
y'=3x—-4x+m+3

Ha‘lmsékh(‘)ngcécuctri@A'y'£0<:>4—3(m+3)£O<:>m2§5

Chon A.

[Phwong phap tu luin]

y'=x"—2mx+m+1

y"=2x-2m

Ham s6 dat cuc dai tai X = -2 khi
{y"((Z =0 o 4+45n+m+1 0 [m=-

4-2m< = < m=-1.
| m> -2
Chon C.
Chon D.
[Phwong phap ty luin]
y'=mx’+4x+m
JA >0 [4-m?*>0
ycbt < S o0<m<?2
(m>0 m>0
Chon B.
Yy =X +2mX+m+6
Ham s6 c6 cuc dai va cuc tiéu <> Y’ =0 ¢6 hai nghiém phén biét.
, [m<-2
Sm-m-6>0
Lm >3
Chon A.
=3(m +2)x*+6x +m
Ham s6 ¢6 2 cuc tri < Y =0 ¢6 hai nghiém phan biét.
(ma=-2 (m=-2
= S oSme(-3;1)\ -2
<Lm2+2m—3<0 L—3<m<1 € (B2}
Chon D.

y'=x*+2(m+3)x+4(m+3)

Yéu ciu ciia bai toan <y’ =0 ¢6 hai nghiém phan biét X,, X, thoa mén:

-1 <X < X,.
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[m<-3
H ) 4(m+3)>0  [(m+3)(m-1)>0 bﬂ>% ,
<:>1 x2+1 )>0 <:><1xlxz+(x1+x2)+1>0<:>{|m>—_c>—_<m<—3
X+X >-2 2 2
r 2 1 2 m< —2

L
Céau 73. Chon B.
Y =X+ 2(m° = m + 2)Xx + 3m*+1
y =2X+2(m*—m+ 2)

Ham s6 dat cuc tiéu tai x = —2 khi:

{y'(-2)=0 < {-m?+4m-3=0
"(-2)>0 m>—m>0 <m=3

L L
Céau 74. Chon B.
y'=mx? —2(m-1)x+3(m-2)

8u ciu cla bai todn <y = 5 hai nghiém phan biét Xx,;X, thoa man: x,+ 2x,=1.
Yéu ca bai t "=0 c0 hai nghi¢m phan biét X;; X, théa man: x,+ 2x,=1

m=0 (m;to
mi—(i —3mm-2>0 |1—7§<m<1+ |—6 <m<1l+
: B Y <"
( ) ( ) 2 2 2 2
3(m-2 3m-4 3m-—4
S AX X = X, = %, =
m m m
X + X :2 m-1 X:Z_—m X:Z_—m
1 2 m 2 m 2 m
X+ 2% =1 lJ”XX _3(m-2 (3m—4N(2—rTlﬂ_3(m—2)
127 m m T m
(\ AN )
m=2
“lm=2
3

Cau 75. Chon C.
Truong hop 1: m=0
Ta c6 ham s6: y = —x?, ham sb nay c6 1 cuc tri. VAy m = 0 théa mén.
Truong hop 2: m#0
y' =4mx°+2 (m-1) x
Ham s6 c6 dung 1 cuc tri < m=2 >0
m m <0

m>1

; ‘ Am<o0
Két hop TH1 va TH2, ta co: [ thoa man.
m =1

Céau 76. Cheon C.
y'=4mx’ + 2(m2 —4m +3)x
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[m;tO m =0
Ham s6 ¢6 3 cuc tri <:>{| m2— 4m +3 <0<:> tm e(—o;0)u(L3) & me (—o0; 0)u (1;3)
L m

Céau 77. Chon D.
y = 4x° - 4m’ X
y'=0 <:>4x(x2 —mz):O
Ham s6 ¢6 3 diém cuc tri <> m =0
Khi d6 3 diém cuc trj cia d thi ham sé la: A (0;1), B (m;1-m*), C (-m;1-m")
Do tinh chat ddi xtng, ta c6 AABC can tai dinh A .

) . . m=0
Vay AABC chi c6 thé vudng can taidinh A< ABAC=0& -m+m’=0< L o
m=+

Két hop diéu kién ta c6: m = +1 ( thoa man).
3
Luew ¥: ¢6 thé sir dung cong thic §_+ 1=0.
a
Céu 78. Chon B.
y =4C-4(m+1)x
y=0s 4x(x2 —m—1): 0
Ham s6 ¢6 diém 3 cuc tri < m > -1
Khi d6 3 diém cuc tri ctia dd thi ham s 1a :
A(0:m?), B(-Vm+1;-2m-1),C(Vm +1; -2m -1)
Do tinh chét ddi xung, ta c6 AABC can tai dinh A .

Vay AABC chi c6 thé vudng céan tai dinh A < AB.AC =0

m=20
< -(Mm+1) + (-m°—2m -1)*= 0 < m*+ 4m*+ 6m*+ 3m =O<:[r
m=-1

Két hop diéu kién ta c6: m = 0 ( théa man).
Luu y: Co thé 1am theo cach khac:
+) Cach 1: Goi M la trung diém cua BC, tim toa do diém M, AABC vudng tai dinh A thi
2AM =BC..
+) Céch 2: Sir dung dinh 1y Pitago BC = AB’+ AC ?

+) Céch 3: cos (BA, BC )z cos 45°

3
+) Hodc str dung cong thirc g— +1=0
a

Cau 79. Chon C.
y' = 4x°— 4mx
y'=O<:>4x(x2—m):0

Ham sb ¢6 3 cuc tri < m >0
Khi d6 3 diém cuc tri ctia dd thi ham s 1a :

A(O;m4+2m), B(—\/H; m4—m2+2m), C(\/a; m*—m’+ 2m)

Do tinh chét ddi xung, ta c6 AABC can tai dinh A .
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Cau 80.

Cau 81.

Céau 82.

Céau 83.

Céau 84.

[m=0
Vay AABC déu chi can AB=BC < m+ m’=4m <
m =233

Két hop didu kién ta co: m=3/3 ( théa man).
(-2m)’

+3=0eom’=3om= 33

LA b?
Luu y: ¢6 thé sir dung cong thire o~ +3=0 < 5
a

Chon C.
Taco:y=x>-3x
Céc diém cyc tri: A(1;—2);B(-1;2). Néntaco AB=25.
Chon A.
1

Tace: Y=_X'-2¢+3
4

Céc diém cyc tri: A(-2; —1); B(0;3);C(2; -1) .
Céc diém cuc tri tao thanh tam giac can tai B. H (0; —1) la trung diém cua AC .

Nén S ZEBH AC = 1_.4.4 =8.

mec >
Chon A.

Taco:y'=x>—2mx+2m-1

Ham s6 ¢6 cuc tri < Yy’ = 0 ¢6 2 nghiém phan biét < A'=m’-2m+1>0<m=1.
Chon A.

Dé ham s ¢o ba cuyc tri thi trudc hét ham s6 phal 1a ham s6 tring phuong te m =0 .
, m-9

Taco:y'=4mx +2(m 9)x = 4mx(x +——)

2
m°—9

Ham s6 ¢6 3 cuec tri khi va chi khi : y'cd 3 nghiém phan biét < om <0

) 0<m<3
= m(m —9)<O = :
m<-3
U U , . [0<m<3
Vay céac gia tri can tim clam 1a : .
[m<—3
Chon B.

Ta xét hai truong hop sau day:
TH1:m+1=0< m=-1.Khido >/=><2+E = ham s6 chi ¢ cuc tiéu (x = 0) ma khong c6

cuc dai = m =—1 théa méan yéu cau bai toan.
TH2: m+1#0 < m=#—1. Khi d6 ham s6 da cho lﬁ ham sé trung phuong ta c6 :

y'=4(m +1)x —2mx=4(m+1)x| x Lgm_-l-_'l_)
|
Ham sb chi ¢o cuc tiéu ma khong ¢o6 cuc dai < Yy ' c6 dung mdt nghiém va d6i diu tir Am sang
4(m +1) >0
duong khi X di qua nghiém nay < ‘Im 0 ® -1<m<0.
2(m+1)

Két hop nhirng gid tri m tim duoc, ta cd -1 <m<0.
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Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién v vé db thi ham so’

Cau 85. Chon D.
Tacoy'=3x—6mx+m-—1.
Ham s6 c6 cuc dai, cuc tiéu khi va chi khi PT y’ = 0 ¢6 hai nghiém phan biét

Diéu nay twong dwong A ' =9m’—3(m —1) > 0 < 3m?’—m + 1 > 0 (ding véi moi m).

J2m>o
s . = {5>0
Hai diém cuyc tri ¢6 hoanh d¢ duong P>0e'm-1L.gem>1

M3
Vay cac gia tri can imciamlam> 1.
Céu 86. Chon D.
Tacoy'=-3x"+3m
y':0<:>X2—m=0(*)
D6 thi ham s6 (1) ¢6 2 diém cuc tri <> PT (*) c6 2 nghiém phén biét < m > 0 (**)
Khi d6 2 diém cye tri A(~vm;1- 2w ), B (VmiL+ 2meh )
-/ = = 3 l
Tam gi4c OAB vudng taiO «> OA.OB= 0= 4m+m-1=0<m :E ( thoéa man).
Vaym= 1_
2
Céu 87. Chon D.
Taco y'=3x*—6(m+ 1)x + 12m . Ham s6 c6 hai cuc tri <> y' = 0 ¢6 hai nghiém phén biét
< (M-1)%>0 < m=1(*). Khi d6 hai diém cuc tri [a A(2;9m), B(2m; —4m® + 12m? — 3m + 4) .
[ 2+2m-1=0

—4m3+ 12m? + 6m+4—g:0
2

1
AABC nhan O lam trong tim <> { Sm=-— E(thoé ().

Céau 88. Chon C.
Taco:y'=2x° —2mx—2(3m2 —1): 2(x2 —mx—3m? +1),
g (X) =x"—mx—3m’+ 1 1a tam thirc bic hai c6 A = 13m*— 4 . Do d6 ham s6 c6 hai diém cyc
tri khi va chi khi y' c6 hai nghiém phan biét < g (x) co6 hai nghiém phan bi¢t
. 2is
SA>0e ‘ 13

203

{m<—
13
(X, + X,=m

X, X,1a cac nghiém ctia g (x) nén theo dinh Iy Vi-ét, ta co 1

m=0

Dodoxx +2(x +x) =1 —3m+2m+l=1c —3m2+2m:0c>|| 5.
12 1 2 m:_

3

L. e , e 2N “ A 4 ) 2
Do6i chicu voi dicu kién (1), ta thay chi m =_ thga mén yéu cau bai toan.

Céau 89. Chon B.
[Phwong phap tu luin]
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Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién v vé db thi ham so’

Céau 90.

Céau 91.

y'=3x —6mx+3(m2 —1)

Ham s6 ludn ludn cf i ¥Gi moi
: u0f1 qon CB(lcgg(ztr:l Zﬁxll mo1 m
Theo dinh li Viet :

[ Xy X, =m ‘1

X+X= XY, =7 < (2m)’ -3(m* -1)=7 < m=+2

) , , [x=m+1
Cach 2:y’=0 < x —2mx+(m —1):0<:>
[x: m-1
X4+ XK, =7 (m+1) +(m=1)" —(m-1)(m+1)=7
Sm=+2.
Chon B.
[Phwong phap ty luin]

y'=4(m-1)x*-6mx=0 (*)

TH1:Néum=1, (*)tro thanh: y'=—6x=0 hayx=0,y"=-6<0
Vay m=1 ham s6 dat cuc dai tai x=0

TH2 :Néum=1

[ x=0
SR
L™ 2(m)
\ I PN p . |(m_1<0
Ham s6 ¢6 cuc dai ma ko ¢ cuc tiéu < 3m =0<m<1

_D< 0
7
Két hop 2 truong hop 1 me[0;1]

Chon C.
[Phwong phap tu luin]

y'=4x - 4(1— m’ )x
[x=0

y'=0 <:ﬂxzzl—mz
Ham 6 ¢6 cyc dai , cyc tiéu khi va chi khi :|m|< 1
Toa d6 diém cuc tri A (0;m+1)

B(\](KZ;—m4 +2m? + m)

C(—\/l—?;—m4 +2m’ + m)
BC = (—2%—? 0)
Phuong trinh dudng thaing BC: y+m‘—2m°-m=0
d (A, BC) =m*-2m?+1 , BC =g1-m?

1
:SAABCZEBC'd[A’ BC]zm(m4—2m2+l)=mgl

Vay S dat gia tri 1on nhit <m=0.

31| THBTN



Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién v vé db thi ham so’

[Phwong phap tric nghiém)|
AB = (\1— m?;-m* + 2m? —1)
AC = Q—Vl—in_zi—m“ +2m? —1)

KhidoS="", P
) AB Aq =4J1-m (m —2m +1):1/(1—m2)5 <1
Vay S dat gia tri 16n nhat < m=0.
Céau 92. Chon A.
[Phwong phap tw luan]
y'=6x*+6(m-3)x
[x=0
y'=0<|
| X= 3-m
Ham s6 ¢6 2 cuc tri <& m # 3
Khi @6 d6 thi ham s6 da cho ¢6 2 diém cyc trj A (0;11- 3m)

B (3-m; m*- 9m*+ 24m -16)
AB :(3—m,(3—m)3).

Phuong trinh dt AB : (3—m)’ x+y—11+3m=0

A, B, C thang hang < C < AB

Hay:-1-11+3m=0&m=4.

[Phwong phap tric nghiém]

Bude 1 : Bim Mode 2 (CMPLX)

vy (6x* +6(y—3)x)(12x+6(y-3))

Buéc2: Y—— =2 +3(y—3)x +11-3y -
18a 36

Buéce 3 : Cacl x=1i,y=1000
Két qua : —2989 — 994009i . Hay : y =—2989 —994009x

Tir d6 : —2989 =—-3m+11 , —994009 = —(m—3)’

Vay phuong trinh dt qua 2 diém cyc tri AB 14 : (3- m)2 X+y-11+3m=0
A,B,C thang hang < C € AB
Hay :-1-11+3m=0&m=4.

Céau 93. Chon B.

[Phwong phap tu luin]
y'=3x"-3m
[ x= m .
y'=0s| . Ham s6 ¢ 2 cuc tri khi vachikhi: m>0

Khi d6 toa do 2 diém cuc tri ctia dd thi ham s6 1&; M (\/ﬁ —2m+/m 4 2)

N (=/m;2mym 2):% = (-%/m; amvn )

Phuong trinh dt MN : 2mx+y—-2=0
( Hoc sinh c6 thé dung cach lay y chia choy")
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Chuyén deé 1. LTng dung dao ham dé’ xét tinh bién thién va vé do thi ham s6’

Taco: S, _Liaesinae=tsnam<?
w2 2 2
P . -~ 2m —
Déu bing xay ra khi AIB=90° =d vN]=Y2 2T 1 pogey®
2 Jamw+1 V2 2

[Phwong phap tric nghiém]
Buée 1 : BAm Mode 2 (CMPLX)

yLy" (6x2 —3y)(12x)
Buéc2: Y- =2x° —3yx+2—

18a 18

Buwére 3 : Cacl x=i,y=1000

Két qua : 2 — 2000i . Hay : y= 2 — 2000x

T do : —2000 = —2m

Vay phuong trinh dt qua 2 diém cyc tri A, Bla: y=2-2mx hay 2mx+y—-2=0

Giai nhu tu luan ra két qua .
Céau 94. Chon C.

[Phwong phap tu luin]

Tacd:y=6x*—6(m+1)x+6m

[x=1

y'=0<| c—mm
Diéu kién dé ham s6 ¢6 2 diém cuc tri la: m=1
Tacé: A(1;3m-1) B (m;-m’+3m’)

Hé sb goc dt AB 1a k=—(m—15

i [m=0
bt AB vudng goc vo1 duong thang y=x+2 khivachikhik=-1 < L

[Phwong phap tric nghiém]
Buéc 1 : BAm Mode 2 (CMPLX)

Buéc 2 : y—y'_y"= 2x° =3(y+1)x* +6yx— (6X2 —6(y+1)X+6y)(12x—6(y +1))
18a 36
Buéce 3 : Cacl x=i,y=1000

Két qua : 1001000 — 9980001.i . Hay : y = 1001000 — 9980001.x

Véy phuong trinh dt qua 2 diém cuc tri AB 13 y=m?—m—(m —1)2 X

, m=0
C6 dt AB vuong goc v6i duong thing y=x+2 khi vachi khi < (m-1)'=1 QL .

Céau 95. Chon D.
[Phwong phap tu luin]
y'=3x"-12x + 3(m+2)

y'=0ecy'=x*-4x+(m+2)=0

Ham s6 ¢6 2 diém cuc tri X, X, < A'>0<m<2
Chiay choy’ tadugc: y= %y '(x=2)+ (m-2)(2x+1)

Diém cyc tri tvong img : A(x;(m—2)(2x +1)) va B(x,;(m-2)(2x,+1))
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Chuyén deé 1. LTng dung dao ham dé’ xét tinh bién thién va vé do thi ham s6’

Cau 96.

Céau 97.

Co: y.y=(m—2)2(4xx+2(x+x)+1)
1 2 1 2
{X1+X2—4 nén: y,y :(m— 2)2(4m +17)

XX =m+2
LlZ
[ 17
m> "
Hai cyc tri cing ddu < v,.y, >0 < (m—2)2 (4m+17)>0 J 4
tm # 2
Kétho’pdk:—E<m<2.
4
Chon B.
[Phwong phap tw luan]

Tach:y'=6x"—18x + 12

[x=1=y(1)=5+m
y=0s]
|| x=2=Yy(2)=4+m

A(L;5+m) vaB(2;4+m)la hai diém cuc trj ctia do thi ham sé.
OA=(15+m),0B=(2;4+m),AB=(1-1)

OAB la 1 tam giac < —4 m#=2<< m=-—6

N

Chu vi cita AOAB I \/1+ m+5) \/4+ (m+4) +

Str dung tinh chat || | | | |V01 . (£-5-m) (2;4+m)

u+v = u+v u=

Tudotaco: \/1+ m+5 \/4+ m+4) +\/§>«/32 +\/_ V10 +4/2

-5-m
4+m

Dau bang xay ra khi va chi khi u, v cung huéng

Viy chu Vi AOAB nho nhat bang (\/ﬁ + \/’Z) khim=— _3 .
Chon D.

[Phwong phap ty luin]

y'=4x’— 4mx

[x=0
y'=0c| .Ham s6 c6 3 diém cuctri<<m >0

[é=m

Khi d6 d6 thi ham sb ¢6 3 diém cuc trj 1a:
A(0;m-1)

B (\/E m’+m —1)
C (—\/H; m’+ m —1)

Vi B,C ddi xtg nhau qua tryc tung nén BC L OA
Do d6 O 1a tryc tam tam giac ABC << OB L AC hay OB AC =0

Vé6i OB = («/H,mﬁm—l),A_C-:(—\/ﬁ mz)
Tu do : —m+m2(m2+m—1)=0
m=0

14

1
=—eom=-—.
2 3
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=
[m =1

35|THBTN



Chuyén deé 1. LTng dung dao ham dé’ xét tinh bién thién va vé do thi ham s6’

Cau 98.

Cau 99.

Vay m=1lagtct .

Chon C.
[Phuwong phap tric nghiém]
Cach 1:
y =x*—2mx -1
A'=m?+1>0Vm, suy ra ham sb ¢6 2 cuc tri ¥Ym .Goi X,, X, 12 hai nghiém cuapt y' =0
am may tinh: _
xXX—mx2—x+m+1- (x2 —2mx —1)( X _M)_scimepcton , 2003 _ 2000002 [
3 Ls 3 J 3 3
2m +3 2m*+2
—[IX
3 3
.y _ - o ( 2m+3 2m*+2 ) [ 2m+3 2m?+2 )
Hai diém cuyc tri cua do6 thi ham so la: Ak - X | Bl X, 3 X,
I )

3
AB? =(x —x)2+4(m2+1)2(x —x ) =(x —x 2Tl+4( )

2 1 5 2 1 2 \ 5 )l
2\ (4m? +4)(4m* + 8m’ +13) ,
= (4m’ +4)| L+ (m +1)J - = A8=2 [(m+1)(am*+8m+13)

4e +16e .. bz_ 3ac
Cach 2: Swr dung céng thirc AB=|———— véie= %
m*+1
4e + 16€° _
SAB—@/ \/ )(4m* +8m?+13) -

Chon A.
[Phwong phap tric nghiém]
y'=6x°+6 (m-1) x+ 6m (1- 2m)

Ham s6 co6 2 cuctrim# _
3

Bim may tinh: (x m-1)
25 +3(M=1)x* +6m(1—2m) x— (6x* + 6(m—1) x-+ 6m(1—2m))' = ¥

G
1997001000 8994001 = (2.10° - 3.10° +10°)-(9.10° - 6.10° +1}i =

x=i,m=A=1000

= —(9m2 —6m +1)x +2m° —3m° +m
Puong thang di qua 2 diém cyc tri la: y= —(9m2 —6m +1)X +2m*®—3m° +m (A)

[~(9m* —6m+1)=—4
A=d < o m=1.
2m*-3m*+m=0

Céau 100. Chon Al

[Phwong phap tric nghiém]
y =3+ 2mx + 7

Ham sb ¢6 2 cuc tri lfn 1> \/ﬁ

B4m may tinh:
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Chuyén dé 1. Ung dung dao ham 48 xét tinh bién thién v vé db thi ham so’

X2 +mx>+7x+3- (3x2 +2mX + 7)( X, \—>X=i'm=A=1°°° _ 0973 _ 1999958 i =

3 9
6 2
7000-27 (210°-42)  (2m’-42) .

B R U S

9 7 (2m? —42)  7Tm-27
Puong thang di qua 2 diém cuc tri la; y = —K 9 JX + 9 (A)

9 9

(2m*—42) . 45 5
ALd@—LTJB:—lcm =2 om=t ~ ( thoa man).

Cau 101. Chon D.
[Phwong phap tric nghiém]
y'=-3x"+ 6x+3(m2 —1)
Ham s6 c6 2 cuc trim=0 , goi Xy, X, 1a hai nghiém cua phuong trinh y' =0

Bim may tinh:

X +3x% +3(m? ~1)x~3m? ~1-(~3x" + 6x+3(m’ —1))([(3 l%j—“”"_’*_m
~2000002 +2000000i = —(2.10° +2)+2.10°i = 2m*x —2m* -2

Hai diém cuec tri cua do thi ham s 1 A(X ;2m?x —2m’ —2); B(X ;2m*x
1 1 2

—2m*-2)

2
AOAB vuong tai O < OA.OB=0
XX, +(2m°x, - 2m? - 2)(2m?x, — 2m*~ 2) = 0

& xx +4m*xx —4m? (m® +1)(x +x )+4(m2+1)2 =0
12 12 1 2

& (1-m?)(1+4m*)+4(m* +1)(1+m’ - 2m*)=0
& (1-m?)(4m* +4m* +5)=0 = m=+1.
Céu 102. Chon A
[Phwong phap trac nghiém]
y =3x°—6x—m
Ham s6 ¢6 2 cuc tri m > -3, goi X, X, 1a hai nghiém ctia phuwong trinh y' =0, ta co:
X+ X, =2
Bam may tinh:

x> —3x" —mx+2— (3x2 —6Xx— m)(é— %\l—uivm“m

994 2006, 1000-6 2000+6._ 2m+6 _m-6

3 3 3 3 3 3
Hai diém cuyc tri ciia d0 thi ham s6 la: (A x2M%6 m—6\|_ B|(X ._2m+6, _m- 6|\
1 3 1 3 2 (o] o
\ y
Goi | 1a trung diém cia  AB = | (1;-m)
Puong thang di qua hai diém cuc trj [a: y=— 2m3+ 6 x— 1 ; 6 (a)
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Chuyén deé 1. LTng dung dao ham dé’ xét tinh bién thién va vé do thi ham s6’

Yéu cu bai todn < | 3 o

|led | |

|-m=1-1 Im=0

Két hop véi diéu kienthim=0 .
Cau 103. Chon B.

, x=0
Taco: Yy =4x3—4mx=4x(x2—m):0<:>|_[

X2=m

Ham s6 da cho c6 ba diém cyc tri khi m>0 (*)
Khi d6 ba diém cuc trj cua do thi ham sb 1a:

A(0;m- 1) B(~Vm;-mt+m-1),C(~m;-m*+ m-1)

[AlldorA=d (_2m+6:1 m=-—
<

9
2

S = y y. X|TC |_m\/_,AB AC= /m"+m,BC= 2\/_

AABC

AB.AC.BC m* +m)2 fm=1
_ =1©( ) \/a=1<:>m3—2m+1=0<:>|| =
4S5 4m? M_ m:iﬁ
L 2
m
Két hop diéu kién (*) ta co ’ B \/_
L 2
[Phuwong phap tric nghiém]
) b°-8a (-2mY’ -8 [m =1
Ap dung cong thirc: R = Sl= osm+l=2me 1+ 3_
8lalb 8(-2m) =
L 2
{m =1
Két hop diéu kién (*) ta c¢ :
ét hop diéu kién (*) ta co Lm=\/§_l
2

Céau 104. Chon Al
y =y =4x— 4m°x
Ham s6 ¢6 3 diém cuc tri khi m =0
Khi d6 3 diém cyc trj 1 A (0; m*+ 1), B (-m;1), C (m;1)

Goi I 1a tam duong tron ngoai tiép( néu cb) cua tir giac ABOC . Do tinh chat dbi ximg , ta co:
A, O, | thang hang = AO 1a duong kinh ctia dudng tron ngoai tiép( néu co) clia tir giac

ABOC .

II
I+ o

m
Viy AB L OB< AB.OB=0<m*-m‘=0 @L

Két hop diéu kién m = +1 ( thoa mén).
Cé&u 105. Chon D

[Phwong phap tric nghiém]

Ham s6 ¢6 3 diém cuc tri khi m 0
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Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién v vé db thi ham so’

, b? / b ,
Ap dung cong thurc S = — |——, taco:
p dung g AABC 4|a| oa

b? b 64m* [8m?
S = — [——=64= <:>m=4_r\7§ thoa man).
AABC 4|a|\/ 2a 4\ 2 ( )

Céau 106. Chon B.
[Phwong phap tu luin]
Ham s6 c6 3 diém cyc tri khi m> 0

Ba diém cuc tri 12 A(0;m), B(—\/E;m—mz),c(\/a; m — mz)
Goi | Ia trung diém ctia BC = 1 (0; m —m?)

= SALBC =N’

Chu vi cia AABC la: 2p=AB+BC+AC :2(\/m + mﬂ_%)

SAAB

. X S m?
Bén kinh duong tron ndi ti€p AABC la: | _ assc_ il

p Jm+m* +4m
m\Z/rTT >l mZWr( W—\/ﬁ)

m+m* +/m m

Theo baira: r>1< >1(vim>0)

m<-1
@\/ﬁ(‘/m+m“—\/ﬁ)>m2 o Jm+m’ >m2+m<:>m2—m—2>0<:>[
m>2
So sanh diéu kién suy ram > 2 thoa man.
[Phwong phap tric nghié¢m]
b? 4m? m?

Str dung cong thuce r = =r =

4[a|+ 1ba’ - 2ap’ 446 +16m°* 1+ m°
m? m’ (\/l—i- m’ _1)
Theobaira: r>1le ——>1< . >l 1+m® —1>m

1+ 4+ m’ m
\/1+m3>m+1<:><:>\/1+m3>m+1<:>m2—m—2>0<:1 ,
m >

So sanh diéu kién suy ram > 2 thoa man.
Céu 107. Chon Al
[Phwong phap tric nghiém]

Ham sb ¢6 3 diém cuc tri khi M >§

Ap dung cong thirc: » L (2 A AN

Phuong trinh duong tron ngoai tiep AABC la: X' +y - — ) (2 _ =0
|B 14?&+c ly+c| b 215|

\ )\ )

Thay vao ta c6 phuong trinh:

., [ —27TmP+ 75mP—m—-15)  —54m*+ 75m°+ 41— 27m —11
X+Y-| k44.(311149—— Jy+ 4(3m-1) =0(T)
D (7;3)e (T ) = 27m"— 78m°+ 92m*- 336m + 99 =0

Str dung chtre nang SOLVE , tim ra nghiém duy nhit théa manlam=3.
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Cau 108. Chon B.
[Phwong phap tu luin]
Ham s6 ¢6 3 diém cuc tri khi m >0

Ba diém cye tri 1 A(0;1-4m),B(—Vm; m2—4m+1),c(x/ﬁ; me - 4m +1)
T gidc OBAC di c6 OB = OC, AB = AC . Vay tir giac OBAC 14 hinh thoi chi can thém diéu
kién
2 2 4 2 2 4
OB:AC<:>m+(m —4m+1) =m+m <:>(m —4m+1) -m' =0

< sz —4m+1-m?)(m* -4m+1+m*)=0 < (1-4m)(2m* - 4m+1)

1
m=
4
& ( thoa man).
m = 2+./2
L 2

Cau 109. CHonAl
Taco:y'=-3x? +6x+3(m2 —1): —3(x2 —2Xx—-m? +1).
g (x) =x*— 2x — m*+1 la tam thirc bac hai c6 A'=m’. Do d6: y c6 cuc dai cuc ticu <y

c6 hai nghiém phan bi¢t < g (x) c6 hai nghi¢m phén biét<> A'>0< m=0.
1)

Khi d6 y'cé cac nghiém la: 1+ m = toa do cac diém cyc trj ciia do thi ham sé 1a
A(1-m; -2 -2m*) vaB (1+m; -2+ 2m°).
Taco: OA(1-m;—2-2m*) = OA” =(1-m)’ +4(1+m?)".

OB(1+m;—2+2m°) = OB = (1+m) +4(1-m*)".
A va B cach déu géc toa do khi va chi khi :
OA=O0B & OA?=0B? < (1-m) +4(1+m*) =(1+m) +4(1-m*)

& —4m +16m°=0 o | 1.

A < A re 3 A A A ” 1

Céau 110. Chon D!
y'=3x*—6mx = 3x (x — 2m)

[x=0
y'=0< { X=2m
D6 thi ham s6 ¢6 hai diém cuec tri khi va chikhi: 2m#0 < m=0. (1)
Khi d6, cac diém cuc tri ciia @6 thi ham s6 1a A(0;3m3), B (zm; _mS)_
Tacé: OA(0;3m*) = OA=3m’|. )
Tathdy A €Oy = OA=0y = d(B,0A)=d(B,0y)=2m|. 3)

1
Tir (2) va (3) suyraS o6 = OA-d (B, OA) =3m*,
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Do d6: S,os=48 < 3m'=48 < m==2 (théaman (1)).
Cau 111. Chon Al
Taco:y'=4x —4(m+1)x =4x[ x* -(m+1)].
Ham s6 c6 3 diém cuec tri khi va chi khi :
y'co 3 nghiém phan biét & m+1>0< m>-1.(*)
(x=0 |{A(0: m)
Khi dd, tacod: y'=0< jx =—Jm+1 = 2{3(— m/+1; —-m*— m—1),
x=vm+l |LC(\/m+1; —mz—m—l)
(vai tro cua B, C trong bai toan 1a nhu nhau ) nén ta gia su :
B(\n+L;-m*-m-1), C(~ vm+3;-m’-m -1)).
Taco:0A(0;m) = OA=m{ BC (2\/m+1;0) —, BC=2Jm+1.
Do d6 OA=BC & |m=2Vm+1l < m’-4m-4=0 (A'=8)¢& m=222y2 (thoa
mén (*) ).
Vaym=2+28.
Cau 112. Chon D.

y' = 3x*— 6mx

[x=0
y'=0 Q[ Dé ham so ¢6 cuc dai va cuc tieuthim =0 .

X =2m
Gia str ham s6 ¢6 hai diém cyc tri [a: A(0; 4m®); B(2m; 0) = AB = (2m; —4m°)
Trung diém ctia doan AB 1a | (m; 2m®) .
Diéu kién dé AB dbi xing nhau qua dudng thang y = x 13 AB vudng goc véi duong thang

2m—4m* =0 [m=0

8 < mziﬁ

(d):y=xva l e(d) @{
2m° =m

Két hop voi diéu kién ta c6: m=+ E :
2
Céau 113. Chon C!

Taco y '=3x—6mx+3(m°-1)

Ham s6 (1) ¢6 cyc tri thi PT y '=0 ¢62 nghiém phan biét

<X =2mx+m’=1=0 c62 nhiém phanbiét < A=1>0,vYm

Khi d6, diém cuc dai A(m—1;2—2m) va diém cuc tiéu B(m +1; =2 — 2m)

m=-3+2
2 = 2
Tacd OA=+20B<=m +6m+1=0<| f
[m=-3-22
Cau 114. Chon A.

[x=0

tfzmz

3 2 2 2
Tacd: Y'=4X —4m x:4x(x -m ):o =
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Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién v vé db thi ham so’

Ham s6 (C) ¢6 ba diém cuyc tri < m = 0 (*) . Vi diéu kién (*) goi ba diém cuec tr Ia;
A(O;l); B (—m;l -mt );C (m;l -m ) Do d6 néu ba diém cuc tri tao thanh mot tam giac
vuodng can, thi s€ vudng can tai dinh A.

Do tinh chit cia ham sé tring phuong, tam giac ABC di 1a tam giac can rdi, cho nén dé thoa
mén diéu kién tam giac 1a vudng, thi AB vudéng goc voi AC .

< AB = (—m; —m“); AC = (m; —m“); BC = (2m;0).

Tam giac ABC vudng khi: BC? = AB’ + AC? < 4m* =m*+m°® +(m2 + m8)
e2m’(m'-1)=0=>m* =lem==1

Vay voi m = £1 thi thoa man yéu cau bai toan.
[Phwong phap tric nghiém)|

. b?
Yéu chu bai todn < — +1=0e-m +1=0 <> m==+1

8a
Céau 115. Chon D!
Ta co: y’ = m(3x° - 6x)
[x=0=y=3m-3

Véimoim=0,taco y=0< . Vay ham s luén c6 hai diém cuc tri.
X=2=>y=-m-3

Gia st A0;3m—3);B(2;-m—3) .

m=1
Tacd: 2AB*— (OA’+ OB?) =20 < 11m°+ 6m -17 =0 | 117 ( théa man)
m=—-—_
t 11
m=1
Vay gia trim can tim 1a: — 17 .
L 11

Céau 116. Chon A.
Puong thing di qua DCD, DCT 1a A, : 2x+y =0 ¢0 VIPT fi (2;1)
Puong thing dacho A:x+my+3=0 ¢0 VIPT i, (1;m)

m+
Y@&u cau bai toan <:>cos(AA ’: T: ‘ %
Jos/mr1 5
m=2
<:>25(m2+4m+4):5.16.(m2+1)<:>11m2—20m—4=0@' 5
"

Cau 117. Chgnlc!
Taco y'=4x° -8(m-1)x = 4x(x* —2(m-1)).
[x=0

=0
d ||_x2=2(m—1

) nén ham sb ¢6 3 diém cuc tri khi m> 1.

Vi dk m > 1 d6 thi ham s6 ¢6 3 diém cuc tri la:

A(0;2m-1) B (y/2(m-1);-4m*+10m-5),B(~ /2 (m ~1); ~4m* +10m - 5).
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Chuyén deé 1. LTng dung dao ham dé’ xét tinh bién thién va vé do thi ham s6’

AB? = AC? =2(m-1)+16(m-1)"
=8(m-1)
Pé 3 diém cuyc trj ctia d6 thi ham s6 tao thanh tam giac déu thi:

AB = AC = BC < AB? = AC? =BC? < 2(m-1)+16(m-1)" =8(m-1)

Ta co:

m=1
8(m-1)' —3(m-1)=0 < (m-1)[g(m-1) 310
d 2
So sanh véi diéu kién ta c0: m=1+ X= théa man.
2
[Phwong phap tric n%hlem]
’ B

Yéu ciu bai toan <:>£+3 0 -8(m-1) +3=0=m= 1+2

Cau 118. Chon B.
Taco:y'=6x*—6(2m +1) x + 6m(m +1)
[ x=m ’
yl:O@[X:m+1 = Vm e R, ham so luén ¢6 CD, CT

Toa d6 cac diém CP, CT cua d0 thi 1a A(m; 2m®+ 3m?+1), B(m +1; 2m*+ 3m?)

Suy ra AB =+/2 va phuong trinh duong thing AB: X +y —2m*—3m*—-m-1=0.

Do d6, tam giac MAB c6 dién tich nho nhat khi va chi khi khoang cach tir M t&i AB nho nhit.
3m°+1

N

1 1
Tacé:d (M, AB)= :>d(M,AB)zﬁzmind(M,AB):ﬁdatduqckhimzo.
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Chuyén deé 1. LTng dung dao ham dé’ xét tinh bién thién va vé do thi ham s6’

A. KIEN THUC CO BAN

Dinh nghia: Cho ham sé y=f(x) xac dinh trén mién D

e S6 M goi 1a gia tri 16n nhat ctia ham sb y=f(x) trén D néu: {E]ch(xcz E!\? ( XVS(:EI\I/? .
L o 0
Kihiéu: M =max f (X) hoac M =max f (X) .
xeD D
e S6 m goi la gi4 tri nho nhét ctia ham sé y = (x) trén D néu: {E]ch(xcz %),mf’ &))( fr‘r? .
0 0

Ki hiéu: m = min f (X) hoac m = min f (x)
xeD D

B. KY NANG CO BAN
Tim gid tri I6n nhat, gid tri nho nhat ciia ham sé Yy = f (X) lién tuc trén K (K cé thé la khoang, doan,
nwa khoang,..)
1. Quy trinh tim gid tri I6n nhdt, gid tri nhé nhdt ciia ham sé sir dung bing bién thién
v Bwéc 1. Tinh dao ham f'(X) .
v’ Buwéc 2. Tim cac nghiém ciia '(x) va cac diém f'(x) trén K.
v’ Buéc 3. Lap bang bién thién cua f(x) trén K.
v’ Buwéc 4. Can ctr vao bang bién thién két luan miKn f (x), ma}t(x f(x)

2. Quy trinh fim gid tri I6n nhit, gid tri nhé nhdt ciia ham sé khong si dung bang bién thién
% Trwong hop 1. Tap K la doan [a;b]
v Buée 1. Tinh dao ham f'(x) .
v’ Buwde 2. Tim tat ca cac nghiém xie[a;b] cua phuong trinh f'(x) =0 va tit ca cac diém
o, €[a;b] lam cho f'(x) khong xac dinh.
v Buéc 3. Tinh f(a), f(b), f(x), f(x).
v’ Buéc 4. So sanh céc gia tri tinh dugc va két luan M = m[a>b<] f(x), m= m[irg]f (x).
% Trwong hop 2. Tap K lakhoang (a;b)
v Buée 1. Tinh dao ham f'(x) .
v’ Buwde 2. Tim tat ca cac nghiém x, e (a;b) cua phuwong trinh f'(x) =0 va tat ca cac diém
a, € (a;b) lamcho f'(x) khong xac dinh.

v Buée3. Tinh A=lim f(x), B=lim f(x), f(x), f(a).
x—b~

x—a*

v’ Buwéc 4. Sosanh cac gia tri tinh dwoc va két luan M = max f (x) , m = min f (x) .
(a;b) (a;b)

ChQy: Néu gid tri I6n nhat (nhé nhat) la A hodc B thi ta két luin khéng cé gid tri [6m nhat
(nhé nhat).
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Chuyén deé 1. LTng dung dao ham dé’ xét tinh bién thién va vé do thi ham s6’

C. BAI TAP TRAC NGHIEM

Cau l. Giatri nho nhat cia ham s6 y=x*— 3x + 5 trén doan [0; 2] Ia:
A. miny=0. B. miny=3. C. miny=5. D. miny=7.
[2:4] [2:4] [2:4] [2:4]
Cau 2. Giatri nho nhat ciia ham s6 f(x) =x*- 3x?— 9 + 35 trén doan [-4; 4] Ia:
A. min f (x) =-50. B. minf (x) =0. C. minf(x) =—41. D. min f (x) = 15.
[-4:4]

[-4:4] [-4:4] [-4:4]

Cau 3. (P& thi Tét nghiép THPT — 2007)
Gia trj 16n nhat cia ham s6 f (x)=x*—8x?+16x-9 trén doan [1;3] la:
13
A max f (x) =0. B. maxf(x)="". C. maxf(x)=-6. D. max f (x) =5.
[1;3] [13] 27 [1:3] [1;3]
Cau 4. (Pé thi Tét nghiép THPT — 2008)
Gia trj 16n nhat cia ham s6 f ( x)=x*—2x*+1 trén doan [0; 2] la:

A. max f (x) =64. B. max f(x)=1. C. max f (x) =0. D. max f (x) =09.
[0;2] [0;2] [0;2] [0; 2]

Cau5.  Gia tri nho nhat cia ham s6 y =X(X + 2)(X + 4)(x + 6) + 5 trén nita khoang [4; +o0) la:
A. min y=_8, B. miny=_11. C. min y=-17 D. min y=_9
[~4;+0) [-4;+0) [-4+0) [-4i+0)
~ -7 4 X X _1 A - Y
CAu 6.  Gi4 tri nho nhat cia ham sb Y = _1tren doan [0;3] |a:
X+

A miny=-3. B. miny=
[0:3] [0;3]

Cau7. (Pé thi Tét nghiép THPT — 2008)

C. miny=-1. D. miny=1.

1
E [0:3] [0:3]

, , 9
Gia tri nho nhat cia ham s6 Y =X+ — trén doan [2;4] l&:

X
. . 13 ) . 25
A miny=6. B. miny="__. C. miny=-86. D. miny="".
[2:4] [2:4] 2 [2:4] [2:4] 4
Cau 8. (Pé thi Tét nghiép THPT — 2008)
, , x> —x+1
Gia tri nho nhat cia ham s6 f (x) = — trén khoang (1;+o0) la:
X_
A miny=-1. B. miny=3. C. miny=5. D. miny=_".
(L;+0) (L;+00) (L;+0) (2:+0) 3
2
A L ‘ ; - 7 s
Cau 9. Giatri l6n nhat cia hamso y = % la:
X"+
A maxy=-1. B. maxy=1. C. maxy=09. D. maxy=10.
R xeR xeR R
Cau 10. Gié tri 16n nhét va gi4 tri nhé nhit ciia ham s6 y = /5 —4x trén doan [-1;1] la:
A maxy=,/5 vaminy=0. B . maxy=1va miny=-3.
[-1] [-11] [-11] [-1:1]
C maxy=3vaminy=1. D. maxy=0 vaminy=-4

[-11] [-1:1] [-1:1] [-1:1]
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Chuyén dé 1. Ung dung dao ham 48 xét tinh bién thién v vé do thi hiam so’

Céau 11.

Céau 12.

Cau 13.

Cau 14.

Céau 15.

Céau 16.

Céu 17.

Céau 18.

Cau 19.

Cau 20.

Gid tri 16n nhat cia ham sb y = %xe’— 2x°+3x — 4 trén doan [1;5] la:

A.8. B. 10. C. 4. D.—:LO

3 3 3
Ham sy =x*— 2x*+1 c0 gid tri 16n nhat va gid tri nho nhét trén doan [0; 2] lan luot la:

Cau nay nodi dung lip cau 4, dé nghi bo

A. 9;0. B.9; 1. C. 21 D.9;-2.
S, e, z , R z x-1 n R
Gid tri 16n nhat ctia ham so y = 12 tréndoan [0;2] la:
X+
Al B. 2. c. -t D. 0.
4 2

2

Chohamsd ¥y = 5 Khang dinh nao sau ddy ding vé gia tri 16n nhat va nho nhat caa ham
X —
s6 trén doan [3; 4]:

\ A 4 4 . 9 A M 3
A. Ham s0 c6 gia tri nhd nhat bang _.
2
B. Ham s6 ¢0 gia tri 16n nhét bang 2.
C. Ham s0 ¢o gia tri 16n nhat bang 6.

D. Ham s6 co gid tri 16n nhat bang _~ 3 gi4 tr nho nhét bing 6 .
, .

Ham s6 y=X*+2x +1 ¢6 gid tri 16n nhat va gi4 tri nho nhét trén doan [0;1] lan luotla y;;y,.

Khi d6 tich y,.y, bang:

A.5. B. -1. C.4. D. 1.
oyl 5 , , s
Ham s6 ¥ =—X'= X'+ 6X+1  dat gia tri 16n nhét va gia tri nho nhat trén doan [1;3] tai diém

c6 hoanh do 1an luot 1a x;; X, . Khi d6 tong X+ X, bang
A. 2. B.5. C.4. D.3.
Ham s6 y=+/4 —x* dat gia tri nho nhét tai X. Gi trj cia x Ia:

A. Xx=3. B. x=0 hoac x=2.
C. x=0. D. x=-2hoac x=2.
Ham s y = (x —1) + (x + 3) ¢6 gia tri nho nhét bing:
A. 3. B. -1. C. 10. D.8.
T S Inx | s
Gia tri nho nhat cia ham s6 Y =—— trén doan [1;e] bang la:
X
A. 0. B. 1. C.E. D.e.
e
Hamso y= dat gia tri 16n nhat va gia tri nhé nhat trén doan [—3;0| lan lugt tai X;; X, .
N [-s:0] i
Khi d6 x,.X, bang:
A 2. B.O. C.6. D. 2.
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Chuyén deé 1. LTng dung dao ham dé’ xét tinh bién thién va vé do thi ham s6’

Cau21. Hamsdy= X" +1+x?c6 gid tri 16n nhét, gi4 tri nho nhat trén doan [~1;1] lan luot Ia:

A. J2-1:0.

B. \/5+1;0.

Cau 22. (Pe thi Tét nghi¢p THPT — 2004)

Cau 23.

Cau 24.

Céau 25.

Cau 26.

Cau 27.

Cau 28.

Cau 29.

Céau 30.

Cau 31.

Céau 32.

C.1 -1.

.

D. 1;0.

D. maxy= Z\T.
[0;7] 3

D. mlnwy_— :
A

D. 1.

D. 0.

tai diém c6 hoanh do bang:

D. 1.

D.-1;1.

D. 0;-1.

D. 2; 3.

D.0; -1.

, ; . 4
Gid tri 16n nhét ctia ham s§ Y = 2sin X —gsm"‘x trén [O; 7[] la:
2
A maxy=2. B maxy=_. C. maxy=0.
[0:7] [0:7] 3 [0:7]
(D@ thi T6t nghi¢p THPT — 2002) e
Gia tri nho nhit ctia ham sd y = \/2 cos2x +4sin x trén doa la
Amlny 4-.J2. B. mlny 2.2. C. m|n J_
I ‘J 2 ‘J 2 U
Gid tri nho nhat cia ham s6 y =5c0s X —c0s5x véi R ANTY
Xe|—
"4 4]
A mlnwy 4, B. mlnwy 38. C. mmwy 38.
{fZJ {KZJ [4”ZJ
. P . s 1, Ay ein |_ T 7Z'—| .
Ham s6 Y =sinx+1 dat gia tri 16n nhat trén doan  — " ; bang:
12 2]
A 2. B.”. C.0.
2
Ham s y = cos 2x — 3 dat gia tri nho nhat trén doan [0;7 ] bang:
A. —4. B. -3. C. 2.
Ham s6 y =tan x + x dat gié trj nho nhat trén doa [ 7]
nio;,
|7 4]
A. 0. B. " c.1+”
4 4
Ham s6 y=sinx+cosx co gia tri nho nhat, gia tri 16n nhat 1an luot 1a:
A. -2;2. B. —/2; /2. C. 0;1.
Ham s y = 3sin x — 4sin®x ¢4 gié tri 16n nhét, gia tri nho nhat lan luot 1a;
A. 3,-4. B.1;0. C. 1, -1
Ham s y = sin’x + 2 ¢6 gia tri nho nhat, gi tri 10n nhat 1an luotbing:
A. 0;2. B.1;3. C.12.
Ham sb y =-9sin x—sin3x c6 gia tri 16n nhét va gia tri nho nhét trén doan [0;7] lan luot la:
B. 8;0. A. 0; -8. C. 1 -1.
Ham sd y = /3sinX+cosx ¢ gid tri 16n nhét, gia tri nho nhat 1an luot 1;
A. 0; -1. B./3;0. C. +/3; -1.

D. 2;,-2.

4| THBTN



Chuyén deé 1. LTng dung dao ham dé’ xét tinh bién thién va vé do thi ham s6’

Cau 33.

Céau 34.

Céau 35.

Céau 36.

Céau 37.

Céau 38.

Cau 39.

Cau 40.

Céu 41.

Céau 42.

Céau 43.

Ham sb y = cos?x — 2 cos x —1 ¢6 gia tri nho nhét va gié tri 16n nhat trén doan [0; 7] 1an luot
bang Y,;Y,. Khi do tich y,.y, co gié tri bang:

A.E. B. —4. c.f. D. 1.
4 8
Ham sé y =cos2x +2sin X c6 gid tri 16n nhat, gid tri nho nhit trén doa | 7 | 1dn luot 12
nio,
7 2]
Vi, ¥,. Khi do tich y,.y, co gia tri bang:
A. —f. B. -1. C. f D. 0.
4 4
Ham s6 y = cos2x —4sin x+4 c0 gia tri 16n nhét, gid tri nho nhit tréndoa | 7 | 1a:
nio; .
7 2]
A T:0. B. 5;1. C. 5 -1. D.91.
2
. . SRRy Ao oA [z, 7] )
Ham s6 y = tan x+cot x dat gid tri 16n nhat trén doan 53 tai diém c6 hoanh do la:
A" B. ”. c. .7, D.”.
4 6 6 3 3
Ham s y = cos x (sin x +1) c6 gia tri 16n nhat va gia tri nho nhét trén doan 0;7] lan luot la:
A. £1. B. 2. C.J_rg\/g. D.2;0.
4
Ham s6 y = sin®x + cos*x c6 gid tri 16n nhat, gia tri nhé nhat trén doan [0;7 ] 1an luot 1a
Y. Y,. Khido hiéu y,—y, co gia trj bang:
A 4. B. 1. C. 3. D. 2.
Gid tri nho nhat cia ham sé y =e*(x*—x —1) trén doan [0;2] 1a
A miny=—2e. B. miny=¢’. C. miny=-1. D. miny=-e.
[0:2] [0:2] [0:2] [0:2]
Gié tri nho nhét cia ham sd y =e*(xX*- 3) trén doan [—2; 2]
A. miny = ¢ B. miny = —2e. C. miny=e™. D. miny =—4e.
[-2:2] [-2:2] [-2:2] [-2:2]
Gié tri 16n nhét ciia ham sb y = e*+ 4e *+ 3x_trén doan [1; 2] béng
2 4 4
A maxy=e"+_ ¢ B. maxy=e+—+3.
[1:2] e? [1:2] e
C. maxy=6e+3. D. maxy=5.
(2] (2]
Gié tri 16n nhét ciia ham s6 f (x) =x.e® trén doan [O;l] bang
1 1
A maxy=1. B maxf(x)="_. C maxf(x)=0. D maxf(x)="_.
[0:1] [0:1] e? [0:1] [0:] 2e
Goi M la gia tri 16n nhat va m 12 gia tri nho nhat cta ham s f (x) =x* = In(1- 2x) trén doan

[-2;0]. Khi d6 M + m bing

A r_ In10. B. 1_7— In7 C. r_ In > 28 D. 1_5— In102.
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Chuyén dé 1. Ung dung dao ham 48 xét tinh bién thién v vé do thi hiam so’

Céau 44.

Cau 45.

Cau 46.

Cau 47.

Céau 48.

Cau 49.

Céau 50.

Céau 51.

Cau 52.

Céau 53.

Céau 54.

N 1 o . . ‘ .
Hamso f(x)= trén doan [7.57] ¢o gié tri 16n nhat 1a M, gia tri nhé nhat 1a m. Khi d6

sin x ||_3 6 |j
M — m bang
2 2
A 2-—. B. 1. C. —=-1. D.-1.
V3 : J3
. R 3 . .
Ham so6 f (x) = 2sin x + sin 2x trén doa c6 gia tri 16n nhat 1a M, gia tri nho nhat 1la m.

nLO;ZJ

Khi d6 M.m bang

A. 343 B. 3/3. c. -3 D. 38
4 4
-z s 17 A 5 \ A 1 ( 3 \
Gia tri 16n nhat cia ham s6 y = trén khoang : la:
\ )
A. Khong ton tai. B. 1. C. . D.—1.
, , 1
Gia tri nho nhat cia ham s6 Y = —— trén khoang (0;7) la:
sin x
A -1 B. 1. c.”. D. Khong ton tai.
2

Goi M 13 gié trj 16n nhat va m |2 gi4 tri nho nhét cia ham sé y = x~/1— x* . Khi d6 M + m bing

A. 2. B.1 C.O0. D. -1.

Gid tri nho nhét cia ham s§ y =3 +y/x*— 2x + 5 bing

A miny=3. B. miny=5. C. miny=3+p. D. miny=0.
R R R R

Gié tri nho nhét cia ham s6 y=x++/2xX°+1 bang
. 1

A miny="_ B. miny=0. C. miny=1. D. miny=./2.
R \/E R R R

Gid tri 16n nhat cia ham sd y = VX +4 +/4 —x —4,/(x + 4)(4—x) +5 béng

A maxy =10. B. maxy=5-2/2. C maxy=-7. D. maxy="5+2/2.
[-4:4] [-4:4] [-4:4] [-4:4]

Gia tri 16n nhét cia ham sy = 2 sin®x + 2 sin x -1 bang

A maxy=4. B. maxy:__s. C. maxy=3. D. maxy=-1.

R R 2 R R
Gia tri 16n nhat ciia ham s6 Y = 2Sin*X + C0S*X + 3 bang

. . . . 31
A miny=5. B. miny=3. C. miny=4. D.miny=__

R R R R 8

Goi M 1a gi4 tri 16n nhat va m 12 gia tri nho nhat ctia ham s6 y =2 sin®x + cos*2x . Khi d6 M +

m bang
A.é. B.4 C.%. D. 2.
27 _ 27
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Chuyén deé 1. LTng dung dao ham dé’ xét tinh bién thién va vé do thi ham s6’

Cau 55.

Cau 56.

Cau 57.

CAau 58.

Cau 59.

Cau 60.

Cau 61.

Cau 62.

Cau 63.

Goi M la gia tri 16n nhat va m 13 gia tri nho nhat cia ham s6  y = sin®x + cos®x . Khi 6 M.m
bang
Al B. 1. C.o0. p. 13
512 512
Gié tri nho nhét cia ham s6 y = +/x+1 I&:
A. khong c6 gié tri nho nhat. B. ¢0 gié tri nho nhat bang 1.
C. c0 gié tri nho nhét bing —1. D. c6 gi4 tri nho nhét bang 0.

Cho ham s6 y =+/x*— x+1 . Khing dinh nao sau diy dang:
A. Ham s6 khong c6 gié tri 16n nht va gia tri nho nhat.

B. Ham s6 ¢4 gia tri nho nhét bang ﬁ; khong c6 gié tri 16n nhat.
2

C. Ham s6 c6 gié tri 16n nhat bang £ : gia tri nho nhat bang l_.
2 2

D. Ham s6 c6 gia tri 16n nhat bang f; khong c6 gia tri nho nhat.
2

Ham s6 y = +/1+ X +~+/1— X ¢ gia tri 16n nhAt, gia tri nho nhét lan luot 1&:
A. \2; 1. B.1; 0. C.2; 2. D. 2; 1.

Cho ham sb y= \/m-\/XTZ ) thmg dinh nao sau day sai ?
A. Ham s khong c6 gia tri nho nhét.

B. Ham s6 ¢0 gia tri 16n nhat va gid trj nho nhat.

C. Ham s c6 gié tri 16n nhét bang /3.

D. Ham s6 dat gia tri 16n nhét tai x = 2.

Goi V,;Y,lan luot 12 gia tri 16n nhat, gi4 tri nho nhat cta ham sd y=

doan[3; 4]. Khi do tich y,.y, la bao nhiéu ?

I B.>. c.>. p.

2 6 4 3
. 1 1 1 e, U N
Hamsé Y= _+ + dat gia tri 16n nhat trén doan [-5; —3] bang:
X X+1 x+2
A -1 B 1t c. -4 D. -t
12 6 60 6
Cho ham sé y = x —+/x—1 . Khang dinh nao sau diy ding:

S G SR .
A. Ham s6 c6 gla tri nho nhat bang _ v khong c6 gié tri 10n nhat.

‘ A A L e 5 A M 3 7 3
B. Ham s6 c0 gia tri nho nhat bang _ va gi4 tri 16n nhat bang 1.
4 1

C. Ham s khong c6 gia tri 16n nhat va gia tri nho nhat.
D. Ham sb dat gia tri 16n nhat tai diém c6 hoanh d6 x = 1 va gié tri 16n nhit bang 1.

Ham s6 y=~/1+ X ++/1- X’ dat gid tri nho nhit 1n luot tai hai diém c6 hoanh do:
A 0. B. +1. C. +42. D. 2.
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Chuyén deé 1. LTng dung dao ham dé’ xét tinh bién thién va vé do thi ham s6’

Cau 64.

Cau 65.

CAau 66.

Cau 67.

Céau 68.

Cau 69.

Cau 70.

Cau 71.

Cau 72.

Céau 73.

Cau 74.

Cau 75.

Ham sb y =sin*x + cos’x ¢6 gia tri nho nhat, gi tri 16n nhat 1an luot 1a:
A -2;1. B. 0; 2. C. f; 1. D. 0; 1.

2
Ham sé y =sin*x — cos*x ¢6 gié tri 16n nhat bang:
A. 0. B. 1. C. -1. D. Khdng ton tai.
Ham sb y = dat gid trj nho nhét trén doa ' " 'tai diém c6 hoanh d0 Ia:

J1+ 2sin x.cos x —
%2
2
A. x:f. B.x:f. C. x=0va x:z. D.x:z.
4 6 2 3

Ham sé y =sin®x + cos®x ¢ gia tri 16n nhat, gié tri nho nhat lan luot 1a;
A 1 -1 B. 2;0. C. E;—l. D. 1;1_.

4 4
Hamsb y = (x2 + 2x+3)(x2 + 2x—2) c6 gid tri 1on nhat la:
A. cO gia tri 16n nhat 1a 0. B. ¢4 gid tri 16n nhit 14 -8.
C. cO giatri 16n nhat 1a 2. D. khong ¢ gia tri 16n nhét.

r XZ_ 2 r 2 A
Ham s6 y = \/2_ €0 Qi tri nho nhat tai diém c6 hoanh d¢ bang:
X +1
A. 0. B. 2. C. 3. D. 2.
Ham s6 y=(x-1)(x—2)(x-3)(x—4) c0 gidtri 16n nhat, gia tri nhé nhét trén doan [-1;3] la:
A. 10; — S B. 120;1. C. 10; —1. D. 120; —1.
4

Ham s6 Y =~/1- X ++/X +3+~/1- x.{{+ 3 ¢0 gia tri 16n nhat, gia tri nho nhét Ia:

A 24J2-2:2. B. 242 +2: 2. C. 22:2. D.2:0.

Ham sdy= X +2++/2 —x+2y/4 - x* dat gi4 tri 16n nhat, gia tri nho nhat tai diém c6 hoanh
do la:

A 22442 B. 242-2;2. C.22:2. D.4:2,

Ham sé y=+/x+1+3K+1 c0 gia tri nho nhét, gia tri 1on nhat trén doan [0; 63] Ia:

A. 2;12. B.1,2. C.0;2. D. 0;12.
Ham s6 \ _Sinx+1  dat gié tri 16n nhit, gid tri nho nhit trén dogn [ 7.7 tai diém co
sin’x + 3 ﬁ 22 |J
hoanh d6 bang
A.x:—z;x:z. B.x:f;x:z. C.x:f;x:—z. D.x:O;x:f.
2 2 6 2 6 2 2
Hamsby =X+ 1_+ X2+ l_Cé gid tri nho nhat, gia tri 16n nhat trén doan [1;3] la:
X X2

A. 3;E. B.1,4. C. 1;%. D. 4;13

9 9 9
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Chuyén dé 1. Ung dung dao ham 48 xét tinh bién thién v vé do thi hiam so’

Cau 76.

Céau 77.

Cau 78.

Céau 79.

Cau 80.

Céau 81.

Céau 82.

Céau 83.

Céau 84.

N J 2 ey Ae o ag g ) Ky o n b cq.
Ham s6 y=x° +(x4 —1) dat gia tri 16n nhat, gia tri nho nhat trén doan [1; 2] lan luot tai hai

diém c6 hoanh do x;; x,. Khi dé tich x,.x, c6 gia tri bang

A 1l B. 2. C. 15. D. 0.
Ham s6 y = X%+ 3X + +/x2+ 3X + 2 gi4 tri nho nhat 1in luot bing:
A. -2. B.O. C. 2. D. 2.

\ 4 ‘\/; ; =2 “ 1, X \ -/ . N 4 A A \
Hamso y= I+ I €0 gia tri 16n nhat va gié tri nho nhat trén doan [0; 4] lan luot la:

X+
A.Ei;o. B. Ei;—?. C.O;—E. D.ﬁ;o.
3 3 3 3 5

Trong sb cac hinh chit nhat c¢6 ciing chu vi 16 cm, hinh chir nhat ¢6 dién tich 16n nhat bang:

A. 64 cm?. B. 4 cm?. C. 16 cm?. D. 8 cm?.

Trong tt ca cac hinh chit nhat c6 cing dién tich 48 cm?, hinh chir nhat ¢6 chu vi nho nhét
bang:

A. 163 cm B. 43cm C.24cm D. 8/3cm
Hai s6 c6 hiéu 1a 13, tich ctia chiing bé nhét khi hai s6 d6 bang

~13 13 _
A.5;-8. B.1;-12. C. o D.6 7.

Mot chat diém chuyén dong theo quy luat S =6t °—t*, van téc v (M/s) ctia chuyén dong dat gia
trj 16n nhét tai thoi diém t (s) bang
A.2(s) B. 12 (s) C.6(s) D. 4 (s)
Tam giac vudng co dién tich 16n nhat 1a bao nhiéu néu tong ctia mot canh goc vudbng va canh
huyén bang hing s a (a > 0)?

2 a2 2 2
a _ B . C. zi D. a )
64 9 9 38
Mot hop tac x& nudi cé thi nghiém trong hd. Nguoi ta thay rang néu trén mdi don vi dién tich
ctia mat hd ¢d n con ca thi trung binh mdi con ¢4 sau mdt vu can nang P(n) = 480 — 20n (gam).

A.

Hoi phai tha bao nhiéu ca trén mot don vi dién tich cia mat hd dé sau mot vu thu hoach dugc
nhiéu gam cé nhat?
A. 12. B. 24. C. 6. D. 32.

Cau 85. Do giam huyét ap ctia mot bénh nhan duoc cho boi cong thirc G( x) = 0.025x* (30 — X), trong do

x 12 lidu lwong thudc dugc tiém cho bénh nhan (x duoc tinh bang miligam). Liéu luong thude
can tiém cho bénh nhan dé huyét ap giam nhiéu nhét bang
A. 100 mg. B. 20 mg. C. 30 mg. D. 0 mg.

Cau 86. Mot con ca hdi boi nguoce dong dé vuot khoang cach 1a 300 km. Vén téc dong nudce 1a 6 km/h.

Néu van toc boi cua ca khi nudc dung yén 1a v (km/h) thi ning luong tiéu hao cta cé trong t gid
duogc cho boi cong thie E(v) = cv’t, trong d6 ¢ 1a hing s6 va E tinh bang Jun. Van tdc boi cua
c4 khi nuéc diung yén dé nang luong tiéu hao 12 it nhat bang

A. 6 km/h. B. 8 km/h. C. 7 km/h. D. 9 km/h.
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Chuyén deé 1. LTng dung dao ham dé’ xét tinh bién thién va vé do thi ham s6’

Cau 87. Sau khi phat hién mot bénh dich, cac chuyén gia y t& udc tinh s6 ngudi nhiém bénh ké tir ngay
xuat hién bénh nhan dau tién dén ngay thar t1a f(t) = 45t°—t>,t=0,1, 2,..., 25. Néu coi f(t) Ia
ham sb xé&c dinh trén doan [0;25] thi dao ham £”(#) duoc xem la téc do truyén bénh
(ngudi/ngay) tai thoi diém t. Xac dinh ngay ma téc do truyén bénh 12 16n nhat?

A. Ngay thir 19. B. Ngay thir 5. C. Ngay thtr 16. D. Ngay thtr 15.
Cau 88. Cho AABC déu canh a. Ngudi ta dung mot hinh chit nhat MNPQ c6 canh MN nam trén BC, hai

dinh P, Q theo thir tu nam trén hai canh AC va AB ctia tam giac. Xac dinh vi tri cua diém M sao
cho hinh chit nhat c6 dién tich 16n nhat ?

A BM =22 B. BM= 2, c. BM =2 D.BM=2,
3 4 3 4
Cau 89. Mot hop khong nidp duge 1am tir mot manh cac téng theo h
mau nhu hinh v&. Hop c6 day 1a mot hinh vudng canh x cm, > Ih
chiéu cao h cm va c6 thé tich 500 cm®. Gia tri cta x dé dién
tich ctia manh cac t6ng nho nhit bang X
A. 100. B. 300.
C. 10. D. 1000. h I X e
Cau 90. Trong céc hinh try ndi tiép hinh cu ban kinh R, hinh tru c6 thé tich 16n nhat bang
47R° 3 3 47R°
AT B, 4% c. ™ p. 7

J3 38 38 -3

Cau 91. Cho mdt tim nhom hinh vudng canh a. Ngu(‘yi ta cat & 4 goc 4 hinh vudng béng nhau, roi gip
tam nhom lai dé dugc mot cai hop khong nap. T1m canh ciia hinh vuéng bi cit sao cho thé tich
ctia khdi hop 14 16n nhét?

A2
6
Cau 92. Gia tri 16n nhat M, gia trj nho nhat m ctia ham sd: y = 2sin’x + 2 sin x -1 1;
A.M:—l;m:__s. B.M=3:m=-1. c.|v|=3;m=__3. DM_3_, =-3.
2 2 2
Cau 93. Gia trj 16n nhit M, gia tri nho nhat m ciia ham sé y = 2¢0s 2x + 2sin x la:
A.M:g;m:—4. B.M=4m=0. C.M:O;m:—g. D.M:4;m:—9_.
4 4 4
Cau 94. Gié tri 16n nhat M, gia tri nho nhat m ciia ham séy = sin*x — 4 sin’x + 5 1&:
A. M=2;m=-5. B.M=5m=2. C. M=5m=-2. DM=-2m=-5.
Cau 95. Gia tri 16n nhat M, gia tri nho nhat m ciia ham s6 y = sin*x + cos®x + 2 1a:
A.M:3;m=—E. B.lei;m:—S. C.M:3;m:E. D.Mz—l_l;m=—3.
4 4 4 4
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Chuyén deé 1. LTng dung dao ham dé’ xét tinh bién thién va vé do thi ham s6’

Céau 96.

Cau 97.

Céau 98.

Cau 99.

Céau 100.

Céau 101.

Cau 102.

Céau 103.

Céau 104.

Céau 105.

Cau 106.

Cau 107.

Céau 108.

2 coS*X + €OS X +1

Choham s y = . Goi M 1a gia tri 16n nhat va m 1a gia tri nho nhét ciia ham
cosx +1
s6 di cho. Khi d6 M+m bang
A. -4, B.-5. C.-6. D. 3.
. sinx+1 T S S
Cho hamsd Y= . Goi M la gia tri 16n nhat va m la gia tri nho nhat ctia ham so

sin®x + sin x +1
da cho. Chon ménh dé¢ dung.

A.M:m+E. B.M=m +1. C.M:Em. D.M:m+3_.
3 2 2
. I ‘ 1 3 1 2
Gid trj 16n nhat cia ham s6 Y = 5)2( ——X—6X+3 trén doan [0; 4] la:
A. —E. B. 2. C. L D. 3.
3
Gid tri nho nhét ciia ham s6 y=(x+3)V-X"—2x+3 l&
A. 2. B. 1. C.0. D. 3.
Gid tri 16n nhét ciia ham s6 y = /X -2 +/4 —x |a:
A. 2. B. 2. C.3. D.-3.
Ham s6 y = 2sin’X + 5c0s°X —1 ¢6 gia tri nho nhat bang:
A. 3. B. 2. C. 1. D. 4.
Ham s6 y=Xx++/18 —x* c6 gia tri 16n nhat bang:
A. 5. B. -6. C.6. D. -5.
Ham s6 y = 2cos® X —Z cos’x — 3¢0s X + 5 €6 gi4 tri nho nhat bang:
2
A.E. B.E. C.E. D. 1.
2 2 2
Ham s6 y = —2 sin®x + 3c0s 2x — 6 sin X + 4 c6 gia tri 16n nhat bang:
A. -6. B. -7. C. 8. D.9.
Cho hai s6 thyc X, y théaman X > 0,y > 1; X +y = 3 . Gia tri 1on nhat va gia tri nho nhét cua

biéu thic P = x>+ 2 y*+ 3x*+ 4xy — 5X 1an luot bing:

A. 20 va18. B. 20 vai5. C.18 va15. D. 15 va 13.
2
Gid trj 16n nhit cita ham s6 y = X+8— ijg;( trén khodng (0; +) Ia:
X +
A.£. B 32, c. 32, D.- 34
2 2 4 2

Ham sd y = \/m +|2X - 3| c6 gié tri nho nhat bang:

A -9. B. 8. C. 9. D.-8.
(D¢ thi Pai hoc Khdi B — 2003)

Hamsb y=f(X)=x+ m c6 gia tri nho nhat bang:

A -2 B. 2. C. 0. D. 2
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Chuyén deé 1. LTng dung dao ham dé’ xét tinh bién thién va vé do thi ham s6’

Cau 109. (bé thi Pai hoc Khoi D — 2003)

Hamsd y=f(x) = \/X;L_l ¢ gia tri 16n nhat, gia tri nho nhat trén doan [-1; 2] lan luot bang:
X“+1
3 1
A ;0. B. /5; 0. C. /2;0. D. 5, ==
V5 V5
Cau 110. (P& thi Pai hoc Khoi B — 2004)
In®x [ 3]
Gia trj 16n nhat cia ham s6 y = trén doan Ll; e | la:
X
A. 0. B. _9 c. 4 D.4_
e’ e e
Cau 111. (P& thi Pai hoc Khoi D —2011)
o , , , 2X°+ 3x +3 ‘
Gia tri 16n nhat, nhé nhat cia ham s6 Y = BT trén doan [0;2] 1an luot la:
X+
17 17
A. ?:3 B. ?:—5- C.3;-5. D.-3;5.

Cau 112. (Pé thi PH Khéi D — 2009)
Cho cac s6 thuc X, ythdaman x>0,y>0va x+y=1.
Gi4 tri 16n nhit M, gia tri nhé nhat m cta biéu thirc S = (4x°+ 3y)(4 y*+ 3X) + 25xy la:

A.M:2_5;m:19_1. B.M:12;m:19_1. C.M:2_5;m:12. D.M:Zimzo.

2 16 16 2 2
Cau 113. (Pé thi PH Khéi D — 2012)
Cho cac s6 thuc x, y thod man (x—4)" +(y—4)° +2xy <32.
Gi4 tri nho nhat m cia biéu thic A=x*+y*+3(xy -1)(x+y-2) la:

A.mzﬂ_T&g. B. m=16. C. m=398. D.m=0.

Cau 114. (Pé thi PH Khdi A— 2006).
Cho hai s6 thuc x#0,y#0 thay doi va thoa man didu kién (X + y)xy = X°+ y*— xy . Gia tri

. . 1 1.
16n nhat M cua biéu thire A=—t Fla.
X
A M=0. B. M=0. C M=1. D.M = 16.

Cau 115. (Pé thi PH Khéi B- 2011).
Cho a, b 1a cac sb thuc dwong théaman  2(a’+ b*) + ab = (a + b)(ab + 2) . Gi4 tri nho nhét
(a® b*) (& b?)
m cia biéu thie P =4| .+ _3}—9k_z+ o |l
\b a a)
85 —23

A.m=-10. B.m=_ Cm=__. D. m=0.
4 4

Cau 116. (Pé thi PH Khdi D- 2014).
Cho hai s6 thuc duong théa manl < X < 2; 1 <y < 2. Gi4 tri nho nhat m cua biéu thirc
X+2y N Yy + 2X +H1

P:
X+3y+5 Y +3x+5 4(x+y-1)
85 7
A m=0. B-m=7- C.m=-10. D.ng.
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Chuyén deé 1. LTng dung dao ham dé’ xét tinh bién thién va vé do thi ham s6’

D. PAP AN VA HUONG DAN GIAI BAI TAP TRAC NGHIEM

| -PAP AN
47576 [7[8[9]10[11[12]13[14[15[16[17[18[19]20
D|B|C|A|[B|C|C|A|A|A|D|C|D|[D|D|A|B

2112223124 |25|26|27 |28 |29 |30|31|32|33|34(35|36|37|38|39]40
AlA|A|]A|/B|C|D|B|D|B|A|]C|C|C|D|D|B

41 | 42 |43 |44 |45 | 46| 47 |48 |49 |50 | 51|52 | 53|54 | 55|56 | 57 | 58 | 59 | 60
BIA|/D|B|C|B|]A|D|]C|D|C|A|D|B|C|B|C

6162|6364 |65 (66|67 6869 |70|71|7273|74|75|76|77|78|79 |80
c,B|Cc/ D/ DD D B|A|JA|C|D|B|A|JA|C]|A

8182|8384 |85|86|87|88(89(90|91|92]|93|94|95|96/| 97|98 |99 100
CIA|/A|/A/B|D|D|D|C|B|B|C|A|B|C|D|B|D|C|A

101|{102|103|104|105|106(107|108|109(110(111|112|113|114|115/116
B|c|B|D|B|C|A|B|C|C|A|A|A|D|C|D

Il -HUONG DAN GIAI

Caul. ChonB.

Nhan xét: Him s6 f(x ) lién tuc trén [0;2]
x=1 < (0:2)
|| x=-1¢ (0; 2)
y(1)=3;y(0)=5;y(2) =7 . Dodé r[rg;izrf y=y(1)=3

Taco y'=3x"-3=3(¥-1); y=0e

Cau 2. ChonC.
Nhan xét: Ham s6 f ( ) lién tuc trén [—4; 4]
[x=-1 (-4 4)

Tacof'(x)=3x*-6x-9: f'(xX)=0<]|
() () ||_X 3 6(44)

f(-4) =411 (-1)=40;1(3)=8;1(4) =15. Dodo min f () = (-4) =41

Cau 3. ChonB.
Nhan xét: Ham s6 f ( x ) lién tuc trén [1;3]

[x= 4 e (1;3)
Tacof'(x)=3x*-16x +16 ; f'(x):0<:>
X— 6(13)
f(1)=0;f(4\:13 f(3)=-6. Dodomaxf(x) f(‘” 13
L3J 27 xe[13] |K3}| 27

Cau4. ChonD.
Nhén xét: Ham s6 f ( x ) lién tuc trén [0;2]

Taco f'(x)=4x" —4x=4x(x* -1).
Xéttrén (0;2). Taco f'(x)=0<x=1;Khido f(1)=0;f(0)=1,f(2)=9
Do do max f (X)= f(2)=9

[0:2]
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Chuyén deé 1. LTng dung dao ham dé’ xét tinh bién thién va vé do thi ham s6’

Cau5. Chon B.
Nhén xét: Himsé f (x ) lién tuc trén [—4;+0)
Taco: y=(x*+6xX)(X° +6x+8)+5. Pat t=x"+6x. Khid6 y=t°+8t+5

Xéthamsd g(x) =x*+6x voi x>—4.Tacod g'(X) =2x+6;g'(X) =0 = x=-3

lim g(x) =+
X — 0 -4 -3 + o
g'(x) - 0 +

-8 + o0
(x)
g (x \_9/

Suyrat e[ —9; +w)
Yéu cau bai toan tré thanh tim gié tri 16n nhat, gia tri nhé nhat cia hAm s6 y=h(t)=t?+8t+5
voi te[—9;400). Taco ') =2t +8;h'(t)=0 < t=—4; lim h(t) =+

t —>+o0

Bang bién thién

X — 0 -9 —4 + 0
h ( x) - 0 +
14 + o0
h (x)
\u_{V

Vay min y=-11
ay Lérir) y
Cau 6. ChonC.
Nhan xét: Ham s6 da cho lién tuc trén [0;3]

1 .
~> 0 v6i Vx €[0;3]. y(0) = -1;y(3) = —. Do d6 mln]y =y(0)=-1

Taco y' = .
(X +1) 2 xe[0:3

Cau7. ChonA.
Nhan xét: Ham sb da cho lién tuc trén [2;4]
9 x-9 [x=-3 ¢(2;4)

Tac Y =1-—= ——;y=0c
X Ix=3 <(24)

13 25 .
Taco y(2) =?; y(3) =6;y(4) = e Do do miny=y(3)=6

xe[2;4]

Cau 8. ChonB.
Ham s6 xéc dinh v6i Vx € (1; +o0)

Nhén xét: Him sé f ( x ) lién tuc trén (1; +o0)
() 1 00 1 X2 —2x [x=0
Taco F(X)=x+_—; f'(x)=1- = C f'(X) =0 ;
x-1 (x-1) (x-1) ) |Lx:2

lim f(X) =400 ; limf (x) =40

X—>+00 Xx—1"

Bang bién thién
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Chuyén deé 1. Uhg dung dao ham dé’ xét tinh bién thién va vé do thi ham s6’

Cau 9.

Céu 10.

Céu 11.

Cau 12.

Cau 13.

Céau 14.

X 1 2 +00
f'(x) _ 0 +

+00 +00

f(x) \ . /

Tir bang bién thién ta c6: min) f(x)=f(2)=3

xe (1400

Chon C.
Ham s xé4c dinh véi Vx e R

Nhén xét: Hims0 f (x ) lién tuc trén R

2_19%_ 8 . 1 .
Tacd y':8x 212)(28 by =0 &x=2; Xx=-_.lim f(x)=1
(X + 1) 2 X—>to0
Bang bién thién
1
X —00 _E 2 400
y’ + 0 -~ 0 +

Vay maxy=9=y(- 1_)
R 2

Chon C.

Diéu kién x4c dinh: 5 —4x >0 < x < >

4
Nhén xét: Him sb f ( x ) lién tuc trén doan [-1;1]

. Suy ra ham s xédc dinh v6i Vx e[-1;1]

\/5 —4x

Taco y' = <0,vxe[-1;1]. Do dé maxy = y(-1)=3; [mi? y=y()=1
-1;1 -1;1

Chon A.
TXD:D=R .Taco: V=X -4x+3; y=0=x*—4x+3=0<x=1hodc x=3.

Khi do: y (1) = —_8 y(@)=—4:y(5) =_8 = gia tri 16n nhat cia ham s bﬁng?
3 3 3

Chon A.
Taco: y' =4x’—4x; y’:0<:>4x3—4x:0<:>4x(x2—1):0<:>x:i1 hoac x=0

Khidé:y(0)=1; y(1)=0; y(2) =9 = Ham sb c6 gia tri 16n nhét, gia trj nho nhat 1an luot 1a
9;0

Chon A.
3
TXD: D=R\{-2}.Taco: y'=—7>0;VxeD.
(x+2)
1. 1 \ A y .7 e 17 4 N 1
Khido: Y(0)=-_; y(2)=_ = Ham s0 c6 gié tri [én nhat bang _.
2 4 4

Chon D.
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Chuyén deé 1. LTng dung dao ham dé’ xét tinh bién thién va vé do thi ham s6’

Cau 15.

Cau 16.

Cau 17.

Céau 18.

Céau 19.

Cau 20.

Cau 21.

4
TXD: D=R\{2}.Tacé: ¥ = —X+3>O ;Vx €[3;4] = Ham s6 dong bién trén doan [3:4].
_2Y¥
) R 13
Vayminy=y(3)=6 vamaxy=y(4)="
[34] [3:4] 2
Chon C.
TXDb: D=R
Y'=2x+2; y'=02x+2=0 < x=-1¢[0;1]. y(0) =1, y(1)=4 suyra y,y,=4
Chon D.

TXD:D=R .Tach: ¥V =X -5X+6; y=0=x*~5x+6=0<Xx=2hodc x=3
Khido:y (1)=29;y(2)=17;y(3)=11 =>x=2;x=1=>x+x=3

? ? ? 1 2 12
Chon D.

TXD: D=[-2;2]. Tacé: y'= ;Y =0 =0 x=0

—X —X
Ja-x 4-%
Khi d6:y(-2)=0;y(0)=2;y(2)=0
— Ham sb dat gia tri nho nhét tai diém c6 hoanh do X = +2
Chon D.

TXD:D=R .Tacé: Y=(x=1)" +(x+3)" = 2x* + 4x+10.
Taco: y=4x+4; y=0<x=-1
Bang bién thién:
X | —o -1 +00

+00 +00
8

Tir BBT ta thay ham s6 c6 gia tri nho nhét bang 8 .
Chon A.

Inx 1-Inx

TXD: D =(0;+x). Taco: y— ;Y =0 " =0 1l-Inx=0<x=¢

Khi d6: Y(1)=0; y(e) 2 = Ham s6 0 gié tri nho nhat bang 0 .
e

Chon B.

X+2
TXD:D=R .Taco: Y =
x +2 \»42+2

Khi do: y(:ﬂ-iy(l)— iy(O)— {420 = xx=0

L2

YV =0x=-2

Chon B.
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Chuyén dé 1. Ung dung dao ham 48 xét tinh bién thién v vé do thi hiam so’

TXD:D=R .Taco: Y =

2

X2+
y=0e X +2x=0<:>x( 1 +2)=0c>x=0
X+l L\/ X2 +1

Khi d6: y(-1)=+2+1;y(0)=Ly(1)=v2+1.

Cau 22. ChonD.
Taco y' =2c0S X — 4sin*X.cos X = 2¢0s X(1— 2sin*x) = 2c0s X.CoSs 2X
[cosx=0

Nén Y =0 <> 2c0s x.cos 2x =0
cos2x=0

(7 73r)
T
2 4 4]
() 2 (7x) (371\%\{

A R

Tréen(0;7), y=0&xe

IV EANME AT
o 2 L) T
Cau 23. ChonC.

TXb:D=R. TaFoy T22/_|n X+ 4sin X + V2
batt=sinx,xe 0, '=1te[0;1]

42
Khi do, bai todn tr¢ thanh tim gia tri 1on nhat, gia tri nho nhat ctia ham sb

y=g(t)=-2Jt+4t+ /2 trén doan [0;1]

g'(t)=—4J§t+4=4(1—J§t); g’(t):0<:>4(1—\/§t) =O<:>t:%e (0;1)

1

ﬁ)zzﬁ

Do d6 rpir)ﬂy: ﬂ;(y=ﬁ<:>sinx=0,sin0=0)
x40

9(0) = v2; g(1) = 4—v/2; o

Céau 24. Chon A.
TacOy=>5cos x—cos 5x nén y" = —5sin x + 5sin 5x

[5x=x+k27 [X:ﬁ
y'=0<sinbx = szQLSX_” X+k27r<:>~ ; o
X=_+
i
Trénfir;zﬂ’y,zo(:)xé(o;_ﬂ;ﬂ 6 3
L4 4l N
RS
y0)=4; [ m\_ (”\_3 ; =y =3

1) ) e ) e

Vay minqy=4=y(0)
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Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién va vé do thi ham s6'
L adl)
Cau 25. Chon A.
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Chuyén dé 1. Ung dung dao ham 48 xét tinh bién thién v vé do thi hiam so’

Cau 26.

Cau 27.

Cau 28.

Céau 29.

Céau 30.

Céau 31.

Céu 32.

Céau 33.

TXD: D= R . Tacé y’=cosx;y’=0<:>cosx=0<:>x=f+k7r(keZ)

2
Vi T Vs pa
Xe|- ; |=>Xx=-— hodc x=
[ 2 2J 2 2
Khi do: y/—@zo;y(_\'zz _ giétri 1on nhét cta ham 6 bing 2.
2 2
\ ) \")
Chon A.
, - k7.
TXD:D=R.Taco: y' =-2sin2x; y=0<:>3'n2X=0<:>X=7’(kEZ)
V‘IXe[O;ﬂ]:Xe(O;ﬂ;ﬂ].DOdé:y(O):—Z; y(”\:—4 — miny=-4
P | 5|
L %) <)
Ch()nA. (72' 1 1
TXD: D=R\ '~ +kz .Taco: y' = +1>0;vxeD
1,0 cos’X.
l J
= Ham s6 dong bién trén D = miny =0
Chon B. ()
TXD:D=R .Taco:y= 2sin x+
J 7l
Vi 1<sin(x+”\<1c> <Ksin(xi”\< min max
TR TR T T AT
N L)
Chon C.
TXD:D=R . Taco: Y=3sinx—4sin®x=sin3x = miny=-1;maxy=1.
Chon D.
TXD:D=R .Taco: 0<sin’x<1<2<sin®x+2<3=miny=2; maxy=3.
Chon B.
TXDb: D=R.

Taco: y =—-9 cos x — 3c0s 3x = -9 cos X —12 cos>x + 9 cos X = —12 cos’x

Y =0 cosx=0ex="+kz. Vi xe[0;zr]=x=2.
2 2

Do do: ¥ (0) =0; ){{T=—8;y(ﬂ):0:>miny:—8; maxy =0

Chon D. s
TXD:D=R .Taco:y= 3sinx+cosx=2sin" x+
J -
(o N Y
Ma-1<sin' x4+ <1 -2<2sin’ x+ <2=miny=-2;maxy=2
- -
6 6
L) N
Chon B.

TXD:D=R .Taco: Y =—2sinx cos X + 2sin x = -2sin x (cos x —1)
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Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién va vé do thi ham s6'
[sinx=0 [x=knx

y'=0<-2sinx(cosx-1)=0< ST o
x=k2rx

cosx=1 (keZ)

L L
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Chuyén deé 1. LTng dung dao ham dé’ xét tinh bién thién va vé do thi ham s6’

Céau 34.

Céau 35.

Céau 36.

Cau 37.

Vi xe[0;7]= x=0 hodcx= 7.
Khi @o: y(0)=-2; y(7r)=2:>ly1=—2:>y,y -4
12

[y2=2
Chon A.
TXD:D=R .Tacé: Y =-28in2x+2cosx=-2cosx(2sinx-1)
x="4kr
|fcosx=0 |‘ 3[
y'=0<-2cosx(2sinx-1)=0< 1ol x="+k2z
[sinx:_ 6
X:5_7[+k27z
: 0 6
|X=ﬂ- [fﬂ'\ -1 ( 3
[ 7] > | z—f |y:_
Vixe| 0 |= :,;<3:>12
(e lxz vl _|=_ TY2:1
6 | \6) 2
Chon C.
TXD:D=R .Taco: y' =-2sin 2x —4 cos x = —4 cos x (s inx +1)
x="+kr
cosx=0 |
y':O@[s?nx:—1:>| 2.
X=—_+k2rx
o7 ﬁd 2 (7))
Vixe 0;7 '=x="_.Khido y(0) =5;y =-1.
| J— J— J—
L2l o 2)
Chon C
) "= - — sin’x—cosix = COS2X
TXD:D=R\{ETJ}.Tacé:y CQS]ZX_ in’ _sin’x.cos’x__ SIMTX.COS°X™
y'=0&  —C0S2X =0<:>c032x:0<:>x=ﬂ+kﬂ.V‘|xerﬂ;ﬂ—|:>x:”.
sin*x.cos” x 4 2 |L6 3|J 4
1
Khido: (71 _ 3+ ;y(”\=2;y(7ﬂ= 3+
o VBl Y s
LGJ V3 (4 3 V3
Chon C.
TXb:D=R
Taco: y' =—sinx (sin x +1)+ cos’x = —2sin’x —sin x + 1
[sinx=-1
, | V4 V4 5
y =011 <X =——+k27 hoic x=—+k27 hoic x=—+k27
an:_ 2 6 6
2

Vi x e[O;ﬁ]:x:z hoic x =27
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Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién va vé do thi ham s6'

Khi do: ¥ (0) = 1; (”\—33 o7 33 y(7)=-1

22| THBTN



Chuyén deé 1. LTng dung dao ham dé’ xét tinh bién thién va vé do thi ham s6’

Cau 38. ChonD.

TXb:D=R
Taco: y' =3cos X sin’x — 3sin X cos?x = 3sin X cos X (sinx - ﬁos X)
, . , ~ : N 1
y' =0 < 3sinx cos X (sin x — cos x) =0 <> sin 2x.sin” x—" =0
7
4
N
[x=0 ﬂy(0)=1
[sin2x=0 {X:k_z }XZE |Y(Z@:£
4 4
<:>sin(x—f\:0<:> a :>‘ ﬂ:{ }77% ’
| 4 X = —+kr | Xx=— y =1
N 14 2 15
| x=rx | \ ")
[y(r)=-1

=>Y=LY,=-1=y,-Yy,=2
Céau 39. ChonD.
Ham s y =e*(x*~ x—1) lién tuc trén doan [0; 2]
Taco y':(ex)'(xz—x—1)+ex(x2—x—1)':ex(x2—x—l)+ex.(2x—1):ex(x2+x—2)
[x=1 :
Cho y =0 eX+x-2)=0X+x-2=0<] <(0:2)
|| x=-2 ¢(0; 2)
Taco, f(l)=—e; f(0)=-1; f(2)=¢? . Vay: m[ior_;]y=y(1)=—e

Cau 40. Chon B.
Ham s6 y=e*(x*—3) lién tuc trén doan [—2; 2]
Taco y' = (ex)' (x> =3)+e*(x* —3)' =e*(x* —3) +e*.2x =" (X* + 2x—23)
[x=1 <(_2:
Cho y =0 e (X¥+2x-3)=0=X+2x-3=0<| «(-22)
|| x=-3¢(-2;2)
Taco, f()=—-2e; f(-2)=¢7 f(2)=¢€" . Vay, r?ig]yzy(l):—Ze

Cau 4l. ChonA.
Ham s6 y = e+ 4e *+ 3x lién tuc trén doan [1;2]
] X — X X 4
Taco: y=¢ —4e*+3, Y =0=e-4e " +3=0e-_,3-90
e

e+ 3 -4=0e=1x=0¢[1; 2]
Taco, y(1) =e+f+3; y(2) = e’ + i+ 6. Vay: maxy=y(2)= e2+4_+ 6
e e2 xe[1;2] 62
Cau 42. ChonD.
Ham s6 f (X) = x.e **lién tuc trén doan [0;1]

, 1
Taco: f'(x) =e2(1-2x); f(><)=0<:>><=E e (0;1)

(=0 (1) Zit@=". vaymaxf(g- (1] 1
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Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién va vé do thi ham s6'

\2) 2e e re[01] \2) 26
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Chuyén deé 1. Uhg dung dao ham dé’ xét tinh bién thién va vé do thi ham s6’

Cau 43. Chon A.
Ham so f(x) =x"=In(1-2x) lién tuc trén doan [-2;0]
2 2(2x+1)(x-1)
1-2x 1-2x

Tacd f'(x) =2x+
Suy ra trén khoang (-2; 0) :f'(x):0<::>X=—_1
2
Cof(0)=0; f(=2)=4—In5: f(—i]:i—an
\ 2) 4
. 1 1
M=max f(x)= f(-2)=4-In5;m= min f(x) = f(——)=—-1In2
xe[-20] 2 4

xe[-2,0]

Vay: M+m=£—|n10

4
Céu 44. Chon B. cos X
o f'X)=—" ", f’(x)=0<:>x:7r(XE||_7r.5ﬂ|—||\
sin’x 2 136
2 5
N TEAY (7 _ 1l 2=2.Véy max f (x) =2, minf(x)=1.
G G i
\/§ ) L3‘6’)| i_élﬁ)

Cau 45. Chon A.
o f’(x) =2cosx+2cos2x :4cosi.cosgi

rcosxzo [x=7
. F'()=0c] 2 @} ,;foo;?’—”|n
X X = ﬂ 2|j
|LCOS__O B \ )
2
. f(O);ﬁ,f(ﬂ\=3\3}Tf( )=O,f(37ﬂ_ 2
=z —— | 5
3 2 2
\7) ")
Vay max f(x):i, min f (x) =-2.
o, 371 2 lyr
Lol Yy
Cau 46. Chor,lD'Sinx , ( (z 37))
° = , .Y =0=x=7 xe
CoS X 17
NN J)
e Bang bién thién:
2 2
' + 0 -

e Vay Maxy=-1va miny khéng tdn tai.
7.37) 7.37)
[2'2?) [zé')
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Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién va vé do thi ham s6'

Cau 47. Chon B.
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Chuyén dé 1. Ung dung dao hivm dé xét tinh bién thién va vé dd thi him so’

¢y =TEOX g x="(x e(0;7))
sin®x 2
e Bang bién thién:

X 0 z T
2
! _ 0 +
+00 +00
e Vayminy =1 vamaxy khong ton tai.
(0;7) (0:7)
Cau 48. ChonC.
TXD: D=[-1;1]. Nhan xét: Hamso f (x) lién tuc trén doan [-1;1]
2
,=1—2x Vo —1<x<1l. y=0c1-2x =0©X=i£
V1- 2
- 1 1
y(E1) = O;yfﬁw =- _;_Y(ﬁ) =
L2 ) (2 \k 2) 2 C
Do d6 M=maxy=y Vg :l;m:miny=y v :—l:>M+m:0
[-11] L 2 J 2 [-11] L 2 ) 2

Cau 49. Chon B.
TXD: D =R . Nhan xét: Him s f( x) lién tuc trén R

X 0o x-1=0ex=1; lim y=+1e, limy= o
V X2 —2X +5 X—>+a0 X——c0

Bang bién thién

Taco y' =

—0 1 +00
y’ - 0 +
+00 400
5
Do dominy=y(1)=5
R
Cau 50. Chon A.
TXDP D =R . Nhan xét: Himsé f( x ) lién tuc trén R
2x [x<0 1
Taco Y =1+ ———:y' =02} +1 =—2X& —_ =
g +\/2x2+1 R %L2x2+1:4x2<:>x J2

limy=+o00, limy=+0

X—>+00 X—>—00

Bang bién thién
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Chuyén deé 1. LTng dung dao ham dé’ xét tinh bién thién va vé do thi ham s6’

X B 1 +00
y’ - 0 +
+00 +00
1
J2

1
Vayminy="_ Kkhi x=——

w2 V2

Céau51. ChonD.
Diéu kién —4 < x <4 . Nhan xét: Hamsd f (x) 1ién tuc trén doan [—4;4]

2
batt= VXF4 NAX

(t?-8) )
Tacd y=t-4 |+5=-2t"+t+21="f(t)
\ 2 )
Tim didu kién cta t: Xét hamsé g(x) =/x +4 +/4 —x v6i x e[ - 4; 4]
g)=_—1 1 gx=0ex=0; g(-4)=2Z90)=49@4)=2 2
2x+4 24— x
= min g(x)=2<; max g(x) = 4 =t e[22 4]

xe[-4;4]

t°-8
2\/(x+4)(4—x) :>\/(x+4)(4—x) :T

=X+4+4-X+

f'(t)= -4t +1< 0 Vt €[22; 4] = f(t) 1a ham nghich bién trén [2 2 4]

Maxy=f(2)=5+2 /2
[-4:4]

Cau52. ChonC.
TXD:D=R .Pitt=sinx, —1<t<l.Khido y="f(t)=2t'+2t-1
Ta tim gid tri 16n nhét, gi4 tri nho nhat ciia ham s6 y = f (t) trén doan [-1;1]. DB ciing la gia tri
16n nhat, gia tri nho nhét cua ham sb da cho trén R . (1) 3
Taco: f'(t)=4t+2; f’(t)=0<:>t:—l e(-11); fED=-L, — =-f0)=3
2 2) 2
max f (t)=f(1)=3. Do d6 maxy=3

te[—l;l] xeR
Cau 53. ChonD.
TXD: D =R .Biénddi ¥=2sin"x—sin’x+4 . Patt=sin’x,0<t<1
Xétham sé f (t) = 2t'— t*+ 4 lién tyc trén doan [0;1].  '(t) = 83— 2t = 2t(4t°-1)
1
Trén khoang (0;1) phuong trinh f'(f)=0<t= >
Taco: f(0)=4; ¢(1V_3L f(1)=5

2) s

Vaflyminf(t):gitait=l_:minyzﬂkhiSin2X:l<:_>COSZX:Oc>X: F
te[0:1]118 2 R 8 2 4 2

Cau 54. ChonC.

7 kr
+

] 1-cos2x . ,
Do sin’x = — nén ta co
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Chuyén deé 1. Uhg dung dao ham dé’ xét tinh bién thién va vé do thi ham s6’

4
_ 1
(“LZX\ +cos*2x =~ (1-cos2x)" + cos* 2x
L\ 2 ) 8

batt=cos2x,-1<t<1

S=y=2

. . . 1 4, h
Bai todn tré thanh tim gia tri 16n nhét, gi4 tri nho nhit cua ham s§ S=9(f) = 5(1_ )'+t°, véi

-1<t<1
Taco 9’(t)=—£(1—t)3+4t3; Jt)=0c1-t) =8t - t=2test=
2 3
1 1
9(1)=1;g(—1)=3;§l(_ﬁ=_
3) 27
Vaym:minS:l_;_M:maxS:C%nénM+m:3+ 1__82

27 27 27

Cau 55. Chon A.
Nhén xét: Ta quy vé hét sin®x
Pit t=sin’x (0<t<1).Yeéu cau bai toan tr¢ thanh tim gia tri 16n nhat, gia tri nho nhat ca

hamséy = f (t) = "+ (1- t)°véi t €[0:1]

1
f'(t)=10°-10(1- )°; f'() =0 = '=(1-1)° <t= —

2
(1)L
f(O)_l,f(EJ:E f(1)=1.
Veiym:minyzi;M:maxyzlnénM.m:i
512 512

Cau 56. Chon D.

TXD: D :[—1;+oo). Taco: y' = 2\%1+_1 >0, Vx e (-1; +o)
Béng bién thién:
-1 +00
y’ +
+00
y /
0

Tir BBT ta thiy: Ham s6 c6 gia tri nho nhat bang O tai x =—1
Cau 57. Chon B.

TXD:-D=R . Taco: y':L-y'ZOQL:O@x:E
O RLace 2 _x+1 2 x+1 2
X —00 l +00
2
y’ - 0 -
+00 +00
y \ﬁ /
2
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Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién va vé do thi ham s6'

2 <

Cau 58. ChonC.
1 1

od+x 2d—x
Khido: y(-1)=+2;y (0) =2;y (1) =2
— Ham s c6 gi4 trj 16n nhat bing 2 , gi4 tri nho nhat bing ~/2
Cau 59. Chon B.

TXD: D=[-1;1]. Tacé: y'=

y'=0

TXD:D:[2;+oo).Tacé: y' = t 1 = X2 -Vx+l
294 +1 2% -2  2JUx—2Ux+1

<0;Vx e[ 2;+)

BBT:

y’ -

' \ 0

T BBT ta thay ham s6 da cho c6 gia tri 16n nhat va gia tri nho nhat.
Céau 60. Chon C.

TXD: D=R\{1; 2}.
1 1

1) (2)

Tacod: YV =- <0:vx e D

BBT:

N |

6

Te BBT ta thdy ham sb cO gid tri 16n nhat, gia tri nho nhat lan Iluot I

3 5
y=",y="=yy="._
1 2 2 6 1 2 4

Cau 61. ChonC.
TXD: D=R\{-2;-1;0}
1 1

Tacs: Y =——- 1 .
X (x+1)" (x+2)

<0:vxeD

BBT:

2/ | THBTN



Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién va vé do thi ham s6'

Céau 62.

Céau 63.

Céau 64.

CAau 65.

Cau 66.

X | =5 -3
y’ -
_4r
y 60 \ -1
6

Tir BBT ta thdy, ham sd ¢6 gia tri 10n nhét bing —g :

Chon B.
TXD: D =[1;+»). Tacé:y' =1- 1Ak
2% -1 2k -1
2k -1-1 5
=0~ —0e2/x-171eoXx=
d 2k -1 4
BBT:
X |1 E
2 +00
y’ — 0 +
1 0

vl T~ _—

£ £ cr . A, 1.3 3
Tu BBT ta thay: Ham s6 c6 gia tri nho nhat bang _ v3 gi4 tri 16n nhét bang 1
2 1

Al w

Chon B.
TXD: D = [-1;1].
X X (1 1) 2 2
Taco: y' = - = X| - |=x\/1 L
I+ V1= (WI+ V1= ) 18 A=Y
[ x=0
y =0 <x=0
j\i— X2= \/1+X2
Khi d6: y(-1)=+/2; y(0)=2; y(1)=~2.
Chon C.
TXD: D =R.
Taco: Y =sin*x+cos*x =1-2sin’x cos’x = 1- Lginzox.
2
X . 9 1 1., . 1
Ma0<sin®2x<1l< _<1-"sin°2x<1 = miny=_,maxy=1.
2 2 2
Chon B.
TXD:D=R

Taco: y=sin* x—cos“x:(sin2 X —cos’ x)(sin2 X + €0S” x):—COSZX
Ma-1<cos2x<1l<-1<-cos2x<1=maxy=1.

Chon C.
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TXD: D =R.
- - COoS 2X
Taco:y= 1+ 2sin X.coS X = \/1+SiN 2X ;Y '= ————
NJ1+sin 2x
7 Kro . [ 7] 7
y =0 c€0s2x =0&<c0s2X=0<x="+ , VI Xe 0; = X=

V1+sin 2¢ 4 2 4 2|J 4
e P AT
Khido: y(0)=1;y —f,y =1.
L) )
Cau 67. ChonD.
TXD:D=R
Ta co: y=sin® x+cos® x = (sin” x+cos” x)3—35in2 xcos’ x(sin” x+cos” x)
3

=1-3sin’x cos’x = 1— "~ sin®2x

gl—isin2 2x<1 = miny= 1_;maxy:1.
4 4

4
Ma: 0<sin®2x ﬂ@i
4

Céu 68. Chon D.
TXb:D=R
Dit t=x*+ 2x + 3 (t > 2), Khi d6 ham s tr& thanh: y =t (t—5) =t*— 5t

Ta co: Y'=2t—5;)"=0©t=_5

2
Bang bién thién:
X |2 E +00
2

y’ - 0 -

-6 +o0
y \ 25 /

4

Tir BBT, ta thiy ham s khong c6 gia tri 16n nhét.
Cau 69. Chon D.
TXb:D=R 3 3
Dit: t= X +I (t>1) = x*=t*-1. Khi d6 ham s6 tré thanh:  y=t-" =y =1+">0=
t

2

~—~t

Ham s ludn dong bién véimoi t>1 = miny=y(1)=-2.

Cau 70. Chon D.

TXD: D=R . Tacd: y9:(x—l)(§<—2)(x—3)(x—4):(x2—5x+4)(x2—5x+6)
Dit:t=x"-5x+4' -~ <t<10

| —

4

\ )
Khi d6 ham s trothanh: y=f () =t (t+2) =t’+2t>f't)=2t+2=0t=-1
BBT:
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Chuyén dé 1. Ung dung dao ham 48 xét tinh bién thién v vé do thi hiam so’

9
- — 10
t 4 1

o) - 0 n

9 12
ft) | 16 ~__ _
-1
Tir BBT ta thiy: Ham sd c6 gia tri 1on nhét bang 120 va gia tri nho nhat bang -1
Cau 71. Chon B. 24
TXD: D=[-31] Patt=+I-x +/x+3 (2<t<22)= Vi-xJ+x -—
P [ ]

— v
Khi d6 phuong trinh tré thanh: y = 2+t— 2=y =t+1>0;Vt e |_2; 2 2J

0

— Ham s déng bién véimoit e |—L2; Zﬂ |

—miny=y(2)=2; maxy:y(Zx/Z_):2+2\/§.
Cau 72. Chon A.

TXD: D = [-2; 2].

Dat: t=vVX+2 ++/2 =X (ZS'[SZ\/E)D 244 — 2:2\/2—xy’é+x =t°—4

Khi d6 ham s6 tr6 thanh: y = f () = P+ t— 4 = f () = 2t +1 > 0:V't € Ff; zﬁj

— Ham s déng bién véi moi t e |_L2; Zﬂ !
= miny="f(2) =2 maxy:f(2~2’)=4+2x/§.
Céau 73. Chon A.
TXD: D=[-1;+»). it t=$k+1 (1<t<2)
Khi d6 ham s6 trothanh: y=t'+t>=y =3+ 2t > 0;Vt [1; 2]
=miny=y(1)=2;maxy=y(2) =12.

Cau 74. Chon C.

TXD:D=R
Dt t=sin x;(-1 <t<1) . Khi d6 ham s tr& thanh:
t+1 —t2-2t+3 [t=1 () () !
= =Yy = =0<| .Dodoy -1=0;y1l=
y t?+3 (t2+3)2 Lt:—B(I) y 2
— Ham s6 dat giA tri nho nhét tai t=-1e>x=_", ham sb dat gia trj 16n nhat tai
: . : 5
1 T
t=_x=_
2 6

Cau 75. ChonD.
TXD: D=R\ {0}
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1(| 1o\|:>X2+1 ey
3 X

\ ) 107
Khi d6 ham sb tré thanh: y=t?+t—-2 =y =2t+1>0;Vte ' 2;

L)

batt=x+ 2<t<

X

[,.10]

= Ham sb dong bién Vt €' 2;

b3
Cau 76. Chon B.
TXD:D=R .Patt=x'-1(0<t<15).

" (chd nay con thiéu)

Khi d6 ham s6 trothanh: y = (t+1)° +t2 = 2t* + 2t +1= y' = 4t + 2> 0; vt €[0;15]

= Ham s dong bién trén doan [0;15].

= Ham s6 dat gia tri 16n nhét tai t = 15 < x =2 , ham s dat gia tri nho nhat tait=0< x=1
Cau 77. Chon A.

TXD: D =(—0;—2]U[L;+0). Bat t=x*+ 3x+2 (> 0).

Khi d6 ham s6 trothanh: y=t?+t-2=y =2t+1>0;Vt>0

= Ham s6 dong bién véimoit>0 = miny =y (0) =-2.
Céau 78. Chon A.

TXD: D =[0;+). it t=x;(x €[0; 4]= 0 < t<?2).
1
Khi d6 ham sb trothanh:y=t+ t—:>y’=1+ 2>O = ham s6 dong bién
t+1 (t+1)

vt €[0; 2] = miny=y (0) =0; maxy:y(2)z8.
3

Cau 79. Chon C.
Céach 1: Goi canh cua hinh chir nhat: a, b; 0<a, b <8.
Tacé:2(a+b)=16<a+b=8<b=8-a

Diéntich: S(a)=a(8—a)=-a’ +8a; S'(a)=—2a+8; S'(a)=0<a=4

Béng bién thién:
a 0 4 8
S (a) + 0 —
16
0 0
Cach 2
Apdung Cosi: a+b>2  _ op (a+b), < ab<16

vab |

Dau “="xayra<>a=b=4
Vay hinh chir nhat c6 dién tich 16n nhat béng 16 khi canh béng 4

Cau 80. Chon A.
Cach 1
Goi canh cua hinh chir nhat: a, b; 0 <a, b <48
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Ta c0: ab:48<:>b=48 . Chu vi: P(a)zz(a+48\
e I
a a
\ )
P'(a) = 2(1_§§B P(a)=0ca=4g3
Béng bién thién:
a 0 4 3 48
P’ (a) - 0 +
P (a)
Cach 2

e Ap dung bit ding thirc Cosi: a+b>2ab < a +b >2./48 =83
&> chu vi nhé nhat: 2(a + b) = 164/3
e Hinh chi nhat c6 chu vi nho nhat bang 16+/3 khi canh bang 443,

Céau 81. ChonC.
Goi mdt trong hai sb phai tim 13 X, s6 con lai: x + 13.

A i ' —13
Tich hai sé P(X) = x(x +13) = x* +13x. P'(X) =2x+13, P'(X) =0 <X :T .
Bang bién thién
-13
X | - ES +o0
P(x) - 0 +
0 +00
4

L s - o2 130
Tich cua ching bé nhat bang ? khi hai s0 la Eva %3

Céau 82. Chon A.
Van toc ctia chuyén dong la v =s' tirc la v(t) = 12t - 3t*,t> 0
Vit)=12-6t, V() =0=t=2

Béng bién thién:

Vv (t) + 0 _

v(t) / \

Ham s6 v(t) dong bién trén khoang (0;2) va nghich bién trén khoang (2; +)
< Max v(t) =12 khit=2. Van toc dat gia tri 16n nhat bang 12 khit=2.

Céau 83. Chon A.

a . ’\ .
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Cau 84.

CAau 85.

CAau 86.

Canh gdc vuong con lai 1a: +/(a — x)°— X°

Dién tich tam gidc S (X) = 1y F-2ax.S'(x) = a@-3%) -g(x)=0e=x=2
2 2% — 2ax

Bang bién thién:

X 0 2a-

N | o

o
'691
olw|w

S'(x) +

2

A T~

-y URTI Y, , L, 13 a . , ~ a A
Tam giac c6 dién tich 16n nhat bang khi canh géc vuong 3 canh huyén ___

QD

Chon A.
Sau mot vy, trung binh sé cd trén mdi don vi dién tich mit hd can nang:
f (n) = nP(n) = 480n—20n’(gam). f'(n)=480-40n=0<n=12
Bang bién thién:
n 0 12 400
f'(n) + 0 -

. / f(12) \

Trén mdi don vi dién tich cia mat hd, can tha 12 con c4 thi sau mot vu thu hoach duge nhiéu
gam ca nhat.

Chon B.

Ta co: G(x)=0.75x*—0.025x°, x> 0; G'(x) =1.5x—0.075x*; G'(x) =0<=> x=0,x=20
Béng bién thién:

X 0 20 +00
G' (x) + 0 -
100

G (x) / \

Liéu luong thudc can tiém cho bénh nhan dé huyét 4p giam nhiéu nhit 12 20 mg, d6 giam la
100.

Chon D.
Khi boi ngugc dong van toc ctia ca la: v — 6 (km/h)

. 300
Thoi gian dé ca vugt khoang cach 300 km lat = _6(V > 6)
V —
3 300 Ve
Nang lugng tiéu hao cua ca khi vuot khoang cach 300km la: E(v) =cv Y 300c -
V— V—

E'(v) = 600cv? V;ng; E'(v)=0 < v=9do (v>6)

Béng bién thién:

31| THBTN
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v 6 9 +00
E'(v) - 0 +

E(v) \ E ) /

Ca phai boi vi van toc 9 (km/h) thi it tiéu hao ning lugng nhat.
Cau 87. ChonD.
f'(t)=90t-3t°; f' ()=90-6t,f'()=0=t=15
Béng bién thién

t 0 15 25
fr(t) + 0 -
675
A
Téc d6 truyén bénh 16n nhat 13 vao ngay thir 15.
Céu 88. Chon D.
Goi H 1a trung diém ctia BC = BH =CH = i
2
P
patBM=x/ 0<x<? Q
| —_
2
\ Y
L. _ _ _ 0_
Taco.MN_ZMH_a—Zx,QM_BMtanGO_xJ§ B M H N C
Dién tich hinh chir nhat MNPQ la:
S(x)=(a- 2x)x\/3 = a/3x — 2/3x?
, a
S'(x) = J3@-4x),Sx)=0<x= 7
Bang bién thién:
Vi tri diém M: X 0 a a
4 2
Cau89. Chon C. §'(x) + 0 -
V3 .
BM=2
4 h 1h
. 500 D
Thé tich ciia hop 1a: V = x*h = 500(cm®). Do @6 h = x> 0.
X
X
Di¢n tich cia manh céac tong dung lam hop la:
S(x):x2+4hx:x2+2000 x>0 hI X
X h
2000 2(x*-1000)
S'(x) =2x— = , S(X)=0<=x=10
X X2

Bang bién thién
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X 0 10 +00
S (x) _ 0 +

S(x) \ 300 /

Vay mudn ton it nguyén liéu nhat, ta 1y do dai canh day hinh hop 1a x = 10 (cm).

Cau 90. Chon B.
Goi chiéu cao, ban kinh day va thé tich ciia hinh try ndi tiép hinh cau l1an luot 1a h, r va V. Khi

6.V Zh Vi 2 Rz h? (2 h? ) (2 h*)
o,V=zrh.Vir = ——4—nénV=7sz——|-h:7r|Rh——|T
4°) U 47
V(h=z|Rh hs\|h (0;2R); V'(h) |(R2 BhZ? V(=0 he o
=7 —__|,he(0; ; =x|R —__|; =0 h=__.
L) .4 NE
Bang bién thién:
i 2R
0
; 2R
V' (h) + 0 -
® 47R°
33
0 V3 0

A 1 As LA \ A ’ s ’ A oLr r A . A 5 r M 2R
Vay hinh tru ndi tiép hinh cau ban kinh R c6 thé tich 16n nhat khi chiéu cao cua n6 bang

i

7R®

38

Khi d6, thé tich hinh tru 1a

Cau 91. Chon B.

| ]

Goi x 14 d6 dai canh ctia hinh vuéng bica ' <x<

L)

Thé tich ctia khéi hop 1a: V (x) =x(a — 2x*'  <x<

S

V'(X)=(a—2x)"+x2(a-2x).(-2) =(a—2x)(@a-6x) ; V'(X) =0 = x =

o |
AT TN

Béng bién thién
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Chuyén deé 1. LTng dung dao ham dé’ xét tinh bién thién va vé do thi ham s6’

X 0 a a
6 2
V' (x) + 0 -
2a°
0 0
a) L . , a 2a°
Vay trong khoang | 0;— | ¢6 1 di€ém cuc dai duy nhatla X = — taj d6 V (X) = —.
2 6 27
Céau 92. Chon C.
Téap xac dinh: D=R. Batt—S X, —1<t<1. Ifhlfﬂ) Y3 f(t)_2t2+2t -1
f')=4t+2;f')=0t= [11]:>f = f(l)_—lf(l) 3
=z ‘2‘ =z
)

Vayminy=__ - , maxy=3.
R 2 R
Céau 93. Chon A.
Tap xac dinh: D=R
y = 2(1- 2sin*x) + 2 sin X = —4 sin*X + 2 sin X + 2
Pitt=sinx, -1 <t<1,khidoy="f (t) = -4t +/2t+2
frt)=-8t+2,f'()=0t="€[-1;1] = f(-1)=-4,f(1)=0
4 )
Vayminy:—4,maxy:g
R R 4
Céu 94. Chon B.
Ditt=sin’x, 0<t<l =y=f(t)=t'-4t+5. f'()=2t-4;f'() =0 t=2 ¢[0;1]
f(0)=5f(1)=2.Vayminy=2 maxy=5
R R

Céau 95. Chon C.
y=sin*x—sin’x + 3. Batt—smx0<t<} ?y f)=t"—t+3
frt)=2t-1f'() =0 > t= £(0)=3;f(1)=3

2 2) 4

Vayminyzl_l,maxy:3
R 4 R

Cau 96. Chon D.

2t 7+t +1
Tap xéc dinh: D=R . Bitt=¢osx|0<t<1 =y=f(= ———
2 =
f'(t):2t + 4t f’(t)=0©[ =f(0)=1(@1)=2

(t+1)" [t=-2 ¢[0;1]
Vayminy=1, maxy=2
R R

Cau 97. Chon B.
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t+1 , —t*— 2t
fr)=——"5
(t2 +t+1)

Patt=sinx,-1<t<1 =D y=f(t) = )
: y="1@ t2+t+1

' [t:O e[-1:1] 2 o,
f'()=0e =f(0)=1f(-1)=0f(1)=".VayM=1,m=0
3

|t=-2¢[-1:1]
Cau 98. ChonD.
Taco Y =X -x-6= =
3 2

1x €(0;4)

, 1,1 . L
Vay gié tri 16n nhit ctia ham s ¥ = X~ EXZ — 6x + 3 trén doan [0; 4] la 3.

Cau 99. ChonC.
Ham sé y=(x+3)v—X—2x+3 c6 tap Xac dinh D = [-3;1]
—2x* - 6X JY'ZO
= ex=0=y(-3)=0,y(1)=0,y(0)=3

y=____
N=x*—2x+3 |xe(-31)

Vy gid tri nho nhét cia ham s6 y=(x+3)v-x’-2x+3 1a0
Céau 100. Chon B.
Ham s6 y = /X —2 ++/4 —x ¢0 tap xac dinh D = [2; 4]

11
Vo2 2d—x xe(2;4)

Vay gi4 tri 16n nhat ctia ham s6 y=/x -2 +/4 —x 1a2

Céu 101. Chon C.

y:23in2x+5coszx—1:30052X+5:1£ys4

2
Vay ham s y = 2sin’X + 5c08° X —1 ¢6 gia tri nhé nhat bang 1.

Céau 102. Chon C.

Ham s y = x++/18 - ¢6 tap x4c dinh D:[—&fs afl ]
2 =0
X X:Jy < X=3

18 — X2 |xe (—3‘/2_;3\/2_)
=y(-32)=-3¢,y(3¢)=32y(3)=6
Vay hamsb y =X ++/18 —X* ¢6 gia tri 16n nhét bing 6.

Céu 103. Chon B.
, 7
Pt t=cosx(~1<t<1). Xétham Y =2t "

y' =

t?—3t+5 trén doan [-1;1]

y—et -3 Y 7O ote by (=8 oty 29
te(-11) 3 7z |3l s
[ N,

V0 sy @)=y @)=-2 y @)=

y'=0 & x=3 :>y(2)=\/§,y(3)=2’y(4)3;/E
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7 e o1
Vay ham s§ y=2cos® X —— cos’X — 3€0S X + 5 ¢6 gid tri nho nhat bang_~ .
' 2 2

Cau 104. Chon D.
y=-2sin’x + 3¢c0s 2X — 6 sin X + 4 = -2sin*x — 6 sin°X — 6 sin X + 7
batt=sinx (-1<t<1).Xét ham y=—-2t"— 6t*— 6t + 7 trén doan [-1;1]
y' =-6t°~12t - 6 =y =0 vd nghiém. Taco: y(-1) =9,y (1) =-7
Vay ham sé y = -2sin® x+3c0s2x —6sin x+4 c6 gia tri 16n nhat bang 9.
Cau 105. Chon B.
Taco y=3-x>1=x<2=x€[0; 2]
Khidé P =x"+2(3- x)2 +3x? +4x(3-x)—5x =x* + x* —5x +18

Xét ham s6 f(X)=X3+ X*— 5X +18 trén doan [0; 2] ta co:
£1(x)= 3% +2x—5:>{f (=0 -1
Xe

£(0)=18,f (1) = 15, (2) = 20
Vay gi4 tri 16n nhat va gid tri nho nhat cua biéu thtc P =x°+ 2 y*+ 3X*+ 4xy — 5X  lan luot
bing 20 va 15.
Cau 106. Chon C.

2
Tacoy= Ij X 1 Hamsby dat gid tri 16n nhét trén khodng (0; +o0)
8x°+1 VIX*+1 — x
khi ham s f (X): \VOx? +1 — x dat gié tri nho nhét trén khoang (O; +oo)
9x !f'(x)z 0 1
-1= =
VOx* +1 | x e (0;+0) 62
mint () =1/ 1220 maxy =324
(0rec) Lﬁf) 3 (05+c0) 4
Cau 107. Chon C.
Ap dung bét dang thirc B. C. S ta co:
a5+ 200 = [5(9+4x7) = (22 +1)(3° + (2%)7) 2R3 +L.2x |G+ 2|

Suyra y >+ 2x|+ Px — 3|. Ap dung bat dang thirc 4 4 b|al- b | ta duge:
6 +2X+Px—3[=6+2x |- 3—2x|>|6+2x+3-2x|=9 =y =9

Ta co: f'(x):

Vay ham s6y = /45 + 20X +[2x —3| c6 gié tri nho nhét bing 9 .
Cau 108. Chon B.
TXD: D=[-2;2]. Hams6 y=f(x) =x+ ¥4 —X* lién tyc trén doan [-2; 2].

(x>0
ﬁ;y,:()@ \/4—X2:X<:>{‘E_X2:X2 <:>)(:\/§

y(-2)=-2;y(2)= 2;y(?)=2 2. Véyr[r}g]y=y(—2) =2

y'=1-
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Cau 109. Chon C.

TXD:D=R .Hamsé Y=FT(X) = \/% lién tuc trén doan [—1; 2].
X"+

—X+1

Taco: y'=————;y' =0 x=1.Do y(-1)=0,y(1)= V2, y(2)—T nén
(x2 +l) 5
maxy=y(@) =2, mmy y(-1)=0
[-12] [-%
Cau 110. Chon C.
Ham sb xac dinh véi Vx e [1; e3]
In®x [ 3] In x(2 - In x)
Hamsdy = lién tyc trén doan |_1; e | Taco Yy = ,
X X
_ x=1¢ (L€’ _ 4 9
y:OCJMX—OCJ_ ( ).Kmdéﬂnzmy@ﬁ:_£y®%=_?
Inx=2 [}=¥E(L§) e e
So sanh céc gia tri trén, ta co r[na)]( y=y(e") =—
1;6° e
Cau 111. Chon A.
Ham s xéc dinh, lién tuc trén doan [0; 2]
=0 :
Taco y = 2X+4X,y 02X +4x= OQ[X «(0;2)
(x+1) | x==2 ¢ (0;2)
—Y(0) =3y ="". Vay maxy=y() =" ;miny=y(0) =3
3 xe[0:2] 3 xe[o2]
Cau 112. Chon A.
Do Xx+Yy=1nénS=16x"y*+ 12(x + y)( X*— xy + Y*) + 34xy
= 16X y*+ 12[(x + y)* = 3xy] + 34xy, do x +y = 1= 16x"y*— 2xy +12
x+y)? 1 1
Pitt=xy.Do X=0;y>0nén0<xy< =_=te[0;—]
4 4 4
, 1 , 1
Xéthamsb f(t) =16t° —2t+12 tren[o;z]- Tacd frt)=32t—2; f'(V =0@t=E
Bang bién thién
1 1
0 il =
X 16 4
f(t) — 0 +
12 25
(O | T~ 101 7
16

Tir bang bién thién ta co:
1) 191 . (1) 25
min f () = _ s max f (t) = e
® (1'6“ =16 O=1z)=%

1 M1
) A
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(x +y=1 [x:l

Vay gia tri 16n nhat cta S 1a 275 dat duge khi {131 < J 2
o
L

I (2+32-3)
o a oy 191 Clx+y=1 }(x,y)—kJ}?_—z’ 4\/_|
gia tri nho nhat cua S la dat duoc khi o )
5

Céau 113. Chon A.
Taco (x—4) +(y—4) +2xy <32 (x+y) -8(x+y)<0<0<x+y<8
A=X+y+3(xy-1)(x+y—-2)=(X+y)’-3(x+y)—6xy+6
=K 2(x+y)3—§(x+ y)? =3(x+Yy)+6

batt=x+y.Do0<x+y<8nént €[0;8]

Xétham s f (1) = £ gtz _3t+6 trén [0:8] .

Tach f'(t):3t2—3t—3,f'(t)=0C>t=l+\p hoe?lct=1_—‘/§(1oai)
5 :

2
£0)=6; f(1*)-17-56 .1 (g)- 308 SuyraA> 17 =56
2 4 4
Khix=y =£thi diu bang xay ra. Vay gid tri nho nhét ciia A 1a 17-5 \5/_
4 4

Cau 114. Chon D. :
1 X4y’ )+ -xy+y) =(x+ye (1 1)

1

A=_-+ - 33 Xy = —+—1.
YRy i Y

Dt x =ty . Tir gia thiét ta co: (X + Y)xy =X+ y*— xy = (t +Dty’= (= t +1) y°

-t+1 £—t+1 (1 1Y o(t+2t4 Y
Dodoy= —t2+¢ ;x=ty=—t41 . Tu do A=|—+— e
\ X VJ \ )

, 2 2
Xéthamsé ft)=U42041 | frgy= 3043
t—t+1 (tz—t+1)

Lap bang bién thién ta tim gi4 tri I6n nhit cua A 13: 16 dat dugc khi X=Y = -

Cau 115. Chon C.
Vi a, b 1a céc sb thuc duong, ta c6:
2(a*+b*)+ab=(a+b)ab+2) = 2(@°+b’) +ab=a’h +ab’+ 2(a+b)
<:>2(f+_b\+1:(a+b)+ Ilil\
Lb aJ Ea bJ
Ap dung bét dang thirc Co—si ta duoc:
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Chuyén dé 1. Ung dung dao ham 48 xét tinh bién thién v vé do thi hiam so’

(a+b)+2(%+i}2Jz<a+b)(;+é}=2Jz(2+2+2]

(a, b)
Suy ra: 2 +1>2 b :(E+E\ZE-
L J \/2(Z+a+zj Lb aJ 2
5O

a
Patt=_+_ t>"_Taduge: P=4(t'-30)-9(t-2) =4t 9’12t +18.
b a 2

Xét ham sé: T (1) =4 — 9P —12t + 18 voi t> 5_

2
FiD) =62 —3t-2)>0.vt> > Suyramin f=fl > =_23

2 (St Lz J 4
23 L2 )
Vaymin P=— " @dat duoc khi va chi khi a_ b 5vaa+b=2

(1 1)
4 o a2 la b)
< (a;b) = (2;1) hodc (a;b) = (1; 2)

Céau 116. Chon D.
Do1<x<2;1<y<2nén(x-1)(x—-2)<0,nghialax’+2<3x.Tuong ty y’+2 < 3y
Suyrap > X+2y N y+2X N 1 _ X+y +D1

3X+3y+3 3y+3x+3 4(x+y-1) x+y+1 4(x+y-1)

. t 1 .
Patt=x+ysuyra2<t<4.Xét f()=__ + ,voi2<t<4

t+1  4(t-1)

f'(t) = ! .Suyra f'(t)=0<=t=3

(t+ ) 4t-1)?

‘ 11 7 53 7 7
Ma f(2)=_"; f(3)=—;f(3)= — nén f(t)> f(3)=—.Dods P>_
12 8 60 8 8

Khi x=1,y=2 thi P = " Viy gié tri nho nhét cia P 1a |
8 8
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Chuyén dé 1. Ung dung dao ham dé'xét tinh bién thién va vé do thi ham so BTN_1 4

A. KIEN THUC CO BAN

1. Dwong tiém cdn ngang
e Choham sé y=f(x) xac dinh trén mot khoang vo han (1a khoang dang (& +), (—oo;b) hodc
(—oo; +oo)). Puong thang y =y, la dudong tiém cin ngang (hay tiém cin ngang) clia dd thi
hamsé y=f(x) néu it nhat mot trong cac diu kién sau duoc thoa mén

lim f(x)=y,, lim f(x) =y,

X—>+00
e Nhin xét: Nhu vy dé tim tiém can ngang cua do thi ham s ta chi can tinh gi6i han ciia ham
s6 do tai vo cuc.
2. Duwong tiém cdn dirng
e Duong théng X =X, dugc goi la duong ti€ém cin dirng (hay tiém can ding) cua do thi ham $b
y=1(X) néu it nhat mot trong cac diéu kién sau dugc thoa man
lim f(x)=+ox, llﬂ(: f(X) = —oo, Xllgﬂ] f (X) = —0, )I(LFQ f(X) =40

X=X "
0

B. KY NANG CO BAN

1. Quy tic tim giGi han vé cuc
Quy tic tim gi6i han cua tich f (x).g( X)
Néu limf(x)=L=0va limg(x) =+ (hodc —o)thi limf(x).9(X) duoc tinh theo quy tic cho

trong bang sau:

lim £ (x) lim g(x) lim f (x)g(x)
L>0 o0 o0
—0 o
L<0 o0 —0
—®© +00
Quy tic tim gi6i han cua thuong ﬂ
9(x)
lim f li £ . T(x)
im f (x) im g(x) Dau cua g(X) lim—=
X—=Xo X—Xg X—Xq g(X)
L +00 Tuyy 0
+ +00
L>0
0 — —0
L<0 + —0
— +00

(Dau ciia g(x) xét trén mot khoang K nao d6 dang tinh gi6i han, voi x = X,)

2. Chay: Cac quy tic trén van dang cho cac truong hop X — X, X% ,X—>+0oVa X —> -0,
Vidu 1. Tim lim (x*—2x) .

X—>—00

Gidi.
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Chuyén dé 1. Ung dung dao ham dé'xét tinh bién thién va vé do thi ham so BTN_1 4
2)

3
Tacéd lim(x —2x) =limx Ll__)|—_

X—>—00 X—>—00

3 [ 2)

Vilimx =-oo valim|1- ,|=1>0.
x’)

X—>—00
X—>—00

o 23-5x+1
Vidy 2. Tim lim ———.
x>+ X7 —X+1

Gidi.

3 2 |
XX AL _im | x. 2 « 3(||_Jroo
x=>+0 X — X+ 1 x—>+ooL 1__+_|

X x¢)

Tacod lim

Vi lim X = 400 va Iim—l—l—:2>0.

X—>+00 X—>+0

Vidy 3. Tim lim 2¥
-1 x =1

Gidi.

Taco lim(x-1)=0,x-1>0 véimoi x>1va lim2x-3)=-1<0.

x—1* x—1*

2Xx -3
Dodd lim_  —~ =-c0.

-1 X 1

Vidu 4. Tim im2X =3
-1 x =1

Gidi.
Tacd lim(x-1)=0,x-1<0 véimoi x<1va lim(2x-3)=-1<0.
x—1" x—>1*
2x -3
Do do lim_— =+
-1 X 1

C. KY NANG SU DUNG MAYTiNH

©Y twéng gia st can tinh lim f () ta dung chtrc ning CALC dé tinh gia tri cia  f (X) tai cac gia

tri clia X rat gan A.
1. Gidi han ciia ham soé tai mét diém
lim f(x)thinhap f(x) vaCALC x=a+10"°.

x—a*

lim f(x) thinhap f(x) vaCALC x=a-10".

X—a

lim f (x) thi nhap f(x) vaCALC x=a+10"hoic x=a-10".

2. Gidi han ciia ham sé tai vé cwc
lim f(x) thinhap f(x) va CALC x=10".

X—>+00

lim f(x) thinhap f(x) va CALC x=-10".

o X+ 2x-3
Vidu 1. Tim lim .
x—1* X =1
Gidi.
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Chuyén dé 1. Ung dung dao ham dé'xét tinh bién thién va vé do thi ham so BTN_1 4

. X +2x—3
Nhap biéu thuc .
’ x-1
An r may hoi X? 4n 1+107p9= may hién 4.
X+ 2x-3
Nén lim—m=4
x—1" X—=1

2Xx—3

Vidu 2. Tim [im
-1 x =1

Nhap biéu thic X~ °

x-1
An r may hoi X? 4n 1+10°p9= may hién -999999998.
2Xx -3

Nén lim
-1 x =1
Vidu 3. Tim |im
-1 X =1
Nhap biéu thire X ° .
x-1
An r may hoi X? an 1p10°p9= mdy hién 999999998,
Nen lim X 3= o
-1 x=1

2X—3

2+ 2x-3
Vidyu 4. Tim lim :
X—>+00 X +1

Gidi.
2X°+2x — 3
4l
An r may hoi X? an 10710= may hién 2.
22+ 2x - 3
Nén lim ——— =2

X—>+00 X =1
2
Vidy 5. Tim lim YX £ 2X+3+2X
X—>+00 X +1

X2 +2x+3+3x

x+1
An r may hoi X? an 10710 = méay hién 3.
22X+ 2x-3
Nén lim — =2,

X—>+00 X =1
VX +2X+3+2x+1

Nhap biéu thirc

Gidi.

Nhap biéu thirc

Vidu 6. Tim lim

X0 X+1
Gidi.
2
Nhap bidu thirc X +2X+3+2x+1 _
X+1

An r may hoi X? an p10~10=may hién 1.

2
Nan lim VX +2x+3+2x+1:

X0 X+1

1.

3] THBTN



Chuyén d¢ 1. Ung dung dao ham dé'xét tinh bién thién va vé do thi ham so’
, . R n , A g . , . z 2x -1
Vidu 7. Tim tiém cén ngang cua do thi (C) cia ham sd Yy = B
X+
Gidi.
Nhip biéu thire X 2
X+2

An r may hoi X? 4n p10~10= mdy hién 2.
An r may hoi X? an 10°10= may hién 2.

Nen lim 2> o2 im & tog,

om0 X +2 oo XA 2
Do d6 duong thang y =2 latiém cén ngang cia (C).
Vi du 7. Tim tiém can ding ctia do thi (C) cia ham sé Y = ))((LZ .
Gidi.
Nhap bidu thirc - +12.

An r may hoi X? 4n 2+107p9= may hién 3000000001.

An r may hoi X? 4n 2p10°p9= mdy hién -2999999999.

L 2X-1 . 2x-1
Nén lim =+, lim =

-2 X +2 =2 X+ 2
Do d6 dudng thang x =2 1a tiém can dtmg cta (C) .

—00 .

D. BAITAP TRAC NGHIEM

Céau 1.

Céau 2.

Cau 3.

Cau 4.

Caub.

Cau 6.

Do thi hamsd y = X 1 c¢6 cac duong tiém can dung va tiém can ngang lan luot 1a:
X_

A x=1vay=-3. B.x=2va y=1.

C.x=1va y=2. D.x=-1vay=2.

Do thi hamsd y=— > c6 cac duong tiém can dung va tiém can ngang lan luot 1a:
X +

A x=-2vay=-3. B. x=-2va y=1.

C. x=-2va y=3. D. x=2va y=1.

Do thi hamsd y = > 3_ 5 c6 cac duong tiém can dung va tiém can ngang lan luot 1a:
X" —3X +

A x=1, x=2va y=0. B. x=1, x=2va y=2.

C. x=1vay=0. D. x=1,x=2vay=-3.

Y r 1_ 3X2 1

D6 thi hamsé Y = — X 20 c6 cac duong tiém can dung va tiém can ngang lan lugt 1a:

X —6X +

A x=3va y=-3. B. x=3va y=0. C. x=3va y=1. D. y=3va x=-3.

. ) A+ X+2 ' ' .
b6 thi hamso Y = g c6 cac duong tiém can dung va tiém can ngang lan lugt 1a:
X —
A y=2 va x=0. B.x=2va y=0. C. x=2va y=3. D.y=2 vax=3.
J4 \  n ~ ) A L 1 £ 1-x \
S0 duodng ti€ém can cua do thi ham s6 y = la:
3 +2x
A. 4. B. 1. C.O0. D. 2.
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Chuyén dé 1. Ung dung dao ham d¢ xét tinh bién thién va vé do thi him s§’ BTN 1 4
. \ . 1
Cau 7. SO duong tiém can cta do thi ham s6 Y = la:
3X +2
Al B. 3. C. 4. D. 2.
A Je \  n ~ , A 1t 1 Je x+1 .
Cau 8. SO duodng tiém can cua d6 thi ham s6 y =— 2 la:
X —_
A. 4. B. 2. C. 1 D. 3.
Cau9. S duodng tiém cén cua dd thi ham sé y = %+ X la:
X*— 3X—
A. 4. B. 3. C.2 D. 5.
A sk X+2 o . \ A1 omi
Céu 10. Chohamso y= 3 khang dinh nao sau day la sai:
X J—
A. Do thi ham s c6 tiém can dimg x =3, B. Ham sb nghich bién trén R \{3} .

C. D6 thi ham sb ¢6 tiém can ngang la y =1.  D. DS thi ham s6 c6 tdm ddi ximg 12 1 (3;1) .

Cau 11. Do thi ham s6 nao sau day c6 ba duong tiém can ?

1-2x 1 X+3 X
A y= : B.y= . C. Y= : D.y= .
1+ x 4 -x? 5x —1 X=X +9
Cau 12. X — 9x*
Chohamsd Y= , Khang dinh nao sau ddy 1 khang dinh dtng?
(3x* -3)
A. D) thi ham sb c6 tiém can dimg, khéng cé tiém can ngang.
B. DO thi ham sb ¢6 2 tiém can dimg, c6 1 tiém canngang y=-3.
C. D) thi ham s6 ¢6 2 tiém can dimg, c6 1 tiém canngang y = —1.
D. Do thi ham sb khdng ¢ tiém can dung, c6 tiém can ngang.
Cau 13. Do thi ham s6 ndo sau day khong co tiém can dung:
A y=X"1 B.y=_o. C.y= ¥X+3 Dy=_ L+
X +1 X X+2 X' —2x +1
Cau 14. Do thi ham s6 ndo sau day khong co tiém cin ngang:
2X -3 [ 4 2 3 3
A_y= ) Byzwc y= > . D y=—+1.
x+1 2x -1 X —1 X—2
Cau 15. DO thi nhu hinh v& 1a cta ham sé ndo sau day :
N
| T~
'\ 0 : ]
\ 2
Ay="" B y=""% c.y="*?2 D.y_X=2
X+1 x-1 x-1 x-1



Chuyén dé 1. Ung dung dao ham 48 xét tinh bién thién v vé do thi hiam so’ BTN 1 4

Cau 16.

Céu 17.

Céau 18.

Céau 19.

Céau 20.

Céau 21.

Céau 22.

Céau 23.

Cau 24.

Céau 25.

Cau 26.

Db thi hamsb y= c6 duong tiém ¢n ngang la

3X+2
A x=3. B. x=1. C.y=3. D.y=1.
Do thi hamsd Y= X7 ¢6 bao nhiéu duong tiém can?
’ X+ 2
A. 1l B. 2. C.3. D. 0.
J4 \ A n , by Cq s z 2x -1 R
S6 duong tiém can clia d6 thi hamso y=——— 1a
X"—3X+2
A. 0. B. 1. C.2. D. 3.
mx +9

¢6 db thi (C) . Két luan nao sau dy ding ?

Chohamsé y =
X +m

A. Khi m = 3 thi (C) khong c6 duong tiém can ding.

B. Khi m = -3 thi (C) khong ¢6 dudng tiém cén dung.

C. Khi m # 3 thi (C) ¢6 tiém can diing X =-—m, tiém can ngangy =m .
D. Khi m = 0 thi (C) khdng c¢6 tiém can ngang.

Tim tat ca cac duong tiém can cua dd thi ham s6 y= x+3
X+

A.y=+1 B. x=1. C.y=1 D. y=-1

P ) v aX oy . mx-1 , .. n , . L2
Vi gia tri nao cia m thi do thi (C ): y= 72)( . 6 tiém can dung di qua diém M (-1; \/5) ?
_l_
A.mzﬁ. B. m=0. C. m:E. D.m=2.
2 2
mx +n

Chohamsé y= c6 d6 thi (C ). Biét tiém can ngang ciia (C)  diquadiem A(-1; 2)
X —

dong thoi diém 1 (2;1) thude (C ). Khi d6 gia tri ciam +n 1

A m+n=-1. B.m+n=1. C.m+n=-3. D.m+n=3.
, . VX +1 - X
So tiém cin cua ham so y=+— la
VX'-9-4
A 2. B. 4. C. 3. D. 1.
., . N 2 A . N e X—m A PN A , \
Gia tri cia m dé do thi hamso Yy 2—1 khong c6 tiém can diang la
m —

A.m=0;m=+1. B. m=-1. C. m=+1. D.m=1.
2 3y,3 2
S6 tiém can cta ham sd y= \/X L+ \f( I S+ la
X_
A. 3. B. 2. C. 1 D. 4.
/ 2
Db thi ham sd y = X+ 2X +22 mX c6 hai duong tiém can ngang véi
X +
A.VmeR. B. m=1. C.m=0;,m=1. D.m=0.
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Chuyén dé 1. Ung dung dao ham dé'xét tinh bién thién va vé do thi ham so BTN_1 4

VX=X +1 4+ mx

Cau27. Pothihamsby= N c6 dudng tiém can ding khi
A. m=0. B.Vm eR. C. m=-1. D.m=1.
A £ \ ‘A A PIETIR A v — \/4—X2 N
Cau 28. So6 duong tiém can cua do6 thi hamso Y = m la:
X" =3x—
Al B. 0. C. 2. D. 3.
[ [2
) . ) XX+1 neux=1
Céau 29. So tiém céan cua do thi hamso Y = .
2X  neux<l
[x-1
Al B. 2. C.3. D. 4.
X'—(2m+3) x+2(m-1)
Cau 30. Xac dinh m dé d6 thi ham sd y = 5 khoéng co tiém can dimg.
X_
A m=-2. B. m=2. C. m=3. D.m=1.
Cau 31. Xac dinh m dé d6 thi ham s6 y 3 c¢6 dung hai tiém cén dung.
4x* +2(2m+3)x+m’ -1
A.m<—E. B.-1<m«<1. C.m>—§. D.m>—E.
12 2 12
Cau 32. Xac dinh m dé dd thi ham sé y = x-1 c6 ding hai tiém can dang.
X +2(m-1)x+m’ -2
A.m<§;m¢1;m¢—3. B.m>—§;m¢l.
2 2
C.m>—§. D.m<:i
2 2

Cau 33. Tim tt ca cac gia tri thuc ciia tham sé m dé d6 thi hamsd  y=x++mx*+1 c6 tiém cén ngang.
A.0<m<l. B. m=-1. C. m>1. D.m=1.

X =X+3-/2x+1

3

Cau34. Chohamsdy= -
X'—2X"—X+2

. Trong cac khang dinh sau, khang dinh nao 1a khang

dinh dang?

A. Db thi ham s6 khong co ti€ém can ding, khong c6 ti€ém can ngang.

B. D6 thi ham s6 khong c6 tiém can dimg va c6 dung 1 tiém cén ngang.
C. Db thi ham s6 c6 ding 3 tiém can ding va 2 tiém can ngang.

D. Do thi ham sb ¢6 ding 2 tiém can ding va 1 tiém can ngang.

X+1

Jmxe+1

Cau 35. Tim tit ca cac gia trj thuc ctia tham sé m sao cho d thi cia ham séy = ¢6 hai tiém
can ngang.

A m<D0.

B. m>0.

C. m=0.

D. Khdng c6 gid tri thuc ndo ciia m théa man yéu cau dé bai.
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Chuyén dé 1. Ung dung dao ham dé'xét tinh bién thién va vé do thi ham so BTN_1 4

N/

A N A 5 7 =7 . ” A A . o N A X 4 *A A
Céau 36. Tim tat ca cac gia tri thuc cua tham so m sao cho do thi cia hamso Y= co tiém can
X—m
dang.
A. m>1. B.m=1.
C. m<1. D. Khéng c6 m thoa man yéu cau dé bai.
A A a g , £ A ot n 1o £ X+1 L 2
Céau 37. Tim tat ca cac gia tri thuc cua tham s6 m sao cho do thi ciahams6 Y= o3 m c6 ding
X’—3x"—=m
mot ti€ém céan ding.
[m>0 m>0 m>0
A.meR. . . C. | ) D. |
[m <-4 |m <-4 |m <-4
. . o : o , X —mx-2m*>
Cau 38. Tim tat ca céc gia tri thuc cia tham s6 m sao cho do thi ciahamsdé Y= —2 co tiém
X —
can dung.
. e [m=-2
A. Khong c6 m théa mén yéu déu de bai.. B. .
[m =1
(m=-2
C.melR. .
m=1
A R YT T , £ X s o 1 £ 5x -3 A .
Cau 39. Tim tat ca cac gia tri thuc clia tham s6 m sao cho d6 thi ciia ham s6 Y =————— khong co
X" —2mx +1
tiém can ding.
m>1
A . B.-1<mx<1. C. m=-1. D.m=1.
m<-1

A . £ 2x+1 s . \ A, iR £y 1 A X A
Cau 40. Chohamso y= L 0 do thi (C ). Goi M 1a mét diém bat ki trén (C ). Tiep tuyén cua
X —
(C) tai M cét céc dudng tiém can cia (C)  tai AvaB. Goi | 1a giao diém cta cac duong

tiém can cua (C ). Tinh dién tich cia tam giac IAB .

A 2. B.12. C. 4. D. 6.
~ £ \ A n , X o1 e z X+3 ..
Cau 4l. So6 duong tiém can cua d6 thi ham so y = la:

VX+1

A. 2. B. 0. C. 1 D. 3.
A £ \ ‘A A s P £ 1-x° |,
Cau 42. So6 duong tiém can cua do thi ham so y = > la:

X —
A. Q. B. 1. C.3. D. 3.

Cau 43. B thi ham s6 y =X —vX*— 4X + 2 ¢6 tiém cén ngang la:
A y=2. B. y=-2. C.y=+2. D. x=-2.

A N <R ~ A s z 2x +1 ] .
Cau 44. Tim diém M thudc do thi ham s0 y = 1 sao cho khoéang cach tir M dén tiém can ding bang
X -
khoang cach tir M d&én truc hoanh

A. M (0;-1),M(3;2). B.M(2;1),M(4;3). C.M(0;-1),M(4;3). D. M(2;1),M (3;2).
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Chuyén dé 1. Ung dung dao ham dé'xét tinh bién thién va vé do thi ham so BTN_1 4

Cau 45.

Cau 46.

Cau 47.

Cau 48.

Cau 49.

Céau 50.

Céau 51.

Céau 52.

) . ) X+ x—2
S6 tiém can ciia d6 thi hamsé y=——— la
X+2
A. 0. B. 1. C.2 D. 3.
, ‘ , XHXx—2
S6 tiém can ciia d6 thi ham séy= ——— 1a
(x+2)
A. 0. B.1. C.2 D. 3.
Lo < . VXe=2 s
So ti€m can cua do thi ham so y = 1 la
X —
Al B. 0. C.3. D. 2.
Chohamsd Y= X+2 (C) . C6 tat ca bao nhiéu diém M thudc (C) sao cho khoang cach tir M
X—3
dén tiém c4n ngang bang 5 1an khoang cach tir diém M dén tiém can dung.
A 4. B. 3. C.2 D. 1.
A 1t 1o A X+2 , \ ‘A A as \ \ \ ‘n A \
Do thi hamso y = 3% 10 c6 duong tiém can ding lax =a va duong tiém can ngang lay=>b.
X +
Gié tri ctia s6 nguyén m nho nhat thbamanm>a+b la
A 0. B. -3. C. -1 D.-2.
Cho hamsé Y= x—3 (C) . Goi M la diém bat ky trén (C), d 1a tong khoang cach tir M dén
X—2
hai dudng tiém can cua d6 thi (C). Gia tri nho nhit cua d 1a
A.5. B. 10. C. 6. D. 2.
, 2X—3 . . ) , N .2 5  n ~ , X A
Choham sé Y= (C) . Goi d 1a khoang cach tir giao diém cutia 2 tiém cén cta (C) dén mot
X—2

tiép tuyén bat ky ctia d6 thi (C). Gia tri 16n nhat cia d Ia
A 2. B. +/3. C. 3/3. D. 2.

Cho ham sé Y = X3 (C) . Goi d 1a tiép tuyén bat ki cua (C), d cat hai duong tiém can cta do

X—2
thi (C) 1an luot tai A, B. Khi d6 khoang cach giita A va B ngan nhét bang

A 4. B. 3/2. C. 2. D.39.
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Chuyén deé 1. LTng dung dao ham dé’ xét tinh bién thién va vé do thi ham s6’ BTN 1 4
E. DAP AN VA HUGNG DAN GIAI BAI TAP TRACNGHIEM
| -DAP AN
1,23 (4|56 |7]8|9|10(11|12|13|14|15|16|17|18|19]|20
CI|A|A/A|B|D|D|D|C|B|B|C|]A|B|C|D|B|D|C]|A
2112223 |24|25(26|27|28|29|30|31|32/33|34|35|36|37|38|39]40
DIA|IB|/A|]A|A|C|A|C|A|D/IA|D|B|B|C|C|D|B|C
41 |42 |43 |44 |45 |46 | 47 | 48| 49 | 50 | 51 | 52
AlA|JA|IC|A|C|D|C|DIDIA|A
I1 -HUGONG DAN GIAI
Caul. (ChenC.
Phwong phap tu luan
,.2X—3 L og. EX— P S S S T PP P
Taco lim =—ooVva lim = +o0 Nén d6 thi ham so6 c6 tiém can dimg la x =1
-1 x =1 -1 X =1
. 2x-3 n X 1 e 1 A 4 oen A \
lim =2 nén d0 thi ham s6 ¢6 tiém cén ngang 13 y =2
x—to Y —]
Phwong phap tric nghiém
Nhép biéu thire X~ 3
x-1
A x=1+10° Ap= i qua ba an lim ZX=3 _
An CALC . An = dugc ket qua bang -999999998 nén lim =—©.
x—>1" X — 1
A X=1-10" Ap = &t qua bi an limZ=3_
An CALC . An = dugc két qua bang 999999998 nén lim =40 .
x->17 X —1
= @6 thi ham s ¢6 tiém can dimgla X=1
AnCALC X=10"_ An = duoc két qué bing 2 nén lim Z=2-2
I |
= d6 thi ham s6 c6 tiém can ngang a3 Y = 2
Cau2. ChonA.
Phwong phap tw luan
o 1-3x .. 1-3x
Tacé lim =+0Va |im =—oonén do thi ham so co tiém can dimg la y — _»
x>(-2)" X+ 2 (-2 X+ 2
. 1-3x n X 4 e q L, ien n .
Taco lim —3 nén do6 thi ham s6 c6 tiém can ngang la y=-3
x>t X 4 2
Phuwong phap tric nghi¢m
Nhép biéu thirc % |
X+2

An CALC x=-2+10"°. An = duoc két qua bang 6999999997 nén lim 5
x->(-2)" X+

1—

3X

= 400

10/ THBTN



Chuyén dé 1. Ung dung dao ham 48 xét tinh bién thién v vé do thi hiam so’

Cau 3.

Cau 4.

Caub.

Céau 6.

An CALC x=-2-10". An = dugc két qua bang -7000000003 nén Ii(m) 1X_3); = —o0
x—(-2)" =+

= d6 thi ham sd 6 tiém can dimg la X = -2

1-3x __3

AnCALC x = 10". An = duoc két qua bing -2,999999999 nén 1M
Xt X 4 2

— d6 thi ham sd ¢6 tiém can ngang la y = -3
Chon A.
Phwong phap tu luan

Taco lim_2X=3 = 4o valim _2X=3 = w0 nén dd thi ham sb c6 tiém can ding 1a
o1 X — 3X + 2 -1 X — 3X + 2

x =1. Tinh tuong ty véi x =2

Taco lim ﬂ
X0 X2 — 3X + 2

= 0 nén d6 thi ham s6 c6 tiém can ngang 14 y =0

Phwong phap tu luan

2x-3
X —3x+2
Xéttai x=1:AnCALC  x=1+10". An = duoc két qua bang 999999998 nén
lim_2X-3
o1 X — 3X + 2

AnCALC x =1+10". An = duoc két qua bing -1,000000002 nén lim_ %X =3 = o,
o1 X — 3X + 2

Nhéap biéu thirc

= 400,

Tuong ty xét voi X =2
= @6 thi ham s6 ¢6 tiém can dung la x=1va x =2

An CALC x=10". An = duoc két qua bing 2.10™ nén lim _2X=3 —o0.
X0 X2 — 3X + 2

= d6 thi ham s co tiém can ngangla y=0

Chon A.
Phuong phap tu ludn

2 2
lim_1=3  — _wva lim_1=3X
x>3 X2 — BX + 9 x->3 X2 — 6X+ 9

1- 3x°

Taco lim ———— =—3 nén d thi ham sd o tiém can ngang la y=-3
x> X —6X + 9

= —oo nén d6 thi ham s6 ¢ tiém can dimg 12 x =3 .

Phuwong phap tric nghi¢m

Tuong ty cau 3,4 nén tu tinh kiém tra
Chon B.

Tuong tu cau 3.

Chon D.

11| THBTN

BTN 1 4



Chuyén dé 1. Ung dung dao ham 48 xét tinh bién thién v vé do thi hiam so’ BTN 1 4

Tim twong tu cac cau trén ta dugc tiém can dungla X = _E va tiém can ngang la Y = _E

= Sb duong tiém cén 1a 2.

Cau7. ChonD.
: A a2 ‘
Tim twong tu Cac cau trén ta duoc tiém can dangla X =— 3 va tiém can ngang la y=0

— Sb duong tiém can 1a 2
Céau8. ChonD.

Tim duoc tiém can dimg a x = +2 va tiém can ngang 1a y = 0 = Sb duong tiém cén 1a 3
Cau9. ChonC.

Quy dong bién d6i ham sb da cho tré thanh Y = %

Tim dugc tiém can dimg la x =-1,x =4 va khong c6 tiém cén ngang (Vi lim y = *o0 )

X >
= S6 dudng tiém can 1a 2

Céu 10. Chon B.
Tim duogc tiém can dung 1a X =3 va tiém cdn ngangla y=1

Giao diém cia hai duong tiém can | (3;1) 1a tam ddi xtng cua do thi

= A, C,D dung
Céu 11. Chon B.
‘ , 1
D6 thi hamso ¥ = " ¢6 3 duong tiém can.( TCP la x=+2vaTCN y=0)
—X
Céau 12. Chon C.
; . X —9Ox* : . .
Do thi ham s0y = ———— ¢0 hai duong tiém can ding ~ X=%1 va mot tiém can ngang
(3x* -3)
y=-1
Céu 13. Chon A.
. 2 " . . . . X .. 3X-1
Phuong trinh x°+ 1 = 0 vO nghiém nén khong tim dugcso X d€ lim = 1o
x—>xoX® +1
l 3x -1 4 . .
hogc M 1 =T% = d6 thi ham s6 khong c6 tiém can ding
x—>x0X" +

Céc d6 thi ham s6 ¢ B,C,D 1an lugt c6 cac TCP 1a x=0,x=-2,x=1
Céu 14. Chon B.

4 2
Taco lim VX+3X+7

=+o0 = d6 thi ham sb khong c6 tiém cin ngang.
X—>100 2x =1

Céc db thi ham s6 ¢ B,C,D lan luot c6 cac TCNlay=2,y=0,y=1
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Chuyén dé 1. Ung dung dao ham dé'xét tinh bién thién va vé do thi ham so BTN_1 4

Céau 15.

Céau 16.

Céau 17.

Céau 18.

Chon C.
Tir d6 thi ta thiy c6 tiém can dimg 1a x=1va y=1 = loai A,B

Xét tiép thay giao diém ctia d6 thi ham s véi truc tung 12 (0; =2) = Chen C..

Chon D.
Phwong phap tu luan
Taco lim X1 _jim 3*-1_ 4

o0 3X+2 3K +2
Do d6 do thi ham s6 c6 duong tiém can ngang la y=1

Phuwong phap tric nghiém

A2 o, 3X=1 .
Nhap vao may tinh biéu thtc 45 CALC 10%ta dwoc két quala 1.
3X + 2

Tiép tuc CALC —10"ta duoc két qua 1a 1.
Vay d6 thi ham s6 ¢4 duong tiém can ngang la y=1

Chon B.
Phuwong phap tu luan
L. 2x=1 . 2x-1 o .
Taco lim___ " =lim " =2 ngn d6 thi ham s6 c6 duong tiém can ngang 1a y=2.
X—>+0 Y 2 xo—0 X 4 2
o, 2x-1 . 2x-1 I T P
Laicd lim =—o0; lim ____~ =+o0 nén do thi ham so c6 duong tiém can dung x =-2 .
x>-2" X 42 x>2" X+ 2

Vay d6 thi ham s6 da cho c6 hai duong tiém can.
Phwong phap tric nghiém
2o 2X=1, L o 1a
Nhép vao may tinh bi€u thirc an CALC 10" ta duoc két qua 1a 2.
X+2

Tiép tuc CALC —10"ta dugc két qua 1a 2.
Vay d6 thi ham s6 c6 duong tiém can ngang lay =2.
Tiép tuc an CALC —2+107" ta duoc két qua 1a —5.10", 4n CALC —2-10"" ta duoc két qua

. 12 n , . ZX _1 T 2X _1
la5.10" néncod lim ___~=—oo;lim <27~ _

x>-2" X 42 x>2" X+ 2

Do d6 ta dugc x = -2 1a tiém can dung cua dd thi ham $6.
Vay dd thi ham sb da cho c6 hai duong tiém can.

400

Chon D.
Phwong phap tw luan
Taco: lim_2X"1 _—olim_2-1 _o.
xoe X2 — 3X+ 2 xooe X2 — 3X +2
Do d6 d6 thi ham s6 c¢6 duong tiém can ngangy =0 .
Lai  c6  lim_2X"1 —yolim_2X-1 - va gim_2X-1 -
x->1 X — 3X + 2 x->1 X0 — 3X + 2 -2 X = 3X + 2
lim & = +o0 nén d6 thi ham sb c¢6 hai dudng tiém can dimg l1a x=1;x=2.

x2 X — 3X + 2
Vay dd thi ham s6 dé cho c6 3 dudng tiém can.
Phwong phap tric nghiém

2X-1

2

an CALC 10" ta duoc két qua 1a 0.
X°+3X+2

Nhap vao may tinh biéu thirc

13| THBTN



Chuyén dé 1. Ung dung dao ham dé'xét tinh bién thién va vé do thi ham so BTN_1 4

Céau 19.

Cau 20.

Céau 21.

Tiép tuc CALC —10"ta duoc két qua 14 0.

Vay db thi ham s6 c6 dudng tiém cén ngang lay =0.

Tiép tuc 4n CALC 1+10™ ta dwoc két quala —1.10", 4n CALC 1-10 ta dugc két qua 1a

1.10% nénco lim_2X~1 —jofim_2X-1
o1 X — 3X + 2 o1 X — 3X + 2

ctia dd thi ham sb.

Tiép tuc 4n CALC 2+107* ta duoc két qua 1a  3.10%, 4n CALC 1-10™  ta duoc két qua 1a

~3.102 nénco lim_ X1 — _oolim_2X-1

-2 X — 3X + 2 -2 X — 3X + 2
dung cua d6 thi ham sb.

=—o0 do dotadugc X=1 latiém can ding

=400 dodotadugc Xx=2 latiém can

Vay dd thi ham s6 da cho ¢6 ba duong tiém can.

Chon C.

Phwong phap tu luan

Xét phuong trinh: mx+9=0.

Véix=-mtaco: —-m’+9=0<m==3

Kiém tra thiy v&i m = +3 thi ham sb khong c6 tiém can dimg va tiém cin ngang.

Khi m = +3 ham s6 ludn c6 tiém can démg x=m hodic X =-m va tiém cin ngang y =m
Phwong phip tric nghiém

Y9 1 CALC X=-34107°:y =3

Nhap vao may tinh biéu thic
X+Y

ta duoc két qua -3 .

Tiép tuc 4n CALC X =-3 -10™";Y = -3 ta dugc két qua -3.

Vay khi m = —3 d6 thi ham s6 khong c6 duong tiém can dimg.

Twong ty véi m = 3 ta ciing c6 két qua twong tu.

Vay cac dap an A va B khong thoa man.

Tiép tuc 4n CALC X =—10";Y = 0 ta duoc két qua 9x10™°, 4n CALC X =10";Y =0 ta duoc
két qua 9x107°.

Do d6 ham s6 ¢6 tiém can ngang y=0.

Vay déap an D sai.

Chon A.
Phuong phap tu ludn
Vi TXD ciia ham s6 13 R nén d thi ham sé khong c6 tiém can dimg.

§ 3

1+
Laicd lim ——=Ilim —%_=1va lim =lim —X=_1
X—>+00 ’X+ X—>+00 1 X—>—00 [X +1 X——00 1
% R X

Vay d6 thi ham s6 ¢6 hai duong tiém can ngang la y = +1
Phuwong phap tric nghi¢m

X+3 40 CALC 10°ta duoe két qua la 1.
VX+1
Tiép tuc 4n CALC —10"ta duoc két qua 1a —1.
Vay c6 hai tiém can ngang la y = +1.

Nhap vao may tinh biéu thirc

Chon D.
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Chuyén dé 1. Ung dung dao ham dé'xét tinh bién thién va vé do thi ham so BTN_1 4

Dé d6 thi ham s c6 duong tiém can dung thi m*+ 2 # 0 luén ding véi moi m .
Khi d6 d6 thi ham s6 ¢6 duong tiém can dimg [ X =~

: : .om
Vay dé tiém can ding di qua diém M (-1;+/2) thi — ?: -leom=2

Céu 22. Chon A.
D¢ ham s6 ¢6 duong ti€ém can ngang thim +n =0
Khi d6 tiém can ngang cta d thi ham s6 1a y =m do d6 ta co m = 2
Mit khéc d thi ham sb di qua diém 1(2;1) néncé2m+n=1=n=-3
Vaym+n=-1

Céu 23. Chon B.

(x*-9>0
Piéu kién xac dinh & X € (-0, -3l U [3; +0) \ { £ 5}
iéu kién x4c din {L\/T_giﬂr

2 2
Khi do6 cé: lim @:0; lim @

X—>+o0 X2_9_4 X—>—00 X2_9_4

2 2
. AX+l—x CoAX+1-x
Mit khéc co lim X2° Toor lim Y2 ==X

N2 TR oo
o5 \x—9 -4 o8 \XP -9 -4

=2 nén dd thi ham s6 c6 hai duong tiém céan
ngang.
= +o0 nén dd thi ham sd ¢6 hai duong tiém
can dang.
Vay d6 thi ham s6 da cho c6 4 duong tiém can.
Céu 24. Chon A.
Xét m =0 thi @6 thi ham sé khong c6 duong tiém can dung.
Xét m =0 khi d6 dd thi ham s6 khong c6 duong tiém can ding néu ad — bc =0 < —1+m?*=0

&Sm=+41.
Vay gia tri cia m can tim lam=0; m = +1

Céu 25. Chon A.

2 343 2
i VXL 4+ 3+ 3X+1 S S ST
Taco lim J % . =0 . Vay d6 thi ham s0 c¢6 duong tiém can dingla x =1
x—1 X —
Mit khac lim y = 2; lim y = 0 nén d6 thi ham s c6 hai tiém c4n ngang.
X—>+00 X—>—00

Vay dd thi ham s6 dé cho c6 3 duong tiém can.
Céu 26. Chon A.
2 _ 2 _
xét lim X+ 2X + 2 —mX _ _1-m va lim X+ 2X + 2 —mX _
X—>—00 X +2 X—>+00 X +2
Pé ham s6 c6 hai tiém can ngang thi —1— m # 1— m (thoa v&i moi m).
Vay Ym R thi d6 thi ham s6 c¢6 hai tiém c4n ngang.

Céu 27. Cheon C.
Xét phuong trinh +/x*—x+1 +mx=0.

Néu phuong trinh khong c6 nghiém x =1thi dd thi ham s c6 duong tiém can ding 14 x=1.
Néu phuong trinh ¢6 nghiém x=1hay m=-1.

1-m
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Chuyén dé 1. Ung dung dao ham dé'xét tinh bién thién va vé do thi ham so BTN_1 4

Céau 28.

Cau 29.

Céau 30.

Céau 31.

Cau 32.

2
Khi d6 xét giGi han: lim X XA =Xjim ! __ L nén trong truong hop nay do

X1 x-1 L= X +1 + X

thi ham sb khong c6 dudng tiém can ding.

Vay m=-1.

Chon A.
—2<x<2

. —x*> —2<x<2
Pidu kién: [a-xiz0 o ] @{
X’ =3x-420 |,_4 x#-1

2 2

Taco lim y=lim ,~Y4=X _ o lim y= lim , V%=X _ o

x->(-1)" x>(-)X —3X—4 x->(-1) —>(-)X—3x—4

Suy ra duong thang x =1 1atiém cin dimg ctia d6 thi ham s khi  x—(-1)" vax — (1)

Vilimy khong ton tai nén do thi ham s6 khong co tiém can ngang.

X—>to0

Chon C.
T : X 2 \ea A , ) TR £
Taco limy=1im ___ =« nén dudngthang x = 1 1a tiém can dimg ctia d6 thi ham so.
X1 -1 X —1
. . 2X . 2 n \ 2 \ A A S Y
limy=Iim =lim =2 nén duong thang y =2 la tiém cin ngang ctia do thi ham so6
X—>—00 x——0 X _1 X—>—00 1
1- =
X
khi X — —o0 .
. . X+1 1 n \ 2 \ A A s A s
limy=Ilim =lim |1+ — =1 nén duong thang y=1 la tiém cén ngang cua do thi
X—>+00 X_>+®TX X—>+0 X2

ham s6 khi X — 40 .

Chon A.
X*—(2m+3)x+2(m-1)

D6 thi hamsé Y = > khong c6 tiém can dung
X —

< phuong trinh f (x)=x*—(2m+3)x+2(m-1)=0 c6 nghi¢m x =2
©f(2)=04-2(2m+3)+2(M-1) =0 2m-4=0cm=-2.

Chon D.

DA thi ham s6 y = — c6 ding hai tiém can dimg
4x* +2(2m+3)x+m’ -1
< phuong trinh 4x* +2(2m+3)x+m’-1=0 c6 hai nghi¢ém phén bi¢t
& A'>0e (2m+3) -4(m*-1)>0 < 12m>-13em LB
12

Chon A.

x—1

X +2(m-1)x+m*-2

D6 thi hamsb y = c6 dung hai tiém can dimg

< phuong trinh  f (x)=x*+2(m —1)x + m?— 2 =0 c6 2 nghiém phan biét khac 1.
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Chuyén dé 1. Ung dung dao ham 48 xét tinh bién thién v vé do thi hiam so’ BTN 1 4

(<3
{Af'é)gtoc{(m—l)z (m —2)>0 < {-2m+3>0 <:>‘<m¢2.L.

m+2m-3=#0
[1+2(m-1)+m -2=0 |

m #—3

Céu 33. Chon D.
-Néum=0thiy=x+1. Suy ra, do thi cuia nd khong cé tiém cinngang.

1
=T

Do do6, limy khéng ton tai nén d thi ham sb khong c6 tiém can ngang.

X—>to0

( ) ( )
-V6i0<m< 1thi I|my—I|mX|i+ /m+2J +00; I|my—I|mX|i— /m+_2J:_OO nén
X—>+00 X—>+400 X X—>—0 X—>—00 X

do thi ham s6 khong c6 tiém can ngang.

-Véim= 1th|y X + x+

limy= Iime1+ f1+_ =400
X—>+00 X—>+00

1)=x
limy=Ilim uzlim : =0.

X—>—00 X—>—00 2 _ X—>+00 ( \
XX —xL‘/1+ﬁ1L1|
X )

Suy ra dudng thang y = 0 13 tiém can ngang ctia d6 thi ham s6 khi x — —o0 .

( )
-Voim>1thilimy=1lim x| 1+ /m"'—ZJ:—i—oo
X—>+00 X—>+00 X

( )
limy=limx |11- [m +_2J =-+o0 nén d6 thi ham so khong ¢6 tiém can ngang.
K X

X—>—0 X—>—00

Céau 34. Chon B,

fxz_l (xz—l
. [XZ—X+3ZO | 2 | 2
Pidu kicn: | 2X+1>0 , ,
X X
e 2C—x+2 %0 ©1x§il ©<1|x§1
| L

(x* = x+3)-(2x+1)

(x2—3x+2)(x+1)(‘)(2 —X+3+ V2x+1)

Vi diéu kién trén ta co, y =

X>—3x+2 1
(x2—3x+2)(x+1)()(2—x+3+ V2x+1) (x+1)(\)éz—x+3+ \/2x+1)
Taco limy; limy nén dd thi ham sd khong c6 tiém can ding.

x—(-1)" x—>(-1)
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Chuyén dé 1. Ung dung dao ham dé'xét tinh bién thién va vé do thi ham so BTN_1 4

1
Mat khac limy=Ilim
X—>+00 X—>+0 Z‘( 1\( 1— ++\/2+1
\ X J\ x X Vx »)
can ngang ctia do thi ham s6 khi X — +o .
limy khéng ton tai.

X—>—00

Céu 35. Chon B.
Diéu kién: mx*+1>0.
- Néu m = 0 thi ham s tro thanh y = x +1 khong c6 tiém canngang.
oy L
Ve
Do d6, limy khéng ton tai nén dd thi ham sb khong c6 tiém can ngang.

X—>to0

) =0 nén duong thing y=0 la tiém

- Néu m < 0 thi ham s6 x4c dinh <

- Néu m > 0 thi ham s xé&c dinh V(')fi moi x € R.
1+~

limy=Ilim —=——_ x+1 =lim

X—>+00 X—>+00 ’ mX + X—>+0 ,\/_

Suy ra duong thang y = T 1a tiém can ngang cuia do thi ham s6 khi X — +o .
m

1+l

limy=Ilim —=—— x+1 =lim

X—>—00 X—>—0 ’ mX + X—>+0 < _\/_

1a tiém c4n ngang cua do thi ham s6 khi x — —o .
\/E

Vay m > 0 thoa man yéu cau dé bai.

Céau 36. Chon C.

Suy ra dudng thang y = —

. x<1
Piéu kién: .
X#Mm

Néu m > 1 thi lim Y limy khong ton tai nén do thi ham s khong c6 tiém can dung.

x—m* X—>m~

X -1

Néu m =1 thi ham sé tr& thanh y =

1=-X . -1
limy=1lim =lim__~ =-w

X1 -1 x=1 -1 {f1— X

Suy ra dudng thang x = 1 13 tiém can dung cua db thi ham sd khi x — 1",
lim y khong ton tai.

x—1*

Do @6, m = 1 thda man.
“Néum<1thi limy=lim ¥2X = to0;: limy=lim ¥12X = o

x—>m* x-mt X —m X—>m- x>m X —m

Suy ra duong thang x =m 14 tiém cén dung cta d6 thi ham sé khi x > m* vax —» m .
Vay m < 1 théa min yéu cau dé bai.

Cau 37. Chon C.
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Chuyén dé 1. Ung dung dao ham dé'xét tinh bién thién va vé do thi ham so BTN_1 4

Céau 38.

Cau 39.

Cau 40.

TH1 : Phuong trinh x*— 3x*~ m =0 c6 mot nghiém don x = —1 va mot nghiém kép.

Phuong trinh x*~ 3x*~m =0 c6nghiém x=-1nén (-1)=3(-1)=m=0=m=—-4,

[x=-1
Véi m=-4 phuong trinh trd thanh X-3¢+4=0s [ (théaman vi X = 2 la nghi¢ém
kép).
vA
TH2: Phuong trinh x°— 3x°~m =0 co6 diing mot nghiém 1

khac -1 < x*—3x’=m c6 mot nghiém khac —1

@Hm%‘l @J[m§64©(m<—4'
(-a(yem mea

[m>0
Vay voi thda man yéu cau de bai.
m<-4

Chon D.
X2 — mx —2m?

Do thi cia hamsd Y = 2 c6 tiém can dung
X J—

<> 2 khong 1a nghiém cua f (x) =x *—mx — 2m?

m=1
@f(2):4—2m—2m2¢0<:>[ :
im¢—2
Chon B.
N g 5x -3
Do thi cia ham s6 Yy = ——————khong c6 tiém cén ding
X"—2mx +1

<X -2mx+1=0 vonghitm < A' <0 m-1<0<-1<m<1.

Chon C.

(x-1)

(C)cotiémcandung x=1 (d,) vatiémcanngang y=2 (d,) nén I(1;2).

Tap x4c dinh D=R\{1}.Daoham y'= WVx =1

(0 2x+1)
Goi M| x ;—2—|e(C),x =1.
0 0

L %-1)

Tiép tuyén A cia (C)tai M c6 phuong trinh y = f'(%, ) (X=X, )+ f (%)
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Chuyén dé 1. Ung dung dao ham 48 xét tinh bién thién v vé do thi hiam so’

BTN 1 4

Cau 41.

Céau 42.

Cau 43.

Cau 44.

-3

oy :—Z(x —xo) N 2X%,+1
(x0_1) X, -1
. 2X+2 ) o,
A cétd1 tai A| 1;—2 |vacétdt§1iB(2x —%; 2).
L %-1)
Tacé 1A=|2x+2 2= 4 ;IB:$2x —1)—1‘:2r< -1
‘ Xo—1 %—1] 0 0
Do do, S llAIB—l 4 1=4
0d0. 8= S IAMB =2 T2 1
Chon A.
Tap xacdinhD =R
1+~ 1+=
T 3 . . X+3 . X
Taco lim X2 =lim X —1; lim =lim —2_=-1
X—>+00 /XZ +1 X—>+00 1+ 1 X—>—00 X2 +1 X—>—00
© e

Do d6 d6 thi ham s6 ¢6 hai duong tiém can ngang la y=1va y=-1.

Chon A.
Tap xéac dinh D = [-1;1]

Nén khong t6n tai gioi han lim
oo X =2 xome X =2 o2 X—=2 2 X—=2
Do d6 d6 thi ham s6 khong c6 tiém can.

Chon A.

Tap xac dinhD =R
4_2

Tacé lim (x—«/x2—4x+2): lim ax—2 - lim—X -2

—>+00 2 _ X—>+0 4 2
X xa—*—oox_'_\/X 4x + 2 14 /1_74_72
X X

( )

lim (x—\/x —4x+2): lim X|l+ /1—4+22J:—oo
X—>—00 X—>—00 X X

. ! 4 7 )
vilimx=-ova limjl+ [1- + , |=2>0
X—>—00 xa—ooL X X J

Do d6 d thi ham s ¢6 hai dudng tiém can ngang la y=2.

Chon C.
‘ .2+l 2x+1)
Do M thugc @6 thi ham so y = nén M|x; | v6i x#1
x-1 L %-1)
Phuong trinh tiém can dung 1a x-1=0 (d).
Gidi phuong trinh d (M,d)=d (M,0x) < r0_1|= 2, 1] 1 % =0,
%—1 Lo

VI=X i V=X i V=X i V=X
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Chuyén dé 1. Ung dung dao ham dé'xét tinh bién thién va vé do thi ham so BTN_1 4

Céu 45. Chon A.
Tap xac dinh D=R \ {—2}
Trén TXD cua ham s, bién doi duoc y = x —1.
Do d6 do thi khong c6 tiém can
Céu 46. Chon C.
Tap xéc dinh D= R\ {~2}

Trén TXD cta ham sb, bién d6i duogc y = —1

X+ 2

Taco lim* Totim X=L_; iim* e otim x=1_

xoto X 42 xomo X + 2 x>-2' X+ 2 x>-2 X + 2
Do d6 d6 thi ¢6 2 tiém can

Cau 47. Chon D.

Tap xac dinh p= (—oo' _ﬁ}/ \é'_+oo)
L

Taco lim 2= I|m o |11 A —— I|m _1_ -1

X—>+0 x—>+oo X—>—0 X—>—00 1_

Do tap xac dinh D= (—00 \/2—|u|_\/2' +°0) nénkhong tontai [im vX =2 : [im v/ X" -

x>t X=1 x1 x-=-1

Do d6 d6 thi ¢6 2 tiém can ngang 13 y=1va y=-1.

Céu 48. Chon C.

» ([ x+2)
Toa d6 diém M c6 dang M| x ;

)

Phuong trinh dudng tiém can dimg, tiém cén ngang 1an lugt 1a x—3=0 (d;), y-1=0 (d,).
Giai phuong trinh 5d (M, d,)=d (M ,d,) tim x,

Céau 49. Chon D.

Ta c6 duong tiém cén ding la x = -3 va duong tiém cdn ngang la ¥ = —

Nén a:—3,b=_1
3
Dodém2a+b©m2—_8:>m=—2

3

Céau 50. Chon D.

. 2X 3)
Toa d6 diém M c6 dang M ( | voi

L %-2)
Phuong trinh tiém can dimg, ngang lan luot 12 x—2=0 (d;), y=2=0 (d,).
Tacod=d(M,d )+d(M,d ):|x —2|+ Y.
1 2 0 |X0_2|

0

Cau51. Chon A.

21| THBTN



Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién va vé do thi ham s6'

BTN_1 4

q ([ 2x-3)
Toa do diém M bat ki thudc do thi c6 dang M| x ;—2—| v6i x =2
L° %-2) i
14 \ K A . < X —X 2X0
Do d6 phuong trinh tiép tuyén taiM la  y=- 0 +
(X=2)" %—2

Tinh d(M,A)<2.

Cau 52. Chon A.
2x~3)

Toa d6 diém M bét ki thudc db thi c6 dang M (xo
L X%-2)
2X,—

Do d6 phuong trinh tiép tuyén tai M 18 y=—_%"% +

; | voi

(X-2)"  %-2

[ 2x —=2)

Tim toa do giao cia tiém can Va tiép tuyén A| 2;—2—|, B(2X0 -2;2)

Tir 6 danh gia AB > 4
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Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién va vé do thi ham so BTN 15

Chu dé 1.5. PO THI CUA HAM SO

A. KIEN THU’C cO' BAN

L So dé bai todn khdo sdt va vé do thi ham so
e Budc 1. Tim tap x4c dinh cua ham sd;
e Buwdéc 2. Tinh daoham y' = f'(x) ;
e Buwdc 3. Tim nghiém ctua phuong trinh f '(X) = 0;
e Buidc 4. Tinh gidi han limy; limy  va tim tiém cén dung, ngang (néu c6);

Xt X
e Buworc 5. Lap bang bién thién:;
e Budc 6. Két luan tinh bién thién va cuc tri (néu c0);
e Buwdc 7. Tim cac diém dic biét cua d6 thi (giao véi truc OX, Oy, cdc diém doi xirng, ...);
e Budc 8. V& do thi.

2 Cdc dang dé thi ciia ham sé bic3 yOax*0bx* “cxZ d [a 0]

Do thi ¢6 2 diém cuc tri Do thi khong c6 diém cuc trj

A y A
y

a>0 a>0

\, 2 \ 2

a<0 a<0

= Luu y: DO thi ham s ¢6 2 diém cuc tri ndm 2 phia so véi truc Oy khi ac < 0
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Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién va vé do thi ham so BTN 15

A
y y

A

/\ , /
\ * (%

Hy

3 Cdc dang do thi ciia ham so6 bic 4 tring phwong yUax'bx’0 ¢ ‘ad0]

Do thi ¢6 3 diém cuc trj Do thi ¢6 1 diém cuc tri

A
y y

A

=y
/‘
\.
=y

=y
=y

a<0 a<0
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Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién va vé do thi ham so BTN 15

] . o a s axOb . .
4. CAc dang doé thi ciia ham so nhat bieny [ ,JabCbc 00"
cx[0d
Khiad —bc >0 Khiad —bc <0
y}\ | y |
| |
| |
/ | |
! > |
.---—/ | e o ettt
R I ——— I —— | N
| | v
| |
| |
| |

5. Bién déi do thi
Choham s6 y=f(x) c6dd thi (C) . Khi do, vdisé a>0 taco:
e Hamsd y=f(x)+acd do thi (C') 1a tinh tién (C ) theo phuwong ctia Oy Ién trén a don vi.

e Hiamsd y=f(x)—acoddthi(C') latinhtién (C) theo phuong ciia Oy xudng dudi a don
vi.

Hamsd y= f(x+a) co do thi (C') latinh tién (C ) theo phuong ctua Ox qua tréi a don vi.
e Hamsé y= f(x—a)codd thi (C') 1a tinh tién (C ) theo phuong ciia OX qua phai a don vi.
Ham sd y=—f(x) c6 dd thi (C') 1a ddi xing ctia (C ) qua truc OX .

Hamsd y=f(—x) cp dd thi (C') 1a ddi ximg cia (C ) qua truc Oy .
Ham s y=f(|x3= f(x) khi x>0 ¢6ddthi (C') bang cach:

1f(—X) khi x<0
v’ Giir nguyén phan d thi (C ) ndm bén phai truc Oy va bd phan (C ) ndm bén trai Oy .
v Lay d6i xtmg phan d thi (C ) nam bén phai truc Oy qua Oy .

IVAAN
Ve
/0 X 0 X RaNle X
() (© ©
(Cs)

(Cl):Y1D‘f(X)‘ (C,) ry, U fmxj (Cs) :‘y3‘Df(X)
e Hamsdy= f(x)=[ f(x) khi f(x)>0 ¢4 dd thi (C') bang cach:

FFOX) khi f(x)<0
v’ Giir nguyén phan db thi (C ) nam trén OX.
v’ Lay d6i xting phan d6 thi (C ) nam dudi Ox qua Ox va bo phan db thi (C ) nam dudi Ox .
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Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién va vé do thi ham so BTN 15
B. KYNANGCO BAN

1 Vidul V&ddthihamsd (C): y=kf-3x+2twrddthi(C):y=x-3x+2 (C):
Gia sir (C ) 1a dudng dut khiic trong hinh v&.

e Budc I: Giit nguyén dudng dit khiic phia bén phai truc Oy bang cach t6 dam phan duong dit
khtic bén phai Oy, va bé phin duong dut khuc bén trai Oy .
e Budc 2: 1ay dbi xting qua Oy phan dudng méi td dam, ta duoc d6 thi (C') .

A

2 Vidu2. VEddthi hamsd (C) 1y =[x*—3x*+ 2| trdd thi (C) :y=x*-3x*+ 2.
Gia str (C) 1a dudng dut khuc trong hinh vé.
e Buéc I: Giit nguyén dudng dit khiic phia trén truc Ox bang cach td ¢am phan dudng dat khuc
phia trén Ox .
e Budc 2: 1ay dbi xting qua Ox phan duong dut khiic nam dudi Ox qua Ox rdi x6a phan dudng
dtit khiie ndm dudi Ox , ta duoc d6 thi (C').

1
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Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién va vé do thi ham so BTN 15
C. BAITAP TRAC NGHIEM

A A £ X=2 ~ s A ~ A g2 1N A
Caul. Hamso y= 1 c6 do thi 1a hinh v& nao sau day? Hay chon cau tra 101 dung.
X —_
I yA It YA

Il YA f yA
—/s
C. D. N
1 /: 1-\ 1
2 10- 1 X ) 10 1 X’
2 +2X

Cau2. Hamséb y= c¢6 db thi 1a hinh v& nao sau day? Hay chon cau tra 16i dung.

2+X

/ y R r v A
4
_,./ 2

3- -1 <
3-2 0f 1 X 21(
’

o
[iN

/. I\-1----)»

/ 1 -2\ |-10 1 X
o ‘ L
3-2 /40 1 x

Cau 3. Duong cong trong hinh bén 1a db thi caa mot ham sb trong bén ham sé duge liét ké & bon
phuong an A, B, C, D dudi day. Hoi ham sé d6 13 ham s nao?
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Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién va vé d6 thi ham s6' BTN_1.5
| &y
N~
XJ q 1 >
A y=x+3x" +1. B.y:2X+5. C.y=x'-x*+1. D.y:2X+1.
X +1 Xx+1
Cau 4. Duong cong trong hinh bén 1a db thi cia mot ham sb trong bén ham sé duogc liét ké & bon
phuong an A, B, C, D dudi day. Hoi ham s6 d6 1a ham s6 nao?
VA
2
2-1 ?/ 1
A.y=2x—1. B.y=2X+1. C.y=2X+1. D.yzl_zx_
X +1 x-1 Xx+1 x-1
Cau 5. Bang bién thién trong hinh dudi 1a do thi cia mot ham s6 trong bén ham sé duoc liét ké & bon
phuong an A, B, C, D dudi day. Hoi ham sé d6 13 ham sé nao?
X | —o 1 +00
y' - -
-1 +00
—o0 -1
A YZE B.y:_x_z. c.y= 3. D.y:—X—3.
x-1 x-1 x-1 x-1
Cau6. Hamsb y= H+2 % bang bién thién nao dudi day. Chon dap an dung?
X -
X | —o0 1 +00
y' - -
A. 3
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Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién va vé do thi ham so

BTN 1.5

Cau .

Cau 8.

—0 -5 +00
B. ’ - -
+00 +00
—o0 —0o0
X | —o0 1 +00
y - -
C. +00 +00
—0o0 —0o0
X | -0 -5 +00
y - -
D. 3 +00

Cho d6 thi ham s6 y =f(x) nhu hinh bén. Khang dinh nao sau day 1a sai?

y

A. D6 thi ham s6 ¢6 tiém can dimg x = —1, tiém cén ngang y=2.

B. Ham s dong bién trong khoang (—oo; ~1) va (-1; +0).

C. D6 thi ham s6 c6 hai tiém can.

D. Ham s ¢6 hai cuc trj.

Cho d6 thi ham s6 y =f (x) nhu hinh bén. Khang dinh nao sau day la ding?

e

y 4

2-1 c/ﬁl

A. Db thi ham s6 c6 tiém can dimg x=-1, tiém can ngang y=2.

B. Ham s6 nghich bién trong khoang (~o0; —1) va (~1; +o0).

/JTHBTN



Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién va vé do thi ham so BTN 15

C. Ham s0 c¢6 hai cuc tri.

D. Ham s6 dong bién trong khoang (—00; +0).
Cau9. Chodd thi ham s y=f(x) nhu hinh bén. Khing dinh nao sau day la ding?

y/

-2 1\0 1

A. Do thi ham s6 chi ¢6 mét tiém cén.
B. D6 thi ham s6 ¢6 tiém can dimg x =0, tiém canngang y = 1.
C. Ham sd ¢6 hai cuc trj.
D. Ham sb dong bién trong khoang (—o0; 0) va (0; +0).
Cau 10. Chohamsé y=f(x) c6 bang bién thién sau. Khang dinh nao sau day 1a dung?

—00 1 +00

y | T~ +OO\

—o0 -1

A. D6 thi ham s6 ¢6 tiém can dimg x =1, tiém can ngang y = —1.
B. D) thi ham s co tiém can ding x =—1 , tiém canngang y = 1.
C. D6 thi ham sb ¢6 hai dudng tiém can dimg.
D. b6 thi ham s6 ¢6 hai duong tiém can ngang.
Cau 11. Puodng cong trong hinh bén 1a do thi cia mot ham sb trong bon ham sé duoc liét ké & bon
phuong an A, B, C, D duéi day. Hoi ham sé d6 1a ham s nao ?

yA

-

A y=x'-3x+1. B.y=x"+2x". C.y=x"-2x". D. y=—x'-2x".

Cau 12. Puong cong trong hinh bén 1a db thi caa mot ham sb trong bén ham sé duge liét ké & bon
phuong an A, B, C, D dudi day. Hoi ham sb d6 1a ham s nao ?
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Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién va vé do thi ham so BTN 15

y

/1

=< Y

A y=x'-2x*+1. B.y=x'-2x"+1. C.y=x"-3x"+1. D.y=-x'-2x+1.
Cau 13. Pudng cong trong hinh bén [a db thi cia mot ham sb trong bén ham sé duoc liét ké & bon
phuong 4n A, B, C, D dudi day. Hoi ham sb d6 1a ham s6 nao ?

yA

'
-

A y=x'-3x*+1. B. y=x'-2x+1.
C. y=—x"+2x" +1. D. y=—x'—2x*+1.

Cau 14. Puong cong trong hinh bén 1a d6 thi cia mot ham sb trong bén ham sé duogc liét ké & bdn
phuong an A, B, C, D duéi day. Hoi ham sé d6 1a ham s nao ?

>
X

A y=x"+3x%+1. B.y=x'-2x"+1. C.y=x'-3x+1. D.y=-x'+2x+1

Cau 15. Chohamsé y=f(x) c6 d6 thi (C) nhu hinh v&. Chon khing dinh ding v& ham s§ f(x)
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Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién va vé do thi ham so

BTN 1.5

/

y1

A

AN

0

A.Hamsé f(x) c6 diém cuc dai la (0;1).

C. Hamsé f(x) cé ba diém cuc tri.

B.Hamsb f(x) c6 diém cuc tiéu la (0; 1) .

D.Hamsb f(x) co ba gia tri cuc tri.

Cau 16. Chohamsé y=f(x) c6 do thi (C) nhu hinh v&. Chon khing dinh sai vé ham s f(x):

L

v

A

AN

f(x) tiép xuc v6i Ox .
B. Ham s f(x) dong bién trén (-1; 0) .
C.Hamsé f(x) nghich bién trén (—o0; 1) .

D. P4 thi ham s6 f(x) ¢6 tiém can ngangla

A. Ham sb

<\

y=0.

Cau 17. Chohamsé y=f(x) c6 do thi (C) nhu hinh v&. Chon khang dinh sai vé ham s6 f(x):

v/

A

2

A. Ham sd f(x) co ba cuc tri.
B. Hams6 f(x) co gia tri 16n nhét 1a 2 khi x

=1.

C. Hamsd f(x) co gia tri nho nhat 1a 1 khi x=0.

D. lim f(x)=—o.

X—>to0

Cau 18. PO thi cia ham sé y = x*— 2x*—1 1a dd thi nao trong cac dd thi sau day?
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Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién va vé do thi ham so BTN 15

y4 y A
4 ¢ 4 ¢
3 3¢
20 20
1" 14»
A. B.
° * ° ° ° @ ° ° ° ° ° =
32110 i]2 3 % -3\2/.<123’~
- _10
21 -2

y A 4
44
44
3
3¢ 5|
24
14
10
G S R e
ol . 32 YO 2 3%
B 2 =l 1 213 14
2t
C -2 D
Cau19. Chohamsb (C):y=x*+2x*~1.D4 thi ham s6 (C ) 12dd thi nao trong cac db thi sau?
y 4 .
4
44
3¢ .
2 2
1 1
A. B. . y
3 2 4 /123* 3 3 %
21
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Chuyén deé 1. Ung dung dao ham dé'xét tinh bién thién va vé do thi ham so BTN 15
1 3%
y A
4+
44
L
3 31
2 ° 24
C. 14 1+
. e =
@ o ° @ ° ? S K s 1 2 3 X
A g0 4 2 382 Sl e
_10 E
Cau 20. PO thi ctia ham sd y=—3x"— 6x°+1 1a d thi nao trong cac do thi sau day?
y A
A
¥
24
2 ®
-1
14
A.
A 0J1 4
-1
y A y A
2.
10
-1 /0 1 £ 24
-1 14
C. 3 P
3 0 1 %
-1
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Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién va vé do thi ham so BTN 15

Cau 21. Bang bién thién sau ddy 1a cua mot trong 4 ham sé duoc liét ké dudi day. Hoi do 1a ham sé

nao?
—0 0 2 +00
' + 0 - 0 +
R
—00
A y=-x-3x+2. B. y=x-3x"+2.
C.y=x"+3x"-2. D.y=-x*+3x"+2.
Cau 22. Bang bién thién sau ddy 1a cua mot trong 4 ham sé duoc liét ké dudi day. Hoi do 1a ham sé
nao?
X —0 1 +00
' + 0 +
+00
y /
—00
A y=—x-3x"-3x. B. y=—x*+3x*-3x.
C. y=x>+3x"=3x D. y=x*-3x*+ 3x
Cau 23. Bang bién thién sau day 1a cia mot trong 4 ham sé duoc liét ké dudi day. Hoi do 1a ham sé
nao?
X —00 0 2 +00
' - 0 + 0 -
y |+ ~ 3/7 —
-1 —00
A y=x>+3x" -1 B. y=x"-3x"-1.
C. y=-x>+3x" -1. D. y=-—x-3x-1.

Cau 24. D6 thi hamsé y =x*—3x+2 1a hinh nao trong 4 hinh dudi day?
yA

| 4

7

A. Hinh 1. B. Hinh 2.
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Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién va vé do thi ham so BTN 15

yA ! yA

3

1 0o 1 X 1
1 /O i
1 »

-1
-4
C. Hinh 3. D. Hinh 4.

Cau 25. D6 thi ham sd y = 4x% — 6x° +1 ¢6 dang:

! yA T yA
| 3
1
NS :
) o) ' > o) >
-1 1
A. Hinh 1. B. Hinh 2.
! yA I yA
2
X
o >
C. Hinh 3. D. Hinh 4.

Cau 26. Duodng cong trong hinh bén d u & i 1 d6 thi ciia mot ham s6 trong bdn ham sb duoc liét ké
& bon phuong an A, B, C, D duéi day. Hoi ham s6 d6 1a ham sb nao?
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Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién va vé do thi ham so BTN 15

L ] y-A
2
1
o :;
1
2

A y=x-3x. B. y=—xX+3x-1.
C. y=—-x>+3x. D.y=x'"-x"+1.

Cau 27. Pudng cong trong hinh bén d u ¢ i 1a d6 thi ciia mot ham s trong bén ham sé duoc liét ké
& bon phuong an A, B, C, D duéi day. Hoi ham s6 d6 1a ham s nao?

7

\1
1 X
-l O\/I | I>

A. y=x>-3x+1. B. y=—xX+3x+1.
C. y=—xX+x-1. D.y=x'-x*+1.

Cau 28. Pudng cong trong hinh bén d v i 12 d6 thi ciia mot ham s trong bon ham sb dugc liét ké
& bdn phuong an A, B, C, D duéi day. Hoi ham s6 d6 14 ham s6 nao?

yA
2
_10 l
1 »
2
A y=-x>+3x-1. B. y=-x"+3x.
C.y=x'—x"+1. D. y=x"-3x.

Cau 29. DPuodng cong trong hinh bén d u & i 1 d6 thi ciia mot ham s6 trong bdn ham sb duoc liét ké
& bdn phuong an A, B, C, D du6i day. Hoi ham s6 d6 1a ham s6 nao?

15| THBTN



Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién va vé do thi ham so BTN 15

YA

A. y=x>-3x+1. B. y=—x"+3x+1.
C. y=x"—3x*+3x+1. D. y=-x-3x-1.

Cau30. Chohamsd y=f(x) c6 bang bién thién sau. DS thi ndo thé hién ham sb y=f(x) ?

X —0 -1 1 +00
y' + 0 - 0 +
2 +00
y
» \ _2
Ay
2
o 1 X
A 1 > B )

YA

x

2
O
o

Cau 31. Xac dinh a, b dé hamsé Y= c6 dd thi nhu hinh v& bén. Chon dép 4n dang?

16| THBTN



Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién va vé do thi ham so BTN 15

L

Ay
|| 1 :
2 -1 1 ;(i
Aa=1b=-1. B. a=1b=1. C.a=-1,b=1. D.a=-1b=-1.
Cau 32. Xacdinha, b, c dé ham sé y = ;"X_i ¢6 db thi nhu hinh v& bén. Chon dap an dtng?
X +C
A
2
—
2 0| 1 X
Aa=2,b=-1,c=1. B.a=2,b=1,c=1
C.a=2,b=2,c=-1. D.a=2,b=1,c¢c=-1.

ax—-1

Cau 33. Chohamsd y= co tiém can dimg  x =1, tiém cAnngang y=2 vadiqua diém

cx +d
PP £ ax+1 .. £ s A s £
A(2;-3). Lic d6 ham s6 y=CX q 1a ham s6 nao trong bon ham s6 sau:
_I_
2x -1 2x -1
Ay=", _ B.y=" . C-y=__ D.y .
5 x-1 1-x —X+1 x -1

Cau 34. Bang bién thién & hinh bén dudi 1a bang bién thién ctia mot trong bén ham sb & cac dap an A,
B, C, D. Ham s6 d6 1a ham s6 nao?

X | —o0 1 +00
y' _ _
2 +00
—0 2
A.yzzx_l. B.y:2x—3. C.y= x+1 D.y:2X_5.
X -1 X -1 2x -1 X +1

17| THBTN



Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién va vé do thi ham so BTN 15

Cau 35. Cho d thi ham s6 y =f(x) hinh bén. Khing dinh nao dung?

2

Ay

<Y

A. D6 thi ham s6 ¢6 tiém can dimg x =1, tiém can ngang y = —1.
B. Ham s6 nghich bién trén cac khoang (—o0;—1) va (-1;+).
C. Ham sb dong bién trén cac khodng (—o0;—1) va (—1;+0).

D. Ham so ¢6 mdt cuc dai va mot cuc tiéu.

Cau36. Chohamsd y=f(x) co bangbién thién dusi day.

X —© -1 0 +00
y' — — +
-1 +00 1
y \ \ /
— 0

Khang dinh ndo sau day va khang dinh dung?

A. D6 thi ham s ¢6 3 duong tiém can.

B. Ham s nghich bién trén cac khodng (—oo; 0) va (0;+).
C. P4 thi ham s6 khong c6 tiém can.

D. Ham s c6 gia tri 16n nhat bang 1 va gia tri nho nhat bang 0.

Cau 37. PO thi ciahamsd y = ’x“— 2x° -1 ‘ 1a d6 thi nao trong cac do thi sau

18| THBTN



Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién va vé do thi ham so BTN 15

Cau 38.

Cau 39.

Cau 40.

Cau 41.

Céu 42.

y 4 | pA
A. B
@ I
0 X
e
0 X
C. D.
& I i b & B
O X 0 X

Gia str d6 thi cia ham s6 y=x"'—2x*~11a(C ) , khi tinh tién (C)  theo Ox qua trai 1 don vi
thi s& duoc dd thi ciia mot ham sb trong 4 ham s6 duoc liét ké & bon phuong an A, B, C, D
dudi day. Hoi ham sé d6 1a ham sé nao?

A y=x'—2x°. B. y=(x-1)"-2(x-1)" -1.
C.y=x'-2x'-2. D. y=(x+1)" —=2(x+1)" -1.

Gia str d6 thi cia ham s6 y=x*—2x*~11a(C ) , khi tinh tién (C) theo Oy 1én trén 1 don vi
thi s& dugc dd thi ctia ham s

A y=x'-2x°. B.y=x'-2x*-2.

C. y=(x-1)" -2(x-1)" -1. D. y=(x+1)" =2(x+1)" 1.
Gia str d6 thi cia ham s6 y=f(x) 1a(C), khi tinh tién (C ) theo Oy xudng du¢i 1 don vi thi

s& duoc d6 thi ciia ham sd:
A y="f(x)-1 B. y= f(x-1). C. y=f(x)+1. D. y=f(x+1).

Gia str d thj cia ham sé y=f(x) 1a(C), khi tinh tién (C ) theo Ox qua phai 1 don vi thi s&

duoc @6 thi cua ham so:

A y="f(x)+1. B. y= f(x+1). C. y= f(x-1). D. y=f(x)-1L
Choham sé y=f(x) xac dinh, lién tuc trén 0 va c6 bang bién thién:
—00 1 3 +00
y' + 0 - 0+
y 0 +00

Xem cac chuyén dé khac tai toanhoe@ungnaﬁm / 19| THBTN



Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién va vé do thi ham so

BTN 1.5

—0 -4
Khiang dinh nao sau day dung?
A. Ham sd c6 mot cuc dai bang 0 va c6 mét cuc tiéu bang —4 .
B. Ham sd ¢0 gié tri 16n nhat bang 0 va gia tri nho nhat bang —4 .
C. Ham s c6 gia tri cuc tiéu bang 3 va gia tri cuc dai bang 1.
D. Ham s6 dat cuc tiéu tai x = 1 va dat cuc dai tai x=3.

Cau 43. Chohamsd y=f(x) xéc dinh, lién tuc trén [ va c6 bang bién thién:

X | —© 1 3 +00
y' +0 - 0+
0 +00
y / \ /
—00 —4

Khang dinh nao sau day dung?
A. Ham sb c6 mot cuc dai bang 0 va c6 mot cyc tiéu bang  —4 .
B. Ham s6 c0 gia tri 16n nhat bang 0 va gié tri nho nhat bang —4 .
C. Ham sd c6 gia tri cuc tiéu bang 3 va gia tri cuc dai bang 1.
D. Ham sé dat cuc tiéu tai x = 1 va dat cuc dai tai x=3.
CAu 44. Cho db thi ham sb bac ba y =f(x) nhu hinh sau. Chon dép an dung?

Ay

A. Phuong trinh f'(x) =0 co6nghiémla x=0.
B. Ham s6 dong bién trén doan (-2;1) va (1;2) .
C. Ham sb khong ¢o cuc tri.

D. Ham s co hé sd a < 0.

Cau 45. Chohamsd y=f(x) c6 dd thi nhu hinh v& bén. Nhan xét nao sau day la sai ?

! yA
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Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién va vé do thi ham so

BTN 1.5

A. Ham sb dat cuc trj tai cac diém x=0va x=1.

B. Ham s6 dong bién trén khoang (—o0;3)va (1; +).
C. Ham s6 ddng bién trén khoang (—o0;0) va (1;+o).
D. Ham s6 nghich bién trén khoang (0;1) .

CAu46. Biétdd thi hamsby="""°
X +1

1a hinh vé sau:

- 1 X
-2

| 2o

Do thi ham sd y = _1 la hinh v& nao trong 4 hinh v€ sau:
X+
¢ WA e
A B
2
X
2 -1 1 i
b (L]

? ) *

I yA

<

21| THBTN



Chuyén dé 1. Ung dung dgo ham dé xét tinh bién thién va vé d6 thi ham s6' BTN_1.5
MX+2  Cac db thi nao dudi day 6 thé 12 db thi bidu didn ham sé da cho? Hay

Cau47. Chohamsd Y=———
X+m

chon dép an sai?
Ay

Ay

2
K P !
. p | 2 .
.ﬁ /
1
Z
B 0 af o1 X

12

‘\iz -1-12 o 1
Hinh (1) Hinh (11) Hinh (111)
A. Hinh (I) va (I11).  B. Hinh (I11). C. Hinh (I). D. Hinh (I1).
Cau 48. Chohamsd y=f(x) co bang bién thién dudi day:
X | —oo -1 0 400
y' B B +
-1 +00 1
y \ \ /
—00 0
Hamsb y=f () cobang bién thién trén 1a ham s6 nao dudi ddy:
1 X X
Ay="" B. y=|x|(x+1). Cy=". D. y:—| | .
X (x+1) k+1 X +1
; O > TR .
Cau 49. Do thi ham s0 y= —— la hinh v€ nao trong cac hinh v€ sau:
I yA I y A
A I B. [
T | i
! -2 1 X

22| THBTN



Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién va vé do thi ham so BTN 15

e ¢ g

yl\ yA
c D :
' . ' TN
! X
10 |1 X 2 1 !
) 9
o X —m?-1 . o o )
Cau50. Chohamso Y= 1 Cac @0 thi nao dudi day co thé 1a do thi biéu dién ham s6 da cho?
Ay 1 Ay T Ay
N
2 |1 /1 X 2 |1 1 X 1 1 X
Hinh (1) Hinh (11) Hinh (111)
A.Hinh (I)va (). B. Hinh (1). C. Hinh (1) va (111).  D. Hinh (111).
Cau51. Chohamsé y=x*—(m?+1)x* +3. Db thi no dudi day c6 thé 1a b thi cua ham sé da cho?
| yA y A
49
A. B.
24
1s 1
343 49 1 2 3 % 3 2 10 1 2 3 %
"1 i ®
-1
la 10 Y
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Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién va vé do thi ham so BTN 15

yA })A
4+ 4»
3b >
C D. 3
24 x|
\ 1’ 1>
3 2 \1 i/ 2 3 % >
. & e 32 10 1 2 3%
At
Cau52. Giastrhamsd y=ax'+bx’+c co dd thila hinh bén dudi. Khing dinh ndo sau dy 1 khing
dinh dung?
y A
4»
24
s e
32 40 L 2 3™
-1t
A ¢ )i
A. a<0,b>0,c=1. B.a>0,b>0,c=1.
C. a>0,b<0,c=1. D. a>0,b>0,c>0.

Cau 53. Gia st ham sé y = ax*+ bx*+ ¢ c6 d6 thi nhu hinh v&. Khi dé:

X

21 11 2
A.a>0,b>0,c>0. B.a>0,b>0,c=0.
C. a<0,b<0,c=0. D. a>0,b<0,c=0.

Cau 54. Gia st ham sé y = ax*+ bx*+ ¢ c6 d6 thi nhu hinh v&. Khi d6

24| THBTN



Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién va vé do thi ham so BTN 15

A.a>0,b<0,c>0.B.a>0,b>0,c>0.C.a<0,b>0,c>0.D.a<0,b>0.

Cau 55. Chohamsé y=x"+bx’+ ¢ co d thi (C) . Chon khiang dinh diing nhat:
A. D6 thi (C ) ¢6 it nhat mot diém cuc dai.
B. B thi (C ) ¢6 diing mét diém cuc tiéu.
C. D) thi (C ) c6 it nhat mot diém cuc tiéu.
D. Db thi (C ) c¢6 dung mot diém cuc dai.

Cau 56. Cho ham sd bac 3 ¢ dang: y=f(x) =ax’+bx’+cx+d .

Ay ! yA
) 2
o 1 X -1 %
1 o 1
2 5
Q) ()
I yA I yA
1
/ 2
>
0
1
X

(1) (V)
Hay chon dép an dung?

A. D6 thi (IV) xay rakhi a>0va f'(x) =0 co nghiém kép.

B. Po thi (Il) xay ra khi a = 0 vaf’(x) = 0 ¢6 hai nghiém phan biét.
C. Do thi () xay ra khi a<0va f’(x) =0 co hai nghiém phén biét.
D. D6 thi (1) xdy rakhi a>0va f’(x) =0 vo nghiém.

Cau 57. Chohamsé y=x’—6x’+ 9x c6 d6 thi nhu Hinh 1. D6 thi Hinh 2 12 ciia ham s6 nao dudi
day?

25|THBTN



Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién va vé do thi ham so BTN 15

yA iR yA

ol T

\ Ao
p——r
'><

‘ 3 2 1 |o 12 3
Hinh 1 Hinh 2
A y:|x|3+ 6|x|2+ 9| B. y:|x|3—6x2+ 9|
C. y:‘x3—6x2+9x‘. D. y=—x"+ 6x°— Ox.

Cau58. Chohamsd Y =x3+3x?—2 co dd thi nhu Hinh 1. D4 thi Hinh 2 13 cua ham sé nao dusi

day?
YA 1 YA
)
)
5 A P >
\J LA
2 !
Hinh 1 Hinh 2
Ay=—x—3x%+2. B.y=|x’+3%*-2
C. y:hx\3+3x2—2‘. D. y:‘x3+ 3x2—2(.

Cau 59. Puong cong trong hinh bén 1a db thi cia mot ham sb trong bén ham sé duogc liét ké & bon
phuong an A, B, C, D duéi day. Hoi ham sé d6 1a ham s nao ?

[ RRY

W<

1
Ay= §X3_2x2+3x. B. y=|xf—2x2+3|x|.
1
C. y:‘x3—2x2+3x‘. D. y=§|x|3—2x2+31(i
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Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién va vé d6 thi ham s6' BTN_1 5

Cau 60. Puodng cong trong hinh bén Ia db thi cia mot ham sb trong bén ham sé duoc liét ké & bon
phuong an A, B, C, D dudi day. Hoi ham sb d6 13 ham s6 nao ?

v

A. y:‘x3 ‘— 3)x]. B. y=‘x3+ 3X‘. C.y=k[+3x. D y=‘x3—3x‘.

D. DAP AN VA HWONG DAN GIAI BAI TAP TRAC NGHIEM
| —DAP AN 1.5

1234|567 |8|9|10{11,12|13(14|15|16|17|18|19|20
Al/A/IB/ AJ]C/A|D B|B|/A|]C|DIC/IA|C|D|IC|B|A|A

21 122 1231242526 (27 (28|29|30(31|32,33/34|35|36|37|38|39]40
BIDICIA|AIA|IA|B|C|D|B|D| B|]A|]C|A|A D AA

41 | 42 | 43 |44 | 45| 46 | 47 | 48 | 49 |50 | 51 |52 |53 |54 | 55 |56 | 57 | 58 | 59 | 60
CIA/AlA/B/A/D D/A/B/A|jC|/B|/D/IC|D|/B|DIA|A

Il -HUONG DAN GIAI

Caul. ChonA.
[Phwong phap tu luin]

N X X— LA ~ , ‘A ~ A . \
Hamso y= 1 O tiém can dimg X =1. Tiém can ngang Yy = 1 nén loai truwdng hop D.

Do thi hamsb y = % di qua diém (0; 2) nén chon dap 4n A.
X .

[Phwong phap tric nghiém]

d(x-2) _ 1s0 suy ra ham ) _X- 2 déng bién trén tap xac dinh, loai B, D.

— y=___
dXLx_ljxlo 81 X -1

Do thi ham sb y = % di qua diém (0; 2) nén chon dap an A.
X —

Cau2. ChonA.
[Phwong phap tu luin]

14
A

Ham so €O tiém can ding x =—2. Tiém can ngang Yy =2 nén loai dap an B, D.

y:2+2X
2+X

D6 thi hamsé y = 22+l di qua diém (=3; 4) nén chon dap 4n A.
+X

2| THBTN



Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién va vé d6 thi ham s6' BTN_1 5

Céu 3.

Céau 4.

Cau 5.

[Phwong phap tric nghi¢m]
d(2+2x N s .
~0,2>0suy rahamso y= 2 +2X dong bien trén tap xac dinh, loai D.
| -

dx\2+X)x:1 2+X

Str dung chirc nang CALC ctia may tinh: CALC — —3 =4 nén chon dap an A.
Chon B.

[Phwong phap tw luan]
N \ X g - £ T p ax+b ca,
Nhin vao do thi ta thay ngay day la ham c6 dang y = p nén loai dap an A, C.
CX +
Ham sb y:2X+1 cO ab —bc=1> 0nén loai dap an D.
X+1
Hamsé y= 2X +5 c6 ad — bc =-3 <0 nén chon déap an B.

X +1

[Phwong phap tric nghiém]

Nhin vao do thi ta thay ngay day la ham c6 dang y = ax+b nén loai dap an A, C.
CX +
d |( 2+1) 9550 suyrahamsé ¥ =" " déng bién trén tap xéc dinh, logi D.
N -
Chon A.
[Phwong phap ty luin]

Nhin vao d0 thi ta thiy ngay tiém can dimg x = —1, tiém cén ngang y =2 . Loai B, D.

D6 thi ham sb di qua diém (0; —1).

2X+1 .

y= khi x—0=y=1.Loaidép 4n B.
X+1
2x-1 .

y=—__Khi y_0—y=_1. ChondapanA.
X +1

Chon C.

[Phwong phap tu luin]

Nhin vao bang bién thién ta thdy ngay tiém cén ding x =1, tiém c4n ngang Yy = —1. suy ra loai

dap an A.

Nhin vio bang bién thién , ham s6 nghich bién trén cac khoang (—o0;1) va (1; +o) |

y="""2 coad—bc=3>0. LogidipanB. y=—"> coad—bc=4>0.Loai dép én D.
-X+3 o
y= 1 coad —bc=-2<0.Chondap an C.

[Phwong phép tric nghiém)]

Nhin vao bang bién thién ta thiy ngay tiém can dimg x =1, tiém can ngang y =—-1
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Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién va vé d6 thi ham s6' BTN_1 5
suy ra loai dap an A.
Nhin vao bang bién thién , ham s6 nghich bién trén cac khoang (—o0;1) va (1; +o) .
df—x- 2\‘ _ 350 suy ra loai dép an B.
o \x-1 /'
df-x-3) =4>0suyra loai dap an D.
o \x-1 J v0
df-x+3) = -2 < Osuy ra chon déap an C.
dx | \x-1 J ‘0
Cau6. Chon A
Hamsé Y 1 €0 tiém can ding x =1 tiém canngang y =3
Cau7. ChonD.
Nhin vao ta thay day 1a ham s6 ¢ dang y = 2(( is nén khong co cuc tri.
Cau8. ChonA.
Nhin vao ta thay do thi c6 tiém candimg x = —1 tiém cin ngang y=2.
Céau9. Chon B.
Nhin vao ta thay db thi c6 tiém canding x =0 tiém canngang y =1
Céu 10. Chon A.
Nhin vao bang bién thién ta thay do thi c6 tiém can dimg x = 1 tiém canngang y = -1
Céu 11. Chon C.
Tir dd thi va dap an suy ra day 1a ham sé bac 4 tring phuong: y = ax*+ bx’+ ¢ (@= 0) ¢6 3 cuc
trinén a>0, b <0. Do d6 loai B, D. Do d6 thi qua O(0;0) nénc =0 loai A.
Céu 12. Chon D.
Tir d6 thi va dap 4n suy ra ddy 1a ham s6 bac 4 tring phuong: y =ax’+ bxX’+¢  (a=#0) ¢ 1
cuc tri va hudng xudng nén a <0, b < 0 nén loai A, B, C.
Céu 13. Chon C.
Tir d6 thi va dap an suy ra day 13 ham sd béc 4 tring phuong: y = ax’ + bx*+ ¢ (a 7&0) c63
cuc tri va hudng xudng nén a <0,b>0 nén loai A, B, D.
Céu 14. Chon A.
Tir d6 thi va d4p 4n suy ra day la ham s6 bac 4 tring phuong: y =ax'+ bx’+c ~ (a=0) ¢ 1
cuc tri va huéng Iénnéna >0, b >0 nén loai B, C, D.
Céu 15. Chon C.

Tur d6 thi suy ra ham s6 dat cuc dai tai x=0 va dat cuc tiéu tai X =+1 nén loai A, B. D
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Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién va vé do thi ham so BTN 15

Céu 16.

Cau 17.

Céu 18.

Céu 19.

Céu 20.

Cau 21.

Cau 22.

Céau 23.

Céau 24.

Cau 25.

Cau 26.

Tir d0 thi ta suy ra cac tinh chat cta ham s6:

1. Ham s6 dat CD tai x=0 vadat CT tai x =+1.
2. Ham s tang trén (~1;0) va (1;+o).

3. Ham s6 giam trén (—o0;-1) va (0;1).

4. Ham sd khéng c6 tiém can.

Chen C.

Tir d6 thi suy ra:

1. Ham s6 dat CD tai x =1, dat CTtai x=0.
2. Ham s6 khong ¢ GTNN vi lim f (x)=—c0 va GTLN cta ham s6 122 khi x=+1 .

X—>to0

Ham sb qua (0; —1) do d6 loai B, C. Do a >0 nén do thi hudng 1én suy ra dap an A.

Hudng dan giai:
Do a>0, b>0nén ham s6 chi c¢6 1 cuc tiéu, suy ra loai B

Ham s6 qua (1; 2) nén loai C, D.

Doa<0,b<0néndd thi hudng xuéng va chi c6 1 cuc tri nén loai B, D.

Ham s6 qua (0;1) nén loai C.

Dua vao bang bién thién ta thiy hé s6 a>0 nén ta loai phuongdn A vaDva y' =0 c6 hai
nghiém la x=0 hoac x =2 nén chi c6 phuong an B la phu hop.

Duya vao bang bién thién ta thay hé s6 a >0 nén ta loai phuong an A va B va y' = 0 c6 nghiém

kép la x = 1 nén chi c6 phuong an D la phu hop.

Dua vio bang bién thién ta thiy hé sb a<0 néntaloai phuongan AvaB  y =0 cohai
nghiém la x =0 hodc x =2 nén chi c6 phuong an C la phu hop.

| I

v
o>

ykhi x=0 thi y=2 nén loai ca ba phuong an B, C va D.

Pé ykhi x=0 thi y=1nén loai ca baphuonganD, y' =0 co hainghiémla x=0;x=1va
v6i X =1thi y=—-1 nén chi c6 phuong an A 1a phu hop.
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Pé y khi x=0 thi y =0 nén loai phuong an D.
Dua vao dd thi, théy day la dd thi ctia ham bac ba co hé s6 a >0 nén loai hai phuong an B va
C.
Céu 27. Chon A.
Pé y khi x=0 thi y =1 nén loai phuong an D.
Dua vao db thi, thay day 1a d6 thi ciia ham bac ba co hé s6 a >0 nén loai hai phuong 4n B va
C.
Céau 28. Chon B.
Dé y khi x=0 thi y=0nén loai ca hai phuong an A, C.
Dua vao dd thi, thdy day 1a d6 thi ciia ham bac ba c6 hé sé a < 0 nén loai phuong an D.
Céau 29. ChonC.
Dé ¥ khi 2 thi (—1;4),(1;4) nén loai ca ba phuwong an D.
Dua vao db thi, ta thdy day 1a d6 thi ciia ham bac ba c6 hé sd y= X3 +3%% =2 nén loai
phuong an B.
Mot dit kién nira 1a do thi di qua di€m 1 nén loai luén phuong an A.
Céau 30. Chon A.
Dua vao bang bién thién ta thdy ham s6 diém cuc dai ctia d6 thi ham s6 12 (-1;2),  diém cuc
tiéu la (1;—2) nén loai ba phuong 4n B, C, D.

Céau 31. Chon B.

Dya vao do thi, ta c6 tiém candimg x=-1, tiémcanngang y=1 (1)

N g g z axX— N n , R ~
D6 thi ham so y:—b c6 ti¢ém can dimg x=-b , tiém cdnngang y =a (2)
X+

Te(l)va(2)suyra:a=1b=1.
Cau 32. Chon D.

Dya vao do thi, ta ¢ tiém can ding X =1, tiém canngang y =2 va dd thi di qua diém (0;1)
(1). Db thi ham s y=2%"

( _1\ X+b
0; 2). Tu(l)va(R)suyra:a=2,b=1,c=-1;

c6 tiém can dimg X = —b , tiém cén ngang Y = a va di qua diém

| N
b

v )

Céau 33. Chon B.

A 1c 1 £ ax Lo A ar — d .. A _
Do thi hamso y = co tiém cin dimg X = ——, ticm can ngang y =

o |

cxX+d c
(a_z
"C_ [a:ZC [a—Zc:O [

A \ e 7 d

Theo dé bai ta co =2 «—-d=2¢c =2c+d=0 o C=—

ﬁC 12a—1:—6c—3d 12a+6c+3d=1 1
|a2-1_ ,
LQ2+d
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Céu 34.

Céu 35.

Cau 36.

Cau 37.

Cau 38.

Cau 39.

Céau 40.

Cau 41.

Duya vao bang bién thién, d0 thi ham s6 co tiém can dimg X =1,tiém can ngang y =2, ham sb

. 1 ., ., .
nghich bién trén khoang (—o0;1) va (1;+o). Pap an C sai vi tiém can dimg X = > dap an D sai

1
vi tiém can dung x =-1, dap 4n B sai vi y':W>0
x—1

Dap 4n A sai vi d6 thi ham s6 c6 tiém can dimg x = -1, tiém can ngang Yy = 1.
Dap an B sai vi ham s6 dong bién
bép an D sai vi ham s6 khong c6 cuc tri.

Chon A.

Dap an A dlng vi ¢6 tiém can dimg x = -1, tiém cdn ngang y=1, y=-1.

Pap an B sai vi ham s nghich bién trén (—o0; —1)va (-1;0)

Pép an C sai vi d6 thi ham sb ¢6 3 tiém cén.

Dép an D sai vi ham s6 khong c6 gid tri 16n nhat.

Chon A,

V& do thi y=x"—2x*—1. Giit nguyén phan d6 thi trén Ox , phan dudi Ox thi lay ddi xing qua
Ox ta dugc d6 thi can vé

4 y A

=Y

¥

)

bat f(x)=x"-2x*-1 thi khi tinh tién (C) theo Ox qua trai 1 don vi thi s& duoc do thi cua

y=f(x+1)=(x +1)4 —2(x+l)2 -1

bt f(x)=x'-2x*-1 thikhi tinh tién (C) theo Oy Ién trén 1 don vi thi s& dugc dd thi cua
y=f(x)+1=x"-2x*.

Theo 1y thuyét, ta chon cau A.

Theo 1y thuyét, ta chon cau C.
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Cau 42.

Cau 43.

Céau 44.

Céau 45.

Cau 46.

Cau 47.

Cau 48.

Chon A.

Duva vao BBT, ta théy ham sb dat cuc tiéu tai x =3 va dat cuc dai tai X = 1nén loai phuong an
C.Hamsd y=f(x) xac dinh, lién tuc trén 0; Yy d6idiuvalimy=+o nén ham sb khong

X—>to0
ton tai gia tri 16n nhat va gia tri nhé nhat nén loai phuong an B. Ham s6 ¢6 gia tri cyc tiéu la
Yor =—4 vagiad tri cyc daila y.p= 0 nén loai phuong an D.

Chon A.

Dua vao BBT, ta théy ham s6 dat cuc tiéu tai x =3 va dat cuc daitai x = 1nén loai phuong an
C. Ham sb y=f(x) xacdinh, liéntyctrén O; Y ddi dau va lim y=100 nén ham sd khong

X—>*to0
ton tai gia tri lon nhét va gia tri nho nhét nén loai phuong an B. Ham s6 ¢ gia tri cuc tiéu la
Yor =—4 vagiad tri cyc daila y.p= 0 nén loai phuong an D.
Chon A.
Dua vao d6 thi ham s6 d& thiy ham sé di cho 12 ham bac ba coé hé sé a >0 va co hai diém cuc
tri nén loai cac phwong an C, D. Dua vao db thi ham s6 d& thdy ham sb dong bién trén khoang
(—o0; =1) va (1; +o0) nén loai luén phuong an B.
Chon B.

Dua vao do thi ham sb dé théy cac phuong én B, C, D déu dang.

Chon A.
[2x=2 3y 2X 250
-2 %+t e
Tacoy= - _ . _
¥ +1 {_M ndu =2 _g
X+1 X +1
Do thi ham sb y = c¢6 duoc bang cach:
X+1

nam phia trén truc hoanh.

+ Gitt nguyén phan d6 thi ham sé y =

nam phia duéi truc hoanh qua tryc hoanh.

X £ A A i1 1oa £ X
+ Lay do61 xtig phan do thi hamso y =

Chon D.
A m*-1
Ham so y:mx+1 cO tap xac dinh D=0O\{-m} . Ta c6 y'=—5 ,
X+m (x+m)
, ) [m>1
y'<0om’ -1<0e-1<m<l y>0<:>m—1>0<:>[ . Hinh (1) c¢o
m<-1
1

m=- EE (-1,1) nen y'<0 suy ra ham sb nghich bién, do d6 Hinh (I) dung. Hinh (II) c6

m= —g <-1 nén y'>0 suyraham sb dong bién, do d6 Hinh (II) sai. Hinh (III) c6

m=-2<-1nén y'>0 suyra ham s6 dong bién, do d6 Hinh (III) dung.
Chon D.
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Céu 49.

Céu 50.

Cau 51.

Céau 52.

Céau 53.

Céau 54.

Céu 55.

X

X
Dap 4n B sai vi = coy'(0)=1
x4 J(x+1y
d/
4 | ﬁ1|\

lim |x|(x +1) =+c0. Dép an C sai viy=

X—>+0

3
X=0= 1| Dap 4n A saivi lim XIX+I):0

dek X ) ) X—>+o0
Chon A.
V& db thi ham sé y =1 :
X -1 Ay
[x+1 nOu x> -1
y:|X+1| :{ X_l
x-1 | _X+1 nBux<-1
| x-1
[x+1] ‘ : A
Do thi ham s6 Y= ] c6 dugc bang cach:
X_

+ Giit nguyén phan d6 thi ham sy = X—+§|L' nam phia bén phai
X —
duong thang x = -1 .

y= % nam phia bén trai duong thing x =-1 qua truc

+ LAy ddi xtng phan d6 thi ham sb

hoanh.
Chon B.
. x-m-1
Hamso Y = "] CO tap xac dinh D=0\ {-1}
2 0v di qua diém (0; -1).
y' Tsuyray> m, vay—— i qua diém
Hinh () dung.

Hinh (II) sai vi khong di qua diém (0; -1) .

Hinh (III) sai vi khong di qua diém (0; 1) .

Chon A.

Do a=1b=~(m’+1)<0 nén do thi ham sé huong 1én va c6 3 cyc tri ( loai B, D). Db thi
ham so6 qua (0; 3) nén Chon A.

Chon C.

Do db thi qua (0; 1) nén ¢ = 1. BJ thi huéng lénnén a>0 vacd3 cuctrinén ab<0 suyra
b<0.Do d6chon cauC.

Chon B.

D6 thi huéng 1énnén a>0.Co 1 cuctrinén ab>0suyrab>0.Qua (0; 0)nénc=0.Do do
chon cau B.

Chon D.
Do thi hudng xudng va co 3 cyc trinén a<0,b>0 suy ra cau A ( ¢ khong co diéu kién)

Chon C.
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Doa=1>0nén (C)co 2 trudng hop 1 ¢6 1 diém cyc tiéu hay c6 2 diém cuc tiéu va mot diém

Cau56. ChonD.
Ham s6 cta dd thi (I[) c6 a <0 nén diéu kién a =0 chua dam bao. Do d6 loai phwong 4n B.
Ham s6 cta dd thi (I) c6 a > 0 nén loai luén phwong an C.
Ham s6 cta dd thi (IV) c6 a <0 nén loai luén phuong an D.

Cau 57.
D6 thi Hinh 2 dbi xtmg nhau truc tung va di qua diém (—1;4),(1;4) nén phuong 4n B 14 phu

=
I 8

=

:&::\

Céau 58.
Vi d6 thi Hinh II ndm phia trén truc hoanh va di qua diém (-1; 0) .

Cau59. Chon A
Vi d6 thi nam phia trén truc hoanh va di qua diém (3; 0) .
Cau 60. Chon A

Vi d6 thi di xtmg nhau tryc tung va di qua diém (-1; -2), (1; -2) .
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Chuyén dé 2. Céc bai todn lién quén dén dd thi ham so’ BTN 2 1

A. KIEN THU’C cO BAN
Chohamsé y=f(X) c6dd thi(C,)va y=g(x) cddd thi(C,). y

Phuong trinh hoanh d¢ giao diém ciia (C,) va (C,) 1a f(x)=g(x) (1)
Khi do: >< Yo

> S6 giao diém cua (C,) va(C,) bang voi sd nghiém cia

phuong trinh (1).

' 1
Y0)

> Nghi¢m x,cta phuong trinh (1) chinh la hoanh d§ X, cta

giao diém.
> Dé tinh tung d6 Yy, cua giao diém, ta thay hoanh d§ X,vao y=f (x) hodc y=g(x).
> Diém M (X,;Y,) 1a giao diém cua (C,) va (C,) .
B. KY NANG COBAN
I. SUTUONG GIAO CUA PUONG THANG VA PO THI HAM SO BAC BA
1. KIEN THUC TRONG TAM
Xétham sd bac ba  y=ad+bx*+cx +d (a#0) co dd thi (C) vaham s6 bac nhat
y=kx+ncodothid.
Lép phuong trinh hoanh d6 giao diem cua (C)va d :ax’ +bx* +cx+d =kx+n (1)
Phuong trinh (1) 1a phuong trinh bac ba nén c6 it nhit mot nghiém. Ta ¢6 2 truong hop:
e Trwong hop 1: Phuong trinh (1) CO “nghiém dep” X, .
Thuong thi dé hay cho nghiém x,=0; +1; £2;... thikhi do:
() (x=%)(AC +Bx+C)=0 rlLXsz(i B?(+C =0 (2)
Khi do:
+(C) vad c6 ba giao diém <> phuong trinh (1)  c6 ba nghiém phén biét <> phuong trinh
(2) c6 hai nghi¢m phan biét khac nghi¢ém X,. (Ddy la truong hop thuong gap)
+(C ) vad c6 hai giao diém <> phuong trinh (1) c6 hai nghiém phan biét < phuong trinh
(2) c6 hai nghiém phan biét, trong dé c6 mot nghiém X, hodc phuong trinh (2) c6 nghiém
kép khac x,.
+(C) vad c6 mot giao diém «> phuong trinh (1)  c6 mot nghiém <> phuong trinh (2) v0
nghiém hogc phuong trinh (2) c6 nghiém kép 1a x,.
e Trudng hop 2: Phuong trinh (1)  khong thé nham dugc “nghiém dep” thi ta bién doi
phuong trinh (1) sao cho hang tir chira x tat ca ndm bén vé trai, cac hang tir chira tham s
m nam bén vé phai, nghia la Do fx=g(m).
Ta khio sat va v& bang bién thién ham s6 y=f(X) va bién luan s giao diém cia (C ) va

d theo tham s6 m .
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Chuyén dé 2. Céc bai todn lién quén dén dd thi ham so’ BTN 2 1
2. CACViDU

Vi du 1: Tim giao diém cua d6 thi (C) : y = x*— 3x°+ 2x +1 va duong thing y = 1.

Huéng din giai

[x=0
Phuong trinh hoanh d9 giao diém: x*-3x°+2x+1=1< -3¢+ 2x=0< || x=1.Vayco
|| x=2

ba giao diém A (0;1), B (1;1), C (2;1).
Vi du 2: Cho ham s6 y =mx’— x*— 2x + 8m c6 dd thi 1a (C,,). Tim m d6 thi (C,, )cét truc
hoanh tai ba diém phan biét.
Huéng din giai
Phuong trinh hoanh d6 giao diém mx® — x*— Z)fy énlf 0(1)
& (x+2) m —2m+1)x+4m1=0 &

. | {m%—{2m+nx+4m:0 2)
(C,) cat truc hoanh tai ba diém phan biét < (1)c6 ba nghiém phan biét.

<> (2) ¢6 hai nghiém phén biét khac —2

Hmio
= {A:—12m2+4m +1>0
|L12m+2¢0
mfo 1 (m=0
c>%— <m< cw
6 2 —1<m<1
‘ 1 t 6 2
m#-—=

Vay me —7;” '\{0} thoa yBu cau bai toan.
62|
6

L)

Vi dy 3: Cho ham s0 y = 2x°— 3mx’+ (m —1) X +1 ¢6 do thi (C ). Tim m dé duong thang

|

d:y=-x+1cdtdd thi (C) tai ba diém phén biét.

Huwéng din giai
Phuong trinh hoanh d¢ giao diém cta (C )vad:
[ x=0

2x3—3mx2+(m—4)x+1:>—x+1c>x(2x2—3mx+4n}:0¢>|
| 2x* —3mx+m=0(*)

Yéu cau bai toan < (*) c6 hai nghiém phan biét khac 0
{A:9m?—8m>0
f—

m=0 (8 \
ome(—wo; 0)u 4o .

lg |
9
)
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Vay m E(—OO;O)Ur 8 ; +00 \| thoa yéu cau bai toan.
S
Vi du 4: Tim m dé d thi ham s6 y = x>+ mx + 2 cit truc hoanh tai mot diém duy nhat.
’ Huéng dén gidi
Phuong trinh hoanh d¢ giao diém cua do thi ham s6 véi truc hoanh la

X+mx+2=0.
Vi x = 0 khong 1a nghiém cta phuong trinh, nén phuong trinh twong duong voi

m=—x-2
==X-—  (x#0)

. , 2 ’ 2 -2X+2
Xéthamso f(X) =—x —_ vdoi x#0,suyra f'(x)=-2x+__ = . Vay
X X X2
f'X)=0=x=1.
Bang bién thién:
X —0 0 1 +00
f'(x) + + 0 _
+00 -3
F(x) / / \
—%0 —o0 —o0

Dua vao bang bién thién ta thay d6 thi cat truc hoanh tai mot diém duy nhadt < m>-3 . Vay
m > —3 thoa yéu cau bai toan.
Vi dy 5: Tim m dé d6 thi (C ) cua ham sb y = x*— 3x’— 9x + m cét truc hoanh tai ba diém
phéan biét.
Huéng din giai

Phuong trinh hoanh d¢ giao diém cua d6 thi va truc hoanh:

X =3 -x+m=0x-3-9x=-m (1)
Phuong trinh (1) 1a phuong trinh hoanh d6 giao diém ctia dudng (C )1y =x*—3x°— 9x va
dudng thang d:y=-m. Sé nghiém ciia (1) béng sb giao diém cta (C )vad.
Khao sat va vé bang bién thién ciia ham s6 y =x>— 3x°— 9x .
Tap xacdinh D =0J .

2 2 |_ X= 3
Paoham Y =3X"-6x-9;y=0<3x"-6x-9=0<
' Lx =-1
Béng bién thién:
X | —© -1 3 +00
y' + 0 - 0 +
5 +00
—00 =27

Dya vao bang bién thién ta thdy(1) c6 ba nghiém phén biét

&S -27T<-m<5e-5<m<27.
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Vi du 6: Goi d 1a duong thing di qua diem A (—1; 0) v6i hé s6 goc k (k € 0) . Tim k dé

duong thang d cét d6 thi ham s6 (C) : y = x*— 3x* + 4 tai ba diém phén biét A, B, C va tam
giac OBC c6 dién tich bang 1 (O la gbc toa do).
Huwéng din giai
Puong thang d di qua A(-1;0) va co hé sé goc k nén co dang y =k(x +1) , hay
kx —y+k=0.
Phuong trinh hoanh d6 giao diém cua (C) vad Ia:;
x=-1
X° =3x* +4=kx+k < (x+1)(x° —4x+4—k):0<:>r
{g(x) = % —4x+4-k=0

d cit (C) tai ba diém phan biét < phuong trinh (¥) c6 hai nghiém phan biét khac —1
A'>0 >
<:>{g(—1)¢0<:>{l§¢8.
L
Khido g(x)=0 < x=2—vk;x=2++k . Vay cac giao diém cua hai dd thi 1an luot 12

A(1;0), B(2=vk3k— k&), C(2++/k;3k+ k).
Tinh duge BC =2¥ 1+ k2, d(O, BC):d(O,d):Lh.Khi d6

V1+k

1K ke
ST —E-W-Z\/E. +k’=1oklVk=1ok’=1ek=1.

Vay k = 1 thoa yéu cau bai toan.
1. SU TUONG GIAO CUA PUONG THANG VOI PO THI HAM SO TRUNG PHUONG
1. KIEN THUC TRONG TAM
Choham s6 y=ax'+bx’+c (a#0) c6 dd thi (C )va dudng thangy =Kk 6 do thid.
Léap phuong trinh hoanh d¢ giao diém ctia (C Jva d: ax‘+bx’+c=k (1)
bitt=x* (t>0) taco phuongtrinh at’ +bt+c—-k=0 (2)
e (C)vad co bén giao diém <> (1) c6 bon nghiém phan biét <> (2) c6 hai nghiém duong
(A>0
phén biét < phuong trinh (2) thoa | >0 . (Truong hop nay thuong gap)
S>0
e (C) vad co bagiao diém < (1) ¢6 ba nghiém phan biét < (2) ¢6 hai nghiém phan biét,
trong d6 c6 mot nghiém duong va mot nghiém t=0 .
e (C) vadco hai giao diém <> (1)  c6 hai nghiém phan biét <> (2)  c6 nghiém kép duong
hodc ¢6 hai nghiém trai dau.
e (C) vad khdng co giao diém < (1) vonghiém <(2) vo6 nghiém hogc chi c6 nghi¢m am.
e (C) vad cod mot giao diém < (1) c6 motnghiém < (2) co nghi¢m t=0 va mot nghi¢m
am.
2. CACVIiDU
Vi du 1: Tim giao diém cua do thi (C) : y = x*+ 2x°— 3 va truc hoanh.

Hudéng din giai
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Phuong trinh hoanh d6 giao diém: x'+2x°-3=0< | =>x=1lvx=-1.

Vay c6 hai giao diém: A(-1,0),B (1, 0).
Vi du 2: Tim m dé phuong trinh x*— 2x°— m + 3 = 0 ¢6 bon nghiém phén biét.
Huéng din giai
Phuong trinh: xX'-2-m+3=0x"-2¢+3=m (1)
Phuong trinh (1) 1a phuong trinh hoanh d6 giao diém cua hai duong (C ):y =x"— 2x*+ 3 va
duong thang d :y=m . S6 nghiém cua (1) béng so giao diém cua (C) vad.
Khao sat va v& bang bién thién ctia ham s6 y = x*— 2x°+ 3 .
Tap xd&cdinh D=0 .

[ x=0
Pao ham y’ = 4x°>— 4x; y'=0<:>4x3—4x:0c>| x=1.
| x=-1
Bang bién thién:
X | —oo -1 0 1 +o0
y' _ _

0 + 0 0 +
+00 3 oo
2 3

Dua vio bang bién thién ta thdy (1) c6 bon nghiém phan biét <>2<m<3.Vay2<m<3 thoa

yéu cau bai toan.
Vidu 3: Cho ham s6 y=x*-2(m+1)x*+m?-3m-2 (C,). Binh m dé d5 thi (Cn) cét dudng
thang d :y = —2 tai bon diém phan biét.
Loi giai
Phuong trinh hoanh d6 giao diém cua (C,,) vad:
x'=2(m+1)x*+m’ -3m-2=-2<x*-2(m+1)x’ +m*-3m=0 (1).
batt=x" (t>0), phuong trinh tré thinh
=2 (m+1)t+m’-3m=0(2).
(C,,) vad c6 bdn giao diém <> (1)c6 bon nghiém phan biét < (2)co hai nghiém duong phan
biét.

( 1
m>—
A'>0 |[5m+1>0 | c .
<:>[P>0c>”m2—3m>>0<:>|m<0,r?1>3c>'_15<m<0.
J{s>0 <12(m+1)>0 1m>—1 Lm>3
L L [
) (1. . T
Vaymel— ;0 |U(3,+°0) théa yéu cau bai toan.
5
\ )

Vi dy 4: Cho ham s6 y = X"~ (3m + 2) x*+ 3m (C ) . Tim m d¢ duong thang d : y = —1 cét do
thi (C) tai bon diém phan biét c6 hoanh d6 déu nhoé hon 2.
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Chuyén dé 2. Céc bai todn lien qudn dén dé thi ham so

Huéng din giai
Phuong trinh hoanh d6 giao diém coa (C)vad:y=-11a
X'=(Bm+2)x*+3m=-1<x"-(Bm+2) x’+3m+1=0.

Datt=x*(t>0), ta c6 phuong trinh

t=1
t?—(3m+2)t+3m+1=0 ]
<:Tt:3m+l
[ x2=1 (0<3m+1<4 1
Khi do . Yéu cau bai toan < 1 & -—g<m<lvam=0.Vay
x> =3m+1 L3m+1¢1

1 X A A el s
—_<m< 1vam =0 thoa yéu cau bai toan.
3

Vidy 5: Chohams6 y=x*—(3m+4)x*+m* c6 do thi 1a (C,). Tim m dé do thi (C,,) cat
truc hoanh tai bon diém phan bi€t c6 hoanh d¢ 1ap thanh mot cap s6 cong.
Huéng din giai

Phuong trinh hoanh d¢ giao diém: x*—(3m+4)x* +m® =0 (1)
Piatt = x? (t=0), phuong trinh (1)trothanh: £ —(3m+4)t+m?=0 (2)
(C,) cét truc hoanh tai bon diém phan biét <> (1)c6 bén nghiém phan biét

[A=5m?+24m +16 > 0

<> (2) c6 hai nghiém dwong phan biét < JP=m’> 0
18 =3m+4>0

m<—4vm>—4
[ 4
| m> —
< Jm=0 @J 5 (%)
m>—f [m;tO
3

Khi d6 phuong trinh (2) ¢6 hai nghiém 0 <t,<t,. Suy ra phwong trinh (1) c6 b6n nghiém
phan biét la x, = —\/E <X, = —\/E <X = \/E <Xy = \/E Bon nghiém X,,%,, X, X, 1ap thanh cép
sO cong

S Xp— Xy = X3 — X5 = X, — X <:>—\/E+ t, =2\/E QJE:S\/E < t,=09t (3)
R P+t =3m+4 (4
Theo dinh ly Viet ta ¢

|tit, = m? ®)
(t ~3m+4
L=
Tur (3)va (4)ta suy ra dugc Jtt 9 130m+4 (6).
210

Thay (6)vao (5) tadugc mio(?)m +4)2 =m?

[3(3m+4)=10m  [m=12
= =N | 12 (théa (*))
— m=—__
L3(3m +4)=-10m ] 9

6| THBTN



Chuyén dé 2. Cdc bai todn lién qudn dén o thi ham so BTN 2 1
12

Vay gia trim cantimlam=12:m=-"_
19
l11. SU TUONG GIAO CUA PUONG THANG VOI DO THI HAM SO y =27 z
CX +

1. KIEN THUC TRONG TAM

ax+b
cX +d
Lap phuong trinh hoanh d6 giao diém cta (C) va d :

2 _
ax+b:kx+n<:>2|Ax +Bx+C=0 (1)

cx+d X#—

L

. e A A ea. d
(C) va d c6 hai giao diém < (1) c6 hai nghi¢ém phan biét khac — __.
C

Chohamsb y= (ad — bc = 0) c6 d thi (C) va duong thangy =kx +n c6 dd thid .

2. CACVIiDU

Vi du 1: Tim toa do giao diém cta db thi (C) :y = 2;(;1%‘1 duong thang d : y = x + 2.
x-1

Loi giai

Phuong trinh hoanh d6 giao diém: 2X—+1= X+2 (1)
2x -1

Didu kién: x;ti. Khi d6 (1) & 2x+1 = (2x-1)(x+2) < 2x*+x-3=0
' 2

l[{)<:1:y:3
~ P - X Xy ) 3 . 1\ N i
Vay toa do giao diém cantimla’ - ;7 "va(1;3).

| — —

22

\ )

Vi du 2. Cho ham s6y=2X;1lcé dd thi 1 (C) . Tim m dé duong thang d : y = —x + m cit dd
X_

thi (C) tai hai diém phan biét.
Loi gii

Phuong trinh hoanh d6 giao diém: -1 =—X+m (1)
x-1

Dicukién: x#1.Khido (1)< 2x-1=(-x+m)(x-1)
< X¥-(m-1)x+m-1=0(2)
d cét (C) tai hai diém phén biét < (1) c6 hai nghiém phén biét
[A=[~(m-1)T -4(m-1)>0

< (2) c0 hai nghiém phan biét khac 1 <
1-(m-1).1+m-1%0

om-6m+5>0<me (—0;1)u (5 +x).

Vay gia trimcan tim lam e (—oo;l)u (5; +oo).
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Chuyén dé 2. Céc bai todn lién quén dén dd thi ham so’ BTN 2 1

Vi dy 3: Cho ham s6y = =% ¢6 db thi 14 (C ), Tim m dé duomg thing d :y = 2x —1 cit dd

X+2
thi (C,, ) tai hai diém phan biét A, B sao cho AB= /10.
Loi gidi
. mx —1
Phuong trinh hoanh d6 giao diém: , =2x-1 (1)
X +

Diéu kién: x=—-2.Khidé (1) < mx-1= (2x-1)(x+2) < 2x* —=(m-3)x-1=0 (2)
d cét (C, )tai hai diém phan biét A, B < (1) c6 hai nghiém phén biét
<> (2) co6 hai nghiém phan bi¢t khac —2
o [ :[‘(m‘?’)]z +8>0 pn b *)
|8+2m-6-1#0 2
bat A(x;2% —1); B(Xy;2X, =1)VGi  X,, X, la hai nghiém cta phuong trinh (2).

(x+x ~m-3

1 2
Theo dinh Iy Viet ta c6 { 2 khido
xx =-1
Ll 2 E
AB = = — o 5l(x+x )V -4xx 1=10
\/(Xl—X2)2+4(X1—X 2)2 \/E |_( 1 2) 12J
(m-3Y

<:>L_2_J +2=2<m=3 (thoa (*))

Vay gia trim can imlam = 3.
Vi dy 4: Cho ham s6 y =21
Xx+1
diém phan biét A, B sao cho tam giac OAB c6 diéntich 1a /3.
Loi giai
Phuong trinh hoanh d6 giao diém ctia (C) vad :
2x+1
X+1

(C). Tim m dé duong thang d:y=-2x+m cét (C) tai hai

=-2x+Mm & 2x+1=(x+1)(-2x+m) (diéukién: x=-1)

2% +(4-m)x+1-m=0 (1) (diukién: x=-1).
d cat (C) tai hai diém A, B phan biét < (1) c6 hai nghiém phan biét khac —1.

[A:m2+8>0 vm
=

{ .

[2_(_1)2 +(4-m)(-1)+1-m=0

Suy ra d ludn cit (C) tai hai diém A, B phan biét v6i moi m.

Goi A(X;Y1); B(X2;Y,), trong dO y; = —2X,+m; Y, =—2X,+M VA Xy, X, 1a cac nghiém cta

X+x _m-4
(1) . Theo dinh 1y Viet ta c6 % Y27 Tinhduge:
|x x 1-m
2

le

m| 5(m” +8)

d(O;AB):E;ABZ\/(X1_X2)2+6/Ty 2)2:\/5(X1+X2)2_20X1)§ =
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Chuyén dé 2. Céc bai todn lien qudn dén dé thi ham so

SOABZEAB'd(O;AB): |m| m’ + =\/§<:> m=2vm=-2,
2 4
Vay cac gid tri m can im l[am = 2; m = -2.

Vi du 5: Cho ham s6 y=2X L
X+1

diém phan biét A, B sao cho khoang cac tir A va B dén truc hoanh bang nhau.

(C) . Tim k dé duong thang d :y = kx + 2k +1 cit (C) tai hai

Loi giai
Phuong trinh hoanh d6 giao diém cta (C) vad :
2L 2k 4 e 2x 4L = (x4 L) (kx+ 2Kk +1)(didu kign: o 4 )

X+1
Sk’ +(3k-1)x+2k =0 (1). (didukién: x=-1)
d cit (C) tai hai diém A, B phan biét < (1) ¢ hai nghiém phan biét khac —1
(k=0
4A—k2 6k +1> 0 k=0
TaTR T Slk<s-25vk>3+25
|k(-1) +(3k-1)(-1)+2k=0
Khi do: A(xl;kxl+2k+1?, B(X;kx, +2k +1) v6i Xy, X, 1a nghiém cua (1).
X+x —-3k+1

Theo dinh ly Viet ta c6 oo k . Tinhdugc
[xlx2 =2
d (A;0x) =d (B;Ox) < kx+ 2k +1] =[kx,+ 2k +1|

[k, + 2k +1 = kx, + 2k +1
<'kx+ 2k +1=-kx -2k -1

L s 2
=X, (loai)
@{kxj(xfzxg+l4k+2=0
1

2

S k(% +X%)+4k+2=0<k=-3.

Vay k = -3 thoa yéu cau bai toan.

C. BAITAP TRAC NGHIEM

Céau 1.

Céau 2.

Céau 3.

Cau 4.

S6 giao diém cua do thi ham sé y = —x*+ 2x*—1 véi truc Ox la
A. 3. B. 1. C. 2. D.4.

86 giao diém ctia dd thi ham s6 y = (x+3)(x* +3x+2) véi truc Ox Ia
Al B. 3. C. 0. D. 2.

S6 giao diém cua do thi ham sé y=x3—2x°+x —12 va truc Ox I

A. 2. B. 1. C. 3. D. 0.

Puong thing y =X —1 cit db thi ham sé Y= _1 tai céc diém c6 toa df 1
X +

A. (0;2). B. (-1;0); (2:1).

C.(0;-1); (2;1). D. (1;2).
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Chuyén dé 2. Cdc bai todn lién qudn dén o thi ham so BTN 2 1

Cau 5.

Céu 6.

Céau .

Céu 8.

Cau 9.

Céu 10.

Cau 11.

Céau 12.

Cau 13.

Céau 14.

Cau 15.

A g - . 2x-1 . \ 2 N
Do thi (C):y = oy Catduomgthang .y — ox— 3 tai cic diém co toa o 12
A (2;-1); (—12; —2). B. (2;1); (—12; —4).

C. (-1 -5); (32 0). D. (12 —2).
5% thi ham sb y= 2 + X3+ X cét truc hoanh tai méy diém?
A. 2. B. 3. C. 1L D.O0.

Cho ham s y = 2x°— 3x*+1 ¢6 dd thi (C) va duong thing d : y = x —1. Sb giao diém cua (C)
vad la

A 0. B. 1. C. 2 D. 3.
, 7 ‘ , X —4x + 3
SO giao diém cua do thi ham so y = 7 va truc hoanh la
X +
A. 0. B. 1. C. 3. D. 2.

S6 giao diém ciia 6 thi ham s6 y = (x—1)(x* —3x+2) va truc hoanh la

A. 0. B. 1. C. 3. D. 2.
X*—2x -3

Giao diém giira d6 thi (C):y= — 1 va duong thing (d ):y=x+11a

A A(2-1). B. A(0;-1). C. A(-1;2). D. A(-1;0).

Choham sé y=x'—4x*—2¢6 dd thi (C) vadd thi (P):  y=1-x*. Sb giao diém cua (P) va
d6 thi (C) la

A. 1l B. 2. C.3. D. 4.
) 2x=1 , . ... , . .
Cho hamso ¥Y=" " "¢ do thi (C) va duong thing d:y=2x—-3.S6 giao diém ciia (C ) va
X +
dla
A. 2. B. 1. C. 3. D. 0.
A - .2 . X s . 2x-1 )
Toa do giao diém gitra d6 thi (C) :y = > va dudng thing d 1y =x—2 13
X +
A.A(-1;-3); B(3;1). B. A(1; -1); B (0; -2).
C. A(-1;,-3); B(0;-2). D. A(1;-1); B(3;1).
R £ 2x-1 . PN 2 \ N z
Choham so y = 1 c6 do thi (C) va duongthangd: y=2x-3.Puong thang d cat (C)
_l_

tai hai diém A va B . Khi d6 hoanh d6 trung diém | ctia doan thang AB la

A x:é. B.x:—g. C.x:g. D.x:—é.

g 1y (O TR
Toa d6 trung diém | cia doan thaing MN véi M, N 14 giao diém ciia duong thing
d:y=x+1vadd thi ham s (C) : y=2X+2 la
Xx-1

A.l(-1;-2). B.1(-1,2). C.1(5-2). D.1(1;2).
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Chuyén dé 2. Cdc bai todn lién qudn dén o thi ham so BTN 2 1

. , . ) 2X+ 4 . R
Cau 16. Goi M, N 14 hai giao diém cua duong thing d:y=x+1 Va(C):y= i Hoanh d9 trung
X J—
diém | cia doan thang MN 1
A. 2. B. 1. c.> D.-°.
2 2

Cau 17. PO thihamsd y=2x'—x*+2 cat duong thang y = 6 tai bao nhiéu diém?

A. 2. B. 0. C. 4. D. 3.
Cau 18. Tiém cén ngang cua do thi ham so H):y= . cat do thi ham s6 (C ):y =2x*—x* tai cic

X+
diém c6 toa do la
A.(1;1); (-11). B. (1;1). C.(-1;1). D. (0;1).

Cau 19. Do thi ham sé y=x’—3x*+1 cat duong thang y =m tai ba diém phan biét thi tat ca cac gia tri
tham s6 m théa man 1a
A m>1. B. -3<m<1. C. -3<m<1. D.m<-3.

Cau 20. Puodngthangy=m khong cat d6 thi ham s6 y=—-2x"+4x’+ 2 thi tit ca cac gia tri tham s

m la
A m>4. B.m>4.
C. m<2. D.2<m<4.
CAau 21. Vi tat ca gia tri nao cua tham sé m thi phuong trinh X'—2x*=m+3 c6 bon nghiém phan
biét?
A.m e (-4; -3). B m=-3hoicm= —4.
C.m e (=3; +). D.m e (—o; —4).
Cau 22. Tt ca gia tri caa tham s6 m dé phuong trinh x°— 3x — m +1 = 0 ¢4 ba nghiém phan biét 1a
A -1<m<3. B.-1<m<3.
C.m=1 D. m<—-1hoacm>3.

Cau 23. Tat ca gia tri cia tham s6 m dé do thi (C):y=x*-3x*+ 2 catduongthang d:y=m tai ba
diém phén biét 1a
A.-2<m<0. B.-2<m<?2.
C.0<m<1. D.1<m<2.

Cau 24. Tatca gia tri ciatham s mdédoth i(C):y=x*—2x*— 3 cit duong thang d :y=m tai bén
diém phén biét 1a
A -4 <m<-3. B.m<—-4.

C.m>-3. D.—4<m<—12.

Cau25. Chohamsd y=x'—4x*—2 c6ddthi(C) vaduongthing d:y=m.Tétcacacgidtri coa
tham s6 m dé d cit (C) tai bon diém phan biét 1a

A 6<m<-2. B.2<m<6. C.-6<m<-2. D.2<m<6.
Cau 26. Tét ca cac gi tri ciia tham sé m dé phuongtrinh  x*— 3x?+ m = 0 c6 bén nghiém phan biét 1a
A.l<m<g. B.0<m<9. C.—g<m<0. D.—1<m<§.
4 4 4 4
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Chuyén dé 2. Cdc bai todn lién qudn dén o thi ham so BTN 2 1

Céu 27.

Céu 28.

Céu 29.

Cau 30.

Céu 31.

Céu 32.

Cau 33.

Cau 34.

Cau 35.

Cau 36.

Chohamsé y=—x"+2x*+m. Tét ca gia tri ctia tham s m dé do thi ham sb da cho cit tryc
hoanh tai it nhat ba diém phan biét 1a

A. 0<m<l1. B.-1<m<0. C.-1<m<0. D.-1<m«<0.
Cho ham sb y = (x— 2)(x2 +mX +m? —3). Tat ca gia tri cuia thma sé m dé dd thi ham sb da cho
cit truc hoanh tai ba diém phan biét 1a
—2<m<2 -1<m<?2
A -2<m<-1. B. | . C.-1<m<2. D. g .
m=-1 (m=1
TAt ca gié tri cua tham sb m dé phuong trinh  x* —2x> —m+3=0 co6 bon nghiém phan biét 1a
A 2<m<3. B.2<m<3. C. m>2 D. m>2.
Tt ca gia tri ciia tham s m dé phuongtrinh x* —2x* —m+3=0 c6 hai nghiém phan biét 1a
A m>3. B. m2>3.
C. m>3hoacm=2. D. m=3hoacm= 2.
Tt ca gi4 tri cua tham s m dé do thi ham s6  y = —2x"+ 2x*+1 cat duong thang y=3m tai
ba diém phan biét 1a
1 1 1 1 1
A —<m< —. B. . m=_. C m<_. D.m=_.
2 3 3
Tét céa gid tri cua tham s6 m dé do thi ham s6 (C ): y=-2x*+ 3x*+ 2m —1 cit tryc hoanh tai

ba diém phan biét la

A.l_gm<1__ B.—£<m<1_. C.0<m<£. D.Ogmsi.
2 2 2 2
Tim tit ca cac gia tri cia tham s6 m dé phuong trinh YA

xX*—3x*+4+m=0 co nghiém duy nhat 1én hon 2 .
Biét rang d6 thi cia ham s6 y=-x*+3x*—4 la hinh

v

bén.

A.m>0.

B. m<—4,

C. m<-4.

D. m<—4 hoacm=>0.

Tt ca gia tri cua thm s6 m dé phuong trinh~ x* —3x—m+1=0 c6 ba nghiém phén biét, trong
do6 ¢6 hai nghiém duong la
A -1<m<l. B.-1<m<l1. C.-1<m<3. D.-1<m«<1l.

Cho ham sé y=-2x*+3x*~1 ¢6 d6 thi (C) nhu hinh v& Ding
d6 thi (C ) suy ra tat ca gia tri tham s6 m dé phuong trinh
2x*— 3x’+2m = 0(1) co6 ba nghiém phan biét 1a

A.0<m<l. B. -1<m<0.
2

C.0<mg-1. D. -1<m<0.

Cho phuong trinh x*— 3x*+1-m=0 (1) . Diéu kién cta tham s6 m dé (1) c6 ba nghiém phan
biét thda x;< 1 < X,< X, khi
A.m=-1. B.-1<m«<3. C.-3<m<-1 D.-3<m<-1.
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Chuyén dé 2. Cdc bai todn lién qudn dén o thi ham so BTN 2 1

Cau 37. Choham sb y=2x*-3x*+1 c6 db thi (C) va duong thang d :y =x —1. Giao diém cua (C) va
dlan lwgtla A (1;0), B va C . Khi d6 khoang cach giita B va C Ia

A BC:@. B. BC:@.
2 2

C. BCzﬁ_._ D. BC:Q.
2 2

2X

Cau38. Chohamsé y-= ‘11 c6 b thi (C) va duong thingd : y=2x—3 . Dudng thing d it (C)
X+

tai hai diém A va B . Khoang cach gitta AvaB la

A AB=E. B. AB=E. C ABzﬂi D. AB:E
5 2 5 2

Cau39. Choham s y=22"1
X+1

c¢6 d6 thi (C) va duong thang d :  y=2x — m . Pudng thing d cit (C)

tai hai diém A va B khi gié tri caa tham sé m thoa
A —4-2J6<m<-4+28. B.m<-4-26 hocm>-4+26.
C.-4-2J6<m<—4+25. D.m<-4-26 hoicm>-4+26.

A A X \ 2\ N A A 5 , s 7 . 5 A
Cau 40. Cho ham so (C ): y= 1 va duong thang d:y =X+ m. Tap tat ca cac gia tri ciia tham so m
X J—

sao cho (C ) vad cat nhau tai hai diém phan biét 1

A. (—2; 2). B. (—oo;—Z)u(2;+oo).
C. L. D. &
Cau 41. Tap tat ca cac gia tri ciia tham s6 m dé duong thang d:y=x+m’ catdd thi ham sb

(C):y=-x*+4x tai badiém phan biét 1a

A. (-1;1). B. (—o;1]. C. 0. D. (v2;%).
Cau 42. Tat ca gia trj tham sd m dé d6 thi (C) 1y =x"cat d6 thi (P) :y=(3m +4) x*~m? tai bon diém
phén biét la
A. me(—oo;—4)u(—%;0)u(0;+oo). B. me(-10)u(0;+m).
4. .
C. me(—S,O)u(0,+oo). D. me0\{0}.

Cau 43. Chodd thi (C):y=2x"-3x*-1.Goid laduong thingqua  A(0;-1) c6 hé sd goc bang k.
Tt ca gia tri k & (C) cat d tai ba diém phan biét 1a

k<9 k>—9 [k<—g [k>9
A.{ 8. B. 4 8. C. 4 8. D.{ 8.
[k;tO [k;tO [k;tO [k;tO

Cau 44. Chohamsd y=x>-3x"+ 4 c6 dd thi (C ). Goi d 1a duong thing qua 1 (1; 2) véi hé s6 goc k .
Tap tat ca cac gia tri ciia k dé d cat (C ) tai ba diém phan biét I, A, B sao cho | 1a trung diém

ctia doan thing AB 1a
A. {0}. B. . C. {-3}. D. (-3; +).
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Chuyén dé 2. Céc bai todn lién quén dén dd thi ham so’ BTN 2 1

Céu 45. 01 nhirn gia tri nao tham m thi
1y =x,-3(m+1)x +2(m +4m +1 x 4m m+13 cét truc hoanh tai ba diém phan bi¢t

c6 hoanh d6 16n hon 1?

A. 1_<m¢1. B. m>£. C mzi. D. m=1.

2 2 2

Cau 46. Cho d6 thi (C):y=4x*—3x+1 va duong thing d:y=m(x—1)+2 . Tat ca gié tri tham s m dé
(C) cét d tai mot diém 1a
A m=9. B. m<0. C. m<0 hoaicm=9. D. m<0.

CAu 47. Chohamsd Y= x+1 " 77 ¢6 dd thi (C) va duong thang d : y = x + m . Gia tri ctia tham sé m dé d

X+1
cét (C) tai hai diém phan biét A, B sao cho AB=+/10 la
A m=0 hoac m=6. B. m=0.
C.m=6. D.0<m<6.

X +1
Cau 48. Chohamsd Y= - 100 dothi(C)va . y =X + m . Gié tri cua tham s m dé d cat (C) tai

hai diém phén biét A , B sao cho tiép tuyén tai A va B song song v6i nhau.
A. Khéng ton tai. B. m=0. C.m=-3. D.m=3.

Cau49. Cho(P):y=x*—2x-m’va d:y=2x+1. Giast (P) citd tai hai diém phanbiét A, B thi
toa d6 trung diém | ciia doan thang AB la
A l1(2,-m). B.1(;,-m’-1). C. 1(33). D. 1(2;5).

Cau 50. Gid tri nao clia tham sé m dé dd thi (C ):,y = (m -1) x*+x*~m  chi c6 mot diém chung véi

truc hoanh?
A m=1. Bm<0hoécm>4_
3

4
C. m<0. D .m>_.

3

Cau51. Chohamsd y=x'-3x*—m—1 ¢6 dd thi (C) . Gia trj ctia tham sé m dé db thi (C) cit truc

hoanh tai ba diém phan biét 1ap thanh cp sb cong 1a
A m=0. B. m=3. C.m=-3. D. m=46.

+11 c6 dd thi (C) va duong thang d:y=Xx+m.Pudng thing (d) cit dd

Cau52. Chohamsé y=2

thi (C) tai hai diém A va B . V&i C(=2;5) , gia tri cia tham s6 m dé tam giac ABC déu la
A m=1. B. m=1hoac m=5.
C. m=5. D. m=-5.
Cau’53. Chohamsd y=x‘—(2m-1) x*+2m c6 dd thi (C) . T4t ca céc gié tri cta tham sb m dé duong
thangd: y=2 cit dd thi (C) tai bén diém phan biét déu c6 hoanh do 16n hon 3 1a

[ 3 [m¢3

3 11 _ D)
Am=5. B.l<m<75. C. <|m¢2 _ D-{| 2 11
[1<m<2 |1<m<5

14| THBTN



Chuyén dé 2. Cdc bai todn lién qudn dén o thi ham so BTN 2 1

Céu 54.

Céu 55.

Cau 56.

Cho ham sb: y =x*+ 2mx*+ 3(m —1)x + 2 ¢6 db thi (C) . Puong thing d:y=—x +2 cit do thi
(C) tai ba diém phan biét A(0;-2),B vaC.Véi M(3;1), gié tri ctia tham s6 m dé tam giac

MBC ¢6 dién tich bing 2+/7 12
A m=-1, B. m=-1 hoac m=4.
C.m=4. D. Khong ton tai m.

Cho a6 thi (C,): y=x*~2x"+ (1~ m)x +m . Tat ca gid tri cia tham sd m dé (C ), cét truc

hoanh tai ba diém phén biét c6 hoanh d6 X, X, X thoa x>+ X’ + x*= 4 1a
1 2 3 1 2 3

1
A m=1. B m=0. C m=2. D. m>—£—1 vam = 0.

\ A 1 2 z A . A 5 . . c A A
Chohamso :y= Exs— mx*— X +m t3 6 do thi (C, ). Tat ca cac gia tri ciia tham so m de

(C, ) cit truc Ox tai ba diém phan biét c6 hoanh d0 X, X,, X;théa X+ X5+ X°> 15 14

A. m>1hoacm<-1. B. m<-1. C. m>0. D.m>1.
\ XZ_)H_]_ 5 , ; 5
Cau 57. Cho do thi (C):y:T va duong thing d:y=m. Tat cd cic gia tri thamso mde (C)
citd tai hai diém phan biét A, B saocho AB=+2 1a
A.m=1+-6. B.m=1-+6hoicm=1+ 4.
C.m=1-+6. D. m< 1 hodc m> 3.
D. DAP AN VA HWONG DAN GIAI BAI TAP TRAC NGHIEM
| -PAP AN
1123|4567 |8|9|10|11(12(13|14|15|16|17|18(19 |20
c,eB/pc/B|c/ bbb D|B|]AJ]A|C|DIB|AJ]A|C|A
21122123124 |125|26|27|28|29|30|31|32|33|34(35/36|37|38|39|40
AlA|B|A|lC|/B|B|B]A|]C|D|lC|C|D|A|]C|B|D|D]|C
41|42 |43 |44 |45 |46 |47 | 48|49 |50 |51 |52 |53|54|55|56 |57
blCc/  BID/A|DIA|A|D|B|C|B|D|B|A|A|B
Il -HUGNG DAN GIAI
Caul. ChonC.
Phuong trinh hoanh d¢ giao diém: —x*+ 2x°~1 =0 < x*=1 < x=1v x=—-1.
Vay sb giao diém1a 2 .
Cau 2. ChonB.
[x=-1
Giai phuong trinh (x+3)(x2 +3X+ 2): 0= | X=-2. Viys6 giao diem la 3.
Lx:—S
Cau 3. ChonB.
Lap phuong trinh hoanh d¢ giao diém: x*— 2x*+x -12=0<x =3
Viy c6 mét giao diém duy nhat.
Cau4. ChonC.
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Chuyén dé 2. Cdc bai todn lién qudn dén o thi ham so BTN 2 1
2x -1

Lap phuong trinh hoanh d6 giao diém —1:)(_1 X -2%=0x=0vx=2,
X+
£ s N y=-1
Thé vao phuong trinh y = x —1 duoc tung do tuong (g y=1
Vay chon (0;-1), (2;1).
Cau5. (ChonBl
2x -1 [x#-1 [x=2

Phuong trinh hoanh d¢ giao diém: =2Xx-3 <4 =
X+1 |22 —3x—2=0 {X=—

y=1

Thé vao phuong trinh 2x — 3 dwoc tung d6 twong tng: { yod’

Vay chon (2;1) va (—l; —4).

2
Cau6. ChenC.

Phuong trinh hoanh d6 giao diém
[x=0

2+ =0 X2¢%+x+1) =0
{2x2+x+1:0(VN)

Vay d6 thi ham sé cit truc hoanh tai mot diém.

Cau7. ChonD:

Phuong trinh hoanh d6 giao diém

2x3 -3  +1=x-1<2x* -3x% —x+2:0<:>(x—1)(2x2—x—2):0<:>

Vay sb giao diém 1a 3.

Cau8. ChonD
2 X=1
X _4X+3:0<:>|_

Phuong trinh hoanh d6 giao diém :
X+ 2 x=3

Vay sb giao diém1a 2 .

Cau9. ChonD.
[x=1

Phuong trinh hoanh d giao diém (x-1)(x* —3x+2)=0 < L 5
X =

Vay sb giao diém1a 2 .
Cau 10. ChenD.
X?—2x—3

Lap phuong trinh hoanh d6 giao diém 1 X+leox=-1=y=0.
X —

Vay chon (-1;0) .

Cau1l. ChonB.

Phuong trinh hoanh d¢ giao diém:
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Chuyéndé 2. Cic bai todn lién quin dén do thi ham s¢

Iy 3+J_1 3+ 3+4/21
| x -
x4—4x2—2:—x2+1<:>x4—3x2—3=0<:>( 2
e =_
L 2
Vay sb giao diém 1a 2.
Cau 12. Chen A
Xl _g g XL |Fx:2
Ph inh hoanh d6 giao diém: =Z2X-3<= & .
uwong trinh hoanh d¢ giao diém 1 {L2X2—3x—2:0 |LXZ_%
Viy sb giao diém 1 2.
Cau 13. Chon A
Lap phuong trinh hoanh d¢ giao diém 2X -1_ 5 [x=3=y=1
X+ 2 X=-1=y=-3
Vay chon A(-1;-3), B(3;1).
Cau 14. ChonC
Phuong trinh hoanh d6 giao diém:
2x -1 [x#-1 [x=2 X +X 3
=2x-3< <:>‘ 1=>x =—2—E8=_.
X +1 izxz—sx—2=o =73 2 4
Cau15. GHgaD!
Lap phuong trinh hoanh d6 giao diém 2x+2 _ X+1<:>rX=3:> y=4 =1(1;2).
x-1 Lx=—1:>y:0
Vay chon 1(1;2).
Cau 16. Chon B.
Lap phuong trinh hoanh d¢ g12a _94"m (x=1+ 6
:x+1<:>| \/‘:x =1.
Ll
x-1 Ix=1-+6

Cau 17. Chon A:

Lap phuong trinh hoanh d6 giao diém:

o (Xzzl%gz . .

_x +2=6o = X= VX=—
2X =X [ 1-3 4 4

|L 4

Vay sb giao diém 1a 2.

Cau 18. Chen A

Tiém cin ngang cua do thi ham sb (C') 1a y = 1. Phuong trinh hoanh d¢ giao diém

x=1
2x4—x2:1<:>x2=1<:>|—[ 1:>y=1.
X=—
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Chuyén dé 2. Cdc bai todn lién qudn dén o thi ham so BTN 2 1
Vay chon (1;1), (-1;1).

Cau 19. ChenC.

Lap phuong trinh hoanh d6 giao diém: x*-3x*+1=m
Tach: y'=3x"-6x; y'=0=x=0vx=2.

Béng bién thién:
X —0 0 2 +00
' + 0 - 0 +
+00
y / 1 \_3 /
—00

Do d6, db thi cit duong thang y = m tai ba diém phan biét khi -3 <m<1.
Vaychon-3<m«<1.

Cau 20. Chon A

Lap phuong trinh hoanh d¢ giao diém: —2x*+ 4x°+ 2=m

Tach: y'=-8xX+8x; y'=0=x=0vx=1lvx=-1.

Bang bién thién:
X | —©0 -1 0 1 +00
yl + 0 — 0 + 0 _
4

N

Do d6, duong thangy =m khoéng cit db thi ham s khim >4
Vay chonm >4 .
Cau21. ChonAl
Ta khéo sat ham s6 (C )1y =x*— 2¥tim duoc Y., =1, Yes = 0.
Yéu cdu bai todn < -1<m+3<0 < -4<m<-3.
Vay chon m e (—4;-3).
Cau 22. Chon Al
Phuwong phap tu luin:
Ta khao sat ham s6 (C):y=x-3x+1timdugc Y =3, y; =-1.
Yéu cau bai toan < -1 <m < 3. Vay chon -1 <m < 3,
Phwong phap tric nghiém: Ta kiém tra tryc tiép dap an
+Véim = 2, gidi phuong trinh x> —3x—1=0 ta bAm may dugc ba nghiém = loai C, D.
+Véim = -1, giai phuong trinh  x*— 3x + 2 = 0 ta bAm may duoc hai nghiém = loai B.
Vaychon-1<m<3

Cau 23. Choen B!

Béng bién thién:
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Chuyén dé 2. Cdc bai todn lién qudn dén do thi ham so BTN 2 1

—o0 0 2 +00
+ 0 — 0 +
+00
y / 2 \ /
—0 -2

Puong thing d:y=mcit(C) tai ba diém phan biét khi: -2<m<2.
Vaychon-2<m< 2.
Cau 24. Chon A
Béng bién thién
X | —o0 -1 0 1 +o0
yl - 0 + 0 — 0 +
3

N N

Puong thang d :y=mcit (C) tai bén diém phan biét khi -4 <m < -3 .
Vay chon -4 <m < -3
Cau 25. ChenC.
Xétham sé y =x*—4x*—2
Tinh y'=4x*-8x

[x=0=y=-2
Choy'=0c>4x3—8x:0c>|x:ﬁ:>y:_6,
{X=—\/§:>y=—6
Bang bién thién:
o —2 0 N +00
y' - o + o - 0 +
y |+ 2 +o0
\_6/ \_6/

Duya vao bang bién thién suyra -6 <m < 2.
Vaychon -6 <m<-2.

Cau 26. Chon B!
Phuong trinh & m=—x"+3x*. Pat (C ) :y=—x"+3xvad:y=m
Xétham s§ y=—x*+3x*. Tacdy'=—4x* +6x; y'=0®X=OVX="S—VX=—§‘g
Bang bién thién:
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Chuyén dé 2. Cdc bai todn lién qudn dén do thi ham so BTN 2 1

Céu 27.

Céau 28.

Céau 29.

Cau 30.

6
X | —o0 o 0 ﬁ +00
2
yl + 0 — 0 + 0 -
9 9
4 4
y
—0 0 —0
' ' i bén diém phan biét < 0 < m <
Phuong trinh ¢6 bon nghiém phan biét < d cit (C) ta1 bon diem phan bict < 0 <m < 4
Véych()n0<m<g.
4
Chon B.
Phuong trinh hoanh d6 giao diém: —x*+ 2+ m=0< m=x"- 2%,
Piat (C):y=x"—2x> vad:y=m
Xét ham sé y =x*— 2x2.
Tacd y'=4x°-4x; y'=0=x=0vx=-1lvx=1.
Bang bién thién:
X | —o0 -1 0 1 +00
yl - 0 + 0 — 0 +
+00 0 oo
-1 -1
D6 thi ham s6 da cho cit truc hoanh tai it nhat ba diém phan biét khi —-1 <m <0.
Vaychon-1<m<0.
Chon B.
Phuong trinh hoanh d6 giao diém: (x — 2)(x2 +mx +m’ —3)= 0 @)
X=2
<
X* + x+m —3=
D¢ d6 thi ham s6 da cho cét tryc hoanh tai ba diém phéan biét <> Phuong trinh (1) co ba
nghi¢ém phan biét < Phuong trinh (2) 6 hai nghiém phan biét khac 2
[A>0 (-3m*+12>0 [2<m<2 (2<m<2
=2 = = .Véychoni .
4+2m+m’ =320  [m2+2m+1=0 [(m=-1 m -1
Chon A. .
Tuong tu ta khao sat ham so (C )iy=x'-2x+3tatimdugcy =2y =3.
CT CD

Yéu cau bai toan <2 <m <3 . Vaychon2 <m< 3.

Chon C.

Phuwong phap tu lujn:

Tuong tu ta khao sat ham s6 (C ):y=x"-2x*+3tatimdugc y =2,y =3.
CT CD

Yéu cau bai toan <& m=2vm>3.Vaychonm=2vm>3.
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Chuyén dé 2. Céc bai todn lién quén dén dd thi ham so’ BTN 2 1

Céu 31.

Cau 32.

Cau 33.

Céau 34.

Phwong phép tric nghi¢m:
+V6im =3, tagiai phuongtrinh x* —2x* =0 <> x=0v Xx=+/2 v X= —/2 = loai B, D.

+Véim =2, ta giagi phuong trinh x*— 2 x*+1=0< x=1v x=-1 = loai A.

Chon D. YA
Phuong phap tu luén:
Khéo sat ham s (C )1y =-2x"+2x*+1  tim duogc /\ 18

[\

‘ 1
Yéucdubaitoan <<3M=1lem 25 . Vay chon 1

\ A

m=

3
Phuwong phap tric nghiém:

L Véim=" ta gidi phuong trinh —2x* + 2~ =0 e x= V2 vx=—V° = loai B, A,

2 2 2 2
+V6im=0, ta giai p]{tuorng trinh
2
X =
| 1+2\/§

4 2 + +
—2x O -Q1:O<:>|| S X= vX=—,/ = loai C.

Vay chon m = ];
3

Chon C.
Phwong phap ty luan:

Phuong trinh hoanh d¢ giao diémcta (C)  vatruc Ox: -2x+ 3x"+2m —1=0. Ta khao sat
hamso (C'):y=2x*-3x*+1vacingchilatm y ,y .Cuthéy =1y =0.Dodoyéu
C CD CT

D CT

cau bai todn = 0<2m<1<0<m< 1_ Vay chon O<m<1_
2 2

[ -
X=_"
2 =loai B,D.
tx:l
+V6im=0.1, ta c6 phuong trinh —2x*+ 3x*~ 0.8 =0 ¢6 3 nghiém = loai C.

Chon C.
Tacd X’—3x*+4 +m=0 (*). Xem phuong trinh (*) 1a phuong trinh hoanh d¢ giao diém cta

Phuwong phap tric nghi¢m:

+V6im=0, ta c6 phuong trinh —2x*+ 32 —1 = 0|

d6 thi ham s6 (C) 1y = —x*+ 3x’— 4 va duong thang d 1 y =m . S6 giao diém cua (C) vadla
) nghiém cua (*). Dya vao dd thi ham s, yéu cau bai toan < m < —4 . Vay chonm< —4.
Chon D.

Phwong phap tw luan:

Ta c6 do thi ctia ham sb y = x°— 3x +1nhu hinh bén.

Dua vao d thi ta tim dugc két qua dé do thi cat ham sd tai ba diém phan biét [a -1 <m < 3.
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Chuyéndé 2. Cic bai todn lién quin dén do thi ham s¢

Cau 35.

Cau 36.

Céau 37.

Véix=0=y=1nén yéu cau bai toan < -1 <m < 1. Vay chon -1 < m < 1.
[x=0
Phwong phap tric nghi¢m: Xét m = 1, ta duwoc phuongtrinh x°—3x =0 < |

| x= +/3
khong du hai nghiém duong = loai A, B, C. Vay chon -1 <m < 1.
Chon A.
Phuong trinh (1) < —2x°+ 3x*~1 = 2m —1 14 phuong trinh hoanh d¢ giao diém ciia d6 thi (C)
vad:y=2m -1 (la dudng thing song song hoic tring voi OX ).
Phuong trinh ¢6 ba nghiém phan biét < (C ) cit d tai ba diém phan biét < —1 < 2m -1 <0
1 .. 1
< 0<m<=.Vaychon0<m<~=.
2 2
Chon C.
Phwong phap tu luan
Tacod x— 3x*+1— m =0 la phuong trinh hoanh d6 giao diém gitra hai do thi ham s
y =x3—3x°+ 1 vay = m (14 dudng thang song song hoic tring voi OX ).
Xét y=x>—3x*+ 1. Tap xac dinh: D= 0.
Tinh y'=3x*— 6x.
[x=0=y=1

Taco V' =03 -6x=0<
Lx=2:>y:—3

Taco x=1=y=-1
Dua vao db thi, s nghiém cta phuong trinh (1) chinh 13 s6 giao diém cta d thi
y =x3—3x°+ 1 va dudng thangy =m .

Do d6, yéu cau bai toan < -3 <m< -1,

Phuwong phap tric nghi¢m

Chon m =2 thay vao (1) tim nghiém bang may tinh.

Ta nhan thidy (1) chi c6 mot nghiém. Suy ra loai L
duoc dap an B. é\ 12 X
Tiép tuc tht m=—1 thay vao (1) tim nghiém bang 4

may tinh. Ta nhan thay (1) c6 ba nghiém nhung c6
mot nghiém bang 1. Suy ra loai A.
Tiép tuc thit m=—2 thay vao (1) tim nghiém béng

méy tinh. Ta nhan thy (1) c6 ba nghiém thoa yéu

cau bai toan. Suy ra loai D.

Vay C 1a dap an can tim.

Chon B.

Phuong phap tu ludn

Phuong trinh hoanh d6 giao diém ciia do thi (C) va dudng thang d
2 -3+l =x-12X-3-x+2=0

[x=1

{sz—x— 2=0(1)

Khi do taco A(L;0), B(x;; x;—1) va C(X,; X,—1) ( X;, X,1a nghiém cua (1))

S xX-1)2X-x-2)=0<

Tacd BC=(x,— X;; X,— X;), suy ra
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Chuyén dé 2. Céc bai todn lién quén dén dd thi ham so’ BTN 2 1

BC = (%= %)+ (X XY =y 2(%=%)" =420+ x)" - dx, :,/ZGMJZ@'

Vay Chon B.
Phuwong phap tric nghiém
Phuong trinh hoanh d6 giao diém
2 -3 +l=x-1<2-3x-x+2=0.
- Nhap may tinh tim nghiém phuong trinh bac ba.
- Gan hai nghiém khac 1 vaoBvaC.
- Nhap may X —1. Dung lénh CALC tim tung d¢ ciia diém B va C gan vao hai bién D VA E .

Khi d6 BC = /(C - B)*+ (E — D)? =g.
Vay Chon B.
Céau 38. Chon D.

Phwong phap tu luan

Phuong trinh hoanh d6 giao diém cua d6 thi (C) va dudng thang d
2% —1 (x#-1 Xx=2=y=1 = A(2;1)
=2 -3¢&y PN 1 (1
X +1 |2x* =3x-2=0 Ix=-"=y=-4 =B|-_;-4]

[ L2 )
Taco ™ (5 ) 58

AB =| —_;—SJ.Suyra AB=" .Vaychon AB=2%_
\ 2 2 2

Phwong phap tric nghiém

Phuong trinh hoanh d6 giao diém: 2x-1 =2Xx-3 (x=-1).
X+1
Dung 1énh CALC ctia méy tinh, ta tim dwoc hai nghiém ctia phuong trinh 1an lugt 3 x =2 va
1 . A
X = _; .Suyra A(2;1) va B(— o —4\. Dung may tinh thu dugc AB = 58 .
L2 ) K3
Viy chon AB =55
2
Cau 39. Chon D.
Phwong phap ty luan
Phuong trinh hoanh d6 giao diém ctia d6 thi (C) va dudng thang d :
2x -1

=2Xx-m(x#-1) <2 -mx+1-m=0 (1)
X +1

Yéu cau bai toan < (1) ¢6 hai nghiém phan biét khac —1

[A=m?-8(1-m)>0

= oSm<—4-26vm>—-4+26.

[2+m+1-m=0
Vay chon m < —4—2\/6 hoac m> -4 +2\/€ :
Phwong phap tric nghiém
Phuong trinh hoanh d6 giao diém cua d6 thi (C) va dudng thing d :

2X_l:ZX—m(x;z&—1)<:>2x2—mx+1—m:O @A)

X+1
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Chuyén dé 2. Cdc bai todn lién qudn dén o thi ham so BTN 2 1

Cau 40.

Céu 41.

Cau 42.

Céu 43.

Chon m=0 thay vao (1) tim nghiém bang mdy tinh, ta nhan thay (1) vé nghiém. Suy ra loai
duoc A va C.

Tiép tuc chon m=—-4 + 2/6 thay vao (1) im nghiém bang may tinh, ta nhan thay (1) co
nghi¢m kép. Suy ra loai B.

Vay chonm < -4 — 2\{3_ hodacm> -4 +2\/€.

Chon C.
Phuong trinh hoanh d6 giao diém cua d6 thi (C) va dudng thing d :
Ll:x+m<:> X +(m-2)x-m=0 (1)
X —
(C) cét d tai hai diém phan biét < (1) 6 hai nghiém phan biét
< A>0 < m'+ 4> 0 (ding véi moi m).
Vay chon [0 .
Chon D.
Phwong phap tu luin:
Phuong trinh hoanh d6 giao diém cua db thi (C)va YA
duong thang d : —xX°+ 4x =X + M’ < -+ 3x = m’
Ta khao sat ham s6 (C ): y = —x*+ 3x ¢6 dd thi sau 1
nhu hinh bén. -2 of 1 \2 X

Tim duoc Yo, =-2, Y =2 nén yéu cau bai toan

o -2<m?<2esJ2<m<2.

Vay chon —\/E <m< \E
Phwong phap tric nghiém:

+V6i m=-3, tacophuong trinh —x’+ 3x — 9 = 0, bam may tinh ta chi timl dwoc mot nghiém
= loai B, C.
+V6i m=1.4, tacodphuong trinh —x*+ 3x —1, 4°= 0, bam may tinh ta ra duoc ba nghiém =
loai A.
Vay chon —J2<m<+2.
Chon C.
Phuong trinh hoanh d¢ giao diém cua (C) va (P) la:
X'=@Bm+4)xX¥-mex'-@Bm+4) xX*+m’=0(1).
(C) cat (P) tai bon diém phan biét < Phuong trin? (1) c6 bon nghiém phan biét
4

(A>0  [5m’+24m +16 >0 m<—4v m>-
5 |(r4

& -
<:>LP>0/_\m2>O m=0 <:>{m_> 5.
[5>o 3m+4>0 ms> _4 [m;tO
3
(s _2
m>—
Vay chon 4 5.
Lm;to
Chon B.
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Chuyén dé 2. Cdc bai todn lién qudn dén o thi ham so BTN 2 1
Phuong trinh dudng thang d :y =kx -1 .

Phuong trinh hoanh d6 giao diém ciia d6 thi (C) va dudng thang d :
2 -3x* —1=kx-1 < x(2x* —=3x—k) =0 [x=0 1)

=
| 2 =3x -k (2)

(C) cit d tai ba diém phan biét <> Phuong trinh (2) 6 hai nghiém phén biét khac 0

(A>0 [k>—9
=3 = 8.
[0-k=0 [k;éO
{k>—g
Vay chon 4 8.
k=0

Céau 44. Chon D.

Phwong phap ty luin:

Phuongtrinh d:y=k(x-1) + 2.

Phuong trinh hoanh d6 giao diém cua d6 thi (C) va dudng thiang d :
X-3+4=kx—k+2 X -3 -kx+k+2=0 (1)

[x=1
& (X—l)(X2 —2X—k—2):0 & | f@ﬁ]ﬁlﬂ'ﬂﬁ_z =0 (%)
9(x)

d cit (C) tai ba diém phan biét <> Phuong trinh (*) ¢6 hai nghiém phan biét  x,; X, khac 1

JA;’>O Jk+3>0
= =

1)#0 -3-k=0
x1+ng=(2):2x, L

y+y=k(x+x)-2k+4=4=2y
1 2 1 2 |
Vay chon k > -3, hay (-3; +x) .

Phwong phap tric nghi¢m:

Ta tinh toan dén phuong trinh (1)

+Véik =-2, ta giadi phuwong trinh x*—3x°+2x=0 thudugcx=2,x=0,x =1,
1 2 |

=k>-3

Hon nira theo Viet ta co E nén | 1a trung diém AB.

+ Hon nita { X)}: >)</2_=2_= 22>§; nén | 1a trung diém AB => loai A, C tir d6 ta loai dwoc B.

1 2 |

Vay chon k > -3 ..

Céu 45. Chon A.
Phuong trinh hoanh d6 giao diém cuia d6 thi (C) va truc OX :

x* =3(m+1)x* +2(m” + 4m+1)x—4m(m +1) =0
& (x=2)(x* = (3m+1)x+2m* +2m)=0

[X=2

[x-2=0 B

<, <:>|x_2m
xX° — {3m +1)x+ | x=ma1
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Chuyéndé 2. Cic bai todn lién quin dén do thi ham s¢

Cau 46.

Céu 47.

(
[L<om=2  |2<m#!l
Yéucdubditoan< ' <m+lz22< O<mzle  <m=l.

21m zm+1 ‘1 m=1
| t
. 1
Vay chon _<m = 1.
2
Chon D.
Phuong trinh hoanh d6 giao diém (C) vadla4x’—3x+1=m(x-1) + 2
x=1

4 3 _ 3 -1=0
<S4 -(M+3)x+m ©{4x2+4x—m+l:0(1)

(C) cit d tai mot diém < Phuong trinh (1) v6 nghiém hay phuong trinh (1) ¢6 nghiém kép
bang 1
[A’ <0 [4m <0
o' (A=0 c>|(4m:0c>m<0.
L{4+4—m+1=o ﬁm =9
Vaychonm<0.

Chon A.

Phwong phap tu luan

Phuong trinh hoanh d6 giao diém cua dd thi (C) va dudng thang d
g .g2X+1—x+m<:>hﬁ)£¢)_l g thang

X +1 ixz +(M-1)x+m-1=0 (1)
Khi d6 d cat (C) tai hai diém phan biét A, B khi va chi khi phuong trinh (1) c6 hai nghiém

[(mM-1)?-4(m-1)>0

phén biét khac -1 < <m<lvm>5 (%)
(D> -(M-1)+m-1+0

Khi @6 ta lai co6

A(x x+m) B(x X +m):>AB (x —x X —x):AB_m_\/—|x X|

(X, +X,=1-m
va Tudaytaco
xx:m—l

L12
j— — — 2_ j—
AB = /—10<:>|x2 x1|_\/§<:>(x2+xl) 4xi<;5

m=0

< (1-myP-4m-1)=5om -6m=0< (thoa (*))
Lm =6
Vaychonm=0vm=6.
Phuwong phap tric nghi¢m
X 2x +1
Chon M =0 thay vao d. Ta dugc =X (x#-1).
' x+1
Ding lénh SHIFT CALC tim duge X = ﬁ hodc X = %
DDDD
A \/5 \/5 \/5 ~ Vs -Vsy =V

L 2 2)k2 2)



Chuyén dé 2. Céc bai todn lién quén dén dd thi ham so’ BTN 2 1
Nhan thay m = 0 thoa yéu cau.

Tuong tu chon m=6 kiém tra tuong ty m = 0 nhan théy m = 6 thoa yéu cAu bai toan.
Vaychonm=0vm=6.

Céu 48. Chon A.
Phuong trinh hoanh d6 giao diém cuia do thi (C) va dudng thiang d

2X+1:x+m(x;zr&—1)<:>x2+(m—l)x+m—1:O D

X +1
Khi d6 d ¢kt (C) tai hai diém phan biét A , B khi va chi khi phuong trinh (1) c6 hai nghiém
phan biét khac —1
(m-1)%*-4(m-1)>0 m<lvm>5
! o

L —(m-+m-120  (1#0

<m<lvm>5

Tacd f'(x)= ( 11)2 .Goi A(X;; Y1), B(X%,; Y,) trong d6 X, X, 1a nghiém cta (1) (nén ta co
X +

X+X =1-m). Suy ra hé so goc ciia cac tiép tuyén tai diém Ava B lanlugt la k = 1

1 2 A 2

(X, +1)
vakg=— T
(X2 + 1)
Vi tiép tuyén tai A va B song song, dong thoi X # X nén phai c6 1 _ 1 suy ra
1 2

X+l=-X-1<X+X+2=0<1-m+2=0<m=3().
Vay chon khong tdn tai.
Cau 49. Chon D.
Phuong trinh hoanh d6 giao diém cua d6 thi (P) va duong thang d :
X¥—2x-m’=2x+1< X —4x-m’-1=0(1)

(P) cit d tai hai diém phéan biét < Phuong trinh (1) ¢6 hai nghiém phan biét

S AN >0

& m’+ 5> 0 (dung véi moi m)
Hoanh d¢ ctia diém A, B 1a nghiém Xy, x,cta phuong trinh (1) va tung d¢ trung diém | thoa

[x _XHX g

phuong trinh d , nén toa d6 trung diém | 1a{ ' 2 .
ly, =2x, +1=5

Vay chon 1(2;5).

Céau 50. Chon B.
Phuong phap tu luin: Xét m = 1, phuongtrinh x*~1 =0 c¢6 hai nghiém (loai).
Khi m # 1 ta thdy d6 thi ham ludn c6 c6 hai diém cuc tri. Vay ta tim gia tri cuc dai va cuc tiéu
ctia ham s6 nhu sau:
[ x=0=y=-m
y'=3(m-1)x*+2x=0< -2 —27m+ 54m?— 27m + 4

| X = = y=
L| 3(m-1) 27(m-1)’
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Chuyén dé 2. Cdc bai todn lién qudn dén do thi ham so BTN 2 1

Céau 51.

Cau 52.

m(27m® -54m” +27m - 4)

> > 0.
27(m—1)

(C,) €6 1 diém chung v6i OX < Yep.Yer >0 <

4
sm<0vm>_ .
3

Véych()nm<0vm>f.
3

Phwong phap tric nghiém: Ta kiém tra truc tiép cac dap an cta dé bai

+Véim=-—1, phuong trinh  —2x*+ x>+ 1=0 thu dugc X = 1 1a nghiém duy nhét = loai A,
D.

+V&im=2,phuong trinh  x*+x*—2=0 thu dugc X = I la nghiém duy nhéat = loai C.

Véych()nm<0vm>f.
3

Chon C.

Phwong phap tu luan

Do thi (C) cat truc hoanh tai diém phan biét tao thanh cap s6 cdng khi va chi khi phuong trinh
x*—3x’~1=m c6 ba nghiém phén biét 1ap thanh cap cb cong.

Suy ra duong thangy =m  di qua diém uén ctia do thi y=x*-3x*~1 (do d6 thi (C) nhan
diém udn lam tam d6i xing). Ma diém uén ciia y=x>-3x’~11a 1(1;-3).Suyram=-3. Vay
chonm=-3.

Phwong phip tric nghiém

Chon m = -3 thay vao phuong trinh x*-3x’-m-1=0.

Ta duge x°— 3x*+ 2 =0 . Dung chirc ning tim nghiém phuong trinh bac ba ta dugc ba nghiém
X = 1—\/§, x=1x=1+ \/5 thoa cép sb cong.

Vay chonm=-3.

Chon B.

Phuong phap tu ludn

Phuong trinh hoanh d6 giao diém cia (C) va dudng thang d
2X+l=x+m(x;zfs1)<:>x2+(m—3)x—m—1:0(1)
x-1

Khi d6 d cat (C) tai hai diém phan biét A, B khi va chi khi phuong trinh (1) c6 hai nghiém
(=3 +4m+D>0 _ [’ -2m-+13>0
If +(m-3)-m-120 [~1#0

Goi A(Xg; X+ m), B(X,; X,+ m) trongdd X;,X, la nghiém cua (1), theo Viet ta cd

X+ % =3-m
XX =—-m-1

L12

Goil(X1+Xz.X1+Xz+2m\ 1a trung diém ciia AB , suy ra |(ﬂ-3+rj\ nén
‘ L 2 2 J 2 2 )
0l 3-m _ 3+m) 1
CIL—Z— 5 5 — 5 J:CIZE\/(m_7)2+(7_m)Z'

Mait khac AB = ( X =XiX - Xl) =AB= \/Z(Xz— X} = \/2(m2_ om +13) - Véy tam gidc ABC

phan biét khac —1 < 4 ding Vm e [.

déu khi va chi khi
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Chuyén dé 2. Céc bai todn lien qudn dén dé thi ham so

Cau 53.

Cau 54.

Céau 55.

1
Cl =£ ABs © 2Im=T7) :f 2(m° = 2m +13)
2 2 2

2 2 2 _ I_m:1
< (M=7)"=3(M" - 2m +13) < 2m +8m—10_0<:>{ .
m=-5

Vaychonm=1vm=-5.
Chon D.
Phuong trinh hoanh d6 giao diém cua (C) va dudng thing d :
[x=1
X'—2m-1)x¥+2m=2 < x' - 2m-1)xX’+2m-2=0 < |
| x*=2m-2(1)

Pudng thing d cit (C) tai bén diém phan biét co hoanh d6 nhé hon 3 khi va chi khi phuong
trinh (1) ¢6 hai nghiém [phén biét nhé hon 3.

[ 3
m #
m=2# 5 9
@{6<2m—£<9@ 2 11- Vaychon% 2 11 -
L |1<m< I<m<_
2 L 2
Chon B.

Phuong trinh hoanh d6 giao diém

X +2mx +3(M-Dx+2=-x+2 & x(x2 +2mx+3(m—1)):0

x=0
=
x* +2mx +3(m-1) =0(1)
Pudng thang d cat (C) tai ba diém phan biét khi va chi khi phuong trinh (1) ¢6 hai nghiém

(M=3m+3>0 (vmeD
phan biét khic 0 < 1 SIMED
Im-1%0 m 1

Khi d6 ta co: C(X;; =X, + 2), B(X,; —X,+ 2) trong d6 X;, X, la nghiém cta (1), nén theo Viet thi

{x1+x2_ —-2m
XX=3m-3 - Vay
L 12

(000
CB:(xz—xl,—x2+x1):CB:\/Z(XZ_XY :\/8(m2—3m +3)

d(m(d))=%=ﬁ

Dién tich tam giac MBCbang 2+/7 khi va chi khi Mm=-1
\/8@%\% Zz/s:>m N+3=7< (théa m = 1)

Lm =4
Vaychonm=-1vm=4.
Chon A.
Phuong phap tu ludn
Phuong trinh hoanh d6 giao diém ciia (C,,) Vatruc hoanh 1a X~ 2x*+ (1-m) x+ m=0
x=1

o x-1D(¢-x-m)=0 c{xz—x— m=0 (1)
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Chuyén dé 2. Céc bai todn lién quén dén dd thi ham so’ BTN 2 1

(C,,) cét truc hoanh tai ba diém phan biét <> Phuong trinh (1)c6 hai nghi¢m phan biét khac 1

1
(A>0 (1+4m >0 [m>——

= 1-1-m =0 Qim =0 <:>{[m¢04 ®)

5 : X+ %=1
Goi X;=1¢0n X,, X,1a nghiém phwong trinh (1) nén theo Vi-etta c6 ! Xlx :2_m . Vay

L12

X24+x24x2=4 ox +x +1=4 &(x +x ) =2XX —3=0<m=1 (thoa (*))
1 2 3 1 2 1 2 12

Vaychonm=1.
Cau 56. ChonA.

Phwong phap tu luan:

Phuong trinh hoanh d6 giao diém cua (C) va dudng thing d

lx3 —mx? — X+ m+Z =0 (x—l)|_|_x2 +(=3m +1)x—3m—21J——0
3 3
[x=1
2
= S m-2-00
I 909
(C,) ct Ox tai ba diém phan biét <> phuong trinh (1) c6 hai nghiém phan biét khac 1
[Ay>0  [9m’+6m+9>0
= < “m70.
j{g(l)qto 1—6m #0
. . . . . [%,+%x,=3m -1
Goi X;= 10N Xy, X, 12 nghiém phwong trinh (1) nén theo Viettacod jy\ " 3y _o-
bk
Vay ,
X+x2+x>15 < 1+(X +Xx ) —2x X >15
1 2 3 2 3 23
(:)(?)m—l)2 +2(3m+2)-14>0=9IM*-9>0=m>1vm<-1
Vaychonm>1lvm<-1.
Phuwong phap tric nghi¢m: Ta kiém tra ngay trén dap an
4

+V6i m=-2, ta giai phuong trinh bac ba: 3 X+ 2% = X~ EZ 0 thu dugc 3 nghiém

X =—6.37..., X,= 1,%=—0.62... Ta chon nhiing gi4 tri nho hon cac nghiém nay va kiém tra
diéu kién cua bai toan.
Cu thé tatinh (-6.4)° +12 +(~0.63) = 42.3569 > 15 = loai C, D.
+Véim =2, talam tuong tu thu dugc 3 nghiém X,=6.27..., X,=1, X;=-1.27...
Tinh 6.22 +12+(~1.3)" = 41.13>15 = loai B.

Vaychonm>1lvm<-1.

Cau 57. Chon B.

XX—xX+1

Phuong trinh hoanh d¢ giao diém (C ) vad la —-7 "

x#1
I —(m+Dx+m+1=0 )]
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Chuyén dé 2. Cdc bai todn lién qudn dén o thi ham so BTN 2 1

(C) cit d tai hai diém phan biét <> Phuong trinh (1) c6 hai nghiém phan biét khéc 1

A=(M+1)(mM-3)>0
& Sm<-1vm>3(*)
I-m-1+m+1=0

Hoanh d6 giao diém X, X, la nghiém ctia phuong trinh (1) nén theo Vi-et ta co:
Putm=m il g, AGm). BGgim) suyra
12
AB= < AB*=2<(x —x)2:2<:>(x+x)2—4xx m+1=2+
NG —2=0&
| J6
2 1 1 2 12
[[m+1=2+6
[m=1+ 6
= V6 ( thoa (*))
|m=1-+6

Vay chon m=1++/6 v m=1—/6.
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Chuyén dé 2. Cic bai todn lién quén déin d6 thi ham s6' BTN 2 2

A. KIEN THUrC COBAN
Cho ham s6 y =1 (x) , c6 db thi (C).
1 Tiép tuyén ciia 4o thi (C) tai diém M, (%, ¥,) € (C) codang: y—y,=f'(%)(x—X)-

Trong do:
¢ Ditm M, (%, Y,)e(C) duoc goi la fidp diem. (voi yo= f(x,)).

¢k = f'(x,)1a h¢ sé goc cia tiép tuyén.

Luu y:
¢ Tiép tuyén cua (C) hoan toan xac dink néu biét hé so goc cua tiép tuyén hodc hoanh dg tiép
diém.

¢ Duong thang bat ky di qua My (X,;Y,) c6hé s6 géc k , c6 phuong trinh

y—Yo=k(x=Xp) .
¢ Cho hai duong thang A,:y =Kk, X+ M, VA A,y =K, X +m,.

Luc do: A"A, sSk=k,vamzm, . ALA,oKk=-1
2 Diu kién tiép xiic: Cho hai hamso y=f(x), (C)va y=g(x), (C").
(C ) va (C") tiép xtic nhau khi chi khi hé phuong trinh
f()=9(x)
{f’(X)=9’(X)
Dic biét: Duong thangy = kx + m 1a tiép tuyén véi (C) 1y = f(X) khi chi khi h¢
[f(X)=kx+m
i f'(x) =k
B. KY NANG COBAN
B todn 1: Cic dang phwong trinh tiép tuyén thuwong gap.
Cho ham s6 y =T (X) , goi d6 thi ciia ham s6 1a (C).
Viét phwong trinh tiép tuyén ciia o thi ham s6 (C): y= f(x) tai M (X0 ; yo).

% Phwong phap
o Buéc 1. Tinh y'= f'(x) suy ra h¢ s goc clia phuong trinh tiép tuyén 1a k=y'(x,).

c6 nghiém.

c6 nghiém.

o Buée 2. Phuong trinh tiép tuyén cia do thi (C) tai diem M (x,;y,) ¢6 dang
—y =f'(x)(x=x).
y-y =t (x)(x-x)
Chuay:
o Néu dé bai yéu cau viét phuong trinh tiép tuyén tai diém c6 hoanh do x,thi khi d6 ta tim
y,bang cach thé vao ham sb ban dau, trc ~ y,= f (%) Néu dé cho y,ta thay vao ham sb dé

gidira X,.
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Chuyén dé 2. Cic bai todn lién quén déin d6 thi ham s6' BTN 2 2

o Néu d& bai yéu cau viét phuong trinh tiép tuyén tai cac giao diém cia dd thi (C)y=f(x)va
duong thang d:y=ax+b. Khi d6 cac hoanh db tiép diém 1a nghiém cta phuong trinh hoanh
do giao diém gitta d va (C).

Str dung may t,inh: o

Phuong trinh ti€p tuyén can tim codang d:y=ax+b.

o Buwée 1: Tim hé sb goc tiép tuyén k=y'(X ) . Nhap di( f(x)) bang cach nhan
X X=%

LD 0| sau d6 nhan Eta dugc a.

o Buée 2: Sau d6 nhan véi tiép tuc nhan phim + | f(x) [[CALC] X =x, nhén phim Eta
duoc b.
+* Vi du minh hoa

Vidy 1. Cho ham s6 (C ) : y=x>+ 3x’. Phuong trinh tiép tuyén cta do thi (C ) tai diém M (1; 4)
la
A. y=-9x+5. B. y=9x+5. C. y=-9x-5. D.y=9x-5.

Huéng din giai
Taco y'=3x"+6x = k=y'(1) =9. Phuong trinh tiép tuyén tai M (1;4) 1
d:y=y(%)(X=%)+Y, =9(x-1)+4=9x—-5. Chon déap an D.
St dung may tinh:

L. d 3 2 A A —
o Nhap dX(X + 3X )le nhan dau = ta dugc9.

o Sau dé nhan véi () nhéndéu + |X°+3X[CALC] X=1 =ta duoc-5.

Vay phuong trinh tiép tuyén tai M lay =9x - 5.

Vi dy 2. Cho ham s6 y =—2x*+ 6X’— 5 . Phuong trinh tiép tuyén ctia (C ) tai diém M thudc (C )

va c6 hoanh d¢ bang 3.
A. y=-18x+49. B. y=-18x-49. C. y=18x+49. D.y=18x —49.

Huwéng din giai
Tacod y =-6X+12X.Véi x=3=y,=-5=M(3;-5) vah¢so géc k=Y (3)=-18.Vay
phuong trinh tiép tuyén tai M 1a y=-18 (x — 3) —5=—18x + 49 . Chon dap an A.
St dung may tinh:

o Nhap d (_2X3+6X2_5)‘ nhén dau Eta dugc —18 .
dx x=3

o Saudé nhan véi () nhan déu £ ] |-2X *+ 6X 2— 5| [CALC] X = 3 nhén ddu £1a duoc
49 . Vay phuong trinh tiép tuyén tai M 12 y = —18x + 49.

Vidu 3. Chohamsé (C):y = l4x4— 2x*. Phuong trinh tiép tuyén cta (C ) tai diém M ¢6 hoanh

do %, >0, biét y'(x)=-1 1a
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Chuyén dé 2. Cic bai todn lién quén déin d6 thi ham s6' BTN 2 2

5 L
A y=-3x-2. B.y=-3x+1. C-Y=—3X+:1- D-Y=—3X+;-

Huéng dan giai
Taco y=x—4x,y =3x-4.Ma
Yy (X)=-1=23x’-4=-1x’=1ox=1(Vix>0).
0 0 0 0 0

Vay Y=— ! ,suy rak=y' (1) =-3 . Vay phuong trinh tiép tuyén tai M 1a
ay Y=— _
2

d:y=—3(x—1)—Z:>y=—3x+5-ChondépénC.
4 4

Sur dung may tinh:
o Nhap d XL 2X zj nhén du = ta duogc -3 .
dx{ 4 Kol
o Iy 2 3
o Sau d6 nhan véi () nhan dau + A X'-2X X = 1 [F]ta duoc ;
Vay phuong trinh tiép tuyén Ia g - y=—3X+ >

Viét phwong trinh tiép tuyén ciia do thi ham sb (C ) Yy = f(x) ¢6 h¢ s6 goc k cho
trude.

% Phwong phap
o Bude 1. Goi M (x,; y,)latiép diem vatinh y' =f'(x).
o Bude 2. Hé s6 goc tiep tuyén lak = f'(x, ). Gidi phuong trinh nay tim dugc x,, thay vao ham
s6 duoc y, .
o Buwée 3. Vi mdi tiép diém ta tim duge cac tiép tuyén twong tmg
dry—Yo=f"(%)(X-%)
Chu y: Pé bai thuong cho hé s goc tiép tuyén dudi cac dang sau:
e Tiéptuyén d// A:y=ax+b = hésb goc cia tiép tuyén Ia k=a.

e Tiéptuyén d LA:y=ax+Db, (a#0) < he sO goc clia tiép tuyénla k =—

a
e Tiép tuyén tao vdi truc hoanh mot goc o thi hé sé goc cua tiép tuyénd 1d  k=+tan a

Str dung may tinh:
Nhap k(-X)+f(x) [CALC| X=x, nhan déu =[faduoc b . Phuong trinh tiép tuyén la
d:y=kx+h.

+* Vi du minh hoa

Vidy 1. Cho ham s6 (C ): y = X~ 3x + 2 . Phuong trinh tiép tuyén cta (C ) biét hé sé goc cua tiép
tuyén do6 bang 9 la:

[y=9x-14 Bfy:9x+15 nyzgx—l ny:9x+8
| y=9x+18 | y=9x-11 'Ly:9x+4' y=9x+5
Huéng dan giai
Tach y’:3x2—3.Vayk:y'(x‘):9<:>3x2—3:9c>x2:4<:>x —2vXx =-2..
0

0 0 0

+ Véi X=2=Y,=4tacotiépdiem M (2;4).
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Chuyén dé 2. Cic bai todn lién qudn dén d6 thi ham s BTN 2 2
Phuong trinh tiép tuyén tai M 1a y =9 (x-2)+4=>y=9x-14.

+ Vi X=-2=Y,=0 tacdtiépdiém N (-2;0).
Phuong trinh tiép tuyén tai N 12 y=9 (x +2)+0=y=9x +18.
Vay c6 hai tiép tuyén can tim 12 y=9x —14 va y=9x +18 . Chon déap 4n A.

Str dung may tinh:

+ Vi X=2 ta nhap 9(-X)+X>-3X’+2 X=2 nhin ddu [5 ta duoc
-14 = y=9x -14.

+ Véi X=-2 tanhdp 9(-X)+X*-3X?+2 X=-2 nhin ddu [F ta dugc
18 = y=9x +18.

diém A (Xa;Ya).
* Phwong phap
» Cach 1.
o Buéc 1: Phuong trinh tiép tuyén di qua A(x,;y,) hé s6 goc k c6 dang
diy=k(X=Xy) +ya (*)
o Buée 2: d 1a tiép tuyén cua (C ) khi va chi khi hé sau c6 nghiém:
Jf (X): k(X_XA)+ Ya
L f'(x)=k

o Buée 3: Giai hé nay tim duoc x suy ra k va thé vao phuong trinh (*), ta dugc tiép tuyén

can tim.
» Céch 2.
o Bude 1.Goi M (x,; f(x,)) latiép diém va tinh hé s6 goc tiep tuyen  k =y'(x,)= '(x,)
theo x,.
o Buérc 2. Phuong trinh tiép tuyén c6 dang: d:y=Yy(%).(Xx=%)+Y, (*%).Do diém

A(Xa;¥a)ed NeN y, =y'(X).(Xa — X )+ Yo gidi phuong trinh nay ta tim duoc x, .
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Chuyén dé 2. Cic bai todn lién quén déin d6 thi ham s6' BTN 2 2

o Buwéc 3. Thé x,vao (**) ta duoc tiép tuyén cantim.

Cha y: Béi véi dang viét phuong trinh tiép tuyén di qua diém viéc tinh toan twrong dbi mat thoi
gian. Ta c6 thé sir dung may tinh thay cac dap an: Cho f(x) bang két qua cac dap an. Vao
MODE —> 5 — 4 nhap hé s6 phuong trinh. Thdng thirong mdy tinh cho sé nghiém thuwe nhé
hon s6 bdc ciia phirong trinh la 1 thi ta chon ddp dn do.
¢ Vi du minh hoa

(C,):y=g(x).
% Phwong phap
o Bwécl. Goi d tiép tuyén chung cia (C,), (C,) va X, la hoanh d tiép diém cua d va (C,)

thi phwong trinh d c6 dang  y = f'(x,).(x=% )+ f (%) (***)
o Buéc 2. Dung diéu kién tiép xtc cia d va (C,), tim duogc X,.
o Buée3. Thé x, vao (***) ta duoc tiép tuyén can tim.

+* Vi du minh hoa

Vi du. Cho hai ham s:
\ 1
() y=1(0) =2 (>0) a(C )k y=0()=" oo, (-22kx<22)

Phuong trinh tiép tuyén chung cuia hai do thi ham s6 1a:
A.y:lx+5. B. y:lx—l. C.yzl_x+2 D.y:ix—s.
2 2 2 2

Huéng din giai
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Chuyén dé 2. Cic bai todn lién qudn dén d6 thi ham s BTN 2 2

+ Goi d la phuong trinh tiép tuyén chung ciia (C,), (C,)va X,=a (a>0va-2+v2<a<2y2)
la hoanh do tiép diém cua d véi (C,) thi phuong trinh d 1a

y=F"()(x-a)+yo= \/15(X—a)+2\/5.

+

2\/8—X‘7k Ja o (1)

d tiép xdc véi (C,) khi va chi khi hé sau c6 nghiém: J

‘[zm f @

Thay (2) vao (1) ta dugc phuong trinh hoanh do tiép diem cua d va (C,).

2 o [22<x<22
1 X 2 8-X J
8-x=— - SIx#0
28-x X
L|x(8—x2):—x3—4(8—x2)
(—22<x<22
<dx=0 S X=-2.
X*—2x—-8=0

. 1 1 . .
Thay x=-2 Vao (2) tadugc = < a=4=Xx = 4. Vay phuong trinh tiép tuyén chung
a 2

1
cantimla Y= X+2.Chon dap an C.
2

Bai toan 2: Mgt sé cong thivc nhanh va tinh chit cin biét.

ax +b

Bai toan 2.1: Cho ham sé y = [c #0,X#— d \Jcé dd thi (C ). Phuong trinh tiép
C

cx +d
tuyén A tai M thudc (C) va | 1a giao diém 2 duong tiém can. Ta ludn co:
e NéuA L IM thi chi ton tai 2 diém M thudc 2 nhénh ctia d6 thi (C) ddi xtng qua

ty]ad—bd—d . Cachnhé: X +d

c

| va x,,= = |ad bc|

mau so cua ham so 16 50 cua fido ham
(1). M luén la trung diém cua AB (voi A, B 1a giao diém cta A v6i 2 tiém can).
bc —ad|
.
(II1). Néu E, F thudc 2 nhanh cia db thi (C ) va E, F d6i xting qua | thi tiép tuyén tai

(IT). Dién tich tam giac IAB khong d6i véi moi diém M va S, .= 2

E, F song song v6i nhau. (suy ramot duong thang d diqua E, F thi di qua tam
).
Chirng minh:
e Taco y' = ad-bc ([ da)
oo | L— , |lagiao diém cua 2 tiém can.
(cx+d) cc)
e Goi axv+b) e(C) : (X #*— d . Phuong trinh tiép tuyén tai M c6 dang
MLXM;CX +d)| ’LM CJ
M
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Chuyén dé 2. Cdc bai todn lién qudn dén do thi ham s’

Chirng minh (I).
-w‘r( d bcad\|uA
T c(cxy +d))

ad —hc )
(’CX_-I-_d')'Z'H

)
bc—ad ad —bc

o AJ_|M:>TM—UA—O<:>XM+ + . ,=0

c(cxy +d) (cx,, +d)

Q—/———ﬁ

C
B o) (ad by +flad—bd-d

c(cxy +d) c

Chirng minh (II).
o Giao diém cua A véi tiém ca ! d.a)
nngang la A¢ 2xM+CC’ |} '
. 2, e en A s . (d acx +2bc—ad)
e Giao diém ctia A v6i tiém can dung la B| - . M

L c c(cxy +d) )'

(x +X =2X +d—d_2x
A B M

. Xét{ a &cx +2bc adM ax +b
[y+y + c(cgc d) o= 24 M
M

Vay M luén 1a trung diém ctia AB .

Cht’rn,(g minh (III).
—=[ 2(Cxy, +d 5 2(bc —ad
|AL( l\:: );CBVaTéLO;C(CXM+ )
e AIAB vuong tail
=S =lzm=1 2(cxy +d)_M =2bc-ad = hang sé.
R 2 c c(cxy +d) c?

Vay dién tich A IAB khong d6i v6i moi diém M
Chirng m(mh (1V):

e Goi ax +b) ( d) ( 2d 2a ax+b)
E
El Xe; |€(C)|XE¢_ J — X, - |
| cxg +d ) C Cxg+d)
(E, F d6i xtmg qua | ).
R e Z . LA A, ad —bc
e Phuong trinh tiép tuyén tai E c0 h¢ sO goc ke =—x 1).
(cxe +d)
e Phuong trinh tiép tuyén tai F c6 hé sb goc
K = ad bc ad—bc ~_ ad-bc ad —bc
IC( X \+d| ( 2d —cx_+d) (—d—CXE) (CX +d)

thH

o Tu (1) va(2)suyrake=Kkg.
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Chuyén dé 2. Cic bai todn lién quén déin d6 thi ham s6' BTN 2 2

BAi toAn 2.2: Cho ham s y = a“z ¢6 dd thi 1a (C ), (c# 0, ad — bc £ 0). Goi diém M ( ),
CX+

trén (C ), biét tiép tuyén ctia (C ) tai diém M cét cac truc Ox, Oy lan luot tai A, B sao cho

OA = n.OB . Khi d6 X, thod ck+ d = + nyad|- bc . |

Huong din gidi

o Xéthamsd y= ax+b ,(c#0,ad - bc=0). Taco y':M.
cx +d (cx+d}
( ax+b) . . .
e Goi M| x ;—"—e(C) ladiém can tim. Goi A tiep tuyeén v6i (C ) tai M ta c6 phuong trinh
L% cxo+d)
b
A y_f(x )(X X) aX0+ — ad-bc (X X aX0+b
0
CX0+d (cx0+d) CXo+d
[ ag +2bcx +bd )
e GoiA=ANOXx =A|—02 "0
\ ad —bc )
[ acx*+ 2bcx + bd )
B=AnOy=B,0; ° °, .
L (cxo +d) J
acx’+2bcx +bd  acx*+ 2bcx  +bd
e Tac6 OA= o o - ° ’
ad —bc ad — bc
acx’+2bcx +bd  acx’+2bex +hbd
OB = 0 0 - 0 0
(cxo +d)° (cxo +d)°
(vi A, B khong tring O nén acx’ ¢ 2bcx , +bd = 0).
acx; + 2bcx, +bd acx:+2bex , +bd
e Tacé OA=n0OB < =n.
ad —bc (cx, +d )
& ! =n L < (cx +d)2—n ad -bc; e cx +d +\/7
=n. B b =+ /n.jad — bg-
|ad — b (X +dY 0 | | 0 | ;

C. BAITAP TRAC NGHIEM

Caul. Phuong trinh tiép tuyén ciia d6 thi ham sb y =x°— 3x’+ 1 tai diem A (3;1) la

A y=-9x-26. B. y=9x-26. C. y=-9x-3. D.y=9%-2.
Cau 2. Phuong trinh tiép tuyén ciia d6 thi ham sé y =x*~ 4x*+ 1 tai diém B (1; -2) 1a

A y=4x+6. B. y=4x+2. C.y=-4x+6. D.y=-4x+2.
Cau 3. Phuong trinh tiép tuyén ctia d6 thi ham sé y = X~ i tai didm C ( 2: 3) 13

A. y=2x +1. B.y=-2x+17. C):(.+y:2x+7. D.y=-2x-1.

Cau4. Tiép tuyén cia dd thi ham s6 y=—x>+ 3x — 2 tai diém D c6 hoanh d¢ bang 2 ¢ phwong trinh
la
A y=-9x+14. B. y=9x+14. C.y=-9%+22. D. y=9%+22.
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Chuyén dé 2. Cic bai todn lién quén déin d6 thi ham s6' BTN 2 2
Cau5. Tiép tuyén cta d thi ham sé y = —x* + 8x* tai diém E c6 hoanh d¢ bang —3 ¢4 phuong trinh la

A. y=60x+171. B. y=-60x +171.

C. y=60x +189. D. y=-60x +189.

Cau 6. Tiép tuyén cua d6 thi hamsd y= X tai diém F c6 hoanh d6 bang 2 c6 phwong trinh 13

A.y=—-X+5. B. y= x+5. C.y=-x-1. D.y=x-1.

Cau 7. Tiép tuyén cua dd thi hamsd y=2x*+3x* tai diém G c6 tung do bang 5 c6 phuong trinh 1a
A y=12x-7. B. y=-12x-7. C. y=12x+17. D.y=-12x+17.

Cau 8. Tiép tuyén cua dd thi ham sé y =x"+ 2x°— 3 tai diém H c6 tung d6 bang 21 c6 phuong trinh

la
A_I'y:40x—101. B.I'y:40x—59 .
Ly:_40x_59 [y:—40x—101
[ y=40x+59 b [ y=—-40x-59
| y=-40x+101 '||_y:40x+101'
Cau 9. Tiép tuyén ciia do thi ham sb y:X2+21 tai diém | c6 tung do bang 1 c6 phuong trinh 1a
X_
A.yzl_x+8. B.y=—1x—2. C.y=—1x+8. D.y=£x—2_
5 5 5 5 5 5 5 5

Cau 10. Tiép tuyén ctia do thi ham s6 y = x* — 3x*— 2 ¢6 hé s6 goc k = —3 c6 phuong trinh 13
A y=-3x-T7. B. y=-3x+7. C. y=-3x+1. D. y=-3x-1.

. . . . 1 . .
Cau 11. Tiep tuyen cua do thi hamso Y=~ A X'+2¢ ¢ he sb goc bang k = —48 ¢6 phuong trinh 1a

A. y=-48x+192. B.y=-48x+160. C.y=-48x—160. D.y=-48x—192.

Cau 12. Viét phuong trinh tiép tuyén cuia d6 thi ham sé y = x+3 biét tiép tuyén c6 hé sb gbe bang 4.
— Ay — [y=4x-3 [y=4x+3 [y=4x+3
fy=a=8 gV ¢y’ . b’ .
Ly:4x+13 |y=4x-13 |y=4x+13 |y=4x-13

Cau 13. C6 bao nhiéu tiép tuyén ctia d6 thi ham sd y = —x* + 2x* song song véi dudng thangy = x ?
A. 2. B. 1. C.3. D. 4.
Cau 14. Tiép tuyén song song v6i dudong thing  y=-36x+5 ciaddthihamsé y=x'+x*-2 c6

phuong trinh la
A. y=-36x-54. B. y=-36x+54. C. y=-36x—-90. D.y=-36x+90.

Cau 15. Choham y= X+ 2 ¢ dd thi 1a (C) . Viét phuong trinh tiép tuyén cta (C) sao cho tiép tuyén
, . 1 5
d6 song song véi dudng thing d Y= - X +7 :
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Chuyén dé 2. Cac bai todn lién quan dén do thi ham so’

Cau 16.

Céu 17.

Céau 18.

Cau 19.

Céau 20.

Céau 21.

Cau 22.

Cau 23.

[ 1 5 [ 1 5
y=——X+= y=——X+-— 1 23
7 7 7 / —_=x-%. D.y=-1,,2
A 1 23 B 1 23 & Y%y y==7x+7.
== _X— _ =X+ _
=77 7 Y="7%" 7

Cho ham y=2x*-3x— 1 c6 d0 thi 1a (C) . Tiép tuyén ctia dd thi (C)  vudng goc véi dudng
thang X +121y —2=0 c6 phuong trinh la:

|y:—x—33 ry:_—lx—33
A.' 211 CoB|YyE2x=33 c fy=2k=38 0 |

y="X+31 {y=—21x+31 Ly=21x+31 |y:—_lx+31
21 o2

Tiép tuyén cta d6 thi ham s& y = —x*— 2x*+ 3 vudng goc voi duong thaing X — 8y +2017 =0
0 phuong trinh la

1 1
A-y=—8><+8- B. y=8x+8. C. y=-8x+8. D.y=§X—8-
. . X S S | 2X—2 i .k £ N L g oas
Phuong trinh ti€p tuyén cua d6 thi hamso  y= 5 biét ti€p tuyén vudng goc véi dudong
X +
thang y=-6x+1la
T o1yt
1 1 1 y=- X+
=" X+. B.y="x- 6 6 3
Ay 6%t 3 y 6 X 1. C. 1 D 1 13
=— x-1 = X+ _
Y= 1’6" "3
C6 bao nhiéu tiép tuyén cta db thi ham s6 y=x"—4x* tai giao diém cta d0 thi v6i truc Ox ?
A. 4. B. 2. C. 1L D. 3.

Chohamsé y=-x*+3x—2 ¢o dd thi (C). Tiép tuyén cua dd thi (C) tai giao diém cia (C)

vOi truc hoanh c¢6 phuong trinh la

A y=-9x-18.  B.| y=0 . C.y=-9x+18. D.| y=0 .
y=-9x-18 y=-9x+18

<z . N 2 X—5 .o - A , \ \
Goi d la tiép tuyen ctia d6 thi ham s6 (C): Y= 1 tai giao diém A cua (C) va truc hoanh.

Khi d6, phuong trinh ctia duong thang d la

A.y:lx—s. B.y:—lx—s. C.y:_1x+E. D.y:—Ex+5_

4 4 4 4 4 4 4 4

Tai giao diém ciia dd thi ham s6 (C):  y=2x*-6x+1 va truc Oy ta lap duoc tiép tuyén co
phuong trinh la
A y=6x-1. B. y=-6x —1. C. y=6x+1. D. y=-6x+1.

. . . . 1 .
Phuong trinh tiép tuyén ciia dd thi ham sé (C): Y =— ZX4+ 3X'~2 4 giao diém M cua (C)
véi tryc tung la

[y=-2 [y=-2
A.Ly_z . B'y:2- C-y:—2 D| .
= ly=0

10]THBTN



Chuyén dé 2. Cic bai todn lién quén déin d6 thi ham s6' BTN 2 2

A s ek ; X ops . 1 .. , .
Cau 24. Goid latiep tuyén ctia do thi ham s (C): y= i tai giao diém A cua (C) va tryc tung.
X

Khi d6, phuong trinh ctia dudng thang d 1a

A.y:Zx—E. B.y:—Zx+E. C.yz—Zx—E. D.y=7_x+1_.
9 3 9 3 9 3 9 3
3
Cau 25. Tiép tuyén cua dd thi ham s (C):y= X?— 2x° +3x +1 song song voi duong thing
y =3X + 2016 c6 phuong trinh la
2 I 2 _ [ 2
y =3x— |y =3x- [y_Sx—S | y=3x+
Al 3. B. 3. C. 2. D 3.
| | ly=3xe |
|y=3x-8 |y=3x+8 | 3 |y=3x+38

3
A X £ iR T X ~
Cau 26. Tiép tuyén tai diém cuc tiéu cua do6 thi hamsd y = 3 —2x*+3x —5s8

A. song song v&i dudng thang x =1. B. song song vai truc hoanh.
C. ¢6 hé s6 goc duong. D. c¢6 hé s6 goc bang —1.

A « K A y e A . by A 2 . « R I3 A S N
Céau 27. Phuong trinh tiép tuyén véi d6 thi hamso y = Xl tai diém c6 tung do bang 3 1a

A x-2y-7=0. B. x+y-8=0.
C. 2x-y-9=0. D. x+2y-9=0.
Cau 28. Cho duong cong (C):y=x’—3x*. Viét phuong trinh tiép tuyén cua (C) tai diém thudc
(C) va c6 hoanh d6 x,=-1.
A y=-9x+5. B. y=9%+5. C. y=9x-5. D. y=-9x-5.

Cau 29. Phuong trinh tiép tuyén cua do thi hamso y=3x"—x"-7x+ 1 tai diéem A (0;1) la
A. y=x+1. B. y=—-7x+1. C.y=1 D.y=0.

Cau 30. Chohamsé y=x*-3x*+1 c¢6 dd thi (C). Khi d6 phuong trinh tiép tuyén cua db thi (C) tai
diém c6 hoanh d¢ bang 5 1a
A. y=-45x+ 276. B. y=-45x+174.
C. y=45x+ 276 . D. y=45x-174.

Cau 31. Choham sdy=x3—3x*+ 6x + 1 ¢ dd thi (C). Trong cac tiép tuyén cua (C), tiép tuyén c6 hé
s0 goc nho nhét ¢6 phuong trinh 1a
A y=-3x+2. B. y=3x+2. C. y=-3x+8. D. y=3x+8.

Cau32. Chohamsé y=-x*+6x"+3x—1 co6 dd thi (C). Trong cac tiép tuyén cua (C), tiép tuyén co
hé s6 goc 16n nhat c6 phuong trinh 1a
A.y=15x+55. B. y=-15x-5. C. y=15x-5. D. y=-15x+55.

Cau 33. Choham sdy=x3+x + 1 c6 d0 thi (C). Khang dinh nao sau day la khang dinh sai?

A. Ham s luén dong bién trén R.

B. Trén (C) ton tai hai diem A(X;;y,), B(X,;Y,) sao cho hai tiép tuyén cua (C) tai A va B vudng
goc.

C. Tiép tuyén cua (C) tai diém c6 hoanh d6 bang 1 c6 phuwong trinh 1a y = 4x — 1.
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Chuyén dé 2. Cic bai todn lién quén déin d6 thi ham s6' BTN 2 2

Céau 34.

Céau 35.

Céau 36.

Cau 37.

Céau 38.

Cau 39.

Cau 40.

Céu 41.

Céau 42.

D. D6 thi (C) chi cit truc hoanh tai mot diém duy nhat.
Dudng thdng y = ax — b tiép xtic v6i dd thiham sy =X+ 2x*—x+2 tai diém M (1; 0). Khi

do taco
A. ab=36. B. ab=-6. C. ab=-36. D. ab =-5.

Chohamsé y=x'—x*+2x+5 c¢o6 dd thi (C). Trong cac tiép tuyén cua (C), tiép tuyén c6 hé

sO goc nho nhat, thi hé s6 goc cua tiép tuyén do la

Al B. 2. c.? D.>.
3 3 3 3

Cho ham sé yzil c¢6 db thi (C). Tiép tuyén cua (C) tao v6i truc hoanh goc 60° o phuong

X_

trinh la
ry=— 3XxX+43 ry= 3x—-43

A | : B. | :
I[y= 3X Ily= 3X
|_yz— 3xX+43 |_y=— 3x—-43

C.| : D. | :
|Ly:_ 3X |Ly=— 3X

Cho ham s6 y=x>—3mx*+ 3(m + 1)x + 1 (1), m 1a tham sb. Ki hi¢u (C ), 1a d6 thi ham s (1)
va K 1a diém thudc (C,,) , c6 hoanh do bang  —1. Tép tat ca cac gia tri cia tham s6 m dé tiép

tuyén ctia (C,) tai diém K song song véi duong thang d: 3x+y=0 Ia

L _]} .
A {-1}. B.D. C. {—3 D. {—g}.
Cho ham s6 Y =X+ Ldem—1codd thi (C). Biét tiép tuyén cua (C) tai diém c6 hoanh do
2
bang —1 vudng goc véi duong thang ¢ phuong trinh X — 3y + 1 =0 . Khi d6 gia tri caam la
A. m=-1. B. m=0. C. m:—E. D.m:—l_l.
3 3

Chohamséy= /2x +1 ¢6 dd thi (C). Biét tiép tuyén d ctia dd thi (C) vudng goc voi dudng
thang y = —3x + 2017 . Hoi hoanh d¢ tiép diém cua d va (C) bang bao nhiéu?

A. —f. B. 1. C. 4. D.-4.

9
Chohamsb y=3x—4x’c6 dd thi (C). Trdiém  M(L;3) c6 thé ké duge bao nhiéu tiép tuyén
v6i dd thi ham sb (C) ?

A. 0. B. 3. C.2. D. 1.

Choham s y=x’+x+2 c6dd thi (C). Tiép tuyén tai diem N (1;4)ciia (C) cat db thi (C) tai
diém thir hai 1a M. Khi d6 toa do diém M la

A. M(-1,0). B. M (-2; -8). C. M(0;2). D. M (2;12) .

Cho ham s6 y = x>~ x*+ x + 1 ¢6 d6 thi (C). Tiép tuyén tai diém N cia (C) cat do thi (C) tai
diém thir hai la M (-1; -2). Khi d6 toa d¢ diém N I3
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Chuyén dé 2. Cic bai todn lién quén déin d6 thi ham s6' BTN 2 2
A. (-1,-4). B. (2;5). C.(12). D.(0;1).

Cau43. Chohamsb y=x*+3mx*+(m+1)x+1 c6 do thi(C). Véi gié tri ndo ciia m thi tiép tuyén

v6i do thi (C) tai diém c6 hoanh d6 bang —1 diqua A (1; 3) ?

A.m:7. B.mzl. C.m:—1

9 2 2

D.m:—7_.
9

Cau 44. Chohamsé y=~—1
X+1

¢6 dd thi (C,,) . V&i gia tri nao cia m thi tiép tuyén cua (C) tai diém c6

hoanh d6 bang 0 song song véi duong thang y = 3x + 1 ?
A. m=3. B. m=1. C. m=-2. D.m=2.
Cau45. Chohamso Y= 1 c6 do thi (C) va goc toa do O. Goi A la tiép tuyén cua (C), bict A cat
X +
tryc hoanh, tryc tung 1an luot tai hai diém phan biét A, B va tam giac OAB can. Phuong trinh A
la
A y=x+1. B. y=x+4. C.y=x-4. D.y=x.

Cau 46. Chohamsd y=-x'—x*+6 co dd thi (C). Tiép tuyén ciia do thi (C) cat cac truc Ox, Oy lan
luot tai hai diém A, B sao cho OB = 360A c6 phuong trinh la:

[x-36y-4=0 [ y=-36x—86
A. . B. .
| X+36y-4=0 Ly=36x—86
c fy:—36x+58. D. fx—36y+14:0.
| y=36x+58 Lx+36y+14:0

A N -1 3 . . 2
Cau 47. Chohamso Yy A== 6 do thila (C ). Goidiem M (Xo;Y,) Vi X,>—1 ladiém thudc

2(x+1)
(C), biét tiép tuyén cua (C) tai diém M cit truc hoanh, truc tung 1an luot tai hai diém phéan
biét A, B vatam giac OAB c6 trong tam G nam trén duong thang  d:4x+y =0 . Hoi gid tri

clia X,+ 2y, bang bao nhiéu?

A=l B. ', c.>. p.->,
2 2 2 2
Céau 48. Cho ham sdy = x*— 2mx*+ m (1), m la tham s thue. Ki hiéu (C ) 12 d6 thi ham s6 (1); d 1a
tiép tuyén ciia (C ) tai diém c6 hoanh do bang 1. Tim m dé khoéng cach tir diém B 3 ] 1\ |
" 4
o)
dén duong thang d dat gi4 tri 16n nhat?
A m=-1. B. m=1. C. m=2. D.m=-2.
A N 4 2X + 3 , A N , o 4 e . A . . ~
Cau49. Chohamso y= 1 do thi 12 (C ). C6 bao nhiéu tiep tuyén cua do thi (C)  tai nhimng
+
diém thudc do thi c6 khoang cach dén duong thing d,: 3x + 4y —2=0 bang 2.
A. 2. B.3. C. 4. D. 0.
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Chuyén dé 2. Cic bai todn lién quén déin d6 thi ham s6' BTN 2 2

Cau50. Chohamsé y= 2))(( _i' c6 d6 thi la (C ) Goi | 1a giao diém hai tiém cin cua (C ) Tim diém

M thuoc (C )cc') hoanh d6 16n hon 1 sao cho tiép tuyén cia (C )tai M vuong goc véi duong

ane 7, [ 5
M L4; 3J. B. ML3;2J. C. M(2;3). D. M (5; 3).

A N -Xx+1 A . . A L
Cau51. Chohamso y= 2X +1 ¢6 do thi 1a (C ), duong thang d :y=x+m. Vi moi m ta ludn cé d
X J—

cit (C) tai 2 diém phan biét A, B . Goik;,k, 1dn lugt 1a hé s6 goc cua cac tiép tuyén voi (C)
tai A, B. Timm dé tong k,+ k, dat gia tri 16n nhét.
A. m=-1. B. m=-2. C. m=3. D.m=-5.
A by A X + 2 4 \ o K A 9 A . N A « K « K A
Cau 52. Chohamso y= x4+ 3 (1).Viet phuong trinh ti€p tuyen ctia do thi ham s6 (1), biét tiep tuyen
+
d6 cit truc hoanh, truc tung lan luot tai hai diém phan biét A, B va tam giac OAB cén tai gbe
toado O.
A y=-x-2. B. y=—x C.y=—-x+2. D.y=—x+1.
A N £ 2x=1 5. A X .4 A a aA 1 - £
Cau 53. Chohamso y= 1 ¢6 do thi (C ). Lap phuong trinh ti€p tuyén cta do thi (C ) sao cho tiép

tuyf,n nay cat ca% tryc OX, Oy lan luot tai cac 616?1 Ava B thoa man OA =40B .

Sl L2
4 4 4 4
A‘ 113 B. ’ 113
y=—"X+
’j 4 4 g 4 2
1 5 l 5
y=—"X+
4 2
C.‘ 1 13- D. ) % fB-
y=-"x+" y
4 2 4 4

r X N r 14 2
Cau54. Chohamsé Y = c6d0thi (C). Goi Alatiép myéntai diém M (%7yo) (v6i %>0)
X_

thuge dd thi (C ). Dé khoang céch tir tim dbi xtmg | ctia dd thi (C)  dén tiép tuyén A la 16n

nhét thi tung do cua diém M gan gia tri ndo nhat?

N B. 37 c. " D.”.
2 2 2 2
) 2x -1
Cau55. Chohamso ¥~ . ~"_"codothi (C). Bict khoang cach tir | (-1;2) dén tiép tuyén cua (C ) tai
X+
M 1a 16n nhét thi tung d6 ctia diém M nam & goc phan tu th hai, gin gia tri ndo nhat?
A. 3e. B. 2e. C.e. D. 4e.

A N £ 2X =3, s .. AL e K £ . , 0 oA A
Caub56. Chohamso y= 5 <0 do thi (C ). Bieét tiép tuyén tai M cua (C ) cat hai tiém can cia (C )
X —

tai A, B sao cho AB ngén nhét. Khi d6, d6 dai 1én nhét cua vecto OM gﬁn gia tri nao nhat ?
A T. B. 5. C. 6. D. 4.

14| THBTN



Chuyén dé 2. Cic bai todn lién quén déin d6 thi ham s6' BTN 2 2

X—2 Ao o . s . .
w1 ¢6 do thi (C ). Phuong trinh tiép tuyén A cua d6 thi ham s6 (C ) tao voi
+

hai dudng tiém can mot tam giac c6 ban kinh dudng tron ndi tiép 16n nhit. Khi d6, khoang cach
tlr tim doi xtmg ciia d6 thi (C ) dén A bang?

A 3. B. 2./6. C. 24/3. D. /6.

Cau58. Chohamsé y=2X+L
X —_

Cau57. Chohamsb y=

¢ d6 thi (C). Goi I 1a giao diém cua hai tiém can. Tiép tuyén A cta

(C ) cdt 2 tiém can tai A va B sao cho chu vi tam giac IAB dat gid tri nh6 nhat. Khoang cach
16n nhét tir gc toa do dén tiép tuyén A gin gia tri no nhat?
A. 6. B. 4. C.3. D. 5.

A R Z 2x -1 A . . . .2 . . LK X
Cau59. Chohamso y= —2 c6 do thi (C ). Goi | 1a giao diém cta hai duong tiém can. Tiép tuyén
X —

A cua (C ) tai M cdt cac duong tiém can tai A va B sao cho dudng tron ngoai tiép tam giac
IAB ¢6 dién tich nhé nhét. Khi do tiép tuyén A ctia (C)  tao v6i hai tryc toa do mot tam gidc

c6 dién tich 16n nhét thudc khoang nao?
A. (27; 28). B. (28; 29). C. (26;27). D. (29;30).
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Chuyén dé 2. Cic bai todn lién quén déin d6 thi ham s6' BTN 2 2

D. DAP AN VA HUONG DAN GIAI BAI TAP TRAC NGHIEM

| - DAP AN
1 3]4[5[6[7[8]9[10[11]12[13[14[15]16[17[18[19] 20
B C|A|AJA]JA|lB|[C|D|B|D|B|A|[C|C|[C|[D|D
21[22[23]24]25[26[27[28[29[30[31[32[33[34[35[36[37][38[39]40
D C|c|A[B|[D|[B|B|[D|B|A|[B|A[D|[C|B|[A][C]|C
4142143444546 47484950 [51[52]53[54[55][56][57]58]59
B B|D|B|C|A|B|C|[C|A|[]A|A|D|C|D|D|[D|A
Il —-HUONG DAN GIAI
Caul. Chon B.
Tinh y'=3x* —6x = y'(3) =9= phuong trinh tiép tuyén [a y=9x— 26
Cau 2. ChonD.
Tinh y'=4x* -8x = y'(1)=-4 = phuong trinh tiép tuyén 3 y=—4x+2.
Céau3. ChonC.
Tinh y'= 2 - =Y '(-2) =2 = phuong trinhtiép tuyén I3 y=2x+7.
(x+1)
Cau4. ChonA.
Tinh y,=y(2) =—4 va y'=-3x"+3=y'(2) =-9. Vay phuong trinh tiép tuyén la
y=-9x+14 .
Cau5. ChonA.
Tinh y,=y(-3)=-9va y'=-4x’+16x =y '(-3) =60 . Vay phuong trinh tiép tuyén la
y =60x +171.
Cau6. ChonA.
Tinh y,=y(2) =3 va y':( i )2 = y'(2)=-1. Véay phuong trinh tiép tuyén 1a y=-x+5.
x-1
Cau7. ChonA.
Gidi phuong trinh  2x3+3x;=5< X =1,va y'=6x’+6x=y'(1) = 12. Vay phuong trinh
tiép tuyén la y=12x—-7.
Céau 8. (Chon B.
Giai phuong trinh x4 2x23=21 < {onzz. Pong thoi y'=4x*+4x, suy ra
0 0 = —
L%
[y'(Z):40
. Vay ¢6 hai tiép tuyén can tim 12 y = 40x — 59 va y = —40x —101 .
ly'(-2)=-40
Cau9. ChonC. . .
1 D_— 1 —_1 N « K
Giai phuong trinh ~ Xo* 2 —lox=3v Y'= =Yy'(3) == . Phuong trinh tiep
2X,—1 (2x-1)115
, 1
tuyénla Y=——X+_.
5 5
Céu 10. Chon D.
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Chuyén dé 2. Cic bai todn lién qudn dén d6 thi ham s BTN 2 2
Giai phuong trinh Y '(XO) =3< 3Xz -6x +3=0<x =1L Pong thai Y(1)=—4 nén phuong

0

trinh tiép tuyén la y = -3x 1.

Cau 11.
Giai phuong trinh y'(xo): 48 —xz + 4x0+ 48=0< X =4. Pong thoi  Y(4)=-32 nén

phuong trinh tiép tuyén can tim 12 y =—48x +160 .

Cau 12. ChenD.
Giai phuong trinh
X=0=>y(0)=3=pttt:y=4x+3
y'(x0)=4<:>—4 2=4<:J ’ v (0) PRy .
(1-%0) [ X%=2=Yy(2) =-5=pttt:y=4x—13
Cau 13. Chon B.
Giai phuong trinh

'_\

1) =1 = pttt : y = x (trung)
y'(x )=1le-3x+4x -1=0< 1 l
0 0

5 4.
0 X === = :>pttt y=x—-"
o

)
1s) 27
Cau 14.

Giai phuong trinh Y '(XO )=-36<4x’+2x +36=0< X =2 Pong thoi  Y(-2)=18 nén

0 0

phuong trinh tiép tuyén can tim |2 y = —36x — 54 .

Cau 15. Chen C.
Gidi phuong trinh r 1 5
|)gz5:y(5):O:>pt'[t:y:——x+—(trung)
IX):_1© -7 :—1@)| 77
y% T (x+2) 7 x:—9:>y(—9):—Z:pttt:y:—lx—ﬁ
° 77
Cau 16. ChenC.

Giai phuong trinh

[x,=2=vy(2)=9 v ~
y'(%)=21<] " y(2) — pttt : y = 21x 33.

[ Xo=—2=Yy(-2) =—11= pttt : y =21x + 31
Cau 17. Chen C.

Gidi phuong trinh y'(X,)=-8<> X, =1. Dong thdi y(1)=0 nén phuong trinh tiép tuyén can

timlay=-8x+8.

Cau 18. ChonD. .

|x0:4:>y(4)=1 :>pttt:y:—6x+—

[EEY
w I

Giai phuong trinh ' ——

’ : V(%) 6<:>.x:—8:>y(—8):3 :>pttt:y:lx+1—3
o 6 3
Cau 19. Chon D:

[X=0 —y'(0)=0 =pttt:y=0
X=2 =y'(Q=16 = pttt:y=16x-32.
Xx=-2 =y'(-2)=-16=pttt : y =-16x - 32

Giai phuong trinh X'—4x* =0 <

Cau 20. Chon B!

Ta gidi phuong trinh
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Chuyén dé 2. Cic bai todn lién qudn dén do thi ham s’

Cau 21.

Cau 22.

Cau 23.

Cau 24.

Céu 25.

Cau 26.

Cau 27.

Céau 28.

Cau 29.

Cau 30.

Cau 31.

Cau 32.

. [x=1 =y'@®)=0 =ptit: y=0
X+ -2=0 X=-2 =y'(2)=-9=pttt: y=-9x—18
-5 ; . 1 . .
Ta giai phuong trinh =0< x=5.Dong thoi ¥ (5)=-_ nén phuong trinh ti€p tuyén
. 1 5X +1 4
can tim la :
y=— X+
chnp.  *
Giao diém cua (C) va Oy la A(0;1) = y'(0)=-6 nén phuong trinh tiép tuyén 13 y =—6x +1.
Giao diém cia (C) va Oy la M (0;-2) = y'(0) =0 nén phuong trinh tiép tuyén 1a y=-2.
R <R 5 ( l\ ' Z A 2 < A A \
Giao diém cu . ) =Y '(0)=-""nén phuong trinh tiép tuyén la
a(C) vaOyla A0 —|
\ 3) 9
7 «— 1
SCRE
Chon A. :

X =1=>Y(1)=z :>pttt:y:3x—z
Ta giai phuong trinh y'(x0)=3<:1| ° 3 3.
| % =3=y(3)=1 = pttt:y=3x—-8

[ x=1=y(1) = ==
Tacoy'=0 | ° 3 . Vay tiép tuyén song song truc hoanh.

% =3=y(3)=-5 ¥'(3)=0
Theo gia thiét ta co y=3=x=3va (3) =—_ . Vay phuong trinh tiep tuyén la

2

X+2y—-9=0.
Theo gia thiét ta co %=-1=Yy,=—4va y'(-1)=9.Vay phuong trinh tiép tuyén la
y=9x+5.
Theo gid thiét ta cd x,=0=y,=1va y'(0)=-7. Vay phuong trinh tiép tuyénla y = —7x +1.

Theo gi thiét ta c6 %=5=Yy,=51va y'(5)=45. Vay phuong trinh tiép tuyén I3
y =45x-174.

Tacd y'=3x"—6x+6=3(x-1)>+3>3=miny'=3 khi x=X=1=Yy,=y(1)=5.
Khi d6 phuong trinh tiép tuyén y=3(x - 1) +5=3x+2.

Ta 60 y'=-3x+12x+3=-3(x+2)°+15<15=>maxy'=15 khi x=x,=-2. Luc d6
Yo=Y(-2)=25.
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Chuyén dé 2. Cic bai todn lién qudn dén d6 thi ham s BTN 2 2

Céau 33.

Céau 34.

Céau 35.

Cau 36.

Cau 37.

Céau 38.

Cau 39.

Khi d6 phuong trinh tiép tuyén y = 15(x + 2) + 25 = 15x + 55 .
Chon B.
[Phwong phap tw luan]

y'(x)= 3X12 +1>0
Taco y'=3x+1>0= V(X)) =3+ 1502 Y (X)y(x)>0

2 2

hay y'(x,).y '(%,) # —1 . Suy ra 2 tiép tuyén A va B khéng vudng géc.
[Phwong phap tric nghiém]
Taco y'=3x*+1>0,vxe R.
Suy ra ham $6 déng bién trén R va cit truc hoanh tai mot diém duy nhat —> A, D dung.
Véi x,=1= y'(1) =4, y,=3. Vay phuong trinh tiép tuyén y=4(x-1) + 3 =4x -1 — C diing.

Chon A.

Ta ¢6 y'=3x"+4x-1=y'(1)=6.Khi d6 phuong trinh tiép tuyén tai M(L0) Ia
(a=6

y:6(x—1):6x—6,nén<b = ab=236.

Chon D.
(22 1Y5 ( 1Y 5 5 5 1

Taco , ,.° o .

y'=3x —2x+2=3|x —3X+9/+3=3[x-3) +3=23=miny'=3 khi x=x,= 3.
Chon C.

. -3 , . . )
Tacd Y'= <0, Vx # 1. Tiép tuyén tai diém M (xo; yo) e(C) tao véi Ox goc 60°
(x-1)°

:>y'(x0):itan600:i B%y'(xo):— 3> -~ 32=_ 3o (x,-1)=1

(%-1)
[x=2=vy =23 y , . o Ty=- X+4 /3
0 0 . Cac tiép tuyén twong tmg c6 phuong trinh 13 | :

[X%=0=Y,=0 ||_y:1/§x
Chon B.
Taco y'=3x"-6mx +3(m+1).Do K e(C,) Vvacohoanhdd bang -1,suyra
K (-1; —6m - 3).
Khi d6 tiép tuyén tai K ¢6 phuong trinh

Ay=y'(-D)x+1)—-6m-3=Om+6)x+3m+3.
Puong thang A song song véi dudng thang d

IM+6=-3 =—
:>3x+y:0©y:—3xc>£ i {m .

Bm+320  |[m#-1

Vay khong tdn tai m , ta chon & .

Chon A.
, . 1.1
Taco y'=4x’+mx vaduong thing x -3y +1=0 viétthanh Y= Ex + 3
Theo yéu cau bai toan, phai co y' (-1)=-383e-4-m=-3cm=-1.
Chon C.
) 1 , C

Taco y'= . Goi X,la hoanh d6 tiép diém cua d va (C).

\/m 0 p ( )
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Chuyén dé 2. Cic bai todn lién qudn dén d6 thi ham s BTN 2 2

Cau 40.

Cau 41.

Cau 42.

Cau 43.

Theo yéu cau bai toan, ta c6 y'(x):1_<:> . :1_<:>2x+1:9c>x -4
° 3 [2%+1 3 ° °
Chon C.

Dudng thang di qua M (1;3) co hé s6 géc k co dangd 1y =k (x -1)+3.

o [3x —4x* =k (x-1)+3 (1)
d 1a tiép tuyén cua (C) khi va chi khi hé sau c¢6 nghiém: { . Thay
[3 ~12x* =k (2

@ vao (1) ta duoc

3x—4x" =(3-12x¢ ) (x-1)+ 3> 8¢ ~12¢ =0 I % _[k=3
| x= tk =24
L 2

Viy ¢6 2 tiép tuyén.

Chon B.

Phwong phap tu luan

Taco y'=3x*+1=y'(1)=4,suyratiép tuyéntai N(L;4)l1a A:y=4x.

Phuong trinh hoanh d6 giao diém ctia A va (C) la
3 3 [x=1
X" +X+2=4X =X -3X+2=0 .
L X=—2=Yy=-8
Phwong phap tric nghiém
b

2%y + Xy (V6i y=ax®+ bx’+ cx + d 1a ham s ban dau)

& 2+%y =0 Xy =-2=>M(-2;-8).
Chon C.
Phwong phap tu luan
Puong thang A di qua diém M (-1;-2) co hé s6 géc k cd dang A 1y =k (x +1)— 2.
A 12 tiép tuyén cta (C) khi va chi khi hé sau c6 nghiém:
x*—x*+x+1=k(x+1)-2 (1)

3x* —2x+1=k (2)
Thay (2) vao (1) ta dugc
[x=-1
X2 =% +x+1=(3x —2x+1)(x+1)-2 = (x+1)° (x-1)=0 = :
( )(x+1)-2 = (x+1)"(x-1) [lezyZZ:N(l,Z).Phu’
ong phap tric nghiém
b . )
2+ Xy = — (Voi y=ax’+bx*+cx+d 1a ham s6 ban dau)
a
o2+ () =1ex =1=N(1;2).
Chon B.
Tacoy'=3%+6mx+m+1.Goi M (x;y), latiép diém cua tiép tuyén can lap.
[y'(-1)=4-5m
Khi d6 X=—-1=1 , suy ra phuong trinh tiép tuyén I
Yo =2m-1

Aty=(4-5m) (x+1)+2m-1.

DOA(L3)e A=3=(4—5m)(1+1)+2m-1em="
2
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Chuyén dé 2. Cic bai todn lién quén déin d6 thi ham s6' BTN 2 2
Cau 44. Chon D.

Taco y'= 1+m2 khido y'(0)=3<1+m=3cm=2.
(x+1)
Cau 45. Chon B.
Taco y':( )2 >0, Vx#-1.Goi M (Xy;Y,) latiép diém cua (C) véi tiép tuyén can lap.
X+1
Tam giac OAB can tai O nén OA = OB, suy ra .
. 1 Xo=0
y>0 0
y'(%)=tl——y'(x)=1< _@Hqu_:lcﬂx —_2.
0 0

* V6i X,=0=Yy,=0 (loai,do M (0;0)=0).

e Véi X,=-2=Yy,=2, suy ra phuong trinh tiép tuyén A : y=x + 4 .
Céu 46. Cheon C.

DOCE:36:>y'(x):136.

OA °
e Vi y'(xo) =-36 <:>—4x3—2x0 :—36<:>4xz+ 2x0—36 :0<:>x0 =2.

Vay Y,=Y(2) = —14 . Suy ra phuong trinh tiép tuyén y=-36x+58.
. Véiy'(x2:36<:>—4x3—2x:36<:>4x3+2x+36:O<:>x =-2.
0 0 0

0
Vay Y, = Y(~2) = —14 . Suy ra phuong trinh tiép tuyén y =36x+58.
Céau 47. Chon A.

. (_ xo—l\
e Goi M'kxo’72(x0 +1)J€(C)

0

Goi A tiép tuyén cia (C ) tai M ta c6 phuongtrinh.

1
Avy= (X )(x—x)+ X-1 _ (X—X0)+ X1
2% +1) (% +1)° 2(x, +1)
([ x*-2x -1 ) . [ x*—2x-1)
e GoiA=ANOXx =>A|—"—"—0] vaB=AnOy=B| 0;—>—"">—].
\ 2 ) L 2(%+1))

Khi d6 A tao voi hai truc topadd AOAB c¢6 trong tam la
[ X2—2x-1x-2x—1)
G | __ 0 0 . 0 0

( 6 B(x+1)
7 X —2x -1 x-2x-1
e Do G thudc duong thing 4x +y =0 =-4.— G ——=0
6 6(x,+1)
@4:%@] A, BkhongtringOnén x:—2x,—-1#0)
(% +1)
X+1="7 rx =—l
0 0
= 2 = 32.
X+1l=-" X=—_
e 2 IL° 2
i _ A 1 = - l 7
o Vi X0> 1 nén chi chon X ; 2=>M —;?—_jjxﬁz)’o:_;

Cau 48. Chon B.
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Chuyén dé 2. Cic bai todn lién qudn dén d6 thi ham s BTN 2 2

e Ae(C,)nén A(L;1-m).Ngodira y'=4x—4mx=y'(1) =4-4m.
e Phuong trinh tiép tuyén cua (C,, ) tai A 1a y—1+m=y'(1).(x-1), hay
(4-4m)x-y-3(1-m)=0.

* Khido d(B;A)= - <1, Dau =" xayra< khi m=1.
J16(1-m)* +1
e Dod6d(B;A) 16nnhat bang 1 khi vachikhim=1.
Céau 49. Chon C.
o Giasir M(x;y?e (C)=y _2%+3
0 0 !
Xo+ 1
3%+ 4y, 2| [3x+4Y,~12=0
L e & 89 & :
J32 4 42 [3x0+4y0+8=0

(2x+3) Po=0=>M,(03)
. 19— o |-12=0<
© V6idx+4y-12=0s3x +4 "0 =1 M (1 11)

o2)

e Tac6 d(M,d,)=2<

0 D' 0 3 (
x——5:>M
(Zx M -’{ J
© V6i 3 +4y +8=0c 3 +4 ~0148=0e]
X+ ) 'g] :,M4( 4 )
3

Suy ra c6 4 tiép tuyén.
Cau 50. Chon C.

Phuong phap tu luin.
e Giao diém cuia hai tiém can 1a 1(1;2). Goi M (a b) e (C):b— (a >1).
.z . . . 1 1
e Phuong trinh tiép tuyén ctia (C ) taiM 13 Y =— (X -a) 2 .
(a-1)° a-1
e Phuong trinh duong thang M1 13 y = ( 11)2 (x=1)+2.
a —
e Tiép tuyén tai M vudng goc v6i MI nén taco
1 1 =-lo |Fa =0=>bh=1
“(@a=tz-a-1, =2=b=3
) ) .

Vi yéu cau hoanh d¢ 16n hon 1 nén diém can tim1a M (2; 3) .
Phuwong phap tric nghi¢m
Goi M (X, ¥o) € (C), diém M thoa yéu cau bai toan c6 hoanh do duoc tinh nhu sau:

[ X=2=Y,=3
Xo~1=2%[2.(-1)-1(-1) | & % -1= +1<:>|L 0L -

Viy M (2 3) .
Céau 51. Chon A.
o Phuong trinh hoanh d¢ giao diém cuadva (C ) la
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Chuyén dé 2. Cic bai todn lién qudn dén d6 thi ham s BTN 2 2

—x+1 JXil

2x—-1

=X+M <

2 .
tg(x)=2x2+2mx—m—1=0 *)
m_l.Giést A(X;y), B(X;y).
12 2 1 1 2 2
o Taco Y= Z,Hén tiép tuyén clia (C) tai A va B c6 hé sé goc lan luot 1a

(2x-1)
kee Y k= Y vy
1 2 2 (2X2—1)2
1 1 A+ X)) —4(X +X)+2
_ 2 1 2
T(2x -1 T(2x -1 T T [aXx =2(x Fx)+1]:
1 2 12 1 2

e Theo dinh Ii Viettacé X+X=-m; XXx=
1 2

lS-i_k2:

=—(4m? +8m+6)=—4(m+1)° -2< -2

n_n

e Diu xdy ra<> m=-1.
Vay k,+ k, dat gié tri 16n nhét bang —2 khi m = —1.
Céau52. Chon A.

Phwong phap tu luan
, . 1 —D_l
o Goi M(X;Y,) latoa dd cua ticp diem = Y (XO): 2<0'
(2%, +3)

e AOAB can tai O nén tiép tuyén A song song voi duong thingy =—x  (vi tiép tuyén c6 hé

. 1 [Xo:—]-:YO:l
s0 gocam). Nghiala y'(x)=—— ,=-1=

(2%, +3)° [ X%o=-2=y,=0
o Vbi x=-1; yo,=1=A: y-1=—(x+1)< y=-x (loai).
o Vbi X=-2; yo=0=A: y-0=—(x+2) <y=—x-2(nhan).
Vay phuong trinh tiép tuyén can tim 1a y=—x—-2.
Phuwong phap tric nghi¢m

e Tam giac OAB cén tai gdc toadd O néntac6 OA=OB=n=1.
acx§+2bcx;rbd¢0:>2x2458x+§3¢0<:>x¢—01;x¢—3

0
[ %= -1(L)
cXo+d =% /n.|Jad —bc| = 2x,+ 3=+ ,/1.|-1| < ( )
|Lx0:—2 N

o Vbi X;=-2; yo=0=A: y-0=—(x+2) <y=—x-2(nhan).
Céau 53. Chon A.
o Gia st tiép tuyén d cua (C) tai M(X,;Y,) €(C) catOxtaiA, Oy tai B sao cho

OA=40B.
A A A OB 1 . . 1. 1
e Do AOAB vudngtai Anéntan A= =" = H¢ so goc cua d bang = hodc — o
OA 4 4 4
o VIy'(x)=- 7 < 0nén hé 0 goc clia d bing  ~—» SUYT

(%-1)
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Chuyén dé 2. Cic bai todn lién quén déin d6 thi ham s6' BTN 2 2

X=-1=y="
1 1 o o 5
— :__<:>
2
(6-9° * ’X=3:>y= _
o ° 2
|_y:—l(x+1)+§ }_y:_lx+5
e Khi do C(')Ztiép tuyénthoé man |él:| 4 2 - 4 4.
|y:_ (x-3)+° |y__1x+13
b a4 2 L a4 4
Céau 54. Chon D.
Phwong phap tu ludn
e Taco Y= ; 1(L11).

(x-1)’

[ x .
Goi M| Xo;—0 e (C), (x * 1) . Phuong trinh tiép tuyén tai M c6 dang

L %-1) ]
X
Ay=-— X-X)+ ¢ ox+((x-1)°y-x*=0.
y = o (X =X) - (x -1)7y -x_
° d(|,A): 2|X0_1| = - si:\/?.
4
\/1+(X0 —1) 1 2+(X0—1)2 ‘\/E
(%-1)
e Diu" =" xdy ra khi va chi khi
1 =2 =2 (N
2=(XO—1)2<:>|x0—1|:1<:>[xo =¥%=2( )
(% -1) [ % =0 (L)

Ay A re g, T ;
Tung do nay gan voi gia tri _ phit trong cac dap an.
2

Phwong phap tric nghiém
[ %=2=y,=2(N)
TacoIMLA=cx,+d==% |ad—bd = x,—1==,/|-1-0| =3

|LX0:0 (L)
Cau 55. Chon C.
Phuong phap tu ludn
e Taco y'=(x 1)2.
+
' [ 2x-1) iy C 5
o Goi M|x ;—"—]e(C),(x #—1). Phuong trinh tiép tuyén tai M la
L’ %+1) ’
y= 2(><—><)+2X°_1@3><—(>< 1y +2X —2x -1=0
XO+ S XO+ T )Yy + xo— xo— =0.
6x,+1] 6 6
° d(I’A):\/9+E)%+l)4: ) S\/zg_:\/g-
G+1)2+(X0+1)

e Dau " =" xay ra khi va chi khi
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Chuyén dé 2. Cic bai todn lién qudin dén do thi ham so’

9 2 % =—1+/3=>YF2- ﬁ(L)
= (X1’ = (x 4 +1) :3@;[
—_1- -2 N )
'('X:Fi‘)z' X \E:y + \/3( )
Lo 0

Tung do nay gan voi gia tri e nhit trong cac dap an.

Phuwong phap tric nghiém
TacoIMLA= cx+d=x,/lad—bg = X, +1 ==
F3<_—1+[:>y 2-J3(L)
Lg(——l NCESE 2+\/§(N)

[2+1

Céau 56. Chon D.
Phuong phap tu ludn
' 2x -3
e Goi M|x; |e (C) (X # 2) Phuong trinh tiép tuyén tai M c6 dang
0

L %-2)

0

1 1
Aly=- ( 2)2(X Xo)+ 2+ _2.

( 2\|

e Giao diém cua A voi tiém can dung la Ak2;2+ -
0

e Giao diém cua A v6i tiém can ngangla  B(2x, —2;2).
[ , 1

e Taco AB2=4[(x -2+ 1 —‘ZB.Déu":"xéyrakhi(x -2) =

N ’ (% —2)°

X=3:>y :3:>_-( = =
ol 0 OM '3;3) OM=32(N)
|Lx0:1:>y0:1:OM_(1;1) = OM = 2(L)

Phwong phip tric nghiém
M ngin nhat

e AB ngin nhit suy ra khoang cach tir | dén tiép tuyén A tai
IMJ_A:>CX +d= |ad bc| =X —2=% |— + |@r“" =3=Yyu=3
M
L>§,,:1:>yM:1
:‘W‘:Bﬁ.

Céau57. Chon D.

Phuong phap tu ludn
e GoiM| x; *=2 | e (C), (x=-1), 1 (-1;1). Phuong trinh tiép tuyén tai M c6 dang
L 0 X, +1) °
Ay= 3 (X—X)+X°__2

(% +1)2 ° Xo+1

L x0+1)

e Giao diém clia A v6i tiém can ngangla  B(2x, +11).

e Giao diém ctia A v6i tiém can ding 14 A| -

IB=2k, + 1= IA.IB=12.Ban kinh dudng tron ngoai tiép A I1AB |2

e Taco IA=

o+1]

Sias=Pr, suyra
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Chuyén dé 2. Cic bai todn lién qudin dén do thi ham so’

Cau 58.

(_Swe_ IAIB_ IA.IB - IA.IB _2/5-5.
p  IA+IB+AB |A+IB++/IA2+1B* 2JIAIB++/2.I1A.IB

=-1+ \/3:>y:1—\/‘
2 XM 0 3
e Suyra r,=2v3-V6 o IA=IB o [x,-1] =3

— - [ X =—1—\/§:y0:1+\/§.
e IM (\/g;—\é_):‘lM ‘: J6

Phuwong phap tric nghiém
e |IA=IB= AIAB vudngcantail =IM LA.

[x =—1+ =y =1-
3=y 3
° cxM+d=i |ad—bc|:>XM+1=i |1+2|<:>| M NE] M V3
[ X =-1-+3 =y, =1++/3
:‘W: 6.
Chon D.
Phwong phap tu luan
3 . .
. GoiM|(x0;2+ €(C),(x #1). Phuong trinh tiép tuyen tai M c6 dang
\ X—1)
-3 3
Ay= (X—l)z(X_XO)+2+X—1 .
0 0
( 6 ).
1,2+ -1
X )

0

e Giao diém cua A v6i tiém can dung 12 A

e Giao diém cua A v6i tiém can ngangla  B(2x, -1; 2).

1 1
e Tacod Same = IAIB="- 0 -2X% -1=23=6.

2 2 x-1
e A IAB vuédng tai | ¢6 dién tich khong d6i = chuvi AIAB dat gia tri nho nhat khi
[ x=1+
6 O J3

=2 X%—1 = 3
%1 |LXo=1—[
e Vi

' X, =1+ +/3 thi phuong trinh tiép tuyén 13 Aty =—x+3+2+/3

d(O,A):%;@.

IA=1B <

. Suy ra

* VO —1-3 thi phuong trinh tiép tuyén 2 A:y =—x+3—-23 W@

-3+
5

gan véi gi tri 5 nhét trong cac dap an.

d(0,A)=

3+2/3

2

Vay khoang cach 16n nhat 12

Phuwong phap tric nghi¢m

=1+ p=>y=2+
[ Xy =1-V3=y=2-43

:d(O,A):%@(N).
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Chuyén dé 2. Cac bai todn lién quan dén do thi ham so’

Céau 59.

Chon A.
Phwong phap tuw luﬁn
) 2x
e Goi M|x; |e(C) (x # 2). Phuong trinh tiép tuyén tai M 6 dang
0
L %-2) i
3 2X, —1
Ay=— (x—x )+ .
lx =2y XO—Z
( 2X, +2)
e Giao diém clia A v6i tiém can dung 14 A| 2; |
\ %-2)
e Giao diém cta A v6i tiém can ngangla  B(2x, —2; 2).
o [Xat Xg=2+2%,— 2 =2, i
. Xet% 2X +2 2x -1 = M Ia trung diém cta AB .
| YatYe= xLo T2=2.,7 5 =2V,
e AIAB vuong tai I nén M la tam duong tron ngoai ti%p tam giac IAB .
2
:>S:7rR2=7zIM2=7J(X oy a2 1 D Loy 9 lygr
0 0 -
| =2 ) 1L (-2
- o - 9 |_x0: 3+2=Y, = \/§+2
e Dau"="xayrakhi (X —2) = (x —2) <:>‘ X=— 3425y == _+2°
0 |_ 0 0 '\/§

o Véi X,= 3+2=>A:y=—x+23+4 cit 2 truc toa do tai E(O;Z\/§+4) va
1

= (2\/§+4; 0), SUYTaSge = ;OE.OF =14 + 8 3 ~27,8564

o VGi Xp=— 3+2=A:y=—x—-23+4 cit2 truc toa do tai E(o;_2J§+4) Vva

1
= (_ 23+4: o), SUYTaS e = ;OE.OF =14 -83~0,1435

Phuwong phap tric nghi¢m

e IMIénnhit < IMLA= cx+d=2,fad-bd=x,—2==,|-4 +1.
l_xoz \/§+2:y: J3+2
X =—3+2=y,=—/3+2

. Giai tuong tu nhu trén.
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Chuyén dé 2. Cac bai todn lién quan dén do thi ham so’

A. KIEN THU'C COBAN

Bai toan tim diém c6 dinh ciia ho dwong cong

Xét ho dudng cong (C,,) ¢6 phuong trinh y =f (X, m) , trong d6 f 1a ham da thuc theo bién X
v6i m 1a tham s6 sao cho bac caa m khong qua 2. Hiy tim nhing diém c6 dinh thudc ho dudng
cong khi m thay d6i?
% Phwong phap giai:
o Buéc 1: Pua phuongtrinh  y=f (x, m) vé dang phuong trinh theo 4n m c¢6 dang sau:
Am + B = 0 hogc Am*’+ Bm+C=0.

o Buwéc 2: Cho c4c hé sé bang 0 , ta thu duoc hé phwong trinh va giai hé phuong trinh:
a[A:O hoac |B:O.
|[B=0 1 C=0

o Buée 3: Kétlugn
v Néu hé vo nghiém thi ho duong cong (C,) khong cé diém cb dinh.
v Néu hé c6 nghiém thi nghiém d6 la diém c6 dinh cia (C,,).

. Bai toan tim diém c6 toa dd nguyén:

Cho dudng cong (C) c¢6 phwong trinh  y=f (x) (ham phan thirc). Hiy tim nhing diém co toa do
nguyén cua duong cong?
Nhitng diém cé toa do nguyén la nhitng diém sao cho ca hoanh dg va tung do cia diém dé déu
la s6 nguyén.
% Phwong phap giai:

o Buwéc 1: Thyuc hién phép chia da thirc chia tir sé cho mau sb.

o Bwéc 2: Li luan dé giai bai toan.
Bai toan tim diém c6 tinh chat doi xing:
Cho dudng cong (C) ¢ phuong trinh y = f (x) . Tim nhing diém dbi xtmg nhau qua mot diém,
qua duong thang.
Bai toan 1: Cho dé thi (C):y=Ax+Bx2+ Cx+ D trén do thi (C)  tim nhitng cp diém doi
xitng nhau qua diém I (X,,Y,) .

% Phwong phap giai:
v Goi M (a;Aa’+Ba’+Ca+D), N(b;Ab*+Bb’+Cb+D) la hai diém trén (C) ddi ximg
nhau qua diém 1 .

a+b=2x,
v Tacé :
| A@° +b?)+ B(a2 +b2)+C(a+b)+2D:2y |

Giai hé phuong trinh tim duogc a, b tir d6 tim duoc toa do M, N.

Truong hgp dic bigt : Cho do thi (C ):y=AX’+Bx*+ Cx+D. Trén dé thi (C) tim nhitng cdp
diém doi xing nhau qua goc toa do.

% Phwong phap giai:
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Chuyén dé 2. Céc bai todn lién qudn déin d6 thi him so BTN 2.3
v Goi M (a,Aa’+Ba’+Ca+D),N(b,Ab’+Bb’+Cb+D) Ilahai diém trén (C) ddiximg

nhau qua gdc toa do.
[a+b=0

v Taco :
jLA(a3 +b°)+B(a’ +b*)+C(a+b)+2D =0

v' Giai hé phuong trinh tim dugc a, b tir d6 tim dugc toa do M, N .
Bai toan 3: Cho do thi (C): y = AX+ BX*+ Cx + D trén do thi (C ) tim nhiing cdip diém doi
xitng nhau qua dwong thang d @y = AX + By.
% Phwong phap giai:

v Goi M (a;Aa’+Ba’+Ca+D), N(b;Ab’+Bb’+Ch+D) 1a hai diém trén (C) déi ximg

nhau qua duong thang d .

l ed ) 7
v Ta co: J O.. (voi | latrung diém ctia MN va ug la vecto chi phuong cua
LMN.Ud =0 (2)

duong thang d ).
v' Giai hé phuong trinh tim dugc M, N.
IV. Bai toan tim diém diic biét Khac:

1. Li thuyét:

Logi 1. Cho hai diém P (x;¥,);Q(%;Y,)=PQ= (% -x)+(¥,—y,) "
Cho diém M (X,;Y,) vaduongthing d:Ax+By+C=0, thi khoang céch tir M
Ax,+ By,+ C
A+B
Logi 2. Khoang cach tir M (x,;y,) dén tiém candingx=a lah= x—a.

déndla h(M;d)=

Logi 3. Khoang cach tir M (X,; Y, )dén tiém canngang y =b 1a h= {,-b |

Chu y: Nhimng diém can tim thuong 1a hai diém cuc dai, cuc tiéu hodc la giao cua mdt duong
thang v6i mot duong cong (C) nao dé. Vi vay trude khi ap dung cong thirc, ta can phai tim

tim di€u ki¢n ton tai roi tim toa do cua chung.

2. Cac bai toan thwong gap:

ax+b
cx +d
diém A va B thudc hai nhanh dé thi ham sé sao cho khodng cdch AB ngan nhdt.
% Phwong phap giai:

Bai toan 1: Cho ham s6 y =

(c#0,ad—bc=0) cd do thi (C ). Hay tim trén (C) hai

v (C) co tiém can dimg X=~— do tinh chat ctia ham phan thuc, d6 thi ndm vé hai phia
C
ctia tiém can dimg. Nén goi hai s6 ¢, B1a hai s6 duong.
) d d,
v/ Néu A thudc nhanh traithi X<~ E: X  =———a<— vy =f(x,).
C C
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Chuyén dé 2. Cic bai todn lién quén déin d6 thi ham s6' BTN 2 3
\/NéuBthuc}cnhénhphéithix>—d:>x:—d+,8>—d y=Ff(x).
B - ~ - B

B

B

B A B A B A

v Sau do tinh AB” =(x —x ),+(y —(§/ )z=|_(|_a+cﬂ)—(a_0(‘:)-|f(y -y ).

v Ap dung bat ding thirc Cosi (Cauchy), ta sé& tim ra két qua.

Bai toan 2: Cho d6 thi ham s6 (C)  c6 phuong trinh 'y = (X) . Tim toa dé diém M thudc
(C) dé téng khodng cdch tir M dén hai truc toa do nhé nhdt.
% Phwong phap giai:

v GoiM (x;y) va tong khoang cach tir M dén hai truc toa do lad thi d= |X|+b/ |

v’ Xét cac khoang cach tir M dén hai truc toa do khi M nam & cac vi tri dac biét: Trén
truc hoanh, trén truc tung.

v’ Sau dé xét tong quat, nhimg diém M c6 hoanh dg, hoic tung do 16n hon hoanh d6 hoic
tung d6 ctia M khi nam trén hai tryc thi loai di khong xét dén.

v Nhitng diém con lai ta dua vé tim gia tri nho nhét cta d6 thi ham s dwa vao dao ham
roi tim duoc gid tri nho nhét ciia d.

Bai toan 3: Cho do thi (C) ¢é phwong trinh y =f (X) . Tim diém M trén (C) sao cho khodng
cdch tir M dén Ox bang k lan khodng cdch tir M dén truc Oy .
% Phwong phap giai:

[ y=kx rf(x) =kx

v Theo daubaitaco y=kx < = :
€0 dau bail y ||y=—kX |Lf (X)=—kX

. . ax+b
Bai todn 4: Cho dé thi ham s6 (C)  ¢6 phwong rinh Y =T (X) = —d(C #0, ad - bc = 0).
CX +

Tim toa d diém M trén (C) sao cho dé dai MI ngdn nhat (véi I la giao diém hai tiém cdn).

% Phwong phap giai:
— A n a
v Tiém candimg X= ;tiemcanngang y=
C C

-d a o
s _\ cua hai tiém can.
c o)
v Goi M (Xy;Yy ) 1 diém can tim. Khi do:

M :(XM +%T+(yM —ET =g (Xy)

v’ Str dung phuong phap tim GTLN - GTNN cho ham sé g dé thu duoc két qua.

o
v/ Ta tim dugc toa do6 giao diém | L

Bai toan 5: Cho dé thi ham sé (C) c6 phuwong trinh  y=f(X) va dwong thing
d:Ax+By+C=0. Tim diém I trén (C) sao cho khodng cdch tir I dén d la ngdn nhat.
% Phuwong phap giai

v Goi | thuge (C) =1 (Xo;yo); Yo= F(X)-

v Khoang cach tir | één d la g(x0)=h(|;d)_AXo+ByotC|

v/ Khéo sat ham s6 y=g(x) dé tim ra diém | thoa man yéu cau.
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Chuyén dé 2. Cic bai todn lién quén déin d6 thi ham s6' BTN 2 3
B. BAI TAP TRACNGHIEM
Caul. Db thicoaham sd y=(m-1)x+3—m (m la tham sd) ludn di qua mot diém M cb dinh c6 toa
do 1a
A. M(0;3). B.M (1;2). C.M(-1;-2). D. M (0;1).

Cau2. Do thicoahamsd y=x*+2mx —m+1 (m 1 tham s6) luén di qua mot diém M ¢ dinh c6 toa
do 1a
A. M (0;1). B.M(l;s\. C.M(l;s\. D. M (-1;0).
22 ) 24 )
Caus. Dothictahamsd s a0 e im (mla tham sé) luon di qua mot didm M cb dinh c6
toa do la
A.M (-1;2). B. M(-1;-4). C. M(L-2). D. M (L; -4).

Caud. Biétdo thi (C,) ciahamsé y=x"—2mx*+3 Iuon di qua mot diém M cb dinh khi m thay
ddi, khi d6 toa do cua diém M I

A M (-1;1). B.M (L;4). C. M(0;-2). D. M (0;3) .
Cau5. Biétddthi (C, ) ciahamso y= (m—”)%m (m=0) ludn di qua mot diém M ¢ dinh khi m
X+
thay d6i. Toa d6 diém M khi d6 1a
1
A M L_l;_EJ' B. M (0;1). C. M(-1;1). D. M (0; -1).
Cau 6. Hoi khi m thay d6i d6 thi (C,) ctiaham sd y =x°— 3mx’— x + 3m di qua bao nhiéu diém c6
dinh ?
A. 1. B. 3. C. 2. D. 4.

, X , 2x-1 . R £
Cau7. Toadddiém M thuge dd thi (C ) ctiaham s Y=~ — 520 cho khoang cach tir diém M dén
X —

tiém can dimg bang 1 1a

A.M(0;1), M(2;3). B.M(2;1).
c [ 3 [ 5)
M L—l;EJ. D.M |\3;;J'

Cau 8. Hoi khi mthay d6i do thi (C,)  ciiahamsd y=(1-2m)x*+ 3mx*—~m -1 di qua bao nhiéu

diém cb dinh ?
A. 3. B. 4. C.1. D. 2.

A A s 4R A A - s 1y £ X+1 4 LR , , £ .
Cau 9. Toa do cac diem thudc do thi (C ) cuahamso Y= 1 ma co tong khoang cach dén hai
X —

dudng tiém can cta (C ) bing 4 1a
A (43).(-2:1)- B.(25),(0:-1)-

C.(2;5),(0;-1),(4;3),(-2;1). D. (2;5),(4:3).
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Chuyén dé 2. Cic bai todn lién qudn dén d6 thi ham s BTN 2 3

2X* +(1-m)x+1+m

Cau 10. Biétdd thi (C,) cuahamsd Y= (m#-2) ludn ludn di qua mot diém
—X+m
M (Xy; Yy ) c0 dinh khi m thay d6i, khi d6 X, +y, bang
A. 1. B. -3. C.1. D. 2.

Cau 11. Choham sé y=—x*+mx*~x—4m c6 dd thi (C)_~ VvaA ladiém cb dinh c6 hoanh do am clia
(C.,) . Gia tri ciia m dé tiép tuyén tai A ciia (C,)  vudng goc v6i dudng phan gidc goc phan tu
thir nhat 1a

A. m=-3. B. m=-6. C. m=2. D.m:—z.
2
Cau 12. Trén dd thi (C) ctahamsd Y= 5 ¢6 bao nhiéu diém co toa 6 nguyén ?
X+
A 4. B. 1. Ged? . D.3.

Cau 13. Tréndd thi (C) cuaham sO y=x"—5x"+6x+3 ¢b bao nhiéu cip diém d6i xting nhau qua

géc toa do ?

A. 2. B. 1. C.0. D. 3.
Cau 14. Trén do thi (C) ctia hamsé Y= ) ¢6 bao nhiéu diém cé toa do 1a cac s nguyén duong ?
X =
A 4. B. 3. C. 1. D. 2.
Cau 15. Trén do thi (C) ciahamsé Y= TR ¢6 bao nhiéu diém c6 toa do nguyén ?
X -
A 6. B 2 . 3 D. 4.
Cau 16. Goi 1a hoanh do cac diém udn coa do thi ham sb X' , thi c6 gia tri bang
X1 X, Y Frmr X -1 Xy X,
4
A2 B.O. c. |2 D. 2.
3 3 3

Cau 17. Trén do thi (C) ciahamsb Yy = s6 diém c6 toa do nguyén la

4x -1
A 4. B. 8. C. 3. D. 2.

Cau 18. Trén do thi (C) ctiahamsb y= X;i;’ ¢6 bao nhiéu diém c6 toa do nguyén ?
A 4. B. 2. C. 10. D. 6.

Cau 19. Trén dd thi (C) ciahamsb y= );+ 2 ¢6 bao nhiéu diém co toa do nguyén ?
A 4. B. 2. C. 1L D. 6.

Cau 20. Trén dd thi (C) ciahamsb y= 53);:_1 ¢6 bao nhiéu diém co toa do nguyén ?
A 4. B. 2. C. 1L D.6.

Cau 21. Trén do thi (C) chahamsd y= 8:)(1112 ¢6 bao nhiéu diém co toa do nguyén ?
A. 6. B. 2. C. 1L D. 0.
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Chuyén dé 2. Cic bai todn lién quén déin d6 thi ham s6' BTN 2 3

A 2 s A g . X+2 2
Cau 22. Toa do diém M c6 hoanh d duong thudgc do thi ham s6 Y= + ) sao cho tong khoang cach
X —

tir M dén 2 tiém can cta do thi ham s dat gia tri nho nhat 1a
A. M (4;3). B.M(3;5). C.M(1;-3). D.M(0;-1).

Cau 23. Sb cip diém thudc dd thi (©) ciahamsd y=x+3x*—2 dbi ximg v6i nhau qua diém

1 (2:18) Ia
A. 2. B. 1. C.3. D. 4.
B ) . , 3X+5 I 4.2 ,
Cau 24. Trong tat ca cac diém c6 toa do nguyén thudc do thi (C) ctahamso Y= _1, 50 diém ¢6
X —
hoanh d¢ 16n hon tung d6 la
A 2. B. 8. C.6. D. 4.
A R : X+2 N A ? .2 ) . 4
Cau 25. Chohamso y= : +1 c6 do thi (C ). Goi | 1a giao diém hai duong tiém can cia (C ). Biét toa

d0 diém M (Xy; Yy ) c6 hoanh @b duong thudc do thi (C ) sao cho Ml ngén nhat. Khi d6 gia

tri X,,— Y, bang

A 0. B.23/
C. 2. [N
Cau 26. Cip diém thudc dd thi (C) ctia ham sb y = x* + 3x — 2 d6i xting nhau qua diém | (2;18) 1a
A. (1;2) va(3;34). B. (3;2) va(1;34).
C.(0;-2) va(4;74). D.(L;2)va (-1;,-6) .
Cau 27. Cip diém thudc dd thi (C) coahamsd y=x—4x*+ 9x + 4 ddi xing nhau qua gdc toa do O
la
A. (3;22) va (-3;-22). B. (2;14) va (-2; -14) .
C. (3;10) va (-1;-10). D. (0; 4) va (4; 40) .

2 2 r , ” 1
CAu 28. Cip diém thudc do thi (C) ctia ham s6 y = x*+ x d6i xing nhau qua duong thang d:y = _E X

la
A. (1;,2) va (-2;-10). B. (2;-1) va(-2;1).
C. (1;—2) va (—1; 2). D. (1;2) va (—1; —2).

. 3 . x+1 T
Cau 29. Toa do diém M thudc do thi (C) clahamso y= +2 ma c6 khoang cach dén tiém can
X

ngang cia (C ) bang 1 1a

A. M(3;2). B.M ?5; 25)\ (

C. M (5:2),M (-1,0). p.m 4% mlo-t),
S
2 2
L)\ )
Cau 30. Céc gia trj thuc cua tham sé m dé dd thi (C,)  cuaham sd y=x*—3x’+ m c6 hai diém phan

biét d6i xing nhau qua goc toa do 1a
A -1<m<0. B. m=0. C. m>-3. D.m>0.
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Chuyén dé 2. Cic bai todn lién quén déin d6 thi ham s6' BTN 2 3

Cau3l. Chohamsé y :X;i c6 dd thi (C ). Goi d 1a khoang cach tir mot diém M trén (C ) dén giao
X+

diém cua hai tiém can. Gid tri nho nhit c6 thé ¢6 caad 1a

A 2. B. 24/3. C. 3J2. D. 24/2.
Cau 32. Chohamso y= );Ll €6 do thi (C ) val la giao diém cia hai dudng tiém can cia (C ). Tiep

tuyén tai mot diém M bat ky cua (C) cit hai tiém can cua (C) tai Ava B . Dién tich ctia tam
gi4c ABI bang
A. 4. B. 5. C.6. D. 7.

. N . X=T7 .z s Ao s , ,
Cau33. Chodiém M thuoc dd thi (C ) ctia hamss Y= " - bict M c6 hoang d a va khoang cach
X+

tir M dén truc Ox bang ba 1an khoang cach tir M dén truc Oy . Gia tri ¢6 thé c6 ctia a la

A a=1h0:2jlc a=7. B,a:—lhoac X=7.
3 3
- 7 . 7
C. a:—lhoac a=— . D_a:lhoaca:_
3 3
n \ Z 2Xx—3 A . . .2 A . \ LR
Cau 34. Choham so y=—2 c6 do thi (C ). Goi M 1a mét diém thude do thi (C) va d 1a tong
X_

khoang cach tir M dén hai tiém can cta (C). Gia tri nho nhét cia d co thé dat duoc 1a
A. 6. B. 10. C.2. D.5

\ . . 1 11 .
Cau 35. Cap diém thudc db thi (C) ciiahamsd Y=— X +X'+3x— , Machiing i ximg nhau qua

truc, tung, |2
A. (3;—%?\ va (—3;—16\. B. (3;16\vz‘1(—3;16\.
R RN
C. }2;1“\/3(—2;“\. D. }2;—11\ va (—2;—11\.
- - .
3 3 3 3
. 7) U7 \ )\ )
_ ) . ) X’ + 5x +15 .
Céau 36. Co bao nhiéu diém M thugc do thi (C ) ciia hamso Y= 3 cach deéu hai tryc toa do ?
X+
A. 2. B. CO v s diém M thoa yéu cau.
C. 1. D. Khdng c6 diém M thoa yéu cau.
Cau 37. C6 bao nhiéu diém thudc do thi (C) ciia hamsbé Yy = T oD 6 toa do nguyén ?
A 1l B. 8. C. 3. D. 4.

Cau 38. Bibtdod thi(C,) cuahamsd y=x'—3(m-1)x’—3mx+2 ludn ludn di qua hai diém c6 dinh
P(Xp;yp) va Q(xQ; yQ) khi m thay ddi, khi d6 gidtricia Ye+Y, béng
A. -1. B. 6. C. 5. D. 8.
. ; . 2x -1 i 2R .
Cau 39. Toa do diém M thuc db thi (C) ciahamsé Y= —1830 cho khoang cach tir diém I (-1; 2)
X+
dén tiép tuyén ciia (C ) tai M lal6n nhét.la
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Chuyén dé 2. Cic bai todn lién qudn dén d6 thi ham s BTN 2 3

Cau 40.

Cau 41.

Cau 42.

Céau 43.

Cau 44.

Cau 45.

Cau 46.

A M, (-1+V3:2+3), M, (-1-V3:2+3),
B. M, (-1+v3;2-3), M, (-1+ v3;2+3),
C. Ml(—1+\/§;2—\/§), M, (-1-V3:2+3).
D. Ml(—l—\/§;2—\/§), M, (-1-V3:-2-3)

X2 — 4mx + 5m

Tép hop tAt ca cac gia tri thyc ctia m dé trén d thi (C,) ctiahamsdy= %2 co hai

diém phan biét dbi xtmg nhau qua gdc toa do 1a
A. (0;+00). B. {—1;0}\{—5 .
2 13
. (~o0; (1;4\u(4;+oo\.
| -
23,83 )

C. [1+x). D. (—o;0)u

N £ 2X—=3 . A3 - £ Aot A, 4R A, 15 o
Chohamso y= , do thi (C ). Biét rang tiép tuyén tai mot diém M bat ky cua (C)
X —_

ludn cit hai tiém can cua (C) tai AvaB . Do dai ngan nhét ciia doan thang AB la

A 4. B. 2. C.2. D. 242.

Toa d6 diém M thuoc dd thi (C) ~ clahamsd y="—" 2" 520 cho M céch déu hai diém

2x -1
A(2,0) vaB (0,2) 12

1+ 5 1+ 5 (1-5 1-5)

A. , . B.1 17, .|

2 2 2 2

\ % \ \ J

c.|[t751- 5 illj,51+5 . D. Khong tn tai diém M |

2 2 L 2 2

r r 2 1 r X2+2X_ 2 7

Khoang cach ngan nhat tir diém M thudc do thi (C ) cua ham so y = 1 denl(1,4) la
A 2. B. 24/2. C.\2+28 . D.y2¢-2 .

R Z 2X +1 P . 2 .2 X .
Chohamso y= —+1 c6 do thi (C ). Tong khoang cach tir mot diém M thuge (C)  dén hai
X +
tiém cén cua (C ) dat gid tri nh6 nhét bang ?

A. 3. B. 2. C.E. D. 4.
3

X+ -
Goi A, B la hai diém thue hai nhinh khc nhau trén b thi (C ) ctia ham s Y= " - do dai
X —

ngin nhét ciia doan thang AB 1a
A 43, B. 243. C. 4. D.2.

Biétdd thi (C,,) cuahamsd y=x'+mx’—m+2016 ludn ludn di qua hai diém M va N cb
dinh khi m thay d6i. Toa d trung diém | cia doan thang MN 1a
A.l(-1,0). B. 1(1;2016). C. 1(0;). D. 1(0; 2017) .
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Chuyén dé 2. Cic bai todn lién quén déin d6 thi ham s6' BTN 2 3

+2

Cau47. Chohamsb y =X—3 c6 @b thi (C ). Tong khoang cach tir mot diém M thuoc (C)  dén hai
X

hai truc toa d¢ dat gia tri nho nhét béng ?

A 2. B. E C. 1 D. 1_

3 6
i o X+ 3x+3 ‘ 7 7 ,
Cau 48. Chohamso Y= i c6 do thi (C ). Tong khoang cach tir mot diem M thuge (C ) den
X+

hai hai truc toa d¢ dat gia tri nho nhét béng ?

A. 1. B. E C. 2. D. 3_
2 2

Cau 49. Toa dd cip diém thudc dd thi (C)  ciahamsé y= % dbi xtmg nhau qua dudng thing
d:x-2y-6=01Ia
A. (4;4) va(-1,-1). B. (1;,-5) va(-1; -1).
C. (O; —2) va (3;7). D. (1; —5) va (5;3) )

Cau50. Choham s6 y=x*+mx’—m -1 c6 d thi (C ). Toa d¢ cdc diém cb dinh cta (C )Ja

A. (—1;0),(1;0). B. (1;0),(0;1). @ (—2;1),(—2;3). D. (2;1), (0;1).

X*—5X + 2
Cau 51. Choham s y= =l ¢6 dd thi (C) . Hoi trén (C)  c6 bao nhiéu diém c6 hoanh do va
X+
tung d6 1a cac sd ty nhién.
A. 3. B.2. C. g D. 4.

Cau52. Choham sé6 y=-x*+2mx’—2m+1 ¢6 do thi (C, ). Goi A l1a diém cd dinh c6 hoanh d6

dwong cua (C,,) . Khi tiép tuyén tai A cia (C,) song song voi duong thang d :y = 16x thi gia

tri cia m la
63
A. m=5. B. m=4. C. m=1. D.m=_.
64
, 7 ‘ ’ X+ 4x+5
Céau 53. Khoang cach nhé nhat tir mot diém thuge d6 thi (C) clahamsoy = 5 dén duong
+
thang d:y+3x+6=0 bang
4
A.2. B. 4. C. J10. D. ——
J10
Cau54. Chohamsd y= % c6 dd thi (C ). Téng khoang cach tir mot diém M thuge (C)  dén hai
X —
tiém can cua (C ) dat gia tri nho nhat bang
A.3. B. 4. C. 4/2. D. 2.
. y X . X+2 5 . .
Cau 55. Toa do diem M thudc do thi (C ) ciahamso Y =L2 cach déu hai duong tiém can cia (C)
X —
la
A. M(2;1). B. M (0; -1), M(4:3).
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Chuyén dé 2. Cac bai todn lign quén déin d6 thi ham s6' BTN 2 3

Cau 56.

Cau 57.

Cau 58.

Céau 59.

Cau 60.

Cau 61.

Cau 62.

Cau 63.

Cau 64.

cmismlg™! D. M (-2:2).
(3L
Toa do diém M thugc do thj (C ) ciahamso Y =X—+_i cach déu hai tryc toa do 1a
A M (—1; —1),M (3;3). B.M (—1;3) .
C.M (—1; —1). D.M (3;3).

Toa do diém M c6 hoanh do nguyeén thuge dé thi (C)  ciahamsé y="— i c6 khoang cach

. , .1
den duong thang A:x—y+1=0 bang 5 1a

A. M(-2;0). B.M(2;4).
C.M (2; 4);M (—2;0). D.M (2;—2).
Choham s6 y=(m+2)x*-3(m-2)x+m+7 cb d thi (C,). Khang dinh nao sau day la

khang dinh ding?
A. (C, ) khdng di qua diem cb dinh nao.

B. (C, ) c6 dling hai diem c6 dinh.

C. (C,) cé dlng ba diém ¢ dinh.

D. (C,,) ¢6 dling mt diém c6 dinh.

Diéu kién cua tham s6 m dé trén d6 thi (C,,) cuahamsd y=x*—(3m-1) x*+ 2mx + m +1 ¢6
it nhat hai diém phan biét d6i ximg nhau qua truc Oy 1

A.m<0. B. m<0. C. m=-2. D.m<-2.

Db thi ham s y = 2x*+ mx?—12x —13 ¢6 hai diém cuc tri cach déu truc tung khi va chikhi:
A. m=-1, B. m=0. Cm=-1Im=-2. D.m=-2.

P U s s £ x+1 CA grR . X . A
Hoi trén do thi (C) cuahamso y = 5 c6 bao nhiéu diém céach déu hai tryc toa do?
X +

A. 3. B. 2. C. 4. D. 0.

Toa dd cac diém thudc do thi (C) cuia ham s6 y= 3X—_§ cach déu hai tiém cén cua (C).

A. M (-1;1);N(—4;-6). B. M (L;,1); N (3;4).

C. M (-1;3); N(=3;3). D. M (-1;3); N (-3;3).

Toa do hai diém trén dd thi (C) cuahamsd y=-x°+3X+2 sao cho hai diém dé déi ximg
nhau qua diém M (fl; 3) la

A. (-1;0);(1;6). B. (1;0);(1;6). C.(0;2); (-2;4). D. (L0);(-1,6).

AL aX . s £ 3-X CA iR , N n
Trén do thi (C) cuahamso y= 1 c6 bao nhiéu diém co toa dd nguyén ?
X —

A 2 B. 1. C.3. D. 4.
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Chuyén dé 2. Cic bai todn lién quén déin d6 thi ham s6' BTN 2 3

A A Ae o s aiR NSO s 1y £ X+1 2 , , \
Cau 65. Toa dd tat ca cac diém thude do thi (C) cuahamso y= sao cho tong khoang cach tur

diem do dén 2 tiém cén la nhé nhat 1a

A (LD). B. (1+V3:1+3)
C. (1—J§;1—\/§). D. (2+\@;1+\/§)va(2_\/§;1—\/§).

. , —3x +1 ) , ,
Céau 66. DO thi ciahamso Y= 1 nhén diém nao trong cac diém sau lam tdm do6i xung ?
X +
A. K(-1;-3). B. N(3;-1). C. M(-1;3). D. 1 (-3; -1).
. . . . 2X+L .
Cau 67. Toa dd cac diem thudc do thi (C ) ciahamsd Y = . cach déu tiém can dung va truc hoanh
X —

la

A.M(2;1),M(4:3). B. M (0; -1), M(4;3).

C.M (0;-1), M (3;2). D.M(2;1), M(3; 2).
Cau 68. C0 bao nhiéu diém M thugc d6 thi (C )  cliahamso Y= ) sao cho khoang cach tir diém

X J—
M dén tiém can ngang bang 5 1an khoang cach tir M dén tiém can dimg?
A 2. B. 1. C.3. D. 4.
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Chuyén dé 2. Cac bai todn lién quan dén do thi ham so’

C. PAP AN VA HUONG DAN GIAI BAI TAP TRAC NGHIEM

| —PAP AN
112|3|4|5|6|7|8|9/|10|11 12|13 (14 (15|16 |17 |18 19|20
B|c|/B|D|/B|C|A|B|C|C|A|A|A|D|C|D|D|D|A|B
21 2223|2425 |26 |27 |28(29(30|31(32|33|34|35/|36(37|38]39]40
D|{/A|B|A|A|A|lC|D|C|D|D|A|D|C|B|C|C|B|C|D
41 | 42 |43 |44 |45 | 46 | 47 |48 | 49 |50 | 51 |52 |53 |54 |55 |56 | 57 | 58 | 59 | 60
blc|c|/B|A|D|/B|/D|/B|A|B|A|D|C|B|A|C|C|B|B
61 |62 | 63 |64 | 65|66 | 67 | 68
C|B|C|D|D|D|B|A
Il -HUONG DAN GIAI
Caul. Chon B.
Goi M (X,; Y, ) 1a diém ¢ dinh can tim.
Tacoy,=(Mm-1)x,+3-m, Vm
fxo—1=0 (X0=1
< (X—1)M =X~ Yo+ 3=0, Vm < =3 =M(1;2).
[=X—Yo+3=0 [ Yo=2
Phwong phap tric nghiém
Chung ta c6 thé thé timg dap an dé kiém tra, tirc 14 thé toa d6 diém M vao phuong trinh ham sb
ludn dung voi moi m thi diém d6 1a diém cb dinh.
Cau 2. ChonC.
Goi M (X,; Y ) 1a diém ¢ dinh can tim.
Tacdy ,=x2+2mx,—m+1
_1
) (2%,-1=0 [X‘)‘ 2 (15)
S (2% -1)m+x+1-y=0VYmsS @1 53|\/| 7
[ % +1-Y, =0 y =" \24)
[° 4
Phuwong phap tric nghi¢m
Chung ta c6 thé thé timng dap an dé kiém tra, tic 1a thé toa d6 diém M vao phuong trinh ham sé
luén dang v6i moi m thi diém d6 1a diém cb dinh.
Cau 3. Chon B.

Goi M (X,; Y, ) 1a diém ¢ dinh can tim.
A _ 3 2
Tacoy, =x;— 3x; + mx, +m,vm

[%+1=0 o {%=-1
Y - 42=>M(-1;-4)

Lo

3 2
S (X +1)M+ Xy —3X%, — Yo =0,Vm <4 X=3—y
0 0 0

Phuwong phap tric nghi¢m
Chung ta c6 thé thé timg dap an dé kiém tra, tirc 1 thé toa d6 diém M vao phuong trinh ham sb
luén dang véi moi m thi diém do 1a diém cb dinh.
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Chuyén dé 2. Cic bai todn lién qudn dén d6 thi ham s BTN 2 3

Cau 4.

Caub.

Cau 6.

Cau7.

Cau 8.

Chon D.
Goi M (X,; Y,) 1 diém c6 dinh can tim.

Taco

4 2 2 4 [2)(5:0 [x=0 .
Y, =X, —2mx; +3,Vm < 2x' m+ y0—3—x0:0,Vm<:>{| y —3-x* :O<:>139=3 = M (0;3).
0

o

0 0

hwong phap tric nghiém
Chung ta c6 thé thé ting dap an dé kiém tra, tic 1a thé toa d6 diém M vao phuong trinh ham sé
luén dang v6i moi m thi diém d6 14 diém cb dinh.

Chon B.
Goi M (X,; Y,) 1a diém c6 dinh can tim.
. m +1)X,+ m
Tacoy=( % , VM0 XY +my=mx+X+m, vm=0
0 00 0 0 0

Xo+ M

(Yo—X% -1=0 [x=0

S M(Yo—X—1) + X Yo—%=0, Vm = 0 <4 =2 =M (0;1) .
(XoYo—%=0 [ Yo=1

Phwong phap tric nghiém

Chung ta c6 thé thé timg dap an dé kiém tra, tic 13 thé toa 46 diém M vao phuong trinh ham s6

ludn dung voi moi m thi diém d6 1a diém c6 dinh

Chon C.

Goi M (X,; ¥,) 1a diém c6 dinh can tim.

Av vy — y3 2
Taco:yFXx* 5 3mx* 5 X +3m, Vm

2 3 [l—Xj =0 fx: L (on -1
<:>3(1—x0)m+>%—xo—y0=0,Vm<:>étX3_X_y:0 <{y=0 hoic{y-g
0 0 0 0 0
Vay d6 thi ham sb da cho di qua hai diém c6 dinh.
Chgnﬁ(\. 2a-1)
. a—

Goi M{a;™ — €(C) véi a=1.

\ J
Tiém can dung cua (C )la x=1.

[a=

0
Taco |[a-Y=1 QL . Vay M (0;1), M (2;3) .

Chon B.
Goi M (X,; Y,) 1 diém c6 dinh can tim.
Tacoy s (1-2m)x* $ 3mx* 7 m -1, Vm

[2x% —3x2 +1=0
4 2 4 _ 0 0
< (2 -3 +)m+y -x +1=0,Vme {[ y—x*+1=0

0 0
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Chuyén dé 2. Cac bai todn lién quan dén do thi ham so’

Céau 9.

Céu 10.

Céu 11.

1

= — Xo= =

= ! hoac o hogc y ~ ~2 hodc

[%=0 Ly=o0 7y=—3 T
[° 4

Vay dd thi ham sb dé cho di qua bén diém cb dinh.
Chon C.
Goi M |(a; Zj—j\le (C) véi a=1.

\ )

Tiém can dimg va tiém cén ngang cua (C ) 1an luot c6 phuong trinh x=1,y=2.

Khoéang cach tir M dén tiém can dimgla h,=a-1

Khoéng cach tir M dén tiém can ngang1a  h,= L
a j—

2a+1_

2=

a-1

Téng khoang cach tir M dén hai dudng tiém can bang 4 nén ta co:

[a=4
3 2 fa-1-3 la=-2
h+h,=4<a-1+ =4<a-1 -4a-1+3=0< Slalo
a-1 la-1=1 |2=
la=0
Vay cac diém can tim 1a: (2;5), (0; -1), (4;3), (-2;1) .
Chon C.
GoiM(xM ;yM) 1a diém ¢b dinh can tim.
‘4 (1-m)x +1+ m
Tacod y :%?6' ( X ,Vm # -2
) Xy + M
S—xy +my =2 +x —mx +1+m,Vm=-2
M M M M M M
S +y -Dm—x y —2x*-x -1=0,Vm=-2
M M M M M M
JXM+yM—1:O [ Yy =1- Xy,
A 2 Q% 2
= XuYm — 2%y =Xy —1=0 Xy (1= x%y) — 2Xy, — Xy —1 =0
[ Xm =-1
=3 =M (-1;2)
Ym =
Vay xy+yw =1.
Chon A.
Goi A%y V), X< 0 la diém cb dinh can tim.
Tacoyz—x3s msx ,—4m, ¥m
2 3 [X§_4:0 [x =2
< (X —4m-x~x-y =0, Vm@ﬁ—x3—x—y: 0 jiyoz 10 = A(-2;10) .
L 0 0 0 0
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Chuyén dé 2. Cic bai todn lién qudn dén d6 thi ham s BTN 2 3

Cau 12.

Céau 13.

Cau 14.

Céau 15.

Cau 16.

Cau 17.

LaicO y =-3x+2mx -1 = y'(-2) = —-4m -13

Phuong trinh tiép tuyén cua (C,,) tai A(-2;10) codang y=(-4m-13)(x+2)+10 hay
y = (-4m -13)x — 8m —16 (A) .

Puong phan gidc goc phan tu thir nhat c6 phuong trinh d : y = x.

Vi A vuong goc voidnéntacd -4m-13=-1<m=-3.

Chon A.
Goi M (X; Yo) VOi %0 € 7\ {—2}, Yoe Z

W(O Lt {_2}:>x +2e{-2,-11;2} = x e{-4,-3;-1,0}

= 2
EZ 0 0
¥+ 2

Vay trén dd thi (C)co bdn diém c6 toa do nguyén.
Chon A.

Goi A(a ;a’—5a’ +6a+3), B(b ;b® —5b* + 6b+3) 14 hai diém trén (C ) d6i xtmg nhau qua gbc

~[a+b=0
foa do, taco :>—10a2+6=0:>a=i\/§.

jLa3+b3—5(a2+b2)+6(a+b)+6=0
Chon D. . X
GoiM(x;y)voixe N,y eN
0 0 0 0

[Xoe N*
= 3 =2X -1ed1;3} =x 41;2

L3 oaLel1s) o 1)

L o
= M,(-1; -1), M, (0; =3), M, (1;3) va M ,(2;1).

Vay trén d6 thi (C) c6 hai diém c6 toa d0 1a cac sé nguyén duong.

Chon C.
Goi M (Xy; Vo) VOiI X, € Z,Y,€ Z .
[Xoe Z
= 4 =3 —2e{-4-2-11;24}=x _ _2.9:1.1:4.5
1dcz 0 0 3737 g
IXEL2
L o
Do x, e Z = M, (0; -2), M ,(1; 4) va M, (2;1).
Vay trén dd thi (C) coba diém co toa d0 1a céac sb nguyén.
Chon D.
, -2 VA -2
Taco y'=x3-2x,y" =3x -2 = x X :?' A %%, =3
Chon D.
Goi M (Xy; Y) Vi x,e Z,y,e Z .
X, € Z
= [ ° 6 = 4xX —1e{—6;—3;—2;—1;1;2;3;6}:x cl_5._1._.1.9.1.3.4.7
1110 . & 2 4 T2 A T4
ax -1~y

0

15| THBTN



Chuyén dé 2. Cic bai todn lién quén déin d6 thi ham s6' BTN 2 3
Do x,€ Z = M,(0; —-6) va M , (1; 2).
Vay trén dd thi (C) cb hai diém c6 toa d0 1 céc sb nguyeén.

Céu 18. Chon D.
Goi M (X,; Yo) VOi X,e Z,y,e Z .

(%€ Z

= 9 =x+1e{-9;-3;-L139} = x e{-10; -4;-2;0; 2;8}
% y =1+ ez ° 0
(l ° Xo+1

= M,(-10; 0), M, (-4; -2), M;(-2; -8), M ,(0;10), M5 (2; 4) va M ¢ (8; 2).
Vay trén do thi (C) c6 sau diém c6 toa do 1a cac sé nguyén.

Céau 19. Chon A.
Goi M (Xy; Y) Vi x,e Z,y,e Z .

(X, € Z
= 1 5 )\ =2x-le{-5-115}=>x e{-2,0,1;3}
= |1 -1|e”Z 0 0
Y= oMo,
Xo=—2=>Y,=0=M(-2;0) X=1=Yy,=3=>M(1,3)
X=0=Yy,=-2=M(0;-2) X,=3=Y,=1=>M(3;1)

Vay trén dd thi (C)co bdn diém c6 toa do 1a cac sd nguyeén.
Céu 20. Chon B.
Goi M (Xy; Yo) VOiXo€ Z,Yye Z .
(%, € Z
=, 1 11 ) :>3x0+1e{—11;—1;1;11}:>x0e{_4;_3;0;1_0}

= | 5= 7 3 3
[YO 3|k 3Xo+f|.JE

Xo=—4=Y,=2=>M(-4;2)
X=0=Yy,=-2=M(0;-2)
Vay trén do thi (C) c6 hai diém c6 toa d6 1a cac sb nguyén.

Céau 21. Chon D.
Goi M (Xy; Yo) v6i Xo€l Yyl

[XOEZ
= 7 =4x +2e{-7;-1;1;7} = x eJ_g._3._15
y =2+ e/ 0 0 4 4 44—
S L J
{l 4, + 2

Do X, € Z nén trén d thi (C) khong c6 diém nao cé toa d6 nguyén.

Cau 22. Chon A
Goi (;a+2\ec 4

a+2
M - s T [- S A I
| J (), a>0va a=2,tacé d=|a 2|+a—2 1‘ h 2|+|a—q

a
\ a-2

>4

[a=0

Déu " = " xay ra khi va chi khi |a—qz=4®|a—2|=2@[a_4.
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Chuyén dé 2. Céc bai todn lién qudn déi d6 thi him so BTN 2 3

Két luan M (4; 3) .
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Chuyén dé 2. Cic bai todn lién quén déin d6 thi ham s6' BTN 2 3

Céau 23.

Céau 24.

Cau 25.

Cau 26.

Céau 27.

Chon B.

Goi M(x;y) la diém trén d6 thi (C), goi N ladiém déi ximg v6i M qual, ta co
N (4—-x;36-y). ViN thujc (C), taco

[36—y:(4—x)3 +3(4-x)" -2

:>x3+3x2—2=—(4—x)3—3(4—x)2+38c>x:2
=x3+3x*-2
ly

Vay c6 tat ca mot cip diém thude do thi (C) thoa man yéu cau dé bai.
Chon A.
Goi M (Xy; Yo) voi X €L, Y€ L.
(X, € Z
= 8 =x —1e{-8-4,-2,-11;2,48} =x _e{-7;,-3;-1;0; 2;3;5;9}
y =3+ el 0 0

= M,(~7;2),M,(=3:1), M (=1;-1), M,(0;=5), M. (2;11), M4 (3;7), M, (5;5) vd M,(9;4). Vay

c6 2 diém thoa man yéu cau dé bai.

Chon A.
Goi M |a \|€(C) v6i a>0,a# 1 ;toa do giao diém cac tiém canla 1 (1;1), ta co
\ )
w1+ 2@y, 0 s
S (a-1)
4 [a= 3+1
Déu " =" xdy ra khi va chi khi (a-1) =9<:>||_a_ 3+1.ViMcéh0énth) duong nén

chona= 3+1,suyraM( 3+1;3+1) nén Xy—Yyw =0.
Chon A. 7 ’
Goi A(x ; xi +3x - 2), B(x; x3 +3x _—2) lahai diém trén (C) doi ximg nhau qua 1 (2;18).

, XA+XB:2X| X, +X.=4
Taco:ﬁ( QJA B

y+y =2y X3+ 3X —2+X343x —2= 36(2)
e I S = [ X,=1=X%,=3
Thay (1) vao (2) tadugec X +3x—2+(4-x)*+3@4-x )—2=36<

A A A A _ _
XA—3:>XB—1

Vay cdp diém can tim 1a A(L;2), B(3;34) .

Chon C.

Goi A(X; X2 —4x° +9x+4),B(x; x*—4x*+9x  +4) la hai diém trén (C) dbi xtng nhau qua
A A A A B B B B

géc toa do.

Taco JXA+XB=2X0 QJXA+XB=0 . @)
xi4x209x T4+X —4x"+9x +4=0(2)

y+y =2y
A B (6] A A A B B B
Thay (1) vao (2) ta dugc

18| THBTN



Chuyén dé 2. Cic bai todn lién qudn dén d6 thi ham s BTN 2 3

Céau 28.

Cau 29.

Céau 30.

Cau 31.

Céau 32.

||_XA——1:>XB—1

3 2 3 2
— A+ X+ 4+ (X )P —4(=x)*+9(—
X* — 4x° + 9x (%)’ —4(—x )"+ 9(—x AT

A A A A A A t4=0s

A A
Vay cap diém can tim 1a A(1;10) , B(-1; —10) .
Chon D.
Goi A(a; as+ a), B (b; b® + b) 13 hai diém trén (C) dbi xtmg nhau qua dudng thing

d:y:—Exhayd:x+2y:0.
Ed (1) L. . 2 ” N B \ ” ”
Tacod:{ . (voi1 1 1a trung diém cua AB va u 4 (2; —1) 1a vecto chi phuong cia d )
[ABud—O(Z)
a+a+b’+b__1a4p
2 2 2
< (a+b)(2a®—2ab + 2b°+3)=0<=a=-b (3)

1
(vi 2a2—2ab+2b2+3=2{a2—ab+b2+3)=2(a— \ b | +3b2+3>0, Va,b)
2 2 )

Tu (1) tacod

2

V6i AB= (b - a; (b - a)(@+ab +b*+2)), tir (2) tacod
2(b—-a)—(b—a)@+ab+b°+1)=0
< (b—a)@+ab+b*-1)=0

=a’+ab+b’-1=0(4) (Viazb)
la=1=b=-1

Thay (3) vao (4) tadugc a’— a’+a’~-1=0 < .
La =-1=b=1

Vy cap diém can tim 1a A(1;2), B (-1, -2).

Chon C.

D6 thi ham s c6 phuong trinh tiém can ngang lay =1
i (.a+l) a+1

ol M| aa- 2|€@)a¢2 Taco -l=lc
L ) a-2

Vay M (5; 2), M (-1, 0) .
Chon D.
Db thi ham s (C,,) c¢6 hai diém phan biét di xtimg nhau qua gdc toa d6 khi va chi khi ton tai

[a=5
3 =l
a-2

a=-1

x0¢0 sao cho y(xo)_— (—Xo) . o ton tai Xo# 0 sao cho
—3°+m=— |_(—x)—3( x)+m o tdntaix =0saocho3x*=m<m>0.
0 0 0 0
Chon D. [ a-3)
: a;® IE(C) voia=-1tacod
\ )
MI2=(a+1)2 fa=3_ \ 2=(a+1),+ 10 >8=>MI>22 .
| a+l | 2
\ ) (a+1)
Chon A.
Phuong phap tu ludn
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Chuyén dé 2. Céc bai todn lién qudn déin d6 thi him so BTN 2.3

Tiém can x=1y=1=1(11). Goi rm, m—f%\‘ e (C) , ta tim duoc toa do A|(1, m+ 3

m -
\ Y \ )
B(2m-1,1).
Diéntich S= " IAIB=1m+3_ [om-1-1=
2 2/m-1
Phwong phap tric nghiém
Cho d6 thi ham s6 (C) :y = ax+b . Goi M 1a diém tuy ¥ thudc (C ). Tiép tuyén tai M cit hai
ox+d

tiém cén tai A, B . Goi | 12 giao diém hai tiém can. Khi d6 dién tich tam giac ABI ludn 1a hang
s6. Cach tinh nhanh:
1. Chon M(2,3) thudc (C ). Viét phuong trinh tiép tuyén tai M 1a  d:y = —2x +7.Khi do

A(15),B(31)va IA=4,1B=2.

-7 \ -7 ~ ’ — l —
2. Tam giac ABI latam gi4c vuong tai | . Diéntich S, = , IA. 1B = 4.

Céu 33. Chon D.
Theo gia thiét ta co :

-7 R
y= 3x<:>||_y 3x <:>|[ FI =3X <:>|_3X22+2X+7=0<:>[V0n0
L —3X | -7 X +4x-7=0 X=1vXx=-—
 x+1 4 3
Nhiic lai: Diém M e (C) : y =f (x) sao cho khoang c4ch tir M t6i Ox béng k lan khoang
[ £ (x) =kx

cach tir M t6i Oy ¢6 hoanh d 1a nghiém phuong trinh T (X) =k < |
[ f(x)= —kx
Céach khac:

\ a=1
Goi (La=T) véi a=—1. Theodétacd: a—7 =3a <:>[ 7.

M )

p a+l a+1 la=—

\ / L 3
Céau 34. Chon C.

Goi [.2a-3)
M|Ka a—ZJE(C)V& a=2,tacod
d=|a—2+22=3_ 2‘:|a—2|+ L s2.
a- 272

Vay gia tri nho nhét cta d bang 2.

Céu 35. Chon B.
Phuong phap tu ludn

Goi 1 11 1 11 N .
A(KA- BAi - xA +3X, — —jB |(XB, - Ast— Xg+ 3Xg— ?} la hai diém trén (C) doi xing

nhau qua truc tung.

11 1, 11

Tach {xA+x)B/ _OQJX;—XA 1)
3 2
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Chuyén dé 2. Céc bai todn lién qudn déi d6 thi him so BTN 2 3

l A & [—3xA+xA+3xA—3:—3xB+xB+3xB—3 2
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Chuyén dé 2. Cic bai todn lién quén déin d6 thi ham s6' BTN 2 3

Thay (1) vao (2) ta duogc:
1: 11 1 11@[xA_—3:>xB:3
—3 Xt Xat 3xA—3—- —(—xA) +( xA)+3( xA)— — 3=>x=-3
A A
Vay ¢6 hai cip diém can tim 14 A| |, | f
N K *)

Phwong phap tric nghiém

7 ‘ : [a+xe=0 . . .7 -
Kiém tra dicu kién doi xung qua truc tung va kiém tra diém c6 thudc do thi

[ Ya=VYs
khong.
Céu 36. Chon C.
Goi M (Xm, Ym ), (xw #= —3) théa yéu cau bai toan. Ta co:

|4yM=XM+2+x%4+3c>: g 125.
=*X =T
[yM M Lyl\/l 2
Céu 37. Chon C.
Goi M (XO,yO)Vé‘i X € 4,Y,€ Z.
[x
=X+2x+2e{-2;-11;2

Xt 2XTF 2 Z
LO 0
X2+ 2x + 2 = -2 (v0 nghiém) X¥+2x+2=1ox=-1=y =2=M(-1;2)
0 0 0 0 0 0
x* + 2x + 2 = —1(v0 nghiém) X% +2x [%0=0=yo=1=M(0;1)
o o+2=2®[>%=—2:>y0=1:>|v|(—2;1)

Vay c6 trén d6 thi (C) c6 ba diém co toa do 1a cac s6 nguyén.
Cau 38. Chon B.
Goi (X, Y,) 1a diém cb dinh can tim.

Tacoyz x5 3(m-1) X+~ 3mx , + 2, Vm

, s s {x§+x0:0
<:>3(x0 +>g)m+y0—x0—3x0—2=O,Vm<:> Y= X—3%¢-2=0
0 0 0
Xo=-1 Xo=0
0 hoac %o .
[ Yo=4 [Yo=2

Suy ra P(-1;4),Q(0;2) hodc P(0;2),Q(-1;4) nén yy+y,=6.

Cau 39. Chon C.

( ~1)

Goi M L o ‘X‘—*—— €(C) veoi X,# —1. Tiép tuyén tai M c6 phuong trinh
lo
2 P ()
X +1 (X +I)
0 0
hay 3x — (X +1)°’y + 2x*~2x —1=0.
0 0

0
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Chuyén dé 2. Cic bai todn lién quén déin d6 thi ham s6' BTN 2 3
Khoang cach tir | (~1;2) t6i tiép tuyén
32+ + ¢ 2x <1 | el 6

9+g1) _\/9+(><0+1)4‘\/(X+91)2+(X0+l)2

g

Theo bét déng thirc Cosi: ﬁ + (X +1?224/9=6,vayd < /6. Khoang cach d 16n nhat
X

0

Ia\/_khl 1) = (% +1)’e (X, +1f =3 x, =-1%4/3.

Vay: M (—1+ V3;2-v3),M(-1-+3;2+3).

Cau 40. Chon D.
Db thi ham s (C,,) ¢6 hai diém phéan biét di xtimg nhau qua gdc toa d6 khi va chi khi ton tai
Xo# 2 Va X,# 05sao cho y(x,) =—y(-X,)
X’ —4mx +5m (- x) —4m(—x ) +5m

< tontai X, 2 va X,# 0 sao cho 0 0 —_Lb o
< ton tai X, #2Vva X 0sao cho (1- 2m)x? 4 5m =0
m<0

5m(1-2m) <0 1
m >

=izl 2
s

Céau4l. Chon D. 1) 1

Lay diém M 2+ e(C)véim=2.Tacd y'(m)=-—
m
m-2) (m-2)

Tiép tuyén tai M c6 phuong trinh d 1y = —

1
2
= (x—m)+ +m

-2
(m- )2 :
Giao diém cua d voi tiém cén dung 1a A| 2;2+ |
\ )
Giao diém cta d voi tiém can ngang 1a B (2m - 2; 2).
TaCO ABZ_ m— 2 2+ —|>8 suv ra AB>2 A = ’,Xayrakhl(m 2) —1
(-2 |78y 2

i (m-2) )

nghia la m =3 hodc m=-1.
Céau 42. Chon C.
Phuong trinh duong trung tryc doan AB lay = x..
Nhitng diém thudc do thi cach déu A va B ¢6 hoanh d6 1a nghiém ciia phwong trinh :

e
X+2 _y s x? —x-1=0<| 2
2x -1 | 1+\5_
X =
2
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Chuyén dé 2. Cic bai todn lién qudin dén do thi ham so’

2

Hai diém trén d6 thi thoa yéu cau bai toan la | ﬁl 75 . _\/5} (Eﬂ Fi/EHT .5 \\/_
2 2 2

Céu 43. Chon C.
Goi M (x;y) thuge (C ), taco

2 2
. , 2 [ ) 2 [ 1)
™M=(x-1y-4)=IM?=(x-1) +| x+3+ —4| =(x-1) +|x-1+ |
\ x-1 ) \ x-1)
B G
Ma
2 2 1 2 1
g(x)=(x-1) +(x-1) *+ ;+2=2(x-1) * 2+222+2x/§_
(x-1) (x-1)
1
2 1 s 1 x=1 4/2—
=minIM= 2+22.Patduockhi2(x-1) = ,< (x-1) =7:> 1
-1 -
x—1) x=1+_
L 7
Cau 44. Chon B.
Phu’o‘ng(phép tu llisfm\
Goi ,2— thudc (C). Va MH, MK la khoang cach tir M dén tiém can dung va
M |kXM x, +1
tiém can ngang. Khido MH=x,+1 vaMK= x 41 - Do do
M
1
MH+ MK = xy+1+ 7, >2(Cauchy)
M
Suy ra MH + MK be nhat khi (x +Hlyp=1< IVXM =2=yy=3
M y =0=>y =1
Y y
Phuwong phap tric nghi¢m
Cho db thi ham s6 (C )y = > P Goi M 12 diém thuge db thi ham sb, khi d6 tong khoang
cx+d
ad - bc

cach tr M dén 2 tiém can c6 do dai nho nhat 1a 2 .

2

C

Céu 45. Chon A.

Goi A 1a diém thudc thudc nhanh trai ca d6 thi ham s§, nghiala  x,<3 = vdisd a> 0, dat

X =3—qa,suyra y=1+ 6 44 O =1—E (1).

A A Xp—3 3-a-3 a

Tuong tu goi B 1a diém thudc nhanh phai, nghiala  xz>3=voisd £>0,diat xz=3+ f,
6 6 6

suy ra yB=1+ =1+ =1+_ (2).

Xg —3 3+ /-3 s

Vay AB®=(x =X )+(y ey ) = F(3+ﬂ)—(3—a)1f+|r|(1+iw—(1—iﬂz
L 2) U a)
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Chuyén dé 2. Cic bai todn lién qudn dén d6 thi ham s BTN 2 3

\2

o(c; B)=(a+p) 8 +6) _(a+p)’ +(6) (a+f) f 1}
- (a2+ Lo+ 2a,8|)[1+i%\|
S

Dung bat dang thie Cauchy, ta c6

9(a; B) = (2af+2ap)(1+ %} |=4aﬂ+%§22m=48.

\
Vay AB > /48 = 4/3 . D4u déng thtre xdy ra khi va chi khi
[a:ﬂ 4<:>|fa:,8 1=>a=,3:1
4144aﬂ= <(aﬂ)2 - 6
ap | 36

Vay d dai AB ngan nhat 134 3 .

Céu 46. Chon D.
Goi (X, Y,) 1a diém cb dinh can tim.
Tacoy=x"+mx’—m+ 2016, Vm < (X*~1)m+x'—y  +2016=0, ¥m
0 0 0

0 0 0
[x ~-1=0 (x=1 [x=-1
%le —y +2016 =0 < { §,=2017 hodc ﬁ yo= 2017
0 0

JM (1;2017) (M (-1;2017)
= hoac .
N (-1;2017) N(1;2017)
Toa d6 trung diém | ciia doan thang MN 13 1 (0; 2017) .
Céau 47. Chon B.

Piém M nim trén truc Ox : M (-2;0) =d,, =-2+0=2

Piém M namtréntryctung: d =0+ — <2

2 2

. 3 3
. 2

Xét nhirng diém M ¢ hoanh d6 |X|>%:>dM :|X| +|y|>§.

Xét nhitng diém M c6 hoanh d6 thoa méan |x| <§; y < —g - |y| > g *)

" Tru’(‘)‘ngh(yp:OSXS%. Do (*)chonén: d y :|X|+Y’|’ E

2 2
» Truonghop: —— <x<0— <y<0=d _ _y 1—id -1+ > -
3 3 Xx-3 (X—3)
[ x=3-5 , . , .
d'y, =0 = . Khi 1ap bang bién thién,ta thay ham s6 nghich bién véi moi
ILX:3+\/§

(2 _ 2
XE\ §’ J Vay mind,, =dM(O):3—.

Cau 48. Chgn D. (
Diém M| 0,
\

w

s

nam trén truc Oy . Khoang cach tir M dén hai truc lad = 3
| —
2
2)
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Chuyén dé 2. Cic bai todn lién qudn dén d6 thi ham s BTN 2 3

Xét nhitng diém M c¢6 hoanh d6 16n hon 3_:> d= | x| +| y| > E )
2

2
Xét nhitng diém M c¢6 hoanh d6 nho hon 3.
2
Véi 0 3 3 d 3
e Vii 0<x<_=>y>_ =d=
S= >~ 20Ky
3 1 1 1
o VoI ——<x<0;y>0=d=-X+xX+1+——=1+——d'=- —<0.
2 X+2 X+2 (x+2)

Chimg t6 ham s6 nghich bién. Suy ra min d =y (0) =E

Cau 49. Chon B.
, , 1
Goi duong thang A vudng goc voi dudng thang d @y = ) X—=3suyra A:y=-2x+m.

Gia sir A cit (C) tai hai diém phén biét A, B . Khi d6 hoanh d6 cia A, B 1a nghiém cua

phuong trinh

X+4 [x=2
=-2X+M& 2

X —2 <2_X —(m+3)x+2m+’4:0
h(x)

Diéu kién can:
Pé A cat (C)  tai hai diém phén biét thi phwong trinh  h(x) =0 c6 hai nghiém phén biét khac

[A>0 fmz—lom—23>0 Im<5-43
i =1 *).

h(2)¢0 —6#0 |m>5+4 3
Diéu kién dii:
Goi | 1a trung diém ctia AB | ta co:

m +3
J£,=M JX'= 4 (m+33m+3)
& |.

+

2, thc la

2 3 = 1| ;
m
b’. 2x,+m |Ly' = m L4 2 )

N

Pé hai diém A B dbi xtmg nhau qua d:x—2y-6=0  khi

lede M35 3M+3 60 m=—3 (thoa didu kién (*)).

4 2

. ) [x=-1y=-1
Véi m =-3 phuong trinh h(X) =0 = 2x"-2=0<
Lx:1:> y=-5

Viy toa hai diém can tim 1a (1; -5) va (-1; -1).
Céau 50. Chon A.
Goi (x,y ) 1a diém c6 dinh cta ho dd thi (G,): y =Xx"+mx’~m -1, ta co
y=x'"+mx*~m-1, ¥m
<:>( 2 1)m+x4—1 y=0,vm

<:><{x :% 39 . [)}(/_l \E)§’_61

Vay ho do thi ¢6 hai diém c6 dinh 1a (-1; 0), (1; 0).
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Chuyén dé 2. Cic bai todn lién qudn dén d6 thi ham s BTN 2 3
Cau51. Chon B.
Goi M (Xy;Yo) V6i x,e N, y, e N.

(%, e N
:% 1 8 )\ =X +1e{-8-4,-2,-11,2,48} = x e{-9,-5-3,-2;,0,1;3;7}
= 1%, —6+—+L|eN ° 0
[yo 2_|ko . J
Do x, € N nén
1 .
x=0=y =1=M(01) x=1=y =-_(loai)
0 0 0 0 2
1 .
X =3=y =-_ (loai) X=7T=y =1=M(71).
0 0 2 0 0

Cau 52. Chon A.
Goi A(Xy;Y,), Xo>0 la diém cb dinh can tim.

Taco:y=—x"+2mx’ = 2m+1, vm
0 0 0

o1} 4 1 3 0. (X -1=0 fx=1(x0>0) AL O
o 2mx 1) +1-x -y, = m‘:’ﬁl X'—y=0 :iyozo = A(1; 0)
0

0 0
Laicd y' =4+ 4mx = y'(1) =4m — 4.
Phu:ong trinh tiép tuyén cta (C,) taidiém A(1;0) codang y=(4m-4)(x-1) hay
=(@m-4)x+4-4m (A).

VIA dnén {4m-4=16 m=>5 —
song song voi {_ am =0 <:>{ mel= = m=5.
L L
Cau 53. Chonl? \
GoiM' X, x+2+ €(C).
X+2

Khoang cachtt M déndla h (|v|- d ) cho boi

3x+Y + 6|
h(M;d —| = 3x+6+x+2+——
i) == &
e Khi x+2>0:
Taco4(x +2)+ 1 > 4 d4u bang xay ra khi 4(X + 2) = L <:>(x+2)— o X=— 3
X+ 2 X+2
. . 4
Viay h(M;d) dat gia tri nho nhat la —
o Khix+2<0
Tacd —4(x+2 T x4
acd -4(x+2)-—=
(x+2) (x+2)
L , 1 2 1 5
Dau bang xay ra < —4(x+2)=— o (x+2) =" x=-".
X+2 4 2

Vay h(M;d) dat gid trj nh6 nhit 1 —

10

Cau 54. Chon C.
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Chuyén dé 2. Céc bai todn lién qudn déin d6 thi ham so BTN 2 3

Goi (;a+1\E c 2 5
a+l
M d=la-1+ ——1— -1 >2
|ka a—lJ ( )voi azltacod d=|a-1+ =) ‘ ES |+|a ]
Cau 55. Y as2) faz o
i 2 4 a=
Gol M|aa |€@)vm a=2 taco |a %:Zt2_1<:>|a—2|: =4 . Vay
a-3 [*74
M (0; 1), M (4;3).
Cau56. Chen Al
[ a+3) a+q la-2a-3=0 [a=-1
Goi MLa; JE(C) véi a=l ta co |4%—3‘ =y @{ . Vay
a-1 a-— La2+3:0 a=3

M (=1; -1), M (3:3).

Cau 57. - 2\

Goi M a; " |€(C) voi a=1taco
\ ) ]
a-2*i | aa-3 [a’~2a-2=0 Z_llt‘B_
= o =lo| < \/3
2 2 a-1 |a®~4=0 a=2
a=-2

Vy c6 hai diém théa yéu cau 1A M (2; 4); M (-2;0).

Cau58. Chon C.

Goi M (XY, ) 1a diém cé dinh ciia ho dd thi (C,,), taco
y=(m+2)x’-3(M-2)x +m+7,vm
0 0 0

(xg 3%, +1)m+2x§+6x0+ 7-y,=0,Vm
[x —3x +1=0
Qizx +6x +7-y =0

Vi h¢ c6 3 nghiém phan biét nén ho do thi ¢6 3 diém c6 dinh.

cau59. ChonB.

Goi M (x,y),N (=x,y) la hai diém thuoc dé thi (C,, )ddi xing nhau qua truc tung. Ta co

= (Bm-1) x*+2mx+ m+1=-x>— (3m-1) x*— 2mx + m +1
[x=0
<:>2x +4mx = 0<:>|2 :
=-2m
Vaym<O0.
Cau 60. Chen B!
A'>0  [m*+72>0

S=0 m=0
cauel. GHORIC!
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Chuyén dé 2. Céc bai todn lién qudn déin d6 thi him so BTN 2 3

a+1
+ 2

([ a+1) [a?+a-1=0
Goi MLa, JE(C) voi a#-2,taco | eﬁ% =
La2+3a+1=0

a+2

Phuong trinh c6 4 nghiém nén trén dd thi c¢6 4 diém cach déu hai truc toa do.
Cau62. ChenB

Goi M( %—%J c(C) voi a=2tacod |a =‘3aa;§—3‘<:>(a—2)2 :1<:>L|—2:31.
\

Vay M (1;1); N (3; 4).

Cau 63. Chen C.

Goi A(a,~a’+3a+2),B(b,~b*+3b+2) la hai diém trén (C ) dbi xing nhau qua M (~1;3),

. [a+b=-2
taco:{
|-a’+3a+2-b’+3b+2=6
= < {la+b=-2 a=0 a=-2
{a+b —3ab(a+b)-3(a+b)+2=0 <ab:0 <:><{b=—2v4 0
b=
| L L L
Céu 64. (ChonD
[x—1=2 (x:3
3-X —x+1+2 2 |X—1=—2 |X=_1
Tacod y= = =-1+ = = .
x-1  x-1 x -1 ‘x—lzl ‘x:z
| x-1=-1 |x=0
Vay ¢6 4 diém thoa yéu cau bai toan.
Cau 65. _ 1
Goi .a+ a+l 3
" d 2 1 2| 2\/§
51 a=2.Taco 0= a—<c+ -l=a-2+ > .
|k a— ZJ () véi a-2 la—2
) , [a=2+ 3 .
Diu “=" xay ra khi va chi khi (a-2) =3<] . Véy hai diém do 1a
la=2-+3

(2+V3i1+8)va(2-V3:1-V3)
Cau 66. Chon D.

TAm d6i xtmg ciia d0 thi 12 giao diém cia hai duong tiém can. Vay diém can tim 1A M (-1; 3) .

Cau 67.
Goi 2a+1)
M| a ™ |e(C) véi axLl.
\ a-1) (
. 2a+1 a’—2a+l=2a+1 , [a=0
Tac0|a—1|= & ca-4a=0c|
a-1 |a*-2a+l=-2a-1 la=4

Vay diém can tim la: M (0; -1), M (4:3).

Cau 68. _
Goi [.a+2)

Mia—— | | <(C)
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Chuyén dé 2. Céc bai todn lién qudn déi d6 thi him so BTN 2 3
a-2) Vi a+
2.
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Chuyén dé 2. Cic bai todn lién qua’n dén d6 thi him s¢ BTN 2 3

Ta005|a 2|

J‘©5| %— e 5(a’-4a+4)=4.

+
c>5a2—20a+16:0<:>a=10_%ﬁ
5
Vay ¢6 hai diém can tim.
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